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CHAPTER 1. 

VOLTAGE AND CURRENT 

1-1. Measurement of Direct Current and Voltage. Direct currents 
of the magnitudes encountered in communication work are ordinarily 
measured with portable instruments of the moving-coil (d' Arsonval) type. 
Such instruments are rugged, stable, and consume relatively little power. 
They are commercially available in a wide variety of ranges, types, and 
accuracies. 

Voltmeters for cl-c potcntials are obtained by providing a d'Arsonval 
current instrument with a series resistance. The power 
(and current) required to operate such a voltmeter depends 
upon the current sensitivity of the instrument used, and is 
commonly expressed in ohms per volt. Thus if 0.5 ma is 
required to give full-scale deflection, the required series 
resistance is 2000 times the voltage that is to give full
scale deflection. Sensitivities commonly used range from 
100 to 20,000 ohms per volt, with values of 1000 ohms per FIG. 1-1. A 

volt or more preferred for communication work. Even v 0 I t. met e r 

then the current required by the voltmeter will often seri- multiplier cur-
cuit. 

ously affect the magnitude of the voltage being measured. 
A particular voltmeter can be arranged to give full-scale deflection for 

different values of voltage by the expedient of providing the series resist
ance with taps at appropriate points, as illustrated in Fig. I-I. These 
taps may lead either to binding posts or to a switch. In the latter case, 
the switch should be of the type that short-circuits between points. 
When several full-scale ranges are provided in this way, the scales should 
be arranged so that each division represents one, two, or five units. 
Hence when the meter &cale is divided into 50 divisions, the full-scale 
ranges should be chosen out of the sequence 1-2.5-5-10-25, etc., while 
when 100 divisions are available they should be taken from the sequence 
1-2-5-10-20, etc. 

The current required to give full-scale deflection of an ammeter can be 
controlled by means of a resistance in parallel with the d'Arsonval instru
mcnt. Such a shunt may take thc form illustrated in Fig. 1-2a, where 
different full-scale ranges are obtained by the use of different individual '
shunts connected into the circuit either by a switch, or by being clamped 
to binding posts. Alternatively, a fixed resistance may be shunted acrosa 

1 
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the meter with the input terminals appropriately tapped acroBS a portion 
of this resistance, as illustrated in Fig. 1-2b. This latter arrangement is 
know!! as the universal shunt. An analysis based on Fig. 1-2c shows that 
the relative multiplying ratio is proportional to RI RI, and is independent 
both of the meter resistance and of the Ictal shunt resistance R.. Hence, if 
resistance R is tapped at points which make R/Rl successively 1, 2, 5, 10, 
then the rellltive multiplying factors at the same taps are 1, 2, 5, 10, 
respectively, and are the same for any meter whatever its resistance. 

Shunts of the type shown in Fig. 1-2a for currents up to 1 amp can be 
wound on small spools turned out of doweling, and provided with an axial 
hole for mounting. The universal shunt can be more conveniently 
wound upon a card. Shunts can ordinarily be made of copper or any 
available resistance wire,l The only factor that must be kept in mind is 
that shunts of advance, nichrome, and certain other materials will gen
erate sufficient thermoelectric voltages at their terminals to Cause small 
deflections on sensitive microammeters and miHiammeters immediately 

�;l I o S, 

3 2 2 03 
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(a) Individuad shunts (b) UniversGlI shunt (c)UniversGlI shunl"'l 
simplified 

circuit 
FIG. 1-2. Possible circuit arrangements for current multipliers. The 8witches 81 and 
St should be of the short-circuiting type opera.ted by a common shaft. 

after the shunt is soldered, or when it is in a warm place. When this 
effect is to be avoided, one should use either copper or manganin. 

When a shunt is used to extend the range of a current meter, care must 
be taken to arrange matters so that the contact resistance of the connec
tions which carry the current to be measured is not included as part of 
the shunt resistance. Thus, in Fig. 1-2 the contact resistance of switch 
S1 is external to the shunt system. The contact resistance of switch S2 is 
much less troublesome, as it is in series with the meter resistance, which 
is much larger than the shunt resistance. Switches such as shown in Fig. 
1-2 should be of the type that short-circuits between taps, so that the 
circuit will not be momentarily opened when the range is cbanged. 

Meters used for laboratory and experimental purposes can be protected 
against accidental overloads by quick-acting fuses. Inasmuch as the 

I Precision instruments baving very low temperature coefficients require speeial 
shunting arrangements. See flSt&nda.rd Handbook for Electrical Engineers," 7th ed., 
Sec. 3-92, McGraw-Hill Book Company, Inc., New York, 1941. 
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resistance of individual fuses can be expected to vary apprecia.bly, .fused 
current-measuring systems must be arranged so that the fuse resistance 
is not a part of the shunt resistance, but rather is external to the measuring 
system as illustrated in Fig. 1-2. This requires a separate fuse for each 
current range. In the case of voltmeter multipliers, the high resistance 
used in series with the instrument swamps the effect of variations in fuse 
resistance, and ODC can place the fuse in series with the meter as illus
trated in Fig. 1-1, thereby enabling a single fuse to function for all ranges. 

Calibration of D-C Instruments. The practical problem usually 
encountered in calibrating measuring instruments, or in adjusting multi
pliers, is to use a single standard instrument having a single range, for 
checking both voltmeters and milliammeters of a great variety of ranges. 

MiIliammeters and microammeters are conveniently checked by the 
arrangement illustrated in Fig. 1-3, in which the standard voltmeter V 
applies a known potential equal to or more than 10 volts to the meter A in 
series with a resistance R. The resistance R is so adjusted that this 
resistance, plus the resistance of the fuse, meter, etc., gives the desired 
current in the circuit when the known voltage is applied. The total 
resistance actually in the circuit at 
any time can be determined by 
throwing switch S to the right and 
measuring on a Wheatstone bridge. 
The sensitivity of current instru
ments can be adjusted to a desired 
value by controlling the strength of 
the permanent magnet, using the 
technique and equipment employed 

5 • 
To WheafsfonP brid� 

FIG. 1-3. Convenient circuit arrange
ment for calibrating a. milliammeter A 
using a standard voltmeter V. 

by garages to adjust speedometer magnets. It is possible in this way to 
vary the sensitivity by as much as JO per cent. 

Voltmeters are most easily calibrated by first adjusting or determining 
the current sensitivity of the moving-coil instrument. The series resist
ance that is required can then be readily calculated, and measured 
accurately by using a Wheatstone bridge. 

The ultimate standard for all d-c calibrations is the standard cell. 
The potential of such a cell is known to a very high order of precision and 
can be balanced against other potentials by means of a sensitive galva
nometer and suitable potentiometer. The technique and apparatus for 
carrying out the necessary operations have become well standardized and 
are to be found in any work on instruments. l  

Vacuum-tube Voltmeters for Measuring D-C Voltages and Currents. 
Vacuum-tube amplifier systems are widely used for the measurement of 

1 For example, sce Chap. V of F. A. Laws, "Electrical Measurements," 2d ed., 
McGraw-Hill Book Company, Inc., New York, 1938. 
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d-c voltages and currents. They consist of a d-c amplifier provided with 
a d-c meter to indicate the amplified output, as illustrated in Fig. 1-4, 
where the voltage to be measured (or a suitable fraction thereof) is 
applied to the input terminals of the amplifier. In the case of current 
measurements, the unknown current is passed through a known resist
ance, thus producing a voltage drop that is a measure of this current. 
This voltage drop is then determined by the vacunm-tube voltmeter 
system. 

Direct-current amplifiers for use in d-c voltmeters must employ a cir
cuit which minimizes the effects of variations in supply voltages and tube 
aging upon the output zero indication.1 The calibration is normally 
stabilized against variation in tube characteristics and supply voltages 
by introducing negative feedback in some manner. 

Vacuum-tube voltmeters for measuring d-c voltages and currents find 
numerous and diversified applications. They are, for example, widely 
used in radio service work in place of ordinary voltmeters. In such 
instruments, the voltage to be determined is applied to the amplifier 
through a resistance voltage divider having an input resistance that is 

Vo 
Compensatea 

ft.ge fo'" and s fah"/;z�d sured d-c amp/if/er ® 
Mef�'!' 
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FIG. 1-4. Schematic diagram of d-e 
vacuum-tube voltmeter. 

typically 10 to lOO megohms. The 
system is thereby able to achieve a 
sensitivity of the order of megohms 
per volt, representing negligible 
power consumption, and at the 

same time is very rugged and can
not be damaged by overload. Since 
a relative large voltage is available 

for the input terminals of such an instrument, a simple amplifier can be 
used, and elaborate stahilization arrangements are unnecessary. 

Another important application is in the measurement of very small d-c 
voltages, of the order of millivolts or less. In vacuum-tube voltmeters 
of this type, where the potential to be measured is very small, it is neces
sary that the amplifier be carefully designed to minimize drifts that if 
present in appreciable amount would obscure the small voltage being 
determined. 

1 There is extensive literature on the subject of d-c amplifiers. Useful references 
include Chap. 1 1  of IIVacuum Tubc AmplificrsH (vol. 18 of Radiation Laboratory 
Series), McGraw-HiU Book Company, Inc., New York, J948; E. L. Ginzton, D-C 
Amplifier Design Technique, Electronics, vol. 17, p. 98, March, 1944; M. Artzt, Survey 
of D-C Amplifiers, Electronics, vol. 18, p. 112, August, 1945; J. M. Brumbaugh and 
A. W. Vance, A Feedback D-C Amplifier, Electronics, vol. 11,  p. 16, September, 1938; 
D. B. Penick, Direct-Current Amplifier Circuits for Use with the Electrometer Tube, 
Rev. Sci. lnslrumenis, vol. 6, p. 115, April, 1935; J. D. Close, Stable Voltmeter Ampli
fier, Wireless Engineer, vol. 25, p. 231, July, 1948; also the references in Cootnotc 3 
on page 18. 
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Very small currents can be measured by sensitive vacuum-tube volt
meters. For example, a current of 10-12 amp passed through a resistance 
of 100 megohms will produce a potential of 0.1 mv, .. value readily 
measured with a well-designed d-c vacuum-tube voltmeter. It is thus 
possible, by means of d-c vacuum-tube voltmeters; to obtain in a rela
tively portable and rugged instrument, a sensitivity as great as or greater 
than realizable with a wall galvanometer. 

Small cl-c voltages are sometimes measured by converting them into 
alternating voltages, and tben amplifying and measuring the latter. 
Such an arrangement has the advantage that there is no danger that the 
quantity being amplified will be obscured by drifts in the amplifier itself, 
since these drifts are d-c effects, and therefore do not confuse indications 
that are based on the alternating current. This greatly simplifies the 

. design of the amplifier, but in turn requires an inverter or modulator 
which must maintain a linear relationship between a-c output and d-c 
input, without at the same time introducing transients. Successful 
arrangements of this type have, however, been devised, and are used in 
some commercial equipment. 

1-2. Methods of Measuring Alternating Voltages and Currents. The 
problem of measuring alternating voltages and currents in communica
tion work is complicated by the wide frequency range which must be 
covered, and by the resulting calibration difficulties. Among the means 
that find use are iron-vane, dynamometer, rectifier, thermocouple, and 
vacuum-tube voltmeter instruments. In some cases, particularly at the 
very highest . radio frequencies, voltage and current are determined 
indirectly by measuring the power associated with a known resistance 
such as the characteristic impedance of a transmission line. In fact, at 
frequencies above about 500 Mc, determinations of this type are used 
almost exclusively in place of voltage or current measurements. 

Iron-vane instruments are widely used for voltage and current measure
ments at 60 cycles. They are inexpensive, fairly accurate, and can be 
designed for use up to frequencies in the order of 2500 cycles without 
undue error.l They are available in maximum sensitivities of about 10 ma 
and hence a maximum ohms per volt of about 100. Dynamometer 
instruments are more accurate than iron-vane instruments, have similar 
sensitivity and frequency range, but are considerably more expensive. 

Rectifier instruments, thermocouples, and vacuum-tube voltmeters are 
the principal measuring instruments used at frequencies much higher than 
60 cycles, and are described in detail in subsequent sections. 

The behavior of a-c measuring instruments with nonsinusoidal waves 
of current is particularly important because these instruments are nearly 

1 J. H. Miller, Compensation of A-C Instruments for Variations in Frequency. Elec. 
Eng., vol. 70, p. 494, June, 1951. 



6 E L E C T R O N I C  M EA S U R E M E N T S ICHAP. 1 

always calibrated in terms of the effective value of the current, assUIning 
a sine wave. Iron-vane, dynamometer, and thermocouple instruments 
give an indication that is dependent upon the square of the effective 
value of the wave passing through them. Thus, if this wave consists of 
components of differeht frequencies having effective magnitudes 11, 12, 13, 
etc., these square-law instruments will give the same deflection as would a 
sine wave having an effective value of 

Effective value = .yI��" �+�IT,7'�+�I�3'�+�-· -.-. (l-I) 
Substitution in this formula shows that the presence of � 20 per cent 
harmonic increases the reading by 2 per cent. The indication of a square
law instrument is not influenced by the relative phase positions of the 
various harmonics. 

Rectifier and vacuum-tube voltmeter instruments are commonly oper- � 
ated so that they do not follow square-law behavior ; the resulting situa-

Input Input C 

(a) Rectifier milliammeter (b) Equivalent input circuit 
FIG. 1-5. Actual and equivalent circuit of rectifier milliammeter. 

tions that thus arise are discussed below and summarized in Table 1-1, 
(page 10). 

1-3. Rectifier Instruments.' In the rectifier instrument the alternat
ing current to be measured is passed through a full-wave copper-oxide . 
rectifier unit2, and the resulting direct current is indicated by a moving
coil d-c instrument, as in Fig. I-5a. Rectifier instruments can be built to 
give full-scale deflection on currents less than 1 ma, and so make possible 
the construction of a-c voltmeters having sensitivities exceeding 1000 
ohms per volt. The ruggedness and overload capacity compare favorahly 
with moving-coil d-c instruments. The best accuracy obtainable is, how
ever, only about 5 per cent, because of the variation of rectifier character
istics with temperature. Another disadvantage of rectifier current 
instruments is that they have a high voltage drop, a 1-ma instrument con-' 

sUIning about 1 volt at full-scale deflection. 

t For further informatiqn, see Josepb Sahagen, The Use of the Copper Oxide Recti
ner for Instrument Purposes, Proc. IRE, vol. 19, p. 233, February, 1931. 

2 Selenium rectifier units have been developed that also have characteristics suit
able for instrument use; see J. J. A. Ploos van Amstel, Small Selenium Rectifiers, 
Philips Tech. Rev., vol. 9, no. 9, p. 267, 1948. 
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The characteristics of the rectifier instrument depend primarily upon 
the properties of the rectifier element. The most important of these for 
low audio frequencies such as 60 cycles are shown in Fig. 1-6. It will he 
observed that the rectified direct current is almost exactly proportional to 
the alternating current. 1 The resistance of the rectifier unit, however, 
depends very considerably upon the alternating current passing through 
the rectifier, being greatest when the current is small. 2 

As a consequence of these characteristics, an unshunted rectifier 
instrument used to measure current will have a scale that is approxi
mately linear provided the full-scale current is not too small. The same 
is true when a high series resistance is employed to give a high-range 
voltmeter. However, when a small series resistance is used to produce a 
low-range voltmeter, the variable resistance of the rectifier element 
causes the current through the instrument to decrease appreciably faster 
than the voltage, so that the scale 
is bunched near the low end. A lOO 2.000 / similar behavior results when the 
terminals of a rectifier milliam
meter are shunted to increase the 
current range. 

The extent of this scale bunch
ing for small deflection depends 
upon the ratio of the rectifier re
sistance to the equivalent resist
ance the input terminals o( the 
rectifier see when loolcing toward 
the source of power, the bunching 
being less the higher the ratio of 
source to rectifier resistance. The 
same degree of scale bunching, and 
hence the same scale graduations, 

• t 80  1,600 E u + u , C � . � 60 � 1,200 • u u .. . ':;40 1 800 
6 .� � 0 u • �lD -< 400 
2l 

o 

1\ \ #' \\17 � :'!--. /.s:.� ___ -� / 
./ 0.2 0.4- 0.6 

A·c, milriamperes 1.0 

FIG. 1-6. Rectified direct current, and in
put resistance, as a function of the applied 
alternating current in a typical copper
oxide rectifier type of instrument. 

will exist for different ranges when the multiplier or shunt arrangement 
employed is ·of a type that presents the same source resistance to the 
rectifier input irrespective of the multiplying range. <I With current 

1 At very minute currents the direct current is, however, proportional to the square 
of the alternating current. 

S The rise in resistance at low current densities is so rapid that increasing the current 
density in the rectifier by reducing the area of the rect.ifier a�tually reduces the resist
ance of the rectifier unit to a small current. For this reason rectifiers for instrument 
purposes always have very small cross sections, even t.hough a larger area would give 
less voltage drop for the current corresponding to full-scale deflection. 

, For a more detailed discussion see F. E. Terman, Multirange Rectifier Instruments 
Ha.ving the Same Scale Graduation for all Ranges, Proc. IRE, vot. 23, p. 234, March, 
1935. 
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instruments this requires that the resistance which the input terminals of 
the rectifier see when the source of current is open-circuited, be constant 
irrespective of multiplying factor. The simplest arrangement satisfying 
this requirement is the universal shunt of the type illustrated in Fig. 1-2b. 
A voltmeter multiplier satisfying the same requirement must be so 

. designed that the resistance which faces the rectifier when the source of 
voltage is short-circuited is constant. A simple method of accomplishing 
this is shown schematically in Fig. 1-7, in which the shunt resistance R2 is 
decreased as the series resistance RI is increased. 

With rectifier instruments a protecting fuse may be placed between the 
rectifier input and the associated multiplier or shunt as illustrated in Fig. 
1-7. This location, not acceptable with cl-c current meters, is permissible 
because with rectifier instruments the high input resistance of the meter 

R, ruse 

}fe/er 

FIG. 1-7. Schematic diagram of 
multiplier for copper-oxide type 
of rectifier voltmeter that fol-
lows the same scale for different 
ranges. 

and the relatively low inherent accuracy 
minimize the undesirable effects resulting 
when a replacement fuse has a slightly dif
ferent resistance than the original fuse. 

Rectifier instruments are commonly cali
brated by employing a 60-cycle sine wave. 
The scale is marked to indicate the effec
tive value of such a sine wave, and the exact 
sensitivity for full-scale deflection is con
trolled by varying the sensitivity of the 
associated d-c milliammeter until the de
sired alternating current gives full-scale 
deflection. 

Frequency and Waveform Effects in Rectflier Instruments. When a 
reverse voltage is applied across a copper-oxide rectifier element, the non
conducting barrier layer acts as the dielectric of a condenser. As a 
result, the equivalent circuit of a rectifier meter has the character illus
trated in Fig. 1-5b, where C represents the equivalent capacitance formed 
by the series connection of the two rectifier units that are nonconducting 
at the moment, and R" represents the meter resistance plus the sum of the 
resistances of the two rectifier units that are conducting at the moment. 

At low audio frequencies, such as 60 cycles, the reactance of C is so 
much greater than the resistance Rr that the shunting capacitance is of no 
consequence. However, as the frequency becomes higher an increasing 
fraction of the current is diverted through the condenser and away from 
the rectifier and meter. The rectifier instrument accordingly gives an 
indication that decreases as the frequency is raised. In a typical instru
ment this error will be of the order of 0.5 per cent per thousand cycles, for 
full-scale deflection.l With small deflections, the error may be consider-

I By associating suitable equalizing networks with the copper-oxide unit, it is possi-
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ably greater as a result of the increase in rectifier resistance that occurs 
with small currents, as illustrated in Fig. 1-6. 

Rectifier instruments give an indication that is proportional to the 
average value of the a-c wave when the negative areas are treated as 
though they were positive. This is termed full-wave linear behavior. 
Since the ratio of average to effective values of a sine wave is 0.909, this 
means that the d-c meter used with the rectifier must have a d-c sensi
tivity approximately 10 per cent greater than the alternating current 
indicated on the scale. 

Acfual 
wuve 

RecfiTied wave 

fV\ 
(ill Fundament�1 only 

,. 

/' Fundamenfal-,- - , \ 
\/ \ ,1\. 1-\ / /�\ \ /-, /-, 

I I I \ \ / \ ..L---\,,':, ---'\-+---\,r I I \ ,\ \ I I 
/� ... ../ \�I � ... ./ \ ,j I Third Third \ I 

harmomc harmonic 

, , I 
, , 

Ib) Third harmonic. increases 
CJvetlIqe rec.tified current 

(cl Third ha!Tl1onic decreClses 
average rectified current 

FIG. 1-8. Wave shapes before and after rectification, showing how the phase position 
of a third-harmonic component affccts the average value of the rectified current. 

Because the rectifier instrument gives an indication proportional to the 
average value of the wave, it is susceptible to waveform errors which, in 
general, will depend upon the phase as well as the magnitude of the 
harmonics that are present. This is illustrated in Fig. 1-8, which shows a 
fundamental wave alone, and fundamental waves with 50 per cent third 
harmonic in two phase relations. It is apparent that for the phase rela
tion at (b) the rectified current is increased by the presence of the har
monic, while for the phase shown in (c) the harmonic produces a reduction 
in the average or rectified current. Further details are given in Table 1-1. 

1-4. Thermocouple Instruments.1 In a thermocouple instrument the 
current to be measured heats a short piece of resistance wire. This is 

hIe to compensate rectifier instruments so that their full-scale deflection will correctly 
read voltage up to frequencies as high as 100 kc. 

1 An ingenious method of employing an emission-limited diode in conjunction with 
negative feedback to provide an rIDS instrument that is equivalent to a th�mocouple 
is described by R. D. Campbell, The Diotron, An Aid to RMS Instrumentation, 
Electron£cs, vol. 23, p. 93, July, 1950. 
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associated with a thermocouple that consists of a junction of two dis
similar wires so chosen that a voltage is generated by heating the junc
tion. The output of the thermocouple is delivered to a sensitive d-c 
microammeter giving an indication of the alternating current passing 
through the heater wire. Calibration made with direct current or a 

Turnover possible? . .  
Phase of harmonics af-

fect reading? . . . . . . . 
Effect of harmonic com-

ponent on reading 
50% second har-

monlc . . . . . . . . . . . .  
50 % third harmonic 

Full-wave 
square la.w 

No 

No 

1 1 %  
11% 

TABLE 1-1· 

Half-wave 
Lineart Peak 

square law 

Yes No Yes 

Yes Yes Yes 

-6 to +27% o to 10% -25 to +50% 
12 . 5 %  - 10 to +16% 8 to HO% 

• From I. Wolff, Alterna.ting-current MCMuring IMtrumcnts 8.8 DiscriminatoI'8 against Harmonic", 

Proc. IRE, vo!. 19, p. 647, April, 1931. 
t Both half-wave and full-wave linear. 

low frequency such as 60 cycles, will apply for all frequencies for which 
skin effect in the heater is not appreciable. 

Thermocouple instruments are the standard means of measuring cur
rent at radio frequencies, and may be of several kinds, as illustrated in 
Fig. 1-9. The mutual type, in which the thermocouple also serves as its 

" 

( � )  Mutua) type (b)  Contoct t)'pe 

+ 
( d )  Brioge type 

FIG. 1-9. Schematic diagram illustra.ting different types of thermocouple instruments. 

own heater, is more sensitive than the contact type where there are 
separate thermocouple leads that conduct heat away from the heater, 
but has the disadvantage that the. d-c microammeter shunts the heater. 
This difficulty is overcome in the bridge circuit, which preserves the high 
sensitivity of the mutual-type thermocouple, and yet avoids the shunting 
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effect by placing the microammeter across the neutral arm of a bridge. 
In the separate heater arrangement, the thermocouple is held near to but 
insulated from the heater by a small glass bead. This makes the instru
ment sluggish, and also less sensitive than the contact type.because of the 
temperature drop in the glass, but the separation of heater and thermo
couple has advantages for some types of work. 

The sensitivity of a thermocouple arrangement may be increased by 
placing the thermocouple and associated heater in a vacuum. In this 
way the loss of heat by conduction to the surrounding air is avoided; at 
the same time the absence of oxygen in contact with the heater makes it 
permissible to operate the heater at a much higher temperature than 
would be possible in air. Vacuum thermocouples associated with small 
general-purpose microammeters can be designed to give full-scale deflec
tion on approximately 1 ma. A corresponding bridge arrangement of 
thermocouples in air will require about lOO ma for full-scale deflection. 
When a d-c instrument of very high sensitivity is used, such as a wall 
galvanometer, currents that are very much smaller than these values can 
be readily measu red. 

A variety of materials may be used to form the thermocouple. A com
mon combination is constantan (or advance) against copper, manganin, 
or a platinum alloy. Such a junction gives a thermal eml of approxi
mately 45 p.v per ·C. The heating element of open-air heaters is typically 
made of a non corroding platinum alloy, while carbon-filament heaters are 
commonly used in the vacuum type. 

Thermocouple heaters operate so close to the burnout point .under 
normal conditions that they can withstand only small overloads without 
damage, commonly only 50 per cent. This is one of the serious limita
ti�ns of thermocouple instruments, and also makes it impossible to use a 
fuse for protection. Care must be taken to avoid passing surges of even 
very hrief duration through a thermocouple instrument. Thus the rush 
of charging current that results when several hundred volts is applied to a 
4-p.f condenser will invariably hurn out the thermocouple of a 125-ma 
instrument even though the steady current flowing in the circuit is zero. 

The heat generated by the passage of current through the thermo
couple heater is proportional to the square of the effective value of the 
current. Accordingly, harmonic components affect the indication in 
accordance with their influence on the square of the effective value of the 
wave, as in Eq. (1-1) (also see Table 1-1, page 10); thus a 20 per cent 
harmonic increases the effective value of the wave by 2 per cent. When 
the generated heat is carried away primarily by conduction, the heater 
temperature is proportional to the square of the effective current. This 
is the situation in all air thermocouples, and also in vacuum thermo
couples when the heater current is not too large. However, when the 
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heater current in a vacuum thermocouple is sufficient to develop a high 
temperature, an appreciable part of the heat is lost by radiation. Under 
these conditions the temperature, and hence the thermocouple voltage, 
increases less rapidly than the square of the effective value of the current, 
as shown in Fig. 1-lO by region cHJ. A further complicating factor is that 
at the higher operating temperatures, the resistance of the heater changes. 

The microammeter of a thermocouple instrument will deflect slightly 
in the absence of a current if there is a temperature difference between the 
thermocouple junction b, and the " cold" junction indicated by a in Fig. 
1-9b. Also, the reading resulting from a given current will vary with 
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FIG. 1-10. Relationship be
tween hea.ter current and 
thermocouple output, for a. 
vacuum thermocouple. 

time if the temperature difference between 
hot and cold junctions is modified by unequal 
distribution of the heat produced by the 
heater. These effects become more pro-
nounced as the thermal capacity of the 
heater is increased, and some form of equa
lization or compensation is required in instru
ments employing heaters designed for large 
currents.l 

Frequency Effects, and Calibration Consid
erations in Thermocoupl£s. Although' the 
chief value of the thermocouple instrument 
results from the relative independence of its 
behavior with frequency, nevertheless fre
quency effects can occur as a result of skin 
effect, nonuniform current distribution along 
the length of the heater, and spurious capaci
tive currents. 

When the frequency becomes sufficiently high, skin effect causes the 
heater resistance to be greater than for lower frequencies and for direct 
currents. This causes the heater temperature produced by a given cur
rent to be greater than at low frequencies, resulting in the thermocouple 
instrument reading high. As the frequency at which skin effect first 
becomes appreciable is greater the smaller the heater wire, thermocouples 
designed for small currents can in general be used without frequency cor
rection at frequencies higher than can corresponding thermocouples 
designed for larger currents. 

It is possible to construct low-eurrent heaters for use in vacuum thermo-
couples that have a skin-effect error of less than 1 per cent at frequencies 
up to 30,000 Mc. t Heaters for larger currents, such as 1 amp, will have a 

1 See W. N. Goodwin, Jr., The Compensated Thermocouple Ammeter, Elec. Eng., 
vol. 55, p. 23. January, 1936. 

S A good discussion of the upper frequency limit of a. thermocouple from the point 
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less satisfactory high-frequency behavior, with the details depending on 
the kind of heater. Ribbon heaters, while often used to carry large cur
rents, have relatively large skin effects. Solid wire is much better, while 
thin-walled tubing behaves excellently from the point of view of skin 
effect, and is now used for large currents where good high-frequency 
behavior is important. 1 

At frequencies so high that the heater length is an appreciable fraction 
of a wavelength, the current distribution along the heater will not be uni
form. The relation between the indication of the thermocouple instru
ment and the current being measured then becomes uncertain. To 
avoid this, the heater and its associated leads must accordingly be 
quite short (less than a tenth of a wavelength), if high accuracy is to be 
maintained. 

When a thermocouple instrument is connected in a circuit in such a 
manner that both terminals of the heater are at a potential above ground, 
then as the frequency is raised, an increasingly large current flows 
through the capacitance formed by the thermocouple leads and micro
ammeter acting as one electrode, and the ground acting as the other elec
trode. This action causes the current flowing into one end of the heater 
to differ from that flowing out of the other end, thus introducing an 
uncertainty as to what current is being indicated. The resulting error is 
greater the higher the frequency, the smaller the current being measured, 
and the greater the potential difference that exists between the thermo
couple and ground. These effects can be minimized by connecting the 
thermocouple into the circuit at a point where the impedance to ground 
has the lowest possible value; also in some cases shielding can be arranged 
so that no capacitive current will flow through the heater. 2 

The frequency characteristics of thermocouples employing heaters con
sisting of a short-length round wire or thin-walled tubing can be deter
mined with fairly good reliability on the basis of theoretical skin-effect 
calculations. Where a check of such calculations is desired, or where 
skin-effect calculations cannot be made with accuracy, an experimental 
calibration can be made at high frequencies by the oscillating ring 
ammeter; the hot-wire air-expansion milliammeter, etc.' 

of view of skin effcct is given by L. S. Nergaard, A Survey of Ultra-high Frcquency 
Measurements, ReA Rev., vol. 3, p. 156, October, 1938j also see uTeehnique of Micro
wave Measurements" (Vol. 11 of Radiation 4boratory Series). p.l88.McGraw-Hill 
Book Company, Inc., New York, 1947. 

1 Formulas, curves, and tables for calculating skin effect of solid-wire, tubular. and 
ribbon conductors are given on pp. 30-34 of F. E. Terman, "Radio Engineers' Hand
book," MeGraw-HiU Book Company, Inc .• New York, 1943. 

I For further informat.ion sec J. D. WaUacc. The Shielding of Radio-frequency 
Ammeters, Proc. IRE, vol. 29, p. 1, January, 1941. 

• For further information on the absolute calibration of thermocouples see H. M. 
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The calibration of a thermocouple is reasonably permanent, although it 
must be periodically checked if precision is important. When calibrating 
contact- and mutual-type thermocouple instruments with direct current, 
it is always necessary to reverse the polarity of the direct-current and 
take the average of the readings for the two polarities as the true reading. 
This is because the resistance drop in the heater at the contact may cause 
a small amount of d-c current to flow through the microammeter ; revers
ing the calibrating current averages out of this effect. 

Measurements of Very Large Currents by Thermocouples. The mea.sure
ment of large high-frequency currents introduces a number of difficulties. 
Thermocouple instruments with heaters large enough to carry very large 
currents may have excessive skin effect. Ordinary shunts cannot be 

(a)Symmetrica/ shunts 
Shunhonclenser �IP+ MoIS+ �� CurrMflo/;P ""Thermocouple 
�!- measvrt'd Ls meter 

t': ;:1' .  L ",mall SffIe.r -lhermocoupie 
rondenser me/er 
(b) Condenser- shunt (c) Current transformer 

FIG. 1-11. Methods that can be successfully employed to measure large radio-fre
quency currents. 

employed to carry the major part of the current since the shunting ratio 
will be affected by the relative inductances as well as resistances, thus 
introducing a considerable frequency effect. 

Several solutions to this problem are available. One consists of mini
mizing skin effect by employing a heater that is a tube of large diameter, 
but possessing very thin walls. An alternative is an array of shunts of 
identical resistance arranged symmetrically as in Fig. l-llaJ for example. 

Turner and P. C. Michel, An Electrodynamic Ammeter for Use at Frequencies from 
One to One Hundred Megacycles, PrQC. IRE, vol. 25, p. 1367, November, 1937; Harry 
R. Meshl, A Bearing-type High Frequency Electrodynamjc Ammeter, Proc. IRE, 
vo!. 26, p. 734, June, 1938; J. D. Wallace snd A. H. More, Frequency Errors in Radio
frequency Ammeters, PrDC. IRE, vol. 25, p. 327, March, 1937; John H. Miller, Thermo
couple Ammeters for Ultra-high Frequencies, Proc. IRE, V'O!. 24-, p. 1567, December, 
1936; Herbert C. Hazel, A New Method for the Calibration of Ammeters at Radio 
Frequencies, Proc. IRE, vo!. 16, p. 70, January, 1928: G. F. Gainsborough, Experi
ments with Thermocouple Milliammetera at Very High Radio Frequencies, J. lEE. 
pt. Ill, va!. 91, p. 156, September, 1944; M .. J. O. Strutt and K. S. Knol, Measure
ments oC Current and Voltage down to a Wavelength of 20 Centimeters, Proc. IRE, 
val. 27, p. 783, December, 1939. 
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Here each filament of wire possesses the same inductance, so that the 
inductance causes the current to divide at high frequencies in the same 
way as does the resistance at low frequencies. The condenser shunt 
shown in Fig. I-llb has also been used successfully in the measurement of 
large currents.' The current will divide between the two parallel con
densers directly as their capacitance, and will maintain this ratio inde
pendent of frequency as long as the condenser that is in series with the 
thermocouple has a much higher impedance than the thermocouple 
heater, and provided that the lead inductances of the two branches of the 
circuit are in inverse proportion to the condenser capacitances. 

Current transformers analogous to those used in electrical power work 
and illustrated schematically in Fig. l-llc, can be employed to measure 
very large radio--frequency currents of low or moderate frequencies, using 
thermocouple instruments of ordinary range. Such transformers com
monly, but not necessarily, employ a magnetic dust core. The current 
ratio is given by the equation :2 

Primary current 
Secondary current 

where L. = secondary inductance 
Lp = primary inductance 

k = coefficient of coupling between L. and L. 
R. = resistance of secondary, including meter resistance 

( l -Z' 

Q. = wL./ R, = Q of secondary circuit taking into account meter 
resistance 

It will be noted that if the .Q of the secondary winding is appreciable 
(i.e., greater than 5), the transformation ratio is SUbstantially independent 
of frequency. Current ratios up to 1000 or more can be obtained at low 
and moderate radio frequencies by using a many-turn secondary wound on 
a toroidal ring, through the hole of which the wire carrying the current to 
be metered is looped once or twice. 

1-6. Vacuum-tube Voltmeters.' A vacuum-tube voltmeter is a 
vacuum-tube rectifier or detector in which the rectified direct current 
produced as the result of application of an alternating voltage is used as a 
measure of this voltage. Vacuum-tube voltmeters consume little or no 

1 Alexander Nyman, Condenser Shunt for Measurement of High-frequency Cur
rents of Largc Magnitude, Proc. IRE, vol. 16, p. 208, February, 1928. 

S This is derived as follows: The voltage induced in the secondary by the primary 
current 1" is -j",},f 1". The secondary current 1. is this voltage divided by the imped
ance of the secondary circuit, or 1. "" -jwMl,,/(R. + jwL.). Solving this for 
11,./I.1, and substituting M .. k/VL,.L. gives Eq. 0-2) . 

• The first use of a. vacuum tube to measure voltage wa.s in 1915 by R. A. Heising; 
see Historic First: Va.cuum-tube Voltmeter, BeU Lab. Rec., vol. 24, p. 270, July, 1946. 
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power from the voltage being measured, and have an input capacitance 
that can be as small as 1 to 2 1'1'f. Sensitivities corresponding to full
scale deflection with an applied alternating potential of less than 1 volt 
are readily obtainable ; at the same time the instrument can be designed 
to indicate very large voltages, such as hundreds or thousands of volts. 
The response of a vacuum-tube voltmeter can be made independent of 
frequency over wide frequency ranges; thus it is not unusual for the same 
calibration curve to apply for frequencies as low as 60 cycles and as high 
as 60 Mc. As a result of these desirable chal"acteristics, the vacuum-tube 
voltmeter is the most widely used instrument for making measurements at 
radio frequencies. 

0-- .--Diode recliFier O-e ( M) 0-- (pe"k Iype) amp/J'f'/er 
P-cmete. 

(a) Peak reO!�inCJ diode type 

0-- Full-wa've ---
A·c (or h(lIF-wQve) l M) 0-- aml?//T/er rectiFier' 

Do e "';;;fe r 
Cb) Re�tifier'OImplifjer OIvtrOlqe reOlainq type 

FrG. 1-12. Schema.tic diagra.ms of diode pea.k-reading and amplifier-rectifier average
reading types of vacuum-tube voltmeters. 

Two commercial forms of vacuum-tube voltmeters are in wide use. 
In the first of these, the alternating voltage to be measured is rectified hy 
a peak-type diode detector. The output of the diode is amplified and 
indicated by a d-c amplifier and meter, as illustrated schematically in 
Fig. 1-12a. Such an arrangement gives an indication of the peak ampli
tude of the positive half cycles of the applied voltage. With proper 
attention to design, frequencies from the lowest to values of the order of 
100 to 500 Mc can be covered in a single instrument. The. maximum 
sensitivity that can be obtained corresponds to full-scale deflection with 
an input voltage of the order of 0.5 volt peak. 

In the other type of vacuum-tube voltmeter in wide commercial use 
(illustrated schematically in Fig. 1-12b), the alternating voltage to be 
indicated is first amplified by a wide-band amplifier stabilized by moans 
of negative feedback. The output of this amplifier is then rectified by a 
half-wave or a full-wave rectifier, and the resulting direct current used 
to operate a d'Arsonval type of instrument. This amplifier-rectifier 
arrangement gives an indication proportional to the average amplitude of 
the wave, just as does the copper-oxide instrument, instead of an indica--
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tion of the peak as in the case of the diode type. The sensitivity is 
greater than for the diode type of voltmeter as it is a simple matter to 
provide sufficient amplification to give full-scale deflection with alter-
nating voltages as low as 1 my. The frequency range of the ampJifier- (1 
rectifier arrangement is, however, limited by the amplifier to a maximum 
of ahout 10 Mc. 

In addition to the above types, many other forms of vacuum-tube volt
meters have been devised. These include arrangements employing plate 
rectification, slide-back vacuum-tube voltmeters, and vacuum-tube volt
meters having logarithmic characteristics. 

1-6. Diode Peak-reading Vacuum-tube Voltmeters. The most com
mon of the many vacuum-tube arrangements that can be employed as 

• 
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I---!...�-b 
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Currenf through 
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Tirne � 
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FrG. 1-13. Circuits for peak-reading diode voltmeter together with associated voltage 
and current waveforms. 

vacuum�tube voltmeters is the diode peak-reading voltmeter, a simple 
form of which is shown in Fig. 1-13a. This is an ordinary diode detector 
employing a high load resistance R. The mechanism of operation is 
illustrated by -the oscillograms of Fig. 1-13c. At each positive peak of the 
applied voltage the condenser C is charged to a potential that is almost 
equal to the peak voltage. Between peaks a small portion of the total 
charge on condenser C leaks ofT t.hrough tbe resistance R, causing a slight 
falling off in the condenser voltage. At the positive peak of the next 
cycle the charge that has been lost in this way is replenished by a pulse of 
plate current through the diode. The voltage across C, and hence across 
the resistance R, is thereby again built up almost to the peak value of the 
applied wave. Either the average (d-c) voltage across R, or the average 
(d-c) current through R, can be used to indicate the peak of the applied 
voltage. When this applied voltage is not too small, the relationship 
between the peak potential and the rectified output is almost linear. 

The diode voltmeter consumes power from the applied voltage "s a 
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result of the current pulses that pass through the tube at the positive 
peak of each cycle. To a rough approximation, the power consumed in 
this way by the diode is the same as though the diode voltmeter offered an 
input resistance to the applied voltage equal to R/2.'·' By making R of 
the order of tens to hundreds of megohms, as is readily possible when the 
diode is associated with a d-c amplifier, the input resistance of the diode 
will be so high as to be of negligible consequence. This behavior implies 
an applied voltage of sufficie'!t amplitude to cause the system to act as 
a peak device. If the applied signal is very small, then some current 
flows throughout the cycle of the voltage as a result of the velocity of 
emission of the electrons, and the input resistance may be only a few 
hundred ohms. 

The circuit of Fig. 1-13b is equivalent to Fig. 1-13a, and is commonly 
used in preference to that at a. Its advantages are that the cathode of 
the tube is at ground potential, and that the input circuit need not pro
vide a path for direct current. 

In most diode voltmeters, indication is obtained from the output of a 
d-c amplifier, the input of which is connected across terminals bb in Fig. 
1-13. This not only makes it possible to replace the relatively sensitive 
meter M with a much less sensitive and hence more rugged instrument, 
but also permits the load resistance R to be made very large, of the order 
of tens to hundreds of megohms. In this way the power consumed by 
the diode becomes extremely small, the relation between peak applied 
voltage and meter indication becomes more nearly linear, and the per
formance of the diode with inputs consisting of pulses and modulated 
waves is also improved (see below). The d-c amplifier associated with 
the diode rectifier should be provided with stabilizing means to prevent 
drift in the indication of the output meterj in general, a voltage-regulated 
power supply, combined with some form of compensating circuit, is 
employed.' 

The diode tube is ordinarily mounted in a housing located at the end of 
a flexible cable that connects the tube to the remainder of the voltmeter 

1 See F. E. Tcrman, "Radio Engineeriug," 3d ed., p. 505, McCraw-HilI Book Com
pany, Inc., New York, 1947. 

, This is at frequencies for which the transit time of the electrons can be neglected. 
At frequencies so high that the transit time is an appreciable fraction of a cycle, the 
input resistance is less than R/2 as a result of energy absorbed by the electrons. The 
input resistance will then also depend upon the applied voltage, being less the smaller 
the voltage, sincc the transit time is increased as the voltage becomes less. 

I Examples of commercial diode-amplifier voltmeter systems are described by C. A. 
Woodward, Jr., A New Vacuum-tube Voltmeter, Gen. Rad. Expt., vol. 2, p. 1,  Sep
tember, 1946; The Type 1803 Vacuum-tube Voltmeter, Gen. Rad. Expt., vat. 24, p. 1,  
April, 1950; W. N. Tuttle, The Type 727-A Vacuum-tube Voltmeter, Gen. Rod. Expt., 
vol. 16, p. 1, May, 1942. 
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system, and which is so arranged that lead a in Fig. 1-13b forms a short 
probe projecting from the housing. In this way the tube can be brought 
to the voltage being measured, ensuring minimum lead effects. This is 
necessary in dealing with radio-frequency circuits, since otherwise the 
inductance and capacitance effects introduced by the voltmeter would 
alter in a significant way the conditions in the circuit being measured. 

1-7. Waveform Effects in Diode Voltmeters, Including Response to 

Modulated Waves and Pulses. Although. the scale of the meter associ
ated with a diode-type voltmeter is normally marked in effective (rms) 
values on the assumption that the applied voltage is a sine wave, the 
response is actually determined by the peak positive voltage applied to 
lead a in Fig. 1-13. As a result, the indication is very sensitive to the 
presence of harmonics in the applied wave. Thus a 20 per cent harmonic 
can Increase the indication by as much as 20 per cent, whereas with a 

,Resvlfanf WQ'VC 
&cond harmonic 

Fundam�nla' 
' '/ - - -< / ,  / , / , 

, , /  " -"<. , - - - -
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FIG. 1-14. Waveform illustrating the effeet a second-harmonic component can have 
on the peak amplitude of the positive a.nd negative half cycles oC an a.lternating 
wave . .  

thermocouple instrument the same harmonic would increase the indica
tion by only 2 per cent. Also, whereas the relative phase of the har
monics has no effect on a square-law device such as a thermocouple, it is 
very important in a peak-reading device. As apparent from Fig. 1-14 
(and as indicated in Table 1-1, page 10), the presence of a harmonic may 
either increase or decrease the positive peak amplitude, depending on the 
phase, amplitude, and order of the harmonic. 

When even harmonics are present, the peak amplitudes of the positive 
and negative half cycles are not necessarily the same, as is apparent in 
Fig. 1-14. Under these conditions, reversal of the input terminals of a 
diode-type vacuum-tube voltmeter will change the voltage indicated by 
the meter. This polarity effect is sometimes called turnover; when it 
exists the average of the direct and reverse polarity readings will approxi
mate the effective value of the applied voltage more accurately than 
either reading alone. 

Response of Diode Voltmeter w Pulses. When pulses such as produced 
by a pulse generator are applied to the input of a diode voltmeter, it is 
commonly found that when the pulse duration is short compared with the 
length of time between pulses, the voltage indicated hy the meter reading 
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is considerably less than 0.707 times the peak amplitude of the applied 
pulses even when the voltage across the diode condenser C does not 
decrease appreciably during the interval between pulses. This arises 
from the fact that all of the charge leaking off the condenser e during the 
relatively long period between pulses must he replaced by a current that 
flows through the diode only during the very brief interval represented 
by the pulse length. Thus if the pulse repetition frequency is 100 cycles, 
and the pulse length I �sec, then for accurate results the charge leaking 

R c 

l Rg Rd} • Rs'" Rg+Rd 
R 

(a) Actual diode (fnd source (b)Eq.uiva1ent diode c.ircuit 

Input pulse Aclual voltage ucross R and C 

{ f, ft=/----4��'%:n fl---i1,1. I, ,I 

Current Ihrouqh tube 

0-··· rt 0 -h,l. I, . .1 f.:---- T' t , + t,----l 

(t;.) Voltage and c.urrent relations 
FIG. 1-15. The equivalent circuit, and voltage and current relations, for the case of a. 
pulse applied to a. peak-reading diode voltmeter. 

off of condenser e during 10,000 �sec must be replaced by a current that 
averages 10,000 times as great flowing through the diode for 1 �sec. 
This pulse of current has a peak ampHtude great enough to produce a 
large voltage drop in the diode and generator resistance R. as defined 
helow. Unless thc time constant R,e of the charging circuit as defined 
below is smaIl compared with the pulse length t" the condenser e will not 
be charged to the peak amplitude of the applied pulse. Under ordinary 
circumstances the quantitative relations applying to this situation are 
given approximately by the relation :1 

1 This relatioD cnn be derived with the aid of the equivalent circuit of Fig. 1-15b, 
in which the diode tube is replaced by a. switch SI tha.t is dosed during the interval 
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Peak amPlitude ) 
= 

(scale reading) X 1.414 (1 + � R.) (1-3) 
of pulses of meter t, R 

where, as indicated in Fig, 1-15, 
R = resistance determining rate at whlch condenser C discharges, 

including shunting resistance together with leakage resistance 
of this condenser 

Il. = equivalent source resistance, induding actual source resistance 
Ru of applied voltage, and equivalent plate-cathode resistance 
R, of diode 

t, = pulse length 
t2 = time between pulses 
T = tl + t2 = reciprocal of pulse repetition frequency 

The ratio t,fT is termed the duty cycle; for short pulses t, � T, and the 
duty cycle approximates tt/t2• 

The assumptions involved in Eq. (1-3) are that the plate-cathode 
resistance of the diode can be represented by a fixed resistance Rd, that 
R »  R., and that the time constants R.C and RC are appreciably greater 
than the pulse length tl, and the time t2 between pulses, respectively. 
The first assumption, while not strictly accurate, is satisfactory for 
ordinary purposes, while the remaining assumptions are realized with 
typical circuit proportions when the pulse duration is sufficiently short 
and the pulse repetition frequency is not excessively low. Results com
puted with the aid of Eq. (1-3) are given in Fig. 1-16 in general form, while 
the results for a particular case are illustrated in Fig. 1-17.1 

the pulse voltage is applied, and is then open du.ring the remainder of the time. In 
this equiva.lent circuit, the source of voltage E is assumed to have an equivalent inter
nal resistance R" while the plate-cathode resistance of the diode is replaced by an 
equivalent fixed resistance R�. 

When the time constants R.C and RC are appreciably greater than times t. and h, 
respectively, then the percentage change in voltage across condenser C is small during 
both charge and discharge periods, as illUslrated in Fig. 1-ISc. Under thes� assump
tions the cbarge delivered to condenser C during a pulse is tlCE - Eo)/R., where EQ is 
the average voltage across C and is the output voltage indicated by the system. The 
charge that leaks off the condenser during the interval between pulses is hEo/R. 
Since these two charges must be equal, on"C can then write 

or, solving for E, 
E 

E, - "-;c-T.-T.-= ...... " 1 + (t,/t.) (R./R) 
(1-3a) 

Equation (1-3) follows when allowance is made for the fact that the meter is ordinarily 
caJibrated in equivalent rros instead of peak values. 

I For additional examples, sce A. Eastoll, Pulse Responses of Diode Voltmeters, 
Electronics vol. 1 9, p. ]46, January, 1946. 
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It is apparent that diode-voltmeter readings can be expected to be 
considerably in efror under many conditions occurring in practice. 
Examination of Eq, (1-3) and Figs, 1-16 and 1-17 shows that this error 
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f" (pulse leng;th in seconds) x (pulse repetition frequency in cyc.les) 

FIG. 1-16. Generalized curves showing the behavior of a peak-reading diode voltmeter 
when the input wave is a. pulse. 

increases the shorter the pulse length, the lower the repetition frequency, 
and the greater the ratio R�/R of equivalent source resistance to equiv
alent discharge resistance. To avoid error in any particular situation, it 
is not only necessary to make R large enough so that t,R./t,R « 1, but 
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FIG. 1-17. Curves showing the -rela.tive output reading of a particular diode voltmeter 
a.s a function of repetition frequency, when the input wa.ve is a pulse of various 
lengths t1• 

also it is necessary that RC » t" This is equivalent to saying that to 
avoid error in indication, the charging time constant R.C must be small 
compared with the time It available for charging C, while the discharge 
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time constant must be large compared with the time I. available for the 
discharge of condenser C. 

A diode voltmeter used with pulses not only reads less than the peak 
amplitude of the pulse, but at the same time has a relatively low input 
resistance as compared with the input resistance that would be obtained 
with a sinusoidal voltage. This arises from the fact that during the 
interva.l the pulse voltage is applied, a very large current flows through 
the tube. To the same approximations involved in Eq. (1-3), the input 
resistance of the diode voltmeter to a pulse is1 

Equivalent input resistance ) = R. 
(1 + RI,) (1-4) of dIode to pulses R.I, 

When the applied voltage has negligible internal impedance (R, = 0), 
then the input resistance will approach the equivalent plate-cathode 
resistance of the tube for conditions which make the parentheses in the 
right-hand side of Eq. (1-3) appreciably greater than unity. This cor
responds to an input resistance that is often below 1000 ohms, an alto
gether different order of magnitude from the equivalent input resistance 
R/2, typically in excess of I megohm, that the same diode voltmeter would 
have with a sinusoidal voltage. 2 
If the voltage applied to a diode voltmeter is a pulse-modulated radio

frequency wave, rather than a simple pulse, the behavior is the same as 
would be calculated from Eqs. (1-3) and (1-4) for a pulse length I, taken as 
between 0.3 and 0.1 times the length of the actual pulse.3 This results 
from the fact that with the pulse-modulated radio-frequency wave, cur
rent flows through the diode only during part of the positive radio
frequency half cycles. The exact value of the factor by which the pulse 
length I, is to be multiplied depends upon how nearly the voltmeter is able 
to indicate the peak pulse voltage, the factor being larger the greater the 
error in the indication. 

1 This is derived from th� fact that the input resistance is the applied voltage E 
divided by the diode current, while the diode current is the voltage E - Eo between 
diode plate and cathode, divided by the equivalent source resistance R.. Thus input 
resistance is R.E/(E - Eo), which gives Eq. (1-4) upon substitution from Eq. (l-3a). 

1 The problem presented by the low input impedance can be most readily handled 
by applying the pulse to a cathode-follower amplifier that is used to excite the diode 
voltmeter tube. Thus see D. E. Howes, High Impedance Pulse Voltmeter, Rev. Sci. 
Imtru?1U1lts, vol. 16, p. 322, November, 1945. More complicated solutions are 
described by Y. P. Yu, An Improved Peak Voltmeter for Pulses, Rev. Sci. Instruments, 
vol. 19, p. 447, July, 1948; F. H. Shepard and E. Osteriand, Peak-ta-peak Voltmeter, 
Electronics, vot. 21 ,  p. 101, October, 1948 . 

• A quantitative analysis is given by R. E. Burgess, The Response of 8. Diode Volt
meter to Single and Recurrent Pulses of Various Shapes, J. lEE (Radio Section), vot. 
95, pt. Ill, p.106, Marcb, 1948. 
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Response of Diode VoUmeleTs to Modulated Waves. When the voltage 
applied to a diode voltmeter is a sinusoidally modulated radio-frequency 
wave, the behavior of the instrument is much the same as in the case of a 
pulse-modulated radio-frequency wave. During the positive peaks of 
the modulation cycle a relatively large current will flow through the 
diode in an attempt to charge the condenser C to the highest radio-fre
quency voltage reached during the modulation cycle. Between positive 
peaks of modulation, the diode becomes non conducting and condenser C 
slowly discharges through the resistance R, as shown in Fig. 1-18. The 
result is a tendency for the instrument to give an indication moderately 
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FIG. 1-18. Voltage waveforms showing behavior of & peak-reading diode voltmeter 
when the input wave is a. modulated radio-frequency oscillation. 

less than the peak amplitude of the modulation envelope. This error in 
peak indication will be less the larger the quantity RIX, where X is the 
reactance of the diode condenser C at the modulation frequency, and R is 
the diode load resistance. For good peak action, RI X should preferably 
be over 150 (corresponding to about 2 per cent error for a fully modulated 
wave),l 

1 This is arrived at as follows: The curve abc in Fig. 1-18 follows the equation 
e = EIf.-IIRe. If now tjRC « 1, as is the case when the error is not large, then f.-lIRe 
can he replaced by 1 - (tIRC), giving e - E1(1 - tIRC). The average amplitude 
Eo of e during the interval from a, corresponding to t = 0, to c, corresponding to 
t = tt, is Eo =< Elf} - (td2RC)). Noting that if the interval ca is much shorter than 
the interval abc, then to a rough approximation It "'" 1// .. , where ! .. is the modulation 
frequency 

Error El - Eo t. 11" 11" 
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For RIX =- 150, the error becomes 0.02. 
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1-8. Effect of Frequency on Behavior of Diode Voltmeters. At very 
high frequencies the indication of a diode voltmeter will be in error as a 
result of partial resonance in the input leads, and because of the transit 
time of the electrons passing from cathode to plate. 

The equivalent input circuit of a diode voltmeter is shown in Fig. 1-19, 
and consists of lead inductance L and tube capacitance Cpl' These form 
a series resonant circuit, which causes the alternating voltage Ep/ actually 
existing between plate and cathode to differ from the applied alternating 
voltage E. When not too close to resonance the relationship ist 

Actual plate-cathode alternating voltage Ep, 1 
Applied alternating voltage 

� E � 1 - (flf,)' (1-6) 

where 1//, is the ratio of actual to series resonant frequency. The rela
tionship represented by Eq. (1-6) is plotted in Fig. 1-20 for the region 
below resonance. When the ratio f If, is appre
ciably less than unity, the fractional error is pro
portional to the square of the frequency, and is 
12.5 per cent at one-third the resonant frequency. 

The capacitance Cpl of the series resonant cir
cuit depends primarily upon the plate-cathode 
capacitance of the tube. The inductance L con
sists of the inductance of the cathode and plate 
leads inside and outside the tube, including the 
inductance of the probe commonly' attached to 
anode lead a in Fig. 1-13b. The resonant fre
quency f, for the Type 9005 acorn diode when 
mount.ed in a housing carefully designed to min
imize frequency effects, is about- 1000 Mc, while 
values up to about 2000 Mc can be obtained with 
specially designed very small close-spaced diodes. 

Cp! 

E 

c 
-'--:-�t 

By-pass fr> app/id 
o·c voltage E 

FIG. 1-19. A schema.tic 
diagram of diode input, 
indicating the inductance 
of the cathode and plate 
leads, and the plate
cathode capacitance. 

Thus the upper frequency limit possible in diode voltmeters without lead 
effects exceeding 10 per cent is about 700 Mc, while if ordinary tubes are 
used the upper frequency limit will be substantially lower than this. 

Transit-time Effects. Trans�t time at very high frequencies causes the 
diode voltmeter to indicate a potential less than the value actually exist
ing between cathode and plate.' Consider the situation in Fig. 1-21, 

1 This follows from the fact that the voltage ra.tio is 

Equation (1-5) results upon substitution of the relation (2rf,)1 :s l/LCp/. 
I Transit time also causes the input resistance of the diode voltmeter to become less 

and to depend upon the amplitude of the voltage being measured, 8.8 explained in the 
footnote OD page 18. 
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where it is assumed that when transit time is taken into account the 
diode condenser C in Fig. 1-13b charges to a potential Eo that is AE less 
than the peak value E of the applied wave. Consider now an electron 
leaving the cathode at some time such as tt; this electron is accelerated by 
a potential equal to the difference in voltage between Eo and the instanta-
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FIo. ]-20. A generalized curve showing effect of partial resonance in the input lead 
on tbe voltage actually appearing between the plate and cathode electrodes of a 
diode. 

neous value of the applied wave. Assume also that this particular elec
tron arrives at the plate just as it is slowed down to zero velocity. This 
time of arrival will be t" and the fact that the electron is able to reach 
the plate when the plate is less positive than Eo (i.e., plate negative with 
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wave 
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VoIIafJt: indicated 
by d/odt! 

FIG. 1-21. Diagram illustrating effects of transit time on the voLtage indicated by a 
peak-reading diode. 

respect to its cathode) is a result of the acceleration obtained earlier in 
the transit period. Electrons leaving the cathode during the interval to 
to t, reach the plate, but all electrons leaving the cathode at times subse
quent to tt, such as t�, start toward the plate but before they reach it 
are slowed down to zero velocity, and turned back toward the cathode. 
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Thus because of transit time only the electrons leaving the cathode in 
the interval 4Jtl reach the plate and are available to charge condenser C, 
whereas at low frequencies electrons leaving the cathode in the longer 
time interval to to t, reach the plate. The magnitude of !1E is accord
ingly less than when the transit is significant. This effect of transit 
time is sometimes referred to as "premature cutoff." Aa a result of it, 
the larger the transit time the lower will be the voltage to which the diode 
condenser C is charged, and hence the greater will be the error in the 
diode indication. Furthermore, since the velocity with which the elec
trons move is proportional to the square root of the voltages involved, 
the error will be greater the smaller the input voltage applied to the anode. 
Mathematical analysis verified by experiment shows that the transit

time error is given quantitatively by the relationl 

F . I !1E kX. ractlona error = E = 
. ID A vE (1-7) 

where k = constant that is approximately 1050 for cylindrical electrodes, 
and 2100 with plane electrodes 

X (:I = clearance between plate and cathode, cm 
E = peak amplitude of signal applied between cathode and plate 
A = wavelength, cm 

This relation is derived on the assumption that the error is small or mod
erate, and indicates that under these conditions the error is proportional 
to the frequency, and inversely proportional to the square root of the peak 
value of the applied signal. For the Type 9005 acorn diode tube the 
transit-time error for an input potential of 2 volts peak is about 6 per 
cent at 200 Mc. With ordinary tubes the transit-time effect wiU be con
siderably more serious than this, and even with specially designed close
spaced diodes it begins to be appreciable at about 500 Mc. 
lt will be noted that the transit-time error is of the opposite sign from 

the error introduced by the leads, and furthermore, the two vary with 
frequency according to different laws. Moreover, one of the errors varies 
with the amplitude of the applied voltage, while the other does not. The 
over-all result obtained with a close-spaced diode specially designed for 
voltmeter use is shown in Fig. 1-22;' the behavior of the acorn and other 
tubes is much inferior. When such a correction curve is available, the 

I This is from Loon S. Ncrgaard, Electrica.l Measurements at Wave Lengths Less 
than Two Meters, Proc. iRE, vol. 24, p. 1207, September, 1936. Equivalent results 
are also given by E. C. S. Mcgaw, Voltage Measurement a.t Very High Frequencies, 
Wirllless Eng., vol. 13, p. 64, February, 1>. 135, March, and p. 201, April, 1936, and 
C. L. Fortcscue, Thcrmionic Peak Voltmeters, for Use a.t Very High Frequencies, 
J. lEE (Wireless Sec.), vol. 10, p. 262, September, 1935. 

I This figure is adapted from information supplied by the Hewictt-Packard Com� 
pany. 
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useful frequency range of the diode voltmeter may be extended by per
haps one octave. However, at best the diode voltmeter is of little value 
for accurate measurement beyond 1000 Mc even when special close
spaced tubes are employed. 

Low-frequency Considerations. The low-frequency limit of a diode 
voltmeter is determined by the fact that the meter will read low when the 
frequency is so low that the potential across diode condenser C in Fig. 
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FIG. 1-22. Curve showing bebavior of a particular peak-reading diode at very high 
frequencies and indicating the contributions made by transit time and partial reso
nance in the input circuit to the resultant behavior. 

1-13b drops off appreciably in value between positive peaks as a result of 
leakage through resistance R. When the error from this source is not 
excessive (less than about 15 per cent), it is given approximately by the 
relation1 

Error in diode indication = Rix (1-8) 

I This follows from the fact that in the time I II of one cycle, the voltage across C 
decays by the factor e-IIICR due to leakage through R. When IlfCR is small, then 
e-i//CR ... 1 - (l/f,CR), and the average loss in voltage is 

1/2jCR - ./2.jCR - ./(R/X) 



I . 
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where RIX is the ratio of resistance R (see Fig. 1-13b) to the reactance of 
condenser C at the input frequency. It will be noted that this result i8 
identical with Eq. (1-5), and that if the error is not to exceed about 2 per 
cent., tL,en R/X mwst be not less than 150. 

It is a. simple matter to realize circuit proportions that will keep the 
error as calculated by Eq. (1-8) to a negligible value at frequencies well 
below 60 cycles. It is thus possible to design diode voltmeters so that 
they can be calibrated at 60 cycles, and used with the same calibration 
for all frequencies up to 200 Mc. However, the large capacitance C 
required to obtain good behavior at low frequencies is commonly of 
sufficient physical size to lower appreciably the series resonant frequency 

I r· I I 
t-CQlhod� follower • t" Res/shnce·coupled Qmpl/fi'er---''i'I-Recft�'er4 
I input 1 I (:In" meter I 
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FIG. 1-23. Schematic diagram of amplifier-rectifier type of vacuum-tube volt.meter. 

of the input circuit (see Fig. 1-19). Accordingly, diode voltmeters are 
sometimes arranged so that two values of capacitance can be used, a large 
value for low frequencies and when low-frequency calibrations aTe being 
made, and the other, a much smaller capacitance with a correspondingly 
shorter probe and smaller housing, for use when making measurements 
at very high frequencies. 

1-9. Amplifier-Rectifier Type of Vacuum-tube Voltmeters. The 
fundamental features of an amplifier-rectifier vacuum-tube voltmeter 
have already been indicated in Fig. 1-12b. Briefly, tbe voltage to be 
measured is amplified, and then rectified, and the resulting direct current 
taken as a measure of the vol tage. 

A circuit diagram illustrating the principal features usually incor
porated in practical amplifier-rectifier voltmeters is shown in Fig. 1-23. 
Here the amplifier system consists of a cathode-follower input tube 
followed by two stages of resistance-coupled amplification designed to 
amplify uniformly over a wide frequency band. The amplifier output 
delivers a current I to a rectifier, which in Fig. 1-23 is a full-wave rectifier 
employing a double diode; in other cases a crystal rectifier is employed, 
and also half-wave rectification is sometimes used. The current J 
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delivered by the amplifier output to the rectifier system is passed through 
resistance R, thereby developing a voltage in the cathode circuit of the 
first resistance-coupled stage that is proportional to the current I. This 
introduces negative feedback of a character such as to make the current I 
faithfully reproduce tbe voltage E that is delivered to the resistance
coupled amplifier by the output of the cathode-follower input stage. As 
a result of this negative feedback, together with the negative feedback 
that is implicit in the cathode-follower connection, the calibration of the 
entire system is substantially independent of supply voltage, tube charac
teristics, and of circuit constants except for the particular resistance R 
that produces the negative feedback. The use of negative feedback also 
makes the sensitivity almost completely independent of frequency over a 
much wider range of frequencies than would otherwise be the case. 

The amplifier-rectifier type of instrument is very suitable for measuring 
voltages, at audio and video frequencies. An arrangement such as 
illustrated in Fig. 1-23 will give full-scale deflection for input voltages of 
the order of 10 to 30 mv; the sensitivity can be reduced by taps on the 
cathode resistor of the cathode-follower stage as shown, and by external 
multipliers of the input to the cathode-follower stage. Amplifier
rectifier instruments are typically designed so that the calibration is sub... 
stantially independent of frequency up to values of the order of 1 to 5 Mc. 
At the very highest frequencies it is often found desirable to arrange the 
cathode-follower input tube in the form of a probe, as in the caSfr of the 
diode peak voltmeter at high frequencies. 

When the voltage being measured is a distorted wave shape, the 
behavior of the amplifier-rectifier instrument is the same as that of a 
copper-oxide rectifier, and so corresponds to the linear case in Table 1-1 
(page 10). This behavior is obtained by making the load impedance in 
the rectifier output a resistance that is substantially constant up to the 
highest frequency that is being rectified; in Fig. 1-23 this means making 
the resistances RI and R2 small enough so that the stray shunting capaci
tances have negligible by-passing action at the highest frequency of 
measurement. 

1-10. Vacuum-tube Voltmeters Employing Plate Rectification. Plate 
rectification (pJate detection) using a triode tube is sometimes employed 
in vacuum-tube voltmeters instead of a diode rectifier. A typical circuit 
arrangement of this type is illustrated in Fig. 1-24a. Here tbe curvature 
of the plate-current grid-voltage characteristic of the tube causes the d-c 
current to change by an amount which is a measure of the applied voltage. 
This change in plate current is indicated by a d-c milliammeter in the 
plate circuit, which is well by-passed to all a-c components. The steady 
plate current flowing through the milliammeter when no signal is applied 
is customarily balanced out so that the full scale of the instrument is 
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available for reading change in plate current. Means of doing this are 
shown in Fig. 1-24d and e. 

The characteristics of a plate-rectifier type of voltmeter depend upon 
the circuit adjustment, and upon the amplitude of the applied signal. 
If tbe control grid bias is a fixed value independent of plate current (not 
derived from a bias resistor), and is appreciably less than the grid bias 
required to cut off the plate current, as in Fig. 1-25a, then the change in 
plate current produced by an applied voltage that is not too large, is 
almost exactly proportional to the square of the effective value of the 
applied voltage. Such action is termed full-wave square-law action, and 
results because the tube characteristic over a limited range of grid voltage 
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FIG. 1-24. Typica.l vacuum-tube voltmeter circuits employing plate recti6cation. 

can be approximated by a parabola. Under these conditions, harmonics 
in the applied wave affect the indication in proportion to the contribution 
of the harmonics �o the square of the effective value [see Eq. (1-I)J. The 
phase of the harmonics has no effect on the reading, and no turnover 
effect is present when the polarity of the applied voltage is reversed. 
Further details of behavior are given in Table I-I (page 10). 

If the grid bias of a plate rectifier is so chosen that the operating point 
approximates plate current cutoff, as is shown in Fig. 1-25b, then the 
negative half cycles of the applied voltage are entirely suppressed and 
have no effect. The change in plate current, the " rectified " current, 
accordingly depends only upon the positive half cycles of the wave. If 
the amplitude is not too great, the rectified current will be proportional to 
the square of the effective value of the positive half cycles, giving half-
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wave square-law action. When the applied voltage contains harm'onies, 
the phase as well as the amplitude of the harmonics will affect the read
ing, and turnover is also present, as indicated in Table 1-1 (page 10). 

It the grid bias is made greater than cutoff, as shown in Fig. 1-25c, then 
plate current flows only at the positive peaks of the applied voltage, and 
the instrument tends to become a peak voltmeter. 
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FrG. 1-25. Voltagc and current relations in plate-rectifier voltmcters adjusted to give 
different types oC action. 

The calibration curve of full-wave and half-wave square-law volt
meters is a straight line when plotted on log-log paper, as shown in Fig. 
1-26. This fact can be used to obt.ain a complete calibration curve from 
a relatively small number of points; also departure of the curve from a 
straight line gives a simple means of indicating when the behavior ceases 
to be of the square-law type. 

Other possible plate-rectification circuits include a self-biased system, 
as illustrated in Fig. 1-24b, and an arrangement with a high resistance in 
series with the plate milliammeter, as illustrated in Fig. 1-24c. Although 
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both of these arrangements have calibration curves that tend to be Enear, 
they have the disadvr.ntage that with large applied potentials they tend 
to be peak devices. This results from the fact that the large increase in 
d-c plate current produced by a large applied signal increases the bias in 
Fig. 1-24b, and reduces the voltage actu-
ally at the plate of the tube in Fig. 1-24c, 
to such an extent that the effecti ve operat- 5001--+==:'---=-0-9"--1 Perf'ecf--t, 
ing point corresponds to a condition that .squl7f't! law 'Actual 
is beyond cutoff, as in Fig. 1-25c. chart7Ckns. . o 

The maximum sensitivity obtainable :l 
with vacuum-tube voltmeters in which � IOOI--+-,f----jI---j plate current flows in the absence of an 3 
applied voltage, such as the full-wave il soJ--¥-----I .. 
square-law type, is limited by the stability '" 

� 
that can be achieved in balancing out the a:: 
quiescent d--c plate current from the 
meter. This is because the less the cur
rent change that is to be measured, the 
more precise must be the balance of the 
initial current. Otherwise the deflection 
in the absence of a signal will drift appre
ciably from zero in comparison with the 
amplitude of the deflection produced by 
the signal. The chief difficulty in main
taining an accurate zero balance comes as 

r°o.s�-f,r.o;-----.1s.o;------' 
Applied signal (rms volts) 

Fm. 1-26. Calibration curve of 
plate-rectifier type of va.cuum
tube voltmeter, illustrating how 
departure from square-law action 
can be readily deteeted by 
plotting the calibration on a log
log scale. 

a result of variations in the tube voltages, although variations in the tube 
characteristics either through aging, or merely as a result of l e  warming 
up " of the tube, are also troublesome. It is accordingly important that 

Volfmefer. 
fube 

Balancing 
tube 

all voltages applied to a vacuum-tube 
voltmeter of this type, including fila
ment as well as plate, bias, and bal
ancing voltages, be carefully regulated. 

M It is also helpful to employ circuit ar
rangements that are inherently stabi
lized against voltage changes. Thus 
it is possible to balance out the plate 

FIG. 1-27. A simple d-c voltmeter 
circuit employing a bala.ncing tube. 

current by means of a similar auxiliary 
tube that is affected in the same way by 
supply-voltage changes, tube warm-up, 

etc., as is the voltmeter tube. This is illustrated schematically in Fig. 1_27.1 

1 For an example of a more elaborate balancing arrangement see C. WiIliamson and 
J. Nagy, Push-pull Stabilized Triode Voltmeter, Rev. Sci. imtruments, vot. 9, p. 270. 
September, 1938. 
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It is customary to employ triode tubes in vacuum-tube voltmeters of 
the plate-rectification type. If pentodes are used, they are preferably 
reconnected as triodes, since the pentode connection gives no advantages 
and adds complications. The amplification factor of the tube is not 
important beyond the fact that with a given grid bias (which defines the 
peak amplitude that the applied signal may have without grid current 
flowing), the required plate-supply voltage is less the smaller the ampli
fication factor. If high sensitivity to a small applied signal is desired, the 
tube should have a high transconductance in proportion to d-c plate cur
rent, such as characterizes tubes designed for video-frequency or wide
band radio-frequency amplification. 
The practical high-frequency limit of a plate-rectifier type of vacuum

tube voltmeter is determined by the fact that the input conductance 

�--+-{v 
H (+) 

( 0 )  Triode type 
FIG. 1-28. Schematic diagram of slide· back vacuum-tube voltmeters. 

becomes excessively high at very high frequencies, as a result of transit
time effects and cathode lead inductance. This behavior is analogous to 
that encountered in amplifier tubes at corresponding frequencies, except 
that if the vacuum-tube voltmeter is biased at or beyond cutoff, the 
transit-time effects, and hence the input conductance, will also depend 
upon the amplitude of the voltage being measured. 
As compared with diode voltmeters, plate-rectifier voltmeters have the 

advantage that they can be so operated as to draw no power from the 
applied voltage ; also, they can be made to follow a square law with 
accuracy, which is sometimes but not always preferred. At the same 
time the high-frequency limit of plate-rectifier arrangements is ordinarily 
poorer, they are less stable as a result of requiring careful balance of the 
quiescent d-c plate current, and they require more frequent recalibration. 

1-11. Slide-back Vacuum-tube Voltmeters. Typical examples of 
slide-back vacuum-tube voltmeters are shown in Fig. 1-28. The triode 
type of slide-back voltmeter, illustrated in Fig. 1-28a, consists of a plate
rectifier voltmeter provided with an adjustahle grid bias that is read by 
voltmeter V. In the absence of signal, this bias is adjusted so that the 
plate current is reduced to a few microamperes as indicated on the meter 
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M. The voltage to be measured is then applied to the grid of the tube, 
and the negative bias on this grid is increased until the d-c current in the 
plate circuit is again reduced to a few microamperes. The peak ampli
tude of the positive hall cycle of the applied wave is very closely equal to 
the increase in the bias" 

A slide-back arrangement employing diode rather tban plate detection 
is illustrated in Fig. 1-28b. Here the current indicated by meter M in the 
absence of an applied signal is very small, representing only the current 
flowing to the plate as a result of emission velocity. Wh.en a voltage is 
applied, tbe bias voltage is adjusted until the current through meter M is 
reduced almost to zero. The peak amplitude of the applied voltage is 
then assumed equal to the reading of voltmeter V.' 

I f 
Trough volfaqe 
to be measured 
(0) WeAve consistinq of alter· 

noting lJoltage superim
posed on a direct volt�ge 

a ('-·---_--, 

Volfage 
wave 

b +---I�---1 

H 1 1 1 1 1, 1 1 1 1 1 1 1 1  
(b) T rotJ�h meter for deter-

mining minimum . 

positive voltage 
FIG. 1-29. Trough meter for reading trough value of a pulsating positive wave. 
Note tha.t battery polarity has been reversed from that in Fig. 1-28b. 

It is to be noted that the slide-back voltmeter will correctly indicate 
the peak amplitude of pulses if the meter M is quite sensitive. 

A modification of the diode slide-back voltmeter arranged to measure 
minimum positive voltage of an alternating wave superimposed on a 
larger d-c voltage, is illustrated in Fig. 1-29. This arrangement, which 
can be termed a H trough 11 meter, is operated in the same manner as the 

1 The voltages indicated by a slide-back voltmeter are slightly low by an amount 
tha.t becomes less the larger the a.pplied signal and the sharper the cu�fT characteris
tics of the tube. If the initial plate current is only a few microamperes, and the applied 
signal is relatively large, the error is then quite small. A detailed analysis of this 
situation, which includes means of determining this error, is given by C. B. Aiken and 
L. C. Birdsnll, Sharp Cu�fI in Vacuum Tubes with Applications to the Slide-back 
Voltmeter, Tran8. A/EE, vol. 57, p. ]71,  April, ]938. 

I A modification of this arrangement, in which the slide-back bias is obtained auto
matically by amplification of the rectified output of the diode, is described by C. J. 
Creveling and Lconard Mautner, An Automatic Slide-back Peak Voltmeter for 
Measuring Pulses, Proc. IRE, vol. 35, p. 208, February, 1947. 
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diode slide-back voltmeter of Fig. 1-28b, but because of the reversal of bias 
polarity, and the interchange of cathode and plate, the voltage indicated 
is now the minimum positive voltage of lead a with respect to lead b. 

1-12. Logarithmic Vacuum-tube Voltmeters. The term logarithmic 
is applied to a vacuum-tube voltmeter when the current or voltage pro
duced in the indicating instrument by an applied voltage is proportional 
to the logarithm of the applied voltage. Such a characteristic leads. to a 
linear decibel scale for the indicating instrument, and therefore finds 
numerous practical uses. 

(a) 

Inpuf 

Cb) 

,Variable-mu IU�J , r-�'�r,--, /O/ode 

• E B "--:_±_ :------1....-'1, 
A V.C. \ 

, 
Ou/pu! me/er carrying' 

currenf approximo/ely 
proportional fo logarilhm 
of Ji"Jpul volfoge 

Diode defeclor 

us ing vari'a 
mu fubes 

Oulpu/�/er 
r-,------, qf d-c amplifter 

FIG. 1-30. Logarithmic vacuum-tube voltmeters. 

There are three prjncipal methods used for obtaining a logarithmic 
characteristic.' The first of these is illustrated schematically in Fig. 
1-30a, and is particularly suitable where the input voltage is too small to 
be measured directly, as in field-strength recorders, sound-intensity 
measurements, etc.' Here the voltage to be indicated is passed tbrough 

1 Still another principle that can be used to give logarithmic indication consists in 
utilizing each positive crest of the voltage being measured to initiate an exponentially 
decaying wave that has an initial amplitude proportional to the peak amplitude to be 
measured. The output meter indicates the time it takes this exponential wave to 
decay to a convenient and arbitrarily selected amplitude. Because of the properties 
of the exponential curve this time is proportional to the logarithm of the initial ampli
tude, and hence to the peak of the wave being measured. Apparatus for carrying out 
these operations is described by A. W. Nolle, Electronic Circuit as Logarithmic 
Response, Electronics, vol. 21, p. 166, September, 1948. 

I For more information see H. A. Wheeler and V. E. Whitman, Acoustic Testing of 
High-fidelity Receivers, Proc. IRE, vol. 23, p. 610, June, 1935; S. Ballantinp.. High 
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an amplifier consisting of several stages of variable-mu tubes. Tbe 
amplified output is then rectified and used to develop an automatic 
volume control bias for the grids of the variable-mu tubes. The relation
ship obtained between input voltage and the rectified current in the 
automatic volume control of such a system can be made reasonably close 
to logarithmic over a range of amplitudes up to 60 db if the automatic 
volume control operates on several tubes. 

A second form of logarithmic voltmeter is illustrated schematically in 
Fig. 1-30b, and is particularly suitable for large input voltages. Here a 
diode (or other type) rectifier is used to develop a d-c voltage proportional 
to the peak input voltage. This rectified output or a fraction of it, is then 
amplified by a d-c amplifier employing a variable-mu tube. A logarith
mic characteristic over a 20-db range can be obtained in this way, with 
still greater logarithmic range obtainable by employing auxiliary tubes to 
introduce a correcting nonlinearity in the amplifier.1 

The third type of logarithmic voltmeter makes use of the fact that the 
velocities of the electrons emitted from a hot cathode are distributed 
according to the Maxwcllian law. As a result, when the plate current 
of a diode tube is sufficiently small (typically not over 10 to 100 �a), 
the actual difference in potential between plate and cathode resulting 
from the passage of a current I is related to the voltage drop E across the 
tube according to the equation 

E � A - B log" I (1-9) 

where A and B are constants.' It is clear that if a direct current pro
portional to the amplitude of whatever is to be measured is passed through 
the tube under conditions where Eq. (1-9) applies, then the voltage 
developed between plate and cathode of the tube as a result of the passage 
of this current will vary exactly in proportion to the logarithm of the cur
rent. Moreover, because the logarithmic characteristic is controlled by a 

Quality Radio Broadcast Transmission and Reception, Pr<x;. IRE, vol. 35, p. 618, 
June, 1935; K. R. Sturley and n. P. Skipway, A Visual Selectivity Meter with a Uni
form Decibel Scale, J. lEE, vo!. 87, p. 189, 1940 (Wireles8 Sec., J. lEE, vol. 15, p. 
215, September, 1940). 

I J. P. Taylor, A D-C Amplifier for Logarithmic Recording, Electronics, vol. 10, p. 24, 
March, 1937; F. V. Hunt, A Vacuum-tube Voltmeter with Logarithmic Response, 
Rev. Sci. Instruments, vol. 4, p. 672, Deccmber, 1933. 

. 

, The constant B, which controls the logarithmic behavior, is given by the relation 
B = 690(kT/e), where k is Boltzmann's constant, T is the absolute temperature, and 
e is the change of an electron. This constant accordingly always has the same value 
for the same cathode temperaturc, irrespective of type of cathode, cathode emission, 
tube geometry, etc. The constant A on the other hand depends upon such factors as 
tube geomctry, cathode emission, and contact potential between plate and cathode, 
but its value does not affect t.he logarithmic nature of the current characteristic. 
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fundamental physical law, it is constant and predictahle. Under prac
tical circumstances the logarithmic relationship can be maintained almost 
ideally over a range of 40 db, and approximated rather well over a range 
of 100 db.' 

1-13. Crystal Voltmeters and Galvanometers.' A silicon or germa
nium crystal rectifier has properties similar to those of � diode, and so can 
replace the tube in a diode type of vacuum-tube voltmeter. 

Such a crystal voltmeter, moreover, has certain advantages over the 
corresponding diode arrangement. The performance at very high fre
quencies is superior because of the very small transit-time effects in the 
crystal even at the highest radio frequencies, and because the small 
physical size of the crystal in relationship to its input capacitance results 
in the resonant frequency of the input system being higher than when a 
tube is employed. In addition the crystal does not have a cathode that 
needs to be heated, and which as a result of velocity of emission produces 
some plate current even in the absence of an applied signal. The crystal 
also is a more effective rectifier of very smaH input voltages, since for a 
crystal the curve of current as a function of applied voltage has a greater 
curvature for small applied voltages than does the corresponding diode 
characteristic. At the same time the crystal has a number of disad
vantages; its characteristics are appreciably affected by ambient tem
perature, its characteristics vary more from crystal to crystal than do tube 
characteristics from tube to tube, and most important of all, a crystal 
suffers permanent damage if severely overloaded even momentarily. 

A crystal voltmeter of the peak-reading type, using a circuit such as 
shown in Fig. 1-13b but with the tuhe replaced hy a crystal, possesses an 
input resistance approximately one-third the Hback" resistance of the 
crystal, or typically from 5000 to 30,000 ohms. The frequency at which 
partial resonance in the input lead becomes significant is commonly 50 to 
lOO per cent greater than for the corresponding diode type of instrument. 
Accurate measurements can be made at still higher frequencies by employ
ing a simple curve giving the correction for lead effects. In addition a 
crystal voltmeter will accurately indicate relative voltages well above the 
resonant frequency of the probe assembly ;  this is not the case ,,�th the 
corresponding diode instrument because the latter possesses transit-time 
effects which depend upon the amplitude of the applied signal. The 

I Logarithmic voltmeters based on this principle are described by R. E. Meagher 
and E. P. Bentley, Vacuum-tube Circuit to Measure the Logarithm of 8. Direct Cur
rent, Rev. Sri. Instruments, vol. 10, p. 336, November, 1939; Waiter J. Ives, Logarith
mic Scale Noise Meter, Eleclronic8, vC!l. 22, p. lOO, August, 1949. 

I For further information sce Arnold Peterson, A Peak-reading Voltmeter for the 
U-H-F Rangcs, Gen. Rad. Expt., vol. 21, p. I, October, 1946; Vacuum-t.ube and Crystal 
Rectifiers as Galvanometers and Voltmekrs at Ultra-high Frequencies. Gen. Rad. 
Expt., vol. 19, no. 12, p. I, May, 1945. 
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range of input voltage. handled most satisfactorily by a crystal voltmeter 
is between 0.1 and 2.0 volts. When the applied potential is of the order of 
10 volts or more, a multiplier or attenuator must be used on the input 
side to reduce the voltage actually applied to the crystal to a safe value. 
When the input voltage to a crystal voltmeter is small, as for example a 

few hundredths of a volt, the rectified current is proportional to the square 
of the effective value of the applied signal. This full-wave square-law 
type of rectification behavior results from the fact that over a small range 
of voltage, the voltage-current characteristic of the crystal (see Fig. 1-31) 
can be approximated by a section of a parabola. By using a sensitive 
microammeter to indicate the rectified current under these conditions, it 
then becomes possible accurately to compare power associated with 
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FIG. 1-31. Typical relationship existing between applied voltage and resulting cur
rent in a crystal rectifier. 

different input voltages, since power is proportional to the square of the 
effective value of the voltage. The maximum voltage that may be 
applied to a crystal and still obtain square-law behavior is affected by the 
internal impedance of the source of power exciting the crystal, by the d-c 
impedance encountered by the rectified current, and by the characteristics 
of the individual crystal. 1 In some instances the square-law relationship 
is maintained for inputs up to several tenths of a volt, or for rectified 
current in excess of 100 Io'a. 
Crystal rectifiers operated under square-law conditions can be expected 

to have an input resistance that is quite low, typically 1000 ohms or less. 
This is in contrast with the much higher input resistance of the peak
reading type of crystal voltmeter, where the combination of large input 
voltage and high d-c resistance encountered by the rectified current, 
accounts for the difference. 

1 For further discussion see R C. Robbins and F. W. Black, An Investigation into 
the Use of Crystal Rectifiers for Measuring and Monitoring Purposcs, J. lEE (Radio
location Conv.), vol. 93, pt. IIIA, p. 1343, March-May. 1946. 



CHAPTER 2 

POWER 

2-1. Power Measurements. The importance of power measurements 
depends upon the frequency. At most radio frequencies it is ordinarily 
easier and more convenient to measure voltage, current, and impedance 
than it is to measure power. Under these conditions the direct deter
mination of power is of only limited importance. On the other hand, at 
microwave frequencies, voltage, current, and impedance are difficult to 
determine, may differ greatly at slightly different points in a circuit, and 
are appreciably affected by small changes in geometry. Accordingly at 
the highest radio frequencies, the most significant quantity is the power, 
the measurement of which then becomes of primary rather than second
ary importance.1 

The measurement of power at audio and radio frequencies may be 
approached in a number of ways. One common method consists in 
determining the circuit resistance and then measuring the current that 
flows through this resistance, thus obtaining power as ]'JR. When the 

circuit consuming the power is a resistance without a series reactive 
component of impedance, one can alternatively measure voltage across 
the circuit instead of current in the load, and then obtain power from the 
relation P = E'/R, instead of as l'R. These methods of determining 
power from a knowledge of resistance and current (or voltage) are widely 
used to measure the power output of oscillators and radio transmitters. 
The idea is to substitute for the normal load a specially designed resistor 
having low reactance and low skin effect, and able to dissipate large 
amounts of energy. Such resistors are commonly called dummy loads, 
or dummy antennas, and are available commercially in a variety of 
types (see Sec. 14-6). 

Another widely used power-measuring technique is to convert the 
power to be determined into heat, and then to observe the resulting 
temperature effects. When large amounts of power are involved, this 
method usually takes the form of a water calorimeter (see Sec. 2-3) ,  
while with small amounts of power some form of bolometer is customary 
(see Sec. 2-2). 

1 The transition region where one shifts to power measurements is of the order of 
100 to 300 Mc. This is discussed by T. I. Jones and F. M. Colcbrook, J. lEE (Radio 
Sec.), vol. 95, pt. lII, p. 315, September, 1948. 

40 
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Many additional methods have been proposed for measuring power. 
These include the use of a cathode-ray tube so connected as to trace a 
pattern having an area proportional to power per cycle,l the use of a 
multigrid vacuum tube so operated that when potentials proportional, 
respectively, to current and voltage are applied to different grids the 
rectified plate current is an indication of power,1 two square;law devices 
such as thermocouples3 or full-wave square-law vacuum-tube voltmeters.f. 
combined in such a manner as to indicate power, and the three-ammeter 
method of power indication. While all of these methods will measure 
power accurately, most of them find little 
practical use, and in the main merely 
represent interesting laboratory stunts. 

A possible exception to this is the 
three-ammeter method, which is some
times used to measure transmitter power. FIG. 2-1. Three-ammeter shunt

The circuit arrangement is given in Fig. reactance method of measuring 

2-1. An analysis shows that the power power. 

flowing past the measuring point toward the load is given by the relationS 

Watts � 2X, yS(S 1.)(S I.)(S 

where Xc = reactance of shunt condenser, ohms 
IQ, [�, le = currents in the three meters (see Fig. 2-1) 

S � I. + 1. + I, 
2 

(2-1) 

The best accuracy is obtained when the reactance X, of the shunt con
denser is of the same order of magnitude as the load impedance. The 
accuracy becomes poor when the load is highly reactive. 

1 See A. Hoyt Taylor, the Measurement of Radio-frequency Power, Proc. IRE, 
vol. 24, p. 1342, October, 1936; Harris J. Ryan, A Power Diagram Indicator for High 
Tension Current, Tram. AlEE, vol. 30, pt. H, p. 1089, 1911. 

• M. A. H. El-Said, Electronic Wattmeter Circuits, Proc. IRE, vol. 37, p. 1003, 
September, 1949; John R. Pierce, A Proposed Wattmeter Using Multi-electrode 
Tubes, Proc. IRE, voL 24, p. 577, April, 1936; Raymond J. Wey, A Thermionic Watt
meter, Wirelus Eng., vol. 14, p, 490, September, 1937 . 

• G. Pession and T. Oorio, Measurement of Power and Efficiency in Radio Trans
mitting Apparatus, Proc. IRE, voL 19, p. 377, March, 1931; George H. Brown, J. 
Epstein, and D. W. Peterson, Direct-reading Wattmeters for Use at Radio Frequencies, 
Proc. IRE, vol. 31, p. 403, August, 1943 . 

.. For further information see E. O. Peterson, U.S. Patent 1,586,553; H. M. Turner 
and F. T. McNamara, An Electron Tube Wattmeter and Voltmeter and a Phase
shifting Bridge, Proc. IRE, voL 18, p. 1743, October, 1930; L. P. Mailing, Electronic 
Wattmeter, Electronia, vol. 18, p. 133, November, 1945. 

i For further discussion, a.nd for derivation of this relation, see P. M. Honnel and 
E. B. Ferrell, The Measurement of Harmonic Power Output of a Radio Transmitter, 
Proc. IRE, vol. 22, p. 1181, October, 1934; J. L. Hollis, Measuring R-F Power with 
Three Ammeters, Electronics, vol. 18, p. 142, June, 1945. 
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A very simple method of measuring power approximately with a 
minimum of equipment is illustrated in Fig. 2-2. Here the alternating 
power to be determined is passed through some form of rectifier and filter, 
and the resulting cl-c power on the output side of the rectifier-filter com
bination is determined by ordinary methods. 1 If the power being 
handled is not too small, and if the rectifier tube has a plate-cathode 
resistance while conducting that is small compared with the d-c load 
resistance, then the d-c power will be only slightly less than the radio
frequency power absorbed by the device. 

Power lo be 
measured 

r---Filler -----+1 
I 

Load 
reslslgnc� 

FIG. 2-2. Diagram showing method of converting alternating power to be measured 
iD-to d-c power consumed in a load resistance. 

2-2. Power Measurement by the Bolometer Method.' In the bolome
ter method. the unknown power is absorbed in a specially constructed 
bolometer element of resistive material. The resultant temperature rise 
is then detected by measuring the change in bolometer resistance by 
means of an auxiliary bridge circuit. Powers ranging from a few micro
watts to a fraction of a watt are commonly measured in this way. 

I P. M. Honnel, R-F Power Measurementa, Electronics, vol. 13, p. 21, January, 1940. 
, Comprehensive discussions of details and refinements of the bolometer method 

can be found in the literature. Thus see Chap. 3 of uTechnique of Microwave 
Measurements " (Vol. 11,  Radiation Laboratory Series), McGraw-HiU Book Com
pany, Inc., New York, 1947; also " Very High Frequency Te9hniques," Radio Research 
Laboratory Sta.ff, McGraw-HiIl Book Company, Inc., New York, 1947, Vol. 2, pp. 593, 
1023. The following journal artjcles are helpful: F. J. Gaffney, Microwave Measure
ments and Test Equipments, Proc. IRE, vol. 34, p. 755, October, 1946; Theodorc 
Moreno and Oscar C. Lundstrom, Microwave Power Measurements, PrO(;. IRE, 
vol. 35, p. 514, May, 1947; B. BIeaney, Radio-frequency Power Measurement by 
Bolometer Lamps at Centimetre Wavelengths, J. lEE (Radiolocation Conv.), vol. 93, 
pt. IlIA, p. 1378, March-May, 1946; E. M. Hickin, Bolometers for V.H.F. Power 
Measurement, Wirele88 Eng., vol. 23, p. 308, November, 1946; John Collard, The 
Enthrakometer, An Instrument for the Measurement of Power in Rectangular Wave 
Guides, J. lEE (Radiolocatinn Conv.), vo!. 93, pt. IIIA, p. 1399, March-May, 1946; 
G. F. Gainsborough, Some Sources of Error in Microwave Milliwattmeters, J. lEE 
(Radio & Co-mm.), vol. 95, pt. HI, p. 229, July, 1948. 

The bolometer method was onc of the earliest means used for the detect.ion of radio
frequency energy, but then became largely superseded by methods using the thermo
couple ammeter and vacuum-tube voltmeter as described in the preceding sections. 
With the relatively recent expansion of activity into the microwave region the bolome
ter has again come into common use) as it has advantages at extremely high frequencies. 

• 

• 



• 

• 
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A typical arrangement for a bolometer power measurement is shown in 
Fig. 2-3. Here the radio-frequency power enters from a coaxial line, 
with a short tapered section to transform the line impedance to that of 
the bolometer. A quarter-wave stub provides a ground return for the 
bolometer bridge connection, but does not influence the radio-frequency 
portion of the circuit. The by-pass capacitor provides a return for the 
radio-frequency currents and an insulated connection to the bolometer. 
The resistance change in the bolometer is measured with the bridge 
ABCD, in which the arm CD is supplied by the resistance of the bolometer 
element. The bridge is excited simultaneously by direct current from 
the voltage E and by an alternating voltago of audio (or quite low radio) 
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FIG. 2-3. Typical bolometer power-measuring arrangement for coaxial system, using 
manually adjusted bridge of the balanced type. 

frequency.l.2 Thus the bolometer element is simultaneously heated by 
d-c power, audio-frequency power, and the radio-frequency power being 
measured. However, the resistance of the bolometer is dependent upon 
the total power and is independent of where this power comes from. 

To measure radio-frequency power with the arrangement of Fig. 2-3, a 
nominal voltage is applied from the audio supply, superimposed upon the 
radio-frequency power being measured. The direct current from voltage 
E is next adiusted hy rheostat R until the heating of the bolometer causes 

1 The frequency of t.his supply must. be high enough 80 that the bolometer resistance 
will not vary appreciably 88 the alternating current varies during a single cycle. With 
bolometers of the thermistor type the thermal lag is 80 great that frequencies as low 
as 60 cycles are often satisfactory; however, with the barretter type element a high 
audio or low radio frequency ordinarily must be employed . 

I When two sources of power are applied to a bolometer bridge, the one that is not 
used to detect balance in the neutral arm is said to be a bias supply. The bias supply 
is for the purpose of controlling or biasing the operating conditions, and hence resist
ance, of the bolometer element. 
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its resistance to have the value required to balance the bridge, as indicated 
by the galvanometer G. The radio-frequency power is then turned off, 
which unbalances the bridge because of the change in resistance of the 
bolometer as a result of less heating. Balance is restored by increasing 
the amount of power from the audio-frequency supply. Since the bolom
eter resistance depends upon the total power dissipated in it regardless 
of frequency, the radio-frequency power being measured is exactly equal . to the audio-frequency power that must be added to rebalance the bridge. 
If the voltage from the auxiliary supply is VI before the radio-frequency 
power is turned off, and is V 2 after the second balance, the radio-frequency 
power! is (V22 - V12)/4R1• For greatest accuracy the audio power 
initially supplied to the bolometer element should not be large compared 
with the radio-frequency power being measured. In some cases it is 
convenient to make V 1 = o. 
It is generally desirable to shield the lead from the bolometer to the 

bridge, and also the bridge and the bridge accessories, as shown in Fig. 
2-3. This prevents the possibility of stray fields (of either audio or radio 
frequency) from coupling energy into the system in a way that would 
impair the accuracy. This is especially important when the power being 
determined is a few microwatts, since then even a very slight amount of 
spurious energy reaching the bolometer will introduce a large error. 

The Bolometer Element and Bolometer Mount. The principal com
ponent parts required in a bolometer measurement are (\) the bolometer 
element itself, (2) the mount, i.e., the means for coupling the radio
frequency power to the bolometer element, and (3) the auxiliary bridge 
circuit required for detecting the change in resistance of the bolometer 
element. The same bridge circuit may be used in a variety of measuring 
systems, and several types are commercially available. Likewise a 
variety of bolometer elements is commercially available. The mount, 
on the other hand, is most often "tailor-made" for each specific radio
frequency-measurement application. 
The word bolometer embraces two subdivisions, viz., barretters,2 which 

are normal resistive elements with a positive temperature coefficient of 
resistance, and thermistors,3 which are compounded of metallic oxide 
materials possessing a negative temperature coefficient. The barretters 

1 If the resistance of the bolometer element at the balance condition is equal to 
R" then the powcr delivered by the audio supply to the bolometer element is V1/4R1• 
The change in this audio power to compensate for turning off the radio-frequency 
power is then obviously (V21 - VI')/4R1o 

t " Technique of Microwave Measurements," ap. cil., pp. 156-169 . 
• "Technique of Microwave Measurements," ap. ea. ,  pp. 89-103j J. A. Becker, C. B. 

Green, and O. L. Pcarson, Properties and Uses of Thermistors, Trans. A lEE, vo!. 65, 
p. 711, November, 1946j O. L. Pearson, The Physics of Elcctronic Semiconductors, 
Elec. Eng., vol. 66, p. 638) July, 1947. 
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can, in the simplest cases, be short lengths of fine wire, such as instrument 
fuses,l or metallized film resistors. For special applications the indi
vidual laboratory worker can easily fabricate his own barretter, using 
Wollaston wire. For a given sensitivity the barretter tends to be less 
rugged than the thermistor, but has the advantage of operating at a higher 
temperature, thereby being less sensitive to changes in the temperature of 
the surroundings. 
The thermistor, while suffering the disadvantage of operating at lower 

temperatures, and thus usually requiring some compensation against 
ambient temperature changes, tends to be less susceptible to burnout due 
to overload, and is somewhat stronger mechanically. It consists of a 

Protective glass hOtJsing 
(sometimes omitted if 
movntinq space limded) 

��� oxides 

FIG. 2-4. Thermistor construction (bead type). 

very small bead of the special thermistor material that joins the two ends 
of the contact wires as in Fig. 2-4. The whole assembly is then usually 
mounted in a protective envelope, as shown. 
Thermistors and barretters are both in widespread use, and there seems 

to be no clear-cut preference between them. During the Second World 
War the thermistor was more widely used, but since then the barretter 
has come into increased use, and is now more common. 
Both the thermistor and barretter can be made in very small sizes, and 

can be easily mounted in waveguide or transmission-line systems. They 
are both very sensitive elements, and can be used in measurement of 
powers as small as tens of microwatts. Furthermore, they are more 
stable with respect to time and exposure to overload than are detectors 
for very high frequencies, such as the silicon crystal, and in most circuits 
can be replaced without recalibration. While the thermistor and 
barretter display their greatest advantage in measuring very small 
amounts of power, they can also be used to monitor large amounts of 
power by inserting a directional coupler (see Sec. 2-5) between the 
bolometer element and the main radio-frequency system. 

I Thus the very inexpensive Littel fuses make excellent barretter elements, and are 
useful up to frequencies of about 4000 Mc. The fr2oo-amp Littel fuse has a resistance 
of about 400 ohms whcn carrying a direct current of 5 ma, while for the Moo-amp 
Littel (use the resistance is about 200 ohms.a.t 10 ma. direct current, 
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Of primary importance in the choice of the bolometer element is the 
desired sensitivity, i.e., the radio-frequency power level to be measured. 
'fhe sensitivity is a function of how much change in resistance occurs for 
a given radio-frequency energy absorbed in the bolometer element, 
and also of the characteristics of the associated bridge circuit. That is to 
say, the sensitivity figure is specified in terms of the radio-frequency 
power required to produce full-scale deflection of the indicating element 
of the bridge circuit. A typical value for a sensitive commercial instru
ment is 100 microwatts for full-scale reading. Full-scale sensitivities as 
small as 10 J,tW and as large as 100 row are not unusual, however. 

Another item of importance in the choice of the bolometer element is 
the impedance it presents to the radio-frequency circuit. The bolometer 
element is customarily matched to the radio-frequency power source in 
such a manner as to absorb the maximum possible power from the source. 
It is therefore convenient if the radio-frequency impedance of the bolom
eter element is comparable with the characteristic impedance of the trans
mission system. One may also be interested in knowing how much the 
impedance varies over the frequency band of interest. Finally, it may 
be important in some circumstances to know the speed of response of the 
bolometer element; for instance, in the measurement of the average power 
of a pulsed system with low-duty cycle, the slower response of the 
thermistor may provide some advantage over a barretter of the same 
sensitivity_ Conversely the barretter is less sluggish to sudden changes 
in power level. 

The bolometer mount has the important function of coupling the radio
frequency energy into the bolometer element, including the means used 
to provide impedance matching.! At low radio frequencies the holom
eter may be connected into the circuit in much the same manner as a 
thermocouple, except that the bridge circuit must be isolated from the 
radio-frequency circuits. In the arrangement of Fig. 2-3 the isolation 
is provided by the by-pass capacitor. In coaxial and waveguide trans
mission systems considerable care must be exercised in order that the 
bolometer mount provide the necessary impedance transformation 
between the bolometer and the transmission-line system. In a coaxial 
cable this typically involves transforming a 50-ohm transmission-line 
impedance to something on the order of 125 to 200 ohms to match a 
typical bolometer. 2 This is usually done by means of a short tapered 
section as shown in Fig. 2-3. In Fig. 2-5 is shown a typical arrangement3 

1 A variety of thermistor and barretter mounts arc described on pp. 130-156, and 
175-179, respectively, of "Technique of Microwave Measurements," op. ru. 

I A 50-0hm bolometer could be provided instead, but 200 ohms is a. better com� 
promise where both waveguide and coaxial applications are needed, and bridge cir
cuits are commonly designed to balance when the bolometer resistance is 200 ohms. 

I GafTney, op. tit., p. 781. 
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for a waveguide system. Here impedance matching is accomplished 
through the use of the two tunable stubs. In coaxial systems, where· the 
bolometer impedance is usually considerably higher than that of the 
transmission line, a useful technique is the utilization of two bolometers 

To bridge 
__ circuit 

Insuk'I<d ;Z 
slidinq bushinq ..... 

Adjus!pbk luninq (for operpling • 
p/ung�r) plunger 

I. vCotulal sfub 

't 
Narrow H·F 
guide power 

I, dim�ion inpuf -
Adjustable funing ,1 .... Bolome'kr 

plunger elemenf l� Coaxi«1 stub 

FIG. 2-5. Bolometer mount for use with a. waveguide system. 

as shown in Fig. 2-6. Here, two lOO-ohm bolometers act in parallel to 
present 50 ohms to the line, but act in series to present 200 ohms to the 
bridge. This arrangement has the advantage of eliminating both the 
stub and the tapered section shown in Fig. 2-3, and thus is more suitable 
for broad-band operation. In general the transformation problem is 

�<:r:w",o (."·fb y·poss 
capacilor) 

R·F power input • 

line 

FIG. 2-6. Arrangement for using two bolometcrs in coaxial system. 

, 
made more difficult by large ratios of impedance, especially if a broad
band system is desired. 

Bolometer Bridge Circuits. The bridge circuit used for measuring the 
resistance cbange of the bolometer element may take a variety of forms. 
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Some of these are quite simple, while others are very complex and include 
self-balancing features and arrangements to compensate for variations in 
the ambient temperature. '  The bridge circuit of Fig. 2-3 is generally 
referred to as the balanced type, and is a common arrangement. A varia
tion consists in omitting the audi�frequency source, and adjusting the 
d-c excitation so that the bridge is first balanced with tbe radio-frequency 
power being dissipated in the bolometer element, and then brought into 
balance again after the radio-frequency power is turned Off.2 A simpler 
arrangement is shown in Fig. 2-7a, and is generally referred to as the 
unbalanced type. Here in the absence of radio-frequency power, th� 
bridge is brought into balance by adjusting the amplitude of the exciting 

r-----�--_LO�.�t�.]_�� I G� BolofT1e fer .... elemellf , + 

"'\... O·Cord-& 
ere;tlnf/ SOIIrce 

Audio 

(ol lJnbolonced type Ib) Self-balancIng type 

FIG. 2-7. Examples of bolometer bridges. Radio-frequency connections arc not 
shown. 

voltage applied to the bridge. Radio-frequency power rlis.qjpated in the 
bolometer element will then unbalance the bridge, and the amount of 
radi�frequency power is determined by the amount of unbalance 
indicated by the bridge detector. This arrangement is not suitable 
where a precise impedance match must be maintained in the radio-fre
quency system, for obviously when the radio-frequency power in the 
bolometer changes, the impedance of the bolometer element also changes, 
thus upsetting the impedance match in the radio-frequency system. The 

,
unbalanced arrangement has the advantage of being direct-reading, so is 
often preferred when tbe change in impedance will not unduly influence 
the radio-frequency circuit. In the unbalanced arrangement the imped
ance of the bolometer corresponding to the initial balance adjustment can 
be controlled by varying the value of the resistance R,. 

I Examples of bridges arc given in "Technique of Microwave Measurements," op. 
cit., pp. 103-130, 169. , 

I The design features of a power-measuring system of this type �re described by 
H. J. Carlin and J. Blass, A Direct Reading D-C Bridg� for Microwave Power Meas
urement, Trans. AIEE, val. 67, p. 3 1 1 ,  1948; also see "Technique of Microwave 
Measurement-s," op. cit., p. 169; R. A. Soderman, A Bolometer Bridge for the Meas

urement of Power at High Frequencies, Gen. Radio Expt., vol. 25, July, 1950. 



SEC. 2-2] P O W E R  49 

The next step of complexity beyond the balanced bridge, and one 
which is incorporated in some of the commercially available bolometer 
arrangements for measuring power, is the self-balancing bridge. I Such 
an arrangement is illustrated schematically in Fig. 2-7b, and consists of an 
amplifier the output of which is coupled back to the input through the 
bridge, as shown in the figure. With the bolometer element at room 
temperature the bridge is unbalanced, permitting transmission to take 
place through the bridge from AC to BD, and resulting in the system 
breaking into oscillation. However, as the oscillations increase in ampli-' 
t\lde, the resistance of the bolometer element changes in such a manner 
as to bring the bridge more nearly in balance. By making the amplifica
tion large, the amplitude of oscillations will assume whatever value is 
required to make the bridge almost but not quite exactly balanced. A 
smaller amplitude than this will cause the bridge to be considerably 
unbalanced, resulting in a large input voltage to the amplifier and hence 
increased output. At the same time, a slightly larger amplitude will 
bring the bridge into exact balance, giving no transmission between 
amplifier input and output, and hence no osciJJations. If now radio
frequency power is dissipated in the bolometer element, this will reduce 
correspondingly the amount of power that the oscillations must supply 
the bolometer to make the bridge approach a balanced condition. The 
radio-frequency power ca� hence be indicated by the meter V that meas
ures the amplitude of the oscillations, a large radio-frequency power cor
responding to a small amplitude of oscillations, and vice versa. The 
initial amplitude of the oscillations in the absence of radio-frequency 
power can be adjusted to a predetermined value corresponding to full
scale deflection of V by applying a d-c "biasing" voltage to the bridge as 
indicated in Fig. 2-7b. 
Calibration of bolometer measuring arrangements employing the 

balanced type of bridge presents no problem, since the power being meas
ured is matched exactly by the measured change in power from the low
frequency or d-c auxiliary supply. In the case of the unbalanced type of 
bridge, or when a calibration check is desired upon any type, two methods 
are available. The first takes advantage of the fact that with most com
mercial barretters and thermistors designed for microwave work, the skin 
depth of the radio-frequency current is large compared with the diameter 
of the element even at frequencies of several thousand megacycles. The 
impedance of the bolometer under these conditions is very closely the 
same at low audio frequencies as at several thousand megacycles. The 
calibration may accordingly be carried out at a low frequency where a 

t A self-balancing bridge that also provides compensation for changes in ambient 
temperature is described hy C. C. Bath and H. Goldberg, SeIJ-balancing Thermistor 
Bridge, Proc. Nall. Electronics Con/., vo!. 3, p. 47, November. 1947. 
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variety of accurate power-measuring techniques are available for use in 
the calibration. The second metbod of calibration has the advantage of 
making no such assumptions. In it one starts with sufficient power to be 
measured accurately by calorimetric methods (see Sec. 2-3). The bolom
eter is then calibrated by using a small known fraction of this power, 
derived with the aid of a directional coupler (see Sec. 2-4), or by the 
known attenuation undergone by the power in passing through the 
calorimeter. 1 

Bolometer as a Square-law Demodulator.' An important application of 
the bolometer in measurement work is as a demodulator of modulated or 
pulsed waves. The idea is illustrated in Fig. 2-8. Here the modulated 
(or pulsed) radio-frequency power is delivered to a bolometer element. 
through which is simultaneously passed a direct current. Assuming . 
the thermal time constant of the bolometer element is small compared 

Bolomeler wilfl ,rmal/ 
It� consiunf 

Audio V T V M  

Fm. 2-8. Bolometer-amplifier a.rrangement for measuring a.mplitude-modulated 
waves. 

with the modulation frequency of the radio-frequency power, then the 
additional heating caused by the radio-frequency power will cause the 
bolometer resistance to the direct current to vary in accordance with the 
modulation envelope. The result is that a modulation-frequency voltage 
is developed across the primary terminals of the input transformer, which 
is then amplified, and measured by means of a vacuum-tube voltmeter. 

The bolometer-amplifier combination will accurately follow a square
law behavior (i.e., output voltage proportional to the radicrfrequency 
power or to the square of the radicrfrequency voltage), provided the d-c 
power dissipated in the bolometer element is much greater than the radicr 
frequency power. For a given element, type of modulation, and ampli
fier, the sensitivity will be determined by the d-c bias current. Thus an 
accurately reproducible sensitivity can be obtained by using an amplifier 

I For further details see R. Street, The Absolute Measurement of L:>w Power at 
300 Mc/s, Proc. lEE (Radio & Comm.), vol. 96, pt. Ill, p. 237, May, 1949. 

, For further discussion see co Microwave Antenna Theory and Design " (Vol. 12, 
Radiation Laboratory Series), pp. 601-607, McGraw-Hill Book Company, Inc'J New 
York, 1949. 
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stabilized by negative feedback, and always adjusting the direct current 
to the same value. 

Satisfactory operation of the system of Fig. 2--8 requires that the 
thermal time constant of the bolometer be small enough to permit the 
bolometer temperature to be able to follow the modulation envelope of 
the radio-frequency wave. Barretters of the type used to measure small 
amounts of radio-frequency power meet this requirement at audio modu
lation (or repetition) frequencies. However, the greater thermal slug
gishness of most thermistors limits their use as demodulators to modula
tion frequencies below the audio range. 

The sensitivity of the bolometer-amplifier combination of Fig. 2-8 
depends upon the bolometer characteristics, the d-c bias current, the per
centage modulation, and the amplifier. When tbe amplifier has a 
response band no wider than necessary, and the amplifier gain is so great 
that the minimum useful signal is limited by noise, then it is possible 
under practical conditions to obtain a power sensitivity of less than 1 p'w 
when dealing with a square-wave-modulated radio-frequency signal. 

While the sensitivity of the bolometer-amplifier combination of Fig. 
2-8 is considerably less than that of a crystal-amplifier combination, the 
former is generally preferred for measurement work wherever it can be 
used. This is because the bolometer can always be depended upon to 
have a square-law behavior and a reproducible sensitivity. In contrast, 
both the crystal sensitivity and the range of amplitude over which it 
follows a square law may be changed by momentary overloads. 

High-power Bolometer.' Although the bolometer method of measuring 
power is generally applied to powers of the order of microwatts or milli
watts, the same principles can be used to determine larger powers. For 
example, if the power to be measured is dissipated in a dummy load con
sisting of a vacuum or gas-filled lamp (see Sec. 14-6), then the temper&
ture of the lamp filament is a function of the power. The temperature in 
turn determines the filament resistance. As a. consequence the radio-fre
quency power may be obtained by determining the resistance of the lamp 
filament to direct current with the aid of an ohmmeter or d-c bridge. 
Alternatively the heating of the filament may be evaluated by using a 
photocell or an optical pyrometer to determine the brilliancy temperature 
of the filament. The relationship between the filament resistance (or 
temperature), and the power dissipated in the filament, can be determined 
by calibration with direct current or at 60 cycles. Powers ranging from a 
fraction of a watt to about 50 watts may be readily measured in this way. 
The method is moreover independent of frequency provided the filament 
length does not exceed about a tenth of a wavelength. 

1 See "Technique of Microwa.ve Measurements," op. cit., pp. 180-183; also " Very 
High Frequency Techniques," op. cit., pp:S79-580. 
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2-3. Power Measurement by Calorimeter Methods.' The calorimeter 
method of measuring radicrfrequency power involves conversion of the 
radio-frequency energy into heat, absorbing this heat in a fluid (usually 
water) which flows through the system, and then measuring the tempera
ture rise of the fluid. The radio-frequency power may be absorbed 
directly in the calorimeter fluid, or the fluid may be used as a coolant for a 
resistive load of solid material. In any case, it is essential that all of the 
radio-frequency energy be transferred to the fluid; this means that the 
system must have no radi<rfrequency leakage, either by radiation or in 
lossy joints. Likewise the heat radiation from the ftuid must be mini
mized until after the point in the system where the temperature measure
men t is made. 
The calorimeter method is especially suited to the measurement of 

large power. Although large power can also be measured with the aid of 
a bolometer in a directional-coupler arrangement, and indeed such a sys
tem is well suited to the monitoring of the power delivered to an antenna 
in a transmitting system, the calorimeter method has definite advantages 
in the laboratory. For laboratory performance, it is usually necessary to 
provide an artificial load to absorb the power, and for very high power 
· this load may be fluid-cooled. In such cases, most of the elements of a 
calorimeter measurement are already at hand. 
The power dissipated in a calorimeter can be calculated directly from 

the temperature rise, the specific heat of the fluid, and the rate of flow of 
the fluid, according to the following relationship: 

P = 4. 18mB. t:.t 
where m = flow, g per sec 

8" = specific heat, calories per g per QC 
tl.t = temperature rise, °C 
P = power, watts 

(2-2) 

Alternatively the relationship between temperature rise and power dis
sipated can be determined experimentally by dissipating known amounts 
of 60-cycle or d-c power in the calorimeter system. 
As in the bolometer method of power measurement, the radio-fre

quency portion of the calorimeter system must be designed to provide a 
proper transformation of impedance in order that the load impedance may 
be adequately matched to the power source. This is commonly accom
plished with a tapered arrangement. It is also important that the radio-

I For general discussion and further detnils of the calorimeter method see "Very 
High Frequency Techniques," op. cit., vo!' 2, pp. 581-591, McOraw-Hill Book Com
pany, Inc., New York, 1947; uTechnique of Microwave Measurements," op. cit., 
pp. 194-217; M. C. Crowley-MiIling, D. S. Gordon, C. W. Miller, and G. Saxon, The 
Measurement of Power at Ccntimctric and Dceimetric Wavelengths, J. lEE (Radio
location Conv.), vol. 93, pt. IlIA, p. 1452, March-May, 1946. 
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frequency power be transferred to the fluid in such a manner as to avoid 
hot spots where boiling of the fluid might occur. 

The rate of fluid flow, and the mass of fluid exposed to the heating, 
should be proportioned so that a measurable temperature rise is obtained 
with as small an amount of fluid as can absorb the desired power. This 
assures a system that will not be too sluggish to changes in the power 
level. 

. 

Some typical arrangements will serve best to illustrate the various 
forms that the calorimeter method may assume. The first of these, 
shown in Fig. 2-9, utilizes a length of lOBBY cable for absorbing power. 
This cable is available in the standard impedance of 50 ohms, and hence 
there is no problem of impedance matching to the radio-frequency system. 

Lossy t' 
"U".l...r <r; '··e-m�1 cable �f""t: " " .... , 
JClckef t'nsukrtlon 

FIG. 2.9. Calorimeter load using l088Y ooaxial cable. 
at least 10 db ono-way attenua.tion. 

? 
May be open or 
.short circu/I-

Total cable length should give 

The fluid serves as a coolant, absorbing no radio-frequency power itself. 
The length of the cable should be sufficient to provide an attenuation of 
10 db or more at the operating frequency. This ensures at least 20 db of 
attenuation for the reflected power, and thus the load absorbs virtually 
all of the incident radio-frequency power delivered from the source. This 
type of calorimeter has been used for power levels ranging from 5 to 500 
watts. 

A second arrangement,l also for use in coaxial systems, is shown in 
Fig. 2-10. Here the radio-frequency power is absorbed in a water-filled 
section of line. The water serves as a lossy dielectric that absorbs the 
power because of its high power factor, and simultaneously functions 3S 
the calorimeter fluid. An impedance match between the section of 
coaxial line having air dielectric, and the portion having water dielectric, 
is provided by a tapered section of titanium dioxide, as shown. This 
material has a dielectric constant very closely equal to that of water 

1 WiUiam R. Rambo, A Coaxial Load for UJtra-high-frequency Calorimeter Watt-
meters, Proc. IRE, vol. 35, p. 827, August, 1947. Other arrangements for coaxial 
systems are described in R. C. Sbaw and R. J. Kircher, A Coaxial-type Water Load 
and Associated Power-measuring Apparatus, Proc. IRE, vot. 35, p. 84, Ja.nuary. 1947; 
F. M. Leslie, R. F. Generator Load, Wireless Eng., vol. 24, p. 105, April, 1947; HTech� 
oique of Microwa.ve Measurements," op. tit., pp. 195-199. 
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(approximately 80), and so is ideally suited to match air to water. 
Titanium dioxide is a ceramic, and must be machined to the proper shape 

. before firing, with due allowance made for shrinkage. In Fig. 2-10 the 
temperature difference between the incoming and outgoing water is meas
ured with a thermopile instead of by thermometers as in Fig. 2-9. The 
thermopile consists of a succession of thermocouple junctions connected 
in series as shown, with alternate junctions placed in the incoming (cold), 
and outgoing (hot), fluid. A thermopile mounted in this way responds 
directly to the difference in temperature between the hot and cold fluids, 
and also has a greater sensitivity than does a simple thermocouple system 
having single hot and cold junctions. 

The arrangeme�t of Fig. 2-10 shows a means for calibrating, using d-c 
or 60-cycle power. This consists of an auxiliary heater directly immersed 

r--P'''tch. inn'. __ �t_..!!Waler.filkd---.; 
I secflon7- .. • sect/on I 

Tilanium diOXide taL'er 

'Yrecfion Co/ibmfinq v. power !Jeer/er 
wafer flow element 

Wafer junctions 
FIG. 2-10. Coaxial water load with titanium dioxide taper. 

in the flow system, as illustrated. Calibration is carried out by observing 
the thermopile response produced by the dissipation of a known amount 
of 60-cycle or d-c power in this heater. 

A variety of calorimeter arrangements are possible for use with wave
guides.1 A typical arrangement is shown in Fig. 2-11, where the power 
is absorbed by the fluid flowing in a glass tube. This tube enters through 
the middle of the broad side of the waveguide, and passes obliquely 
through the guide and out the end as shown. The fluid, commonly tap 
water or salt water, serves as a lossy dielectric that both absorbs .the 
power and carries it off. A metal ridge is placed between the glass tube 
and one wall of the waveguide as illustrated. This ridge concentrates 
the field in the vicinity of the fluid, and thereby increases the amount of 
power absorbed per unit length toward the exit end of the guide, where 
the power that still remains tends to be small. In this way the total 

1 See "Very High Frequency Techniques," op. cit., p. 590; "Technique of Micro
wave Measurements," op. cit., p. 199; L. B. Turner, Balanced Calorimeters for 3000 
and 10,000 mc/s with Tapered Water Loa.ds for HDI Rectangular Pipes, J. lEE 
(RadiolocatiM Conv.), vol. 93, Part IlIA, p. 1467, March-May, 1946. 
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length the section must have in order to obtain substltntially complete 
absorption of the power is reduced. The combination of the ridge and 
the slanting tube that gradually enters the waveguide, produces a tapered 
effect that minimizes reflection as the power to be measured enters the 
calorimeter section. The absorbed power is determined by the difference 
in temperature of the incoming and outgoing fluid. Since the volume of 
fluid in the glass tube can be quite small, the system will respond very 
quickly to changes in power level. 

The fluid must flow through the calorimeter at a very constant rate. 
There are two general types of flow systems. The first of these is known 
as the open-flow system, m which an elevated, constantly overflowing 

Side vIew End view 
(Section (lit A�A) 

FIG. 2-11. Waveguide water load using tapered ridge for impedance matching. 

reservoir is used to maintain a constant head of liquid. The system 
exhausts into the drain, and is conveniently used with tap water. The 
other system is the so-called "closed-flow" system, in which the same 
fluid is recirculated, being alternately heated in the calorimeter unit and 
cooled in a radiator or other heat exchanger. This arrangement permits 
the use of special fluids such as salt water, but requires some care in 
maintaining a constant flow. The choice between the systems depends 
primarily upon convenience and upon available components. 

2-4. Special Considerations Relating to Power Measurements on 
Transmission Lines. The power on a perfectly terminated transmission 
line can be readily obtained by taking advantage of the fact that the 
impedance everywhere along such a line is equal to the characteristic 
impedance. In lines having low loss at radio frequencies, this impedance 
is a resistance which can be calculated from the geometrical dimensions 
of the line, or from measurements that can be made at any convenient 
audio or radio frequency (see Sec. 4-2). The power on such a non
resonant transmission line is then ]2R or E2jR, where R is the character
istic impedance (resistance) of the transmission line, ] is the current flow
ing along the line, and E the voltage across it. Power measurements 
made in this way will be accurate provided the load impedance of the 
transmission line closely approximates the characteristic impedance, and 
provided the arrangement employed to measure the voltage or current on 
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the line does not introduce an irregularity that produces an appreciahle 
reflected wave.1,2 

Transmission-line currents up to the very highest frequency used in 
radio work can be measured by means of a thermocouple in series with the 
line. The accuracy obtainable with a thermocouple is quite high pro
vided either that the heater wire is small enough to have negligible skin 
effect, or provided that a correction for skin effect is made. By proper 
attention to constructional details it is possible to minimize the tendency 
for the series thermocouple to introduce reflections.3 

The voltage across a transmission line may be determined satisfactorily 
by means of a diode-type vaCUUffi-

7O d-c 
ampllr/er L.....1_ 

FIG. 2-12. Method of employing a diode 
voltmeter to determine voltage existing 
on a coaxial transmission line without 
introducing reflection from the input 
capacitance of the diode tube. 

. tube voltmeter provided the fre
quency is low enough so that the 
input capacitance of the voltmeter 
(or the voltmeter mUltiplier) that is 
shunted across the transmission 
line has a reactance that is very 
much higher than the characteristic 
impedance of the line. When the 
frequency is so high that this re
quirement. is not satisfied, then 
the voltmeter introduces a large 
reflected wave. 

An ingenious method of minimizing this undesirable effect of input 
capacitance of a diode voltmeter at high frequencies for the case of 
coaxial lines is illustrated in Fig. 2-12. Here the diode is shunted across 
a specially designed section of the line which has greater spacing between 
inner and outer conductors than the rest of the line, and which has a 
length somewhat less than a quarter of a wavelength at the highest fre
quency for which the arrangement is to be employed. The enlarged 
spacing increases the inductance per unit length of line, while reducing 
the capacitance per unit length; the absence of dielectric in the enlarged 

I When a reflected wave is present, then 
Sum of powers of inCident } 

= 

El' + E22 
and reflected waves 2R (2-3) 

where El and E2 are the voltages of the standing-wave pattern at points spaced a 
quarter of a wavelength apart along the line. A special case is when El and E2 are 
the maximum and minimum voltages, respectively, of the standing-wave pattern. 

t In some cases the line can be a lossy line that absorbs the power and so acts asa 
"dummy" load. No problem of termination is then present if the line attenuation 
is large, as is customary in such arrangements. 

a For further details on the use of thermocouples to measure line current see " Very 
High Frequency Techniques," op. cit., pp. 574-575, p. 606; also uTechnique of Miero
wa.ve Measurements," op. cit., p. 187. 

• 
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section further reduces the capacitance. At the same time the shunting 
capacitance of the voltmeter acts as though it were distributed along the 
enJarged section, and therefore adds to the capacitance. By proper 
design, the ratio of inductance to effective capacitance for the special 
section can be made to have the same value as the ratio of inductance to 
capacitance for the remainder of the coaxial line. The special section 
then has the same characteristic impedance as the remainder of the sys
tem, and accordingly introduces negligible reflection ; moreover, for all 
frequencies appreciably less than the frequency for which the special sec
tion is a quarter wavelength long, the behavior is independent of fre-

FOrward • 
wave 

(or power) 

(0 ) 

coup//nq 

(bl Equivalent c.ircuits 
FJG. 2-13. A simple type of directional coupler, together with equivalent circuits 
showing the action of the electric and magnetic induction. 

quency. It is possible in this way to employ a vacuum-tube voltmeter 
up to the highest frequencies at which the very best diode meter will 
operate satisfactorily.1 

2-6. Power Measurements and Power Monitoring Usiog Directional 
Couplers. A directional coupler is a device which, when coupled to a 
transmission line or waveguide, will respond only to the wave traveling in 
a particular direction on the primary transmission system, while being 
unaffected by a wave traveling in the opposite direction on the primary 
line. For example, the arrangement illustrated in Fig. 2-13a can be so 
designed that a wave traveling toward the right in the coaxial line will 

1 This arrangement is due to W. R. Hewlett of the Hewlett-Packard Company. 
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induce " wave traveling toward the left in part A of the coupled coaxial 
cable, while a wave traveling toward the left in the coaxial line will pro
duce no effect in part A of the secondary line. 

The usefulness of a directional coupler in power measurements arises 
from the fact that in radio-frequency transmission systems, each wave on 
the system can be considered as transmitting power in the direction in 
which that wave travels, and in an amount proportional to the square of 
the amplitude of the wave. The power that is associated with each 
individual wave is, moreover, independent of the presence or absence of a 
companion wave traveling along the transmission system in the opposite 
direction. l  Accordingly, the net power transmitted toward the load is 
the difference between the power of the incident wave, and the power 
associated with the reft.ected wave j likewise, the load power is the differ
ence between the incident and reflected power at the load point. 

Since the wave induced in the secondary system of a properly operating 
directional coupler has an amplitude proportional to the amplitude of the 
corresponding wave on the primary system, and is independent of the 
presence or absence of an oppositely traveling wave on the primary 3YS-
tern, the power represented by the induced wave in the directional coupler i8 a 
definite fraction of the power associated with the corresponding wave on the 
primary system. This ratio of the induced to total power is termed the 
coupling and is commonly expressed in decibels. The coupling may be 
determined experimentally by separately measuring the power on the 
primary and secondary systems for some one particular case. The cou
pling can be made quite small if desired, thus permitting the monitoring 
or sampling of extremely large powers. For example, in a 5O-db coupler 
the power in the secondary line is 50 db below (i.e., one hundred-thou
aandth) the power in the primary system. 

The presence of a directional-coupling system will distort the fields in 
the primary line or waveguide. In general, this irregularity can be 
expected to produce a reflected wave in the primary system. The magni
tude of the reflected wave will depend upon the coupling, but will in any 
case be quite small unless the coupling is unusually great. 

A single directional coupler determines the power flowing in only one 
direction on the primary line. By using two directional couplers on the 
same primary system, with one directional coupler responsive only to the 
wave traveling toward the load, and the other responsive only to the 
reflected wave, then one can separately measure the powers of the two 

1 The only exception to this is when the characteristic impedance of the transmission 
line is not a pure resistance, or when the dielectrjc and wall losses in a waveguide are 
so great and so related as to cause the magnetic and electric field vectors to be out of 
time phase. These conditions never occur in radio-frequency systems, however, 
unless the transmission losses are very high. 
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primary waves, and by subtraction can obtain the net load power. 1 
However, for most monitoring purposes it is sufficient to measure only the 
power in the incident wave. In particular, when the reflection coefficient 
of the load is smaH or moderate, the amount of power represented by the 
reflected wave is so small that the power in the incident wave is a good 
indication of the power delivered to the load. For example, when the 
reflection coefficient of the load is 0.25 corresponding to a voltage stand
ing-wave ratio of 1.67, the reflected wave has only 6.7 per cent as much 
power as does the incident wave. Even when the reflection coefficient is 
0.5, corresponding to a voltage standing-wave ratio of 3.0, the reflected 
wave still represents only 25 per cent as much energy as the incident wave. 
It is thus apparent that power sampling by means of a single directional 
coupler responsive only to the incident wave is a much more significant 
indication of power relations when a reflected wave is present, than is the 
sampling of the voltage or current on the line or guide by means of a 
single small prohe or loop. 
Directional-coupler systems find extensive use for monitoring and 

measuring power in microwave systems. In particular, radar trans
mitters often have built-in directional couplers that check the power out
put by withdrawing a small known fraction or sample of the power in the 
wave traveling from transmitter toward the antenna. Other applications 
include determination of reflection coefficients (see Sec. 4-10)", and their 
use as attenuators (see Sec. 15-6). 

Types of Directional Couplers. A great variety of directional-coupling 
systems have been devised. 2 One type is shown in Fig. 2-13a; this is 

I A direct-reading wattmeter based on this principle is described by H. C. Early. A 
Wide-band Wattmeter for Wave Guide, Proc. IRE, vol. 34, p. 803, October, 1946. 

t A detailed consideration of different types of directional couplers and their proper
ties is beyond the scope of this work. The render desiring further information on 
types and properties of directional couplers is referred to W. W. Mumford, Directional 
Couplers, Proc. IRE, vol. 35, p. 160, February, 1947; N. I. Korman, The Theory and 
Design of Several Types of Wave Selectors, Proc. Nat!. El.ectronics Con!., vol. 2, p. 404, 
1946; M. Surdin, Directive Couplers in Wave Guides, Jour. lEE (Radiolocation 
Conv.), vol. 93, pt. IlIA, p. 725, 1946; J. F. Morrison and E. L. Younker, A Method of 
Determining and Monitoring Power and Impedance at High Frequencies, Proc. IRE, 
vol. 36, p. 2]2, February, 1948; H. C. Early, A Wide-band Directional Coupler for 
Wave Guides, Proc. IRE, vol. 34, p. 883, November, 1946; H. R. A11an aod C. D. 
Curling, The Rc8ectomcter, Proc. lEE (Radio &: Comm.), vol. 96, pt. III, p. 25, 
January, 1949; B. Parzan and A. Yalow, Theory and Design of the Rcflectomctcr, 
Electrical Commun., vol. 24, p. 94, March, 1947; H. J. Riblet and T. S. Saad, A New 
Type of Waveguide Directional Coupler, Proc. IRE, vol. 36, p. 61, January, 1948; S. 
Rosen and J. T. Bangerts, A Consideration of Directivity in Wave Guide Directional 
Couplers, Proc. IRE, vol. 37, p. 393, April, 1949; G. W. O. Bowe, An Instrument for 
Direct Measurement of Traveling Wave Coefficient in Feeders, Wireless Eng., vol. 20, 
p. 365, August, 1943; "Very High Frequency Techniques," op. cit., p. 594-602; 
"Technique of Microwave Measurements," pp. 854-897. 
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chosen for initial discussion because although not as commonly used as 
some other types, it is particularly easy to understand. Here, the 
primary system is a coaxial line, and the secondary system consists of two 
coaxial lines A and B interconnected by loop D that projects into the 
primary line, and is subjected to the simultaneous influence of the electric 
and magnetic fields that exist in it.l Consider now the case of a wave 
traveling toward the right on the primary system. The electric field of 
this wave induces a charge on the loop D that produces waves in both 
parts A and B of the secondary systems. The equivalent circuit that 
describes this action is illustrated in Fig. 2-13b, and consists of a voltage 
E, that is applied to coaxial systems A and B in parallel thr�ugh series 
capacitance CII producing currents as indicated by the arrows. 

The loop D links with the magnetic flux from the wave in the primary 
line, and therefore has a voltage Et induced in series with it, as illustrated 
by the equivalent circuit of Fig. 2-13b. This series voltage gives rise to 
waves in parts A and B of the secondary system, which are characterized 
by currents flowing in the direction indicated by the arrows. The two 
waves in section A produced by magnetic and electrostatic coupling, 
respectively, are of the same polarity and BD add, while the two waves pro
duced in section B are of opposite polarity and so tend to cancel each 
other. It is accordingly apparent that if the electric and magnetic 
couplings are so proportioned that the waves induced by the magnetic 
affect have the same amplitude as the waves induced by the electric 
coupling, then complete canceiJation takes place in section B. With a 
wave traveJing to the right in the primary line, the net effect is then to 
produce only one resultant wave in the secondary system, this being a 
wave that travels in the direction of A .  By terminating A of the second
ary system in its characteristic impedance this induced wave is absorbed. 
No wave travels in direction B. 

The relative magnitude of electric and magnetic couplings in Fig. 2-13a 
can be readily controlled by the design of the coupling loop D. The elec
tric coupling depends on the amount of electric field that terminates on 
the loop, and so is determined by the length of the loop, and the width (or 
diameter) of its conductor. Similarly, the magnetic coupling is deter
mined by the amount of magnetic flux that links with the loop, and so is 
determined by the area enclosed between the loop and the outer con
ductor of the line, and by the orientation of the loop with respect to the 
axis of the line. 

Assuming now that the coupling arrangement in Fig. 2-13 has been 

1 While this particular type of directional coupler couples a coaxial primary to a 
coaxiaJ secondary, it is possible to couplc from waveguidc to eoaxial line, from coaxial 
line to a waveguide secondary system, or from waveguide to wavcguide. Further 
information can be obtained from the references given in the footnote on page 59. 
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designed so that a wave traveling to the right on the primary system pr<>
uuces no induced wave in section B, then consider the effect of a wave 
traveling to the left in the primary system. The component waves 
induced in A and B by the electric and magnetic fields in the primary 
coaxial line will again be equal to each other, since the magnitudes are not 
affected by the direction of travel on the primary line. However, the 
polarity of the wave produced by magnetic coupling will now be reversed 
with respect to the polarity of the induced wave resulting from electric 
coupling. Accordingly, the two waves induced in A now cancel each 
other, while the two waves produced in B add. Consequently, a wave 
traveling to the left in the primary line produces no effect in section A, 
but does produce an induced wave in section B. By terminating B of the 
secondary system in its characteristic impedance, this induced wave is 
absorbed. The final result is then that any wave that appears in section 
A is determined only by the wave traveling to the right in the primary 
system, and is independent of the presence or absence of a wave traveling 
to the left in the primary system. Thus one has achieved a directional
coupling system. 
It is to be noted that to obtain the directional action it is ahsolutely 

necessary that B be terminated in its characteristic impedance. If the 
impedance terminating B produces a reflection, the resulting reflected 
wave will return along B, pass through the coupling loop, and enter A. 
The actual wave existing in A will then be a resultant of the desired effect 
produced by the wave traveling to the right in the primary line, and an 
undesired effect proportional to the product of the amplitude of the wave 
traveling to the left in the primary system and to the reflection coefficient 
at the termination of B. 
The magnitude of ihe wave induced in section A of the secondary sys

tem by a wave traveling to the right on the primary system can be deter
mined by terminating section A with a bolometer, thermocouple, crystal 
detector, or equivalent device, and measuring the power absorbed when 
the terminating impedance of the coaxial line matches the characteristic 
impedance. Since this induced wave is proportional to the wave on the 
primary system, the power of the latter can be determined from the power 
of the induced wave, combined with a knowledge of the coupling system. 
It will be noted that this determination of power on the primary system 
is made without absorbing the primary power, or without disturbing the 
primary system in any way except for the diversion to the secondary of a 
negligibly small fraction of the power. 
It is apparent that if in the system shown in Fig. 2-13a, sections of A 

and B of the coaxial cable A are both terminated in characteristic imped
ance loads, then the wave present in section B will be determined only by 
the wave traveling to the left in the primary line, while any wave existing 



62 E L E CT R O N I C  M EA S UR E M E N T S  

ill A will be proportional only to the wave traveling t o  the right in the 
primary line. The arrangement then is equivalent to two directional 
systems, and can be used to determine separately the amplitudes (or 
powers) of the incident and reflected waves, and also the ratio of ,these 
waves (i.e., the load reflection coefficient). 

A different method of achieving the same result as Fig. 2-13 consists in 
obtaining the coupling between the primary and the secondary systems 
by means of a hole, as shown in Fig. 2-14. This arrangement is known as 
the single-hole or Bethe coupler. It makes use of the fact that when a 
hole exlsts in the wall between two systems involving either waveguides 
or coaxial lincs, both electric and magnetic coupling result.1 The electric 

\ SecondarY����) ,.,,"" 
Primary wave 

/ 

(a) c.oupling system 

Coupled 
flux /ine'�\--Y 
Electr/c-i��j F/'eld 

Coupkd Flux line 

(c.) Magnetic l'GOuP�9 

coupling arises from the fact that electric lines of force project through 
the hole from the primary into the secondary system; similarly magnetic 
coupling arises from the fact that the interference to the linea of current 
flow in the walls of the primary system which results from the presence of 
the hole, causes magnetic flux to project through the hole and induce a 
voltage in the secondary system. The ratio of electric to magnetic 
coupling is determined hy the orientation of the hole with respect to the 
fields of the primary system, the shape of the hole, and the angle between 
the axes of the secondary and primary transmission systems. In par
ticular, if the hole is in the form of a narrow slot, then the electric coupling 
will predominate if the axis of the slot is so oriented that the coupling slot 
interferes as little as possible with the lines of current flow in the walls of 
the primary system (i.e., is at right angles to the magnetic flux). In con
trast, magnetic coupling will predominate when the slot is oriented so that 
its axis is at right angles to the lines of current flow and thus interferes 
with them to the maximum possible extent, or, what is equivalent, is 

1 The theory of coupling through a hole is given by H. Bethe, Theory of Diffraction 
by Small Holes, Phys. Rev., vol. 66, p. 163, October, 1944. When the diameter of the 
coupling bole is not small compared with an eighth wavelength, it is necessary to 
compensate for discontinuity effects; see Edward L. Ginzton and Paul S. Goodwin, 
A Note on Coaxial Bethe-Hole Directional Couplers. Proc.. IRE, vol. 38, p. 305, 
Match, 1950. 
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parallel to the lines of magnetic flux in the primary system. It is appar
ent that the single-hole coupler is essentially equivalent to the arrange
ment of Fig. 2-13, and that by making the electric and magnetic couplings 
equal, directional-coupler action results. 

A quite different type of directional-coupling system is shown in Fig. 
2-15. This is known as a two-hole coupler, and consists of primary and 
secondary systems which are coupled either electrically or magnetically 
at two points separated by an odd mUltiple of a quarter wavelength.' It 
is essential that the coupling at each of these two points be either pri
mari1y electric, or primarily magnetic. This result can be achieved by 
using probes (for electric coupling), or loops (for magnetic coupling), or 

FIG. 2-15. Two-hole directional coupler for waveguides, using electric coupling 
provided by narrow slot.& parallel to guide axis. 

by suitably shaped and oriented slots that favor either one or the other 
type of coupling. In the two-hole coupler a wave traveling to the right 
in the primary system gives rise to a wave that also travels to the right in 
the secondary system, but no wave traveling to the left; similarly, a wave 
traveling to the left in the primary system gives rise to a wave traveling 
to the left in the secondary system, but there is no wave traveling to the 
right on the secondary. This result comes about because, although each 
hole induces waves that travel in the secondary system in both directions 
away from the coupling point, the induced waves in the favored direction 
add in phase, while those in the reverse direction cancel exactly if they 

are of equal amplitude and the coupling points are spaced an odd multiple 
of a quarter wavelength apart. 

DirectitJity of Directional Couplers. In an ideal directional coupler a 
wave on the primary system will induce only onc wave in the secondary 
system. However, in actual directional couplers it is ordinarily found 
that there are two induced waves, a large one in the favored direction in 
the secondary system, and a small one in the other direction. This 

1 In the ease of waveguides, this is based on the wavelength in the guide, rather than 
th� free-space wavelength. 
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results from failure to realize the ideal condition as a result of mechanical 
imperfections, frequency differing from the design value, second-order 
effects, etc. The ratio of the desired to the undesired induced waves is 
termed the directivity, and is commonly expressed in decibels. Thus a 
directivity of 30 db means tbat the undesired induced wave is 30 db 
weaker than (or represents only one-thousandth as much power as) the 
desired induced wave. 

Tbe directivity of the loop-type directional coupler of Fig. 2-13 is 
theoretically independent of frequency at least in so far as first-order 
effects are cOIJ(;enled. In �he case of single-hole couplers this is also true 
if the walls separating the primary and secondary system have zero thick
ness; with finite walls the ratio of electric to magnetic coupling produced 
by a given hole is a function of frequency, so that infinite directivity 
can be achieved only for a single frequency. In two-hole couplers 
the directivity is frequency-sensitive because the spacing of the holes can 
be exactly an odd multiple of a quarter of a wavelength only at one fre
quency. This sensitivity to frequency can, however, be reduced greatly 
by increasing the number of holesjl alternatively a long, narrow slot may 
be used to give an effect equivalent to a large number of holes. 

2-6. Power-level Indicators for Program Circuits.2 In the monitoring 
of program circuits it is necessary to indicate the power level of the audio
frequency energy involved. This is ordinarily accomplished by bridging 
the audio-frequency transmission line or circuit by a rectifier voltmeter 
having such a high ohms per volt that the measuring instrument has 
negligible effect upon the circuit in which it is used. 

Inasmuch as audio-frequency currents representing speech and music 
fluctuate rapidly in intensity, the ballistic characteristics of such power
level indicators are fully as impor�ant as the characteristics under steady
state conditions. Standards bave therefore been established for tbe 
dynamic characteristics of power-level indicators for program circuits. 
The standard power-level indicator system consists of a rectifier volt
meter having an input impedance of 3900 ohms, and associated with a 
600-ohm transmission line through a 3600-ohm series resistance, as 
indicated in Fig. 2-16 . . The equivalent impedance of the source of 
energy connected across the input terminals xx of the rectifier in this 
system is 3900 ohms (note that the line acts as 300 ohms since the right
and left-hand sections of the line are in paral1el to the power-level indi
cator), or alternatively, the total resistance shunted across the trans-

1 For details see particularly, Mumford, loco cit.; also Hosen &nd Bangert, loco cit. 
I For further information see H. A. Chinn , D. K. Gannctt, and R. M. Morris, Ncw 

Standard Volume Indicator and Reference Level, Proc. IRE, vol. 28, p. 1 ,  January, 
1940; H. A. Affel, H. A. Chinn, and R. M. Morris, New Standard Volume Indicator 
and Reference Level, Electronics, vol. 12, p. 28, February, 1939. 
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mission line by the power-level measuring equipment is 7500 ohms.1 The 
ballistic characteristics of the standard power-level indicator are such 
that when used in this circuit, a sudden application of a single-frequency 
voltage giving a steady-state reading of zero level will cause the pointer to 
overswing by 1 to 1.5 per cent, and to reach 99 per cent of the steady-state 
deflection in 0.3 sec. The instrument accordingly does not read the 
actual instantaneous power level of speech, but rather indicates a mean 
level based on an average amplitude over a short period of time. 60012 line 

J600fJ �J900J1 
(eelifier 
ms/rument '----: 

FIG. 2-16. Schematic circuit of 8. power-level indicator for monitoring the power level 
in audio-frequency program circuits. 

The scale of the standard power-level indicator is calibrated in terms of 
decibels for a steady sine-wave voltage, with 1 mw flowing in a 600-ohm 
line taken as the reference, or zero level. The deflections actually 
obtained when monitoring speech are, however, customarily called 
volume units, abbreviated VU.2 This is done to make clear that such 
readings are averages achieved by a particular set of ballistic character
istics. Only when the wave being monitored is sinusoidal and of constant 
amplitude will the VU reading be the same as the instantaneous power 
level in decibels; with speech the VU reading represents the power level in 
decibels corresponding to tbis averaged power level of the speech. 

I The power level that is indicated with an arrangement of the type shown in 
Fig. 2-16 can be increased by inserting an attenuator at xx. This attenuator is 
calibrated in decibels (or volume units). and must have constant input and output 

"impedances of 3900 ohms when used with load and source impedances of 3900 ohms. 
S Power expressed in decibels (db) relative to 1 mw is commonly referred to as dbm. 

Thus 1 VU correRponds to 0 dbm dissipated in GOO ohms. Further discussion of types 
of scales for expressing power is given by J. L. MerriU, Meter Scales for Transmission 
Measurements, Bell Labl. Record, vol. 27, p. 16, Janua.ry, 1949. 



CHAPTER 3 

CIRCUIT CONSTANTS OF LUMPED CIRCUITS 

3-1. D-C Resistance. Resistance to direct current can be measured 
by the voltmeter-ammeter method, by a Wheatstone bridge, or with an 
ohmmeter. 

In the voltmeter-ammeter method, the applied voltage and the result
ing current are measured with ordinary d-c instruments, using the' circuit 
arrangements of either Fig. 3-la or Fig. 3-lb. For precise .results one 

r--..--{A 
R. 

(a) (b) 
FIG. 3-1. Circuit arrangements for measuring resistance by the voltmeter-ammeter 
method. 

must take into account the fact that in arrangement a the voltage actu
ally existing across the unknown resistance R:e is the value indicated by V 
minus the voltage drop in the ammeter A. Similarly, in b the current flow
ing through the unknown resistance is the value indica�d by ammeter A 
less the current drawn by the voltmeter V. When the resistance heing 
measured is large, the correction required in a is so small as to be com
monly negligible, and this is then the preferred arrangement of meters. 
However, when the resistance being measured is small, so that the imped
ance of the ammeter is not negligible in comparison, then arrangement b 
has the smallest correction. 

Wheatstone Bridge. The Wheatstone bridge is the most accurate 
method available for measuring resistance, and is standard for general 
laboratory use where accuracy is important. The circuit diagram and 
constants of a typical Wheatstone bridge are shown in Fig. 3-2. The 
resistance R� to be measured is connected in one arm of the bridge as 
indicated, and the remaining three arms are adjusted to give zero deflec
tion of the galvanometer G when the battery is connected to the bridge. 
Under these conditions one has 

R RA R-z. = S RB 
65 

(3-1) 
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The measuring procedure is to choose a suitable ratio RA/R8, and then 
balance the bridge by adjusting Rs. The ratio R./R. should be so chosen 
that the unknown resistance is determined to the full number of sig
nificnnt figures available, which is usually four. Also the magnitudes of 
the resistance. used in arms A and B to obtain the desired ratio should be 
so chosen as to give maximum sensitivity to unbalances. The proper 
v�lues depend on the resistance being measured, the galvanometer resist
ance, etc., and ar:e usually stated in the 
instructions accompanying the bridge, l  

Special difficulties are encountered in the 
measurement of very low and very high 
resistances. With low resistances the un
certainty introduced by the resistance of 
leads and <!ontacts can be eliminated by 
using the Kelvin double bridge, a descrip
tion of which is found in any book on 
electrical measurements. 

FIG. 3-2. Circuit diagram and 
constants of typical Whcatstone 
bridge for measuring d-e resist-

When the resistance being measured is 
very high, the bridge galvanometer becomes 
a relatively insensitive indicator of UIl
balance because of the high source imped
ance that the bri<;lge then presents to the 
galvanometer. This difficulty can be over
come by using a d-c vacuum-tube voltmeter 
in place of the galvanometer. It is also 

ance. 
desirable when measuring very high resist-
ances to use a fixed standard resistance R. of 1 megohm or mo�e, and to 
balance the bridge by varying R •. 

Ohmmeters. Ohmmeters are suitable for making approximate resist
ance measurements, and are widely used in the servicing of communica
tion equipment. 

Circuit arrangements that are employed in ohmmeters are illustrated 
in Fig. 3-3. To operate circuits a and b, an initial adjustment is made by 
short-circuiting the terminals xx and adjusting the resistance R until fuU
scale reading is obtained on the milliammeter M. When a resistance is 
then inserted between the terminals xx, the reading will be less than full 
scale by an amount that depends upon the inserted resistance. The 
meter scales can accordingly be caJibrated directly in ohms. Different 
resistance ranges can be provided by various combinations of resistance 

1 'Vhen the rcsistancc being measured is associated with an inductance or capaci
tance, it is important to press the battery key before pressing thc galvanometer key. 
Othcrwise the tra.nsients that result whcn the battery is connected will give the 
galva.nometer necdle an initia.l spurious kick. 
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values for R and Ro, by changing the number of cells in the battery, and 
by shunts across the milliammeter. 

The arrangement of Fig. 3-3a operates on the assumption that the 
battery generates a constant voltage during its life, but that the internal 
resistance of the battery increases with age and so can be compensated for 
by changing a series resist.ance. The arrangement of Fig. 3-3b operates 
on the assumption that as the battery ages its voltage dwps, but that the 

R Rc 

M fA 
M 

,, �. --1111 1 1 )(-----ill l l )( -�1----' 
Milliammeter Mi/liammefer Milliammeler 

( 0 1  (b) ( c l  
FIG. 3-3. Circuit arrangements used in ohmmeters employed for servicing electronic 
equipment. 

internal resistance remains the same. Although neither assumption is 
realized completely, ohmmeters built in either way are satisfactory for 
test work. 

The ohmmeter arrangement of Fig. 3-3e is particularly suitable for 
measuring small resistances of the same order of magnitude as Ro. Here 
the initial adjustment is made by varying RI with terminals xx open until 
full-scale deflection is obtained. The unknown resistance is then con-
nected across xx, reducing the reading by an amount depending on the 

. R, 

Regulated To d·e 
power Rs vpct)l.Im-fvbe 
supply volftnefer '-'--'i:==-_---4� 

FIG. 3-4. Ohmmeter for measuring very 
high rcsistances. 

resistance involved. To avoid ex
cessive battery current, it is custom
ary to use a sensitive meter, so that 
RJ  can be made much larger than Ro. 

When the resistance to be meas
ured by an ohmmeter is extremely 
large, i.e., tens to hundreds of meg
ohms, instruments of the type shown 

in Fig. 3-3 are impractical because of the excessive sensitivity that must 
then be possessed by the milliammeter M. An ohmmeter suitable for 
measuring such high resistances1 is illustrated in Fig. 3-4, and consists of a 

1 See W. N. Tuttle, An Improvcd Mcgohm Meter for A-C Operation, Gen. Rad. 
Ezpt., vol. 20, November, 1945; T. J. Rchfisch, An Insulation Resistance Meter, Wire
le"8 Eng., vol. 19, p. 49, February. 1942. 
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voltage source (50 to 100 volts), preferably a regulated voltage obtained 
from a rectifier-filter system, which is applied to the unknown resistance 
R. in series with a fixed known resistance R, that has a magnitude com
parable with the unknown. The voltage across il. is then indicated by 
means of a d-c vacuum-tube voltmeter, the output indication of which can 
be calibrated directly in ohms. Multiplying factors for the scale reading 
may be obtained by changing the resistance n •. 

3-2. A-C Wheatstone Bridges. Impedance at audio and radio fre
quencies is commonly determined by means of an a-c Wheatstone bridge. 
The schematic circuit of an a-c bridge is shown in Fig. "3-5, and is similar 

r---Osci/lOllor---, 

Fw. 3-5. Schematic diagram of a-e bridge. 

to the d-c bridge of Fig. 3-2 except that instead of being regarded a. 
simple resistances, the arms are now impedances which may have reactive 
components; also the bridge is excited by alternating rather than direct 
current, and the galvanometer is replaced by some means, such as a 
telephone receiver, for detecting alternating currents. When the bridge 
is balanced, 

z. Z. 
Z" = Zc 

(3-2) 

where Za, Z", Zc, and Zu are the impedances of the arms, and are vector 
complex quantities that commonly possess phase angles. It is thus 
necessary to adjust both the magnitudes and the phase angles of the 
impedance arms to achieve balance, i.e., the bridge must be balanced both 
for the reactance and for the resistance components. 

3-3. Common Types of Bridges. Since the impedance composing each 
arm of an a-c bridge may be a combination of resistances, inductances, 
and capacitances, an unlimited variety of bridge types is possible. Some 
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Osc. 

(cl MOIxwel1  bridge 

wt: I and �;:"Rb _ Rc 
Ra Reed Cc Cc. R Q  Rd 

o r  
C� = RbRd- R CII Rc  and cl= R � 

RCIIR1d R c w'l (RbRd-Ra.RclRcw2 
(e) Wien bridge 

Osc. 

(b)  Resonomce bridge 

Dsc 

Lcj= R o R,Cb = RQR,Cb 
It(RbwCb)t 1+( 1/Qd11 

R :: ROIRbRdwCb)Z 
_ 

RaRc . _I _ 
d 1+( RbWCb)2 - Rb a�+l 

O,e. 

wLd I Q r -
-

� .  Rd - RbWCb 
I d )  H o y  bridge 

If) Schering brid ge 
FIG. 3-6. Some commonly used bridge circuits, together with equations for balance. 
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of the most commonly used bridge circuits are illustrated in Fig. 3-6.'·' 
Each of these arrangements has its own combination of properties, and as 
a result is superior to the other bridge types in Fig. 3-6 for some particular 
class of applications. 

(a ) Generalb.ed resistance· 
rCltio bridge 

Rs Rx 
R L)(=� Ls 

Rb Rx'" R" Rs 

(b) Inductance 
measurement 

R, 
CX"'R;Cs 

Rb RX=RCl Rs 

(c) Capacitance 
measurement 

FIG. 3-7. Details of resistance-ratio bridge, with particular reference to the measure
ment of inductance and capacitance, together with equations for balance. 

The .resistance-ratio bridge of Fig. 3-6a, shown in greater detail in Fig. 
3-7, measures the unknown impedance in terms of a known impedance of 
the same kind. ThuB an unknown inductance and its series resistance 

1 For a more complete catalog of bridge types the reader is referred to one of the 
standard books on electrical measurements. Some additional types of more limited 
application than those of Fig. 3-6 are shown in Figs. 3-30, 3-35, 3-36,.3-37, and 3-4.0. 

I For further information on these bridges, including design features, shielding 
arrangements, and problem arising from residual impedances, see L. Bebr and A. J. 
Williama, Jr., The Carnpbell-Shackelton Shielded Ratio Box, PrO<.. IRE, vol. 20, 
p. 969, June, 1932; W. J. Shackelton, Shielded Bridge for Inductive Impedance, 
Tram. AIEE, vol. 45, p. 1266, 1946; I. G. Easton, A Wide-range Capacitance Test 
Bridge, Gen. Rad. Expt., vol. 23, p. 1, July, 1948; W. D. Voelker, An Improved Capaci
tance Bridge for Precision Measurements, Bell Labs. Record, vol. 20, p. 133, January, 
1942; H. T. Wilhelm, Impedance Bridge with a BiLlion-to-onc Range, BeU Labs. 
Record, voL. 10, p. 133, January, 1942; C. r�. Fortescue and G. Mole, A Resonance 
Bridge for Use at Frequencies Up to 10 Megacycles per Second, J. lEE (Wirelus Sec.), 
vol. 13, p. 122, June, 1938; H. W. LamBOn, A Handy Pair of Bridges, Gen. Rad. Expt., 
vol. 20, p. 3, February, 1946; R. F. Field and 1. G. Easton, A Wide Frequency Range 
Capacitance Bridge, Gen. Rad. Expt., vol. 21, p. 1, April, 1n47; D. B. Sinclair, A Radio
frequency Bridge for Impedance Measurements from 400 Kilocycles to 60 Megacycles, 
Proc. IRE, vol. 28, p. 497, November, 1940; D. W. Dye and T. 1. Jones, A Radio
frequency Bridge for Impedance and Power-factor Measurements, J. lEE, vol. 72, 
p. 169, 1933 (Wireless Sec., lEE, vol. 8, p. 22, March, 1933)j J. G. Ferguson, Classifica
tion of Bridge Methods of Measuring Impedances. BeU System Tech.. J .• vol. 12, p. 452, 
October, 1933: 

, 
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are measured in terms of a standard inductance and a standard resistance, 
as indicated by the circuit and balance equations given in Fig. 3-7b, while 
similarly an unknown capacitance and ita equivalent series resistance are 
measured in terms of a standard capacitance C. ann a. known series resist
ance R. as in Fig. 3-7 c. The resistance-ratio bridge can employ a fixed 
ratio Rb/ R"J in which case the standard reactance and standard resistance 
must be continuously variable. The balance for reactance is then 
achieved by varying the standard reactance, while the resistance com
ponent is balanced by varying the standard resistance. l  Alternatively a 
fixed capacitance (or inductance) standard can be employed. In this 
case the equations of balance are satisfied by adjusting the resistance Ra 
(or Rb) to make the ratio R./R. correspond to the ratio between the 
reactances of the standard and the unknown capacitances (or induct· 
ances). At the same time, the resistance R. (or R.) is adjusted as 
required to satisfy the equation for the resistance balance. The use of an 
adjustable ratio with fixed standard reactance is satisfactory only when 
measuring coils or capacitances that have a reasonably high Q at the fre
quency of measurement. Otherwise a fixed ratio for the resistance arms 
is preferred. This is because with a variable ratio the reactance and 
resistance balances are not independent, and unless the Q of the reactance 
being measured is at least reasonably high, the interaction is so great that 
a long series of successive adjustments of first the ratio, then the resist
ance R�J then the ratioJ etc. J is required to obtain a good balance. 2  

The resonance bridge of Fig. 3-6b is a special form of resistance-ratio 
bridge. Here the reactancea are all concentrated in one arm, and are 

adjusted to give series resonance so that this arm offers a resistance 
impedance which can be balanced by varying R,. The resonance bridge 
can be used to measure frequency in terms of inductance and capacitance, 
and is also sometimes used to measure capacitance in terms of frequency 
and a variable inductance, or inductance in terms of frequency and a 
variable capacitance. 

The MaxweU bridge of Fig. 3-6c compares an inductance with a 

1 It will be noted that. if the unknown reactance has a higher Q than the standard 
reactance, then in adjusting the bridge to obtain resistance balance it is necessary to 
do so with a varin.ble resistance in series with the unknown reactance, rather than ill 
series with the standarrl. The resistance of the unknown reactance is then R� - R�, 
where R� is the total resistance in the x arm as calculated by the balance equation, 
and R: is the resistance that must be added to the x arm to obtain 8. resistance balance. 

I In contrast, the reactance and resistance balances with 8. varia.ble reactance stand· 
srd and a fixed ratio are independent; i.e., the adjustment of t.he standard rea.ctance 
that gives the best balance with improper adjustment of the standard resistance, is 
also the best adjustment of the rea.ctance when the standard resistance has exacUy 
the correct value, and vice versa. 
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capacitance and two resistances. This bridge is particularly suitable 
for measuring inductance, since ordinary capacitances come closer to 
being ideaJ lossless standards of reactance than do the very best coils. 
In addition, the balance equation of the Maxwell bridge for the induct
ance component is independent of the losses associated with the induct
ance, and also is independent of the frequency of measurement. As 
ordinarily arranged for inductance measurements, the Maxwell bridge 
employs a fixed capacitance standard, the inductance balance being 
achieved by varying either resistance R. or R,. It will be noted that the 
scale of this variable resistance can be calibrated to read inductance 
directly. The losses Rd associated with the unknown inductance are 
then taken care of by adjusting R.. When the bridge is operated at a 
specified frequency, it is possible to mark the scale of Rb to read directly 
the Q of the inductance. The Maxwell bridge is suitable for measuring 
inductances of all magnitudes, provided only that the Q of the inductance 
at the frequency of measurement is not too high. If the Q is very large, 
R/. becomes excessively large, and it is impractical to obtain a satisfactory 
variable standard resistance in the range of values required. The Max
well bridge using a fixed capacitance has the disadvantage that there is 
interaction between the resistance and reactance balances. This can be 
avoided by varying the capacitance to obtain a reactance balance instead 
of varying Ra or Rc; however, the bridge then cannot be made direct
reading in Q. Furthermore a continuously variable condenser having 
the maximum capacitance ordinarily required means that decade con
densers must be used, which leads to poorer accuracy than when a fixed 
condenser is employed. 

The Hay bridge (Fig. 3-6d) also compares an inductance with a capaci
tance, but differs from the Maxwell bridge in that the resistance associ
ated with the capacitance is a series instead of a shunt resistance. An 
inconvenient feature of this bridge is that the equation giving the balance 
for inductance contains the mUltiplier 1/[1 + (1/Q')]. The inductance 
balance hence depends upon the losses (or Q) of the inductance, and also 
upon frequency, unless Q is absolutely independent of frequency. This 
correction makes it impossible to calibrate the dia]s to indicate inductance 
directly except for high values of Q (for Q = 10 the error is 1 per cent, for 
Q = 30 it is only 0.1 per cent). For this reason the Maxwell bridge is 
generally preferred to the Hay bridge for coils of low Q, while the Hay 
bridge is preferable for coils having high Q. The Hay bridge also finds 
extensive use in the measurement of incremental inductance (see Sec. 
3-11). 

The Wien bridge of Fig. 3-6e is a particular form of the resistance-ratio 
bridge that measures capacitance in terms of resistance and frequency. 



• 

74 E L E C T R O N I C  M E A S U R E M E N T S  (CHAP. 3 

This bridge finds use for measuring frequency in the audio range. It is 
also useful in the precision determination of capacitance, since the 
standards of frequency and resistance are known to very great accuracy.l 

The Schering bridge (Fig. 3-6f) is extensively used for measuring the 
capacitance and power factor of condensers. It can be thought of as a 
modification of the resistance-ratio capacitance bridge of Fig. 3-7c, in 
which the loss Rd of the unknown condenser Cd in Fig. 3-6f is balanced 
by variable condenser Cb, rather than by a resistance in series with 
the standard capacitance Ca. For a fixed ratio Rb/R� of the resist
ance arms of the Schering bridge, the unknown capacitance is directly 
proportional to the standard capacitance Cal thereby permitting the 
latter to be calibrated directly in terms of the unknown capacitance, 
irrespective of losses. At the same time, the Q of the condenser under 
test is determined only by the frequency and the value of capacitance ell 
required to achieve balance. Therefore, for a specified frequency the 
scale of the variable condenser Cb can be calibrated directly in Q (or in 
terms of the dissipation factor, which is defined as l/Q) of the condenser 
under test. The accuracy with which the dissipation factor can be 
measured in this way is very good even when the dissipation factor is 
small; as a consequence the Schering bridge is almost universally used in 
capacitance measurements where accurate determination of the dissipa
tion factor is desired. 

3-4. Shielding and Grounding of Bridges.' The bridge circuits of 
Fig. 3-6 are idealized in that they neglect the stray capacitances that are 
inevitably present. The various stray capacitances that are associated 
with a bridge circuit are illustrated schematically in Fig. 3-Sa for a 
typical case. In general, these capacitances are uncertain in magnitude, 
often vary with the adjustment of the bridge and the position of the 
operator's body, etc. ; also in some instances they are quite large. If these 
capacitances are not properly controlled or taken into account, serious 
errors may result in measurements made with the bridge. This situation 
is handled by grounding and shielding, and in some cases by using guard 
circuits. 

The principles involved in shielding and grounding are illustrated by 
Fig. 3-8. Here Fig. 3-8a shows an unshielded and ungrounded resistance
ratio bridge arranged for measuring capacitance with a variable con
denser standard. Various stray capacitances are schematically indicated 
by C, to C 12. Figure 3-8b shows the same bridge after shielding and 

1 See J. G. Ferguson and B. W. Barlett, The Measurement of Capacitance in Terms 
of Resistance and Frequency, Bell System 'Peck. J., vol. 7, p. 420, July, 1928. 

1 For further information the reader should consult the references in footnote 2, p. 71; 
also see J. G. Ferguson, Shielding in High-frequency Measurements, Bell System Tech. 
J., vol. 8, p. 560, July, 1929. 
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grounding. The effect of the shielding and grounding is to make the 
stray capacitances definite, and to localize' them so that they act in a 
known way, as shown in Fig. 3-8c. Thus the ground short-circuits 
oscillator stray capacitance C'1 in Fig. 3-8a, and places oscillator capaci
tance Cl in shunt with the oscillator output terminals, where it has no 
effect. Similarly the shield surrounding the resistances R. and R. 
replaces capacitances C31 Ca, C7, and Cll by capacitances Cu, C221 and e27, 

(Cl)  SchemlXtj" illustration of stray c.apClcitances in 
unshielded (lM ungrounded bridge 

r:-
- - - - - - - - - - - - 1 

I I I I 
I 1 59 I 
I V I I I I I I I 
! ! I 

-c�_;e7-
Ib) Bridge wj�h shields and qround 

o c. 

L--+-------jG 

'(cl Sc.hematic cireuit of shieided ani gl"OllJlt.lec1 brirlge 
FIG. 3-8. Bridge circuits, showing the effect of shielding. 

which are associated with corner D in a definite manner, and which are 
independent of everything external to the interior of shields Si and S'l' 
Thus by making these ratio arms and their shields absolutely identical 
and symmetrical, the bridge ratio will always be unity irrespective of fre
quency, in spite of the associated capacitances. The capacitance between 
the outside of shields S, and S, and ground contributes to the capacitance 
C" that shunts the oscillator terminals (as likewise do C, and C27) and so 
has no adverse effect. The shield Ss around the standard impedance 

" .'� " 
'. 
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C.R. introduces a known fixed capacitance C24 in �hunt with this arm. 
J.!�or the usual case where B, « l/wC, this capacitance can be con
sidered to be in shunt with only C., affecting the calibration of the latter 
accordingly. 

The various capacitances associated with the output diagonal EF of 
the bridge are prevented from causing trouble by employing a shielded 
output transformer as illustrated. In this transformer the primary and 
secondary windings are provided with separate electrostatic shields 84-
and 8. enclosed in another shield 8, (the transformer case), to which the 

Case 

C, 

G, 

L--1.I�I�� 
C , .  C , .  C, . C, ........ 2DD 1'1' f 
C, . .... _ ......... _"." ... 0.3 I'l'f 
G7,C, . . . . .  "."_,, . . .... 10 �I'f 
G, . . .. . ... .  " ... . ........ 3D I'�f 

FIG. 3-9. Shielded transformer, and 
typical values of associated capaci
ta.nces. 

transformer core is attached. The 
equivalent circuit of such a shielded 
transformer is shown in Fig. 3-9, which 
gives typical values for the various 
capacitances. A further discussion of 
shielded transformers is given in Sec. 
3-12.' 

The use of an output transformer in 
this manner places known and small 
capacitances at specified locations, in 
place of the commonly large, unknown, 
and usually changeable capacitances 
Cs, C�, C12 that would otherwise be 
present. With the shields of the trans
former connected as in Fig. 3-8b, the 
capacitance between 8. and primary 
winding P results in a capacitance C 25 
shunting the output diagonal EF, where 
it has no effect on the bridge balance. 
The capacitances between 84 and the 

grounded shields 86 and 8& contribute to capacitance C23 between corner 
E and ground in shunt with the capacitance being measured, as does the 
capacitance between the bridge leads and grounded shields 8, and 88, 
The secondary leads of the transformer are brought out of the case 
through grounded shields. 

The entire bridge in Fig. 3-8b is enclosed in a shielded case whicb acts 
as a ground for the system, and makes al1 capacitances to ground have a 
definite value independent of external objects or leads. It is also usually 

I Also see Sinclrur, loco dt. 
Current appea.ring in the transformer secondary circuit as a. result of residual 

capacitance coupling between primary and secondary windings, can be neutralized 
with some bridge arrangements by injecting an adjustable current into the detector 
circuit, the current being derived from the voltage applied to the bridge, using all 
adjusta.ble phase splitter. For further information see Easton, loco cit. 
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desirable to enclose the oscillator leads external to the case in a grounded 
shield (8,). 

The effect of the shielding in Fig. 3-8b is seen to eliminate some stray 
capacitances, and to make definite and to localize the others so that their 
effects will always he the same and so can be taken into account when 
using the bridge.' The sbidding also makes the behavior of the bridge 
independent of the characteristios of the oscillator or output detector 
systems. It is, for example, possible to interchange the oscillator and 
output indicator terminals of the shielded bridge without ill any way 
affecting the functioning of the bridge, 
or changing the calibration. 

The need for shielding in a bridge 
system becomes greater as the fre
quency is increased and as the imped-
ance level of the bridge arms becomes 'IIH 
greater. Shielding is absolutely essen- Cr 
tial in all bridges operating at audio 
frequencies, and on down to 60 cycles, 
although the Wagner ground guard cir-
cuit is sometimes used in place of shield-
ing for these conditions. 

The Wagner Ground. In resistance-
ratio audi�frequency bridges intended 
for measuring impedances on the order 

r---Osc.-_---, 
p 

::J::-(jround 
G3 "7  system 

.rlH 

of a few thousand ohms or less, the 
principal sources of trouble from stray 
capacitances are the capacitances to 
ground associated with the oscillator 

Fro. 3-10. Resistance-ratio bridge 
with Wagner ground connection. 

and the output indicator. When the utmost in precision is not required, 
this problem can be handled without resorting to shielding, by the use of a 
Wagner ground, illustrated in Fig. 3-10. Here potentiometer P is con
nected across the oscillator as indicated, and is often but not always asso
ciated with a three-terminal double-stator balancing condenser as indi
cated. The procedure for carrying out a measurement with such a system 
involves three steps· as follows : (1) The bridge is balanced as well as 
possible, ignoring the Wagner ground system. It will generally be found 
that it is impossible to obtain a complete null. (2) Switch 8 is next 
thrown to connect the telephone receivers from one corner of the bridge 

1 Thus by adjusting the shields so that Cu/C21 = Ra/Rb, the ratio of the bridge is 
independent of frequency. Again, the capacitance Cu can be taken into account in 
the calibration of C., as has been mentioned. Finally, the capacitance Cu can be 
measured, and its shunting effect across the unknown impedance allowed for by 
calculation. 

, • 
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to ground, and the Wagner ground system is then adjusted to give a null 
indication in the telephone receivers. (3) Switch S is thrown to recon
nect the telephone receivers across the output diagonal of the bridge, and 
the balance is then completed in the usual manner. In some cases it may 
be desirable to repeat the second and third steps to ensure the highest 
possible accuracy. 

It will be observed that the effect of the Wagner ground is to place a 
ground connection on the oscillator in such a manner as to bring the out
put diagonal of the bridge to ground potential. In this way the stray 
capacitances to ground associated with the generator terminals and leads 
(capacitances Cl and C2 in Fig. 3-10) are removed from the bridge circuit, 
as are capacitances to ground in the output circuit, representing capaci
tances Ca, C4, and C/i in Fig. 3-10, which include the effects of the operator's 
body_ The stray capacitances associated with impedances of the bridge 
arms still remain, however, to affect the accuracy of the measurement; 

Osc.. 

FIG. 3-11. Bridge circuit showing 
residual inductances Ll to L. and 
capacitances Cl to C, associated with 
the bridge arms. 

these capacitances are not shown in 
Fig. 3-10, but correspond to capaci
tances Ca to C,., C7, C10 and Cll m 
Fig. 3-8a. 

3-5. Miscellaneous Aspects of 
Bridges. Residual Impedances of 
Bridge Arms.' The simple imped
ances in the arms of the bridges in Fig. 
3-6 are only approximated in actual 
practice. This is because resistances 
and capacitances always have lead 
inductance associated with them, 
while resistances and inductances 
have at least some distributed capaci
tance. Again, inductances and ca
pacitances always have losses, and ·so 

have an equivalent shunt or series resistance that in general depends upon 
the frequency. Even air-dielectric condensers, which are more nearly 
perfect than other reactance standards, have some loss and some residual 
inductance (see Sec. 14-1). The result is illustrated schematically in Fig. 
3-11 for a resonance bridge. All of these residual impedances must be 
taken into account if errors are to be minimized in bridge measurements. 

The effect of the residual parameters becomes more serious as the 
frequency is increased. This is because a series inductance has an imped
ance proportional to frequency, while a shunt capacitance produces a 
shunting effect proportional to frequency. However, it is sometimes 
necessary to take into account these residual quantities even at audio fre-

1 For further information see the references in footnote 2, p. 71. 
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quencies. For example, when measuring very small inductances, such as 
values of the order of 10 �h, the series inductances of the bridge leads and 
resistances are by no means negligible in comparison. Under these 
circumstances, the lead inducl.ances in t.he various anns must either be 
equalized or minimized ; furthermore, variable resistances must he of the 
inductively compensated type, so that as the resistances arc adjusted, the 
inductances that they introduce remain fixed. 

In a properly shielded bridge, these residual impedances are the 
principal factor that determines the accuracy at the higher radio fre
quencies. Their evaluation and minimization accordingly become one 
of the principal considerations involved in radio-frequency bridges, and 

OS<. E oE----0 t>----�O . 

6 �  

Osc. E 

(al Shunt substitution (b)  Series sUbstitution. showinq shielding associated with cum DG 
FIG. 3-12. Substitution method of measurement, as applied to a bridge, showing shunt 
substitution at a, aDd series substitution at b. 

represent a problem that must be worked out with great care for each 
individual design. The solution involves an appropriate combina�ion of 
three approaches, viz., (1) minimizing the magnitude of the residual 
impedances as far as possible, (2) evaluating the residuals so that correc
tion can be made for their effects, and (3) using the substitution method 
of measurement. 

With proper design and careful attention to details, it is possible to 
obtain useful results with bridges operating at frequencies up to about 
200 Mc.' 

Substitution Method as Applied to Bridge Measurements. Tbe principle 
of the substitution method can be understood by reference to the example 
in Fig. 3-12a. Here adjustable standard impedances R. and C. are con
nected in the standa.rd arm. With the unknown capacitance discon
nected, the bridge is balanced in the usual manner. The unknown 
impedance CzB,,, is then connected in shunt with ef, and C. and R. are 

1 For example, see R. A. Soderman, A New Bridge for the Measurement of Imped
ance between 10 and 165 Mc, Gen. Rad. Expt., vol. 24, February, 1950. 
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readjusted to restore balance.1 The unknown capacitance C% and its 
equivalent series resistance Rz (assumed small compared with the react
ance of C.) are then obtained from the changes t;R, and JlC, required in 
R. and C., according to the relations 

Cz = tJ.C, 
(C')' R;f; = I1R, C: 

(3-3a) 

(3-3b) 

where t:.C, and Jln, are the changes in C, and n, obtained when the bridge 
is rebaianced, and C: is the capacitance required in the initial balance. 

A slightly different method of carrying out the substitution principlc is 
illustrated in Fig. 3-12b, where a Schering bridge is employed,'  using 
series substitution instead of the shunt substitution arrangement of Fig. 
3-12a. Here the bridge is first balanced by variable condensers C, and 
Ca with the H unknown" terminals mn short-circuited. This short is 
then removed, and the impedance to b� measured is connected between 
them, after which the bridge is again balanced. The equivalent series 
reactance Xz of the unknown impedance is then the difference in the 
reactance or C. between the two measurements, or 

(3-4a) 

where C: and C:' are the first and second readings of C" respectively. A 

positive sign indicates that X,.. is capacitive, while a negative sign cor
responds to an inductive X,... Similarly, the equivalent series resistance 
R,.. of the unknown impedance is the difference in the equivalent series 
resistances for the two cases, as determined from the adjustment of Co. a 
From the formula for the Schering bridge this is 

Cn C' R � n ·  . ,.. " Cc (3-4b) 

where C: and C:' are the values of Ca for the first and second measure
ments, respectively, while Rb and Cc are as shown in }"'ig. 3-12b. 

Attention is cal1ed to the arrangement of shields for arm DO indicatcd 

in Fig. 3-12b, which eliminates the stray capacitances that are in shunt 

I If the leads arc not properly handled when connecting the condensers in parallel, 
it is possible to introduce errors as great as 1 p.J.if from lead capacitance effects. This 
point is discussed by R. F. Field, Correction Errors in Capacitance Measurements, 
Gen. Rad. Expt., vo!. 21, p. 1, May, 1947 . 

• For further details relating to this ar"rangement, with particular reference to the 
higher radio frequencies, see Sinciair, loco cit. 

• By providing a. variable standard resistance R •• and keeping C .. fixed after the 
initial adjustment with mn short-circuited, then Ra is the change required in R. to 
achieve balance after the unknown impedance has been inserted into the system. 
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with the unknown impedance. This is achieved by surrounding shield 
SI, which is connected to corner D, by shield 82, which is connected to 
corner E. Capacitance between SI and 82 is accordingly placed in shunt 
with the telephone receivers (or other output indicator) and thereby has 
no effect. Capacitance between S2 and ground is placed in shunt with 
arm EG and can be allowed for when adjusting the capacitance Cc to the 
proper value for bridge operation. Capacitance between C.R. and SI is 
effectively in shunt with C. and so merely modifies the calibration of C •. 
lt will be noted that this arrangement eliminates all capacitance between 
G.R. and ground, and so prevents C.R. from placing a stray capacitance 
in shunt with the unknown impedance C-z.R-z. being measured. This is an 
excellent illustration of the value of a properly designed shielding 
arrangement. 

The substitution method has the advantage that the accuracy of the 
measurement depends almost solely upon the accuracy with which one 
knows the changes in impedance of the adjustable circuit elements. Stray 
capacitances anywhere in the circuit, stray couplings, imperfect shielding, 
residual impedances, and inaccuracies in the magnitude and phase angles 
of the impedances composing the other three bridge arms do not introduce 
errors, since these effects are the same both with and without the unknown 
impedance in the circuit. The substitution method is often the only 
means by which reasonable accuracy can be obtained at radio frequencies; 
in addition its use will also still further increase the relatively high accu
racy normally associated with measurements made at audio frequencies. 

Input ami Output Impedances of Bridges, ami Calculation of Bridge 
Sensitivity. 1 In designing bridge systems an important consideration is ' 
the impedance th ... � the bridge presents to the oscillator when the bridge is 
balanced or almost balanced. Under these conditions the current 
through the output branch is either zero or negligibly small, BO that the 
behavior is the same as though the output branch were open-circuited. 
The input impedance of the bridge of Fig. 3-5 when balanced is accord
ingly the impedance formed by Z. + Z. in parallel with the impedance 
Zc + Zd, or 

Input impedance Of ) � (Z. + Z.)(Z< + Z,) 
(3-5) 

bridge Z. + Z, + Z< + Z, 

When viewed from its output terminals, a bridge can be represented by 
the equivalent circuit of Fig. 3-l3b, which consists of an equivalent 
generator V in series with an equivalent source of output impedance 
Z.'l' The value of this equivalent output impedance is, by Thevenin's 
theorem, the impedance that is measured at the output terminals, looking 

1 Also see Raymond J. Wey, A New Treatment of the Wheatstone Bridge Network, 
Wireles8 Eng., vol. 21, p. 308, July, 1944. 
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into the bridge with the oscillator inactive. When the bridge is balanced 
or nearly balanced, this impedance is independent of the internal imped
ance of the oscillator, and so can be calculated on the assumption that the 
oscillator connection is open-circuited. The output impedance of the 
bridge in Fig. 3-13a accordingly has the value shown in Fig. 3-13c, assum
ing that the bridge adjustment approximates balance. For maximum 
sensitivity, the output indicator (such as the telephone receiver) should 
possess an impedance ZL that matches the output impedance of the bridge 
in a manner that provides for maximum power transfer to the indicator. 
If the equivalent output impedance is high, the indicating equipment 

I--E---I 

(a) Bridge 

z .. 

� 
V z, 

I I 
tb) Equivalent output �jrcuit 

(generQl form ) 

Z 
=(Zg+Zd)(Zb+zcl 

eq Za+Zd +Ze,+Zd 
Za Id 

V Et "� 'd ) 
� Z .. +1" - Zc.+Zd 
I 

(c) Equivalent output circuit 
(fa' bridg< of (all 

FIG. 3-13. Equivalent input and output circuits of a bridge. 

z. 

I 

should then also present a high load impedance ZL to the bridge, and vice 
versa. 

The equivalent voltage V acting in series with the equivalent circuit 
of Fig. 3-l3b is, according to TMvenin's theorem, the potential that 
appears across the output terminals when these are open-circuited. This 
voltage will depend upon the adjustment of the bridge, being zero with 
balance, and increasing as the bridge becomes unbalanced. It value 
can be calculated as indicated in Fig. 3-l3c. 

Bridge Oscillator and Detector. A wide variety of arrangements can be 
employed to detect the bridge output. In the frequency range 250 to 
5000 cycles telephone receivers are customary, usually connected directly 
to the bridge through a transformer, but sometimes in association with an 
amplifier (preferably tuned) to increase sensitivity. At lower and higher 
audio frequencies, where the ear is not particularly satisfactory as an 
indicating device, a tuned amplifier with visual output indicator such 8.8 
a meter or cathode-ray tube is common.l When available, a wave 
analyzer forms a convenient tuned-amplifier-indicator combination. 

1 Arrangements have been devised for presenting a visual indication of the balance 
on a cathode-ray tube in a manner that shows separately the conditions of the bal
ances for the resistance and reactance components. This is achieved by synchroniz-

, 



SEC. 3-51 C I R C U I T  C O N S T A N T S  O F  L U M P E D  C I R C U I T S  83 

At radio frequencies an ordinary radio receiver is customarily employed 
as a bridge indicator. The only special consideration involved is that 
the receiver, and also the leads between its input and the bridge output, 
should be shielded in order to prevent direct coupling with the oscillator. 
It is also sometimes desirable to disconnect the automatic volume control 
of the receiver, and replace it with a manual control. 

The amount of oscillator power required to operate a bridge is deter
mined by the sensitivity of the indicator employed to detect the bridge 
output. When a telephone receiver is used without amplification, an 
oscillator power of 50 to 200 mw is generally adequate in the frequency 
range 500 to 2000 cycles, where the ear is most sensitive. More power 
will be required at lower and higher audio frequencies unless amplification 
is employed, in which case the power required will depend upon the 
amount of amplifica.tion. In radio-frequency bridges, the power used to 
operate may be quite small, since the radio receivers employed as output 
indicators are quite sensitive. 

The bridge oscillator may be of any convenient type having the 
required power and frequency. However, it is generally desirable that 
the waveform be relatively free of harmonics. This arises from the fact 
that the bridge adjustment which gives balance for the fundamental fre
quency will commonly not result in a balance for the harmonic com
ponent, either because the bridge is of a type in which the condition of 
balance depends on frequency (such as the Wien bridge), or because the 
impedance being measured has a loss, or an effective inductance, or an 
effective capacitance, that depends upon frequency,1 A tuned indicator 
will of course eliminate this .problem by suppressing the interfering 
harmonics. Good waveform therefore becomes of prime importance only 
in the audio-frequency case where the indicator is a telephone receiver ; 
here extremely low harmonic content is very advantageous. 

At radio frequencies it is impQrtant that the oscillator be shielded and 

iog the horizontal sweep of the cathode-ray tube with the bridge oscillator in a suitable 
phase relation, and then applying the output of the bridge to the vertically deflecting 
electrodes. The result is an elliptical pattern, in which the tilt of the axis is controlled 
by the resistance component of the bridge balance, while incorrect reactance balance 
causes an opening up of the ellipse. For further information see H. W. Lamson, 
Electronic Null Detector for Impedance Bridges, Rev. Sd. Instruments, vo!. 9. p. 272, 
September. 1938; E. H. Eveland, A Cathode-ray Bridge Detector, Bell Labs. Record, 
vo!. 23,· p. 93. Marc.h, 1945. These papers also discuss tuned amplifiers suitable for 
use with bridges. 

1 Similar harmonic effects are also produced when the impedance being measured 
has 8. nonlinear characteristic, as when a magnetic core or a. nonlinear resistance is 
involved. This situation requires either that a tuned indicator be used, or t.hat the 
amplitude of the oscillator output be reduced to the point where the nonlinear effects 
a.rc not excessive. 
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that it be connected to the bridge through a shielded cable, in order ·to 
minimize any direct leakage of energy from the oscillator to the bridge 
indicating system. When available, a signal generator makes an excellent 
source of energy for operating a radio-frequency bridge, but simpler 
arrangements are satisfactory provided they are at least moderately well 
shielded. 

3-6. Twin-T and Bridged-T Null Networks.' The Wheatstone bridge 
with its four impedances arranged on the sides of a square is not the only 
network that gives zero transmission between input and output terminals 
for some particular adjustment of the ci.rcuit constants. Equivalent 

I, ..L I, i;\ 
Z, 

� � T Output 
r;;: 1;;p;rr ..L '. 

z' , 

z: T Z� r2 
FIG. 3-14. General form of twin-T 
network. 

arrangements that find extensive use are 
provided by the twin-T and bridged-T 
circuits. 

The twin-T network, also sometimes 
called the parallel-T network, is shown 
schematically in Fig. 3-14. It consists 
of two unlike T networks arranged 
with input and output terminals in 
parallel. Zero output is obtained when 
the circuit impedances of the individual 
branches are so arranged that the trans

mission through the two T networks to the output terminals is equal in 
magnitude but opposite in phase ; this corresponds to the condition for 
balance in a Wheatstone bridge The twin-T arrangement has the 
desirable feature, not present in a bridge, of possessing a common input 
and output terminal which can be grounded. This eliminates the 
necessity of the shielded transformer required with the Wheatstone 
bridge, and simplifies the shielding problem. The twin-T arrangement 
also lends itself to simple circuit layouts which minimize stray capaci
tances and residual reactances. 

In analy:.:ing the behavior of the twin-T arrangement under conditions 
corresponding to balance, it is convenient to assume that the output 
terminals are short-circuited, and then to determine the conditions for 
which the short-circuit currents transmitted through the individual T 
networks will be equal and opposite. The output current il for the T 
network ZlZ2Za, assuming that the output terminals are short-circuited, 
is2 

I For further information see W. N. Tuttlc, Bridgcd-T and Parallel-T Null Cir
cuits for Measurements at Radio Frequencies, Proc. IRE, vo!. 28, p. 23, January, 1940. 

t This relation is derived as follows: Assuming the output terminals are short-cir
cuited, then the impedance offered by the input terminals to an applied voltage el is 
Z. = ZI + Z2Z./(Zt + Z,), and the input current i. - e/Z.. The part il of i. that 
flows through Z, is then il - i.Zt/(Z: + Z.) = eZ,/Z.(Z2 + Z.). This readily 
reduces to Eq. (3-60) by substituting for Z •. 
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_ e 
tl = Z, + Z. + (Z,Z./Z.) (3-6a) 

where e is the input voltage, and the impedances are as indicated in Fig. 
3-14. Similarly the current ·i� simultaneously transmitted through the 
short-circuited load by the second T network is 

., e 
tl = Z� + Z� + (ZiZVZ;) (3-6b) 

Zero output, corresponding to balance, will result when it + i� = 0 i  the 

C' 

Rp 

C" 

Unknown 
impedance 

t---Inpul--""':--Oufpul--� 
(oscillator) 

C, 
�( • 

R, 

Input 

=' �Cl 

C, 
I 

R 

( 0 1  (b) 

FIG. 3�15. Examples of twin-T circuita. 

general null condition accordingly becomes 

Z + Z + 
Z,Z. + Z' + Z' + Z;Z; = 0 1 3 Z2 1 a z; 

C, 
I' 1\ 

Iput-

(3-7) 

Examples of twin-T circuit arrangements that have heen found to he of 
practical value are shown in Fig. 3-15, together with equations for balance. 
The arrangement of Fig. 3-15a is particularly suitable for the general run 
of impedance measurements at radio frequencies where the impedances to 
be determined are not too small in magnitude. 1 For this purpose it com
plements the rawo-frequency Wbeatstone bridge of Fig. 3-l2b, which 
tends to be most suitable in dealing with low and moderate impedances. 
The substitution method is normally employed for measuring impedances 
with this circuit. The procedure consists first in making a preliminary 

1 This circuit is discussed in considerable detail by D. B. Sin clair, Thc Twin-T, a 
New Typc of Null Instrument for Measuring Impedance at Frequencies up to 30 
Megacycles, Proc. IRE, vo!. 28, p. 310, July, 1940. 
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balance before connecting the unknown impedance. This is done by 
adjusting Co and C2 to values C� and C� as required to give zero output. 
The unknown impedance is then connected in shunt with Co and L and 
the network brought back to balance by rcudjusl.ing Co and C2 to the 
values C�' and C;' required to restore balance. The reactance and the 
equivalent parallel resistance of the unknown impedance are then given 
by the equations 

1 
Reactance of unknown = w(C; C',') (3-8a) 

Equivalent parallel resistance I _ Cl 1 
of unknown reactance - RwC'C" w(C;' C;) (3-8b) 

The results obtained in this manner are quite accurate even up to very 
high frequencies. By suitably calibrating the variable condensers C, 

and C 2 the arrangement can be 
direct reading in reactance and 

z, 

Input z, 

z, 
resistance for a specified frequency. 

The twin-T arrangement of Fig. 
3-15b is equivalent to a Wien 

Output bridge. This arrangement has 
been used to measure audio-fre
quencIes. It also finds extensive 

FIG. 3-16. General form of bridged-T application as a. feedback network 
in degenerative resistance-tuned 
selective amplifiers and oscillators. 

network. 

The bridged-T circuit is shown schematically in Fig. 3-16, and is a 
degenerated form of the twin T in which the shunt impedance Z� of Fig. 
3-14 has become an open circuit. The general balance equation for the 
bridged-T network accordingly follows directly from Eq. (3-7), and in the 
notation of Fig. 3-16 is 

Z Z ZIZ, Z 1 +  , + ---z;- + . = 0 (3-9) 

Because the bridged-T network is a degenerated form, it has less flexi
bility, and finds fewer applications as a substitute for the Wheatstone 
bridge, as compared with the twin-T arrangement. 

Examples of practical bridged-T networks, together with equations for 
balance, are given in Fig. 3-17. The circuit of Fig. 3-17a is useful in the 
measurement of incremental inductance (see Sec. 3-11), and also has been 
proposed for determining the inductance and Q of radio-frequency coils. 
The circuit of Fig. 3-17b has been used to compare coils, and is also suit
able for the measurement of impedance by the substitution method. In 
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the latter case, a variable condenser and the unknown impedance are 
connected in parallel with each other and in parallel with L .. and the 
unknown reactance and its equivalent shunt resistance determined from 
the readjustments required in the variable condenser and the resistance 
R, respectively, to restore balance when the unknown is removed.1 

The twin-T and bridged-T networks are troubled with stray capaci
tances and residual circuit impedances just as are Wheatstone bridges. 
This results in errors, particularly at the higher frequencies, where the 
effect of the residual and stray parameters is greate�t. The situation 
with these networks is handled in the same manner as in Wheatstone 

ls Rs 

:T:  Input R output 

2 , wLs· wC Rs" R(WC)l 
( . , 

R 

0 �(7,J 0 
G G 

Input L, R, Ou!�;.st 

, , . wlp" ZwC Rp" R(WC)2 
(bl 

FIG. 3-17. Examples of bridged-T networks. 

bridges, by appropriate shielding, by arranging matters so that effects of 
the stray and residual parameters are least harmful, and by employing 
the substitution method of measurement. The details involved differ 
from the Wheatstone-bridge case because of the different circuit arrange
ments, but if anything the problems are simpler than with bridges as a 
result of the fact that no shielded transformer is required. The general 
principles that must be given consideration are the same, however, as is 
likewise the general method of attack.' 

3-7. Resistance and Q of Resonant Circuits. The resistance and Q of 
a resonant circuit can be determined in a number of ways. An obvious 
method of obtaining the resistance is to use a radio-frequency bridge or a 
twin-T null network. When such equipment is conveniently available, 

1 An excellent discussion of the practical possibilities of the two circuits of Fig. 3-17 
for the null measurement of circuit constants, is given by W. N. Tuttle, Bridged-T and 
ParaUel-T Null Circuits for Measurements at Radio Frequencies, Proc. IRE, vol. 28, 
p. 23, January, 1940. This reference also includes a consideration of the effects of 
stray eapacitances and residual impedances. 

2 An excellent discussion of the effects of the residual and stray parameters, with 
particular reference to the problem of accurate impedance measurement at radio fre
quencies, is given by D. B. Sinclair, A Radio-frequency Bridge for ImpedanceMeasure
ments from 400 Kilocycles to 60 Megacycles, Proc. IRE, vol. 28, p. 497, November, 
1940; also see 1. G. Ea.ston, Corrections for Residual Impedances in the Twin-T, Gen. 
Rad. Expt., vo!. 19, p. 4, Janua.ry-February, 1945. 
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and CQVUS the frequency range required, this method is very satisfactory. 
The series resistance of resonant circuits may be measured by arranging 
the circuit as a series circuit in a resonance bridge, and then determining 
the equivalent series resistance. Alternatively, one may measure the 
parallel resonant impedance of a tuned circuit with the aid of twin-T net
work, which is more suitable for measuring high impedances at radio 
frequencies than is a Wheatstone bridge. 

In addition to these bridge or null methods, a number of other arrange
ments are in common use for determining circuit resistance and Q. Some 
of these methods measure Q, others the series resistance R ;  in any case 
these two quantities are related to each other through the inductive 
reactance wL or capacitive reactance l/wC of the circuit by the equation 

Q _ 
wL _ l/wC 

- n:  - ----n (3-10) 

True and A pparent Resistance, Q, and Inductance. In making measure
ments on resonant circuits, it is necessary to distinguish between the true 

R d b 
FIG. 3-18. Resona.nt circuit 
showing rela.tionship of dis
tributed capacitance C. to 
coil terminals ab. 

and apparent series resistance, Q, and induct
ance of the circuit. A typical resonant circuit 
is illustrated in Fig. 3-18. Here the circuit 
inductance L has associated with it a distrib
uted capacitance Co and is tuned to resonance 
by condenser C. The circuit resistance R is 
usually due almost entirely to losses in the 
coil; it is therefore shown in series with the 
inductance. While the condenser C will have 
some series resistance, this is usually negligible 
. . m cornpaflson. 

In this slightly idealized circuit the true 
inductance of the circuit is L, the true series 

resistance is R, and the true circuit Q is wL/ R. However} if the inductance 
is viewed from its terminals ab across which the tuning capacitance C is 
connected, then the situation is somewhat different. The equivalent 
inductance that appears to the left of terminals ab is now greater than the 
inductance L ;  this is the apparent inductance and has the value! 

I This rela.tion is derived by noting that if the resistance R is neglected, the imped
"nee of L and Co in parallel is 

jwL(1/jwCo) jwL 
jwL + (l/jwCo) "'" -w""L?C".-+;-;1 

Thus the equivalent inductance is L/(1 - w1LCo). Substituting the resonant condi
tion ",' ,. I/L(C + C.) gives Eq. (3-11a), while substituting rn' - f.,J1/wo', where 
wot _ l/LOo, gives Eq. (3-11b): 

I 
I I 
I 
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. C + Co 
Apparent mductance = L 

C . 

Apparent inductance = 1 L , - T.1. 

(3-11a) 

(3-11b) 

where C is the capacitance required to tune the coil to resonance at the 
frequency for which the apparent inductance is desired, and m is the ratio 
of this frequency to the frequency at which the distributed capacitance 
Co acting alone is in resonance with the coil inductance. Similarly, the 
equivalent series resistance that appears to exist to the left of the termi

nals ab is greater than the actual series resistance R of the circuit as the 
result of the presence of distributed capacitance Co. This enhanced 
resistance is termed the apparent resistance, and has the value 

. (C + Co)' R 
Apparent resIstance = R 

C = ("1-::"=,:.,),,, (3-12) 

The ratio of the apparent inductive reactance to the apparent series 
resistance gives the apparent Q, which accordingly is 

C 
Apparent Q = (true Q) 

C + Co 
= (true Q)(1 - m') (3-13) 

Equations (3-11) to (3-13) apply strictly only to tbe part of the circuit 
in Fig. 3-18 that is to the left of ab. However, since in most instances 
the series resistance of the capacitance C is negligible, these relations 
that give the apparent series inductance, apparent Q, and apparent series 
resistance of the coil, can also ordinarily be used to define the relationship 
between the corresponding apparent and true quantities for the entire 
resonant circuit. 

The value Co of the distributed capacitance can be determined as 
explained in Sec. 3-10. 

The true and apparent values commonly differ appreciably. For 
example, when ColC = }{o in Fig. 3-18, which corresponds to 
m = 0.30, then the true resistance is only 83 per cent of the apparent 
resistance, while the true and apparent Q and inductance differ by 9 per 
cent. 

It will be noted that the difference between the true and apparent 
values of a circuit is essentially a difference in reference point in the 
circuit. The true values correspond to a reference point such as d that is 
in series with the total capacitance that tunes the circuit (including dis
tributed capacitance) ; in contrast, the apparent values refer to a reference 
point b that is in series with the tuning c.ondenser C but is not in series 
with the total effective capacitance that is present in the system. 
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Separation of Losses. The following methods of measuring circuit 
resistance and Q give" the total resistance of the circuit, but say nothing 
as to how this total is distributed between the coil and condenser. When 
well-constructed air-dielectric conden�ers are used for tuning, the con
denser losses are quite low, and under most practical circumstances it is 
permissible to assume that the coil is responsible for substantiaUy the 
entire circuit loss. 

When it  is desired to know the exact division of losses between coil and 
condenser, it becomes necessary to make a separate investigation of the 
condenser losses. The coil losses can then be determined by subtraction 

. 7i.m/nq capaC/fcmce r,- - - - - - - - - -- r - - - - - - - - -- j  
I I 1 <  ,- , I I 1 <1 I 
I + I 1 <"1 : , = ,  Vacuum- 'f I �.:.." I 
I =: I fub� C ? '  E I g: .1·C 
I I Ivollmefer I <:'.>/ .... ft�/slrJoufed " ' " � I capacdance 

I r-e""'1 <>J I 
I I __ J 
I [ tCoJ! under 
, , lest 
L _ _

_
_ 

-: _ _ _ _ __ L _ _ _ _ _
_

_ _ _
_ _  Thermocouple I( Oscillator • meter 

FIG. 3-19. Simplified diagram of Q meter. 

of the condenser resistance from the measured total resistance of the 
circuit. A discussion of condenser losses is given in Sec. 14-1. 

Q Meter. The Q meter is the most widely used means of obtaining 
circuit Q. The fundamental circuit diagram of the Q meter is shown in 
Fig. 3-19. Here a small voltage e is introduced in series with the tuned 
circuit under test by passing a known current through a small resistance 
R, as shown. The circuit under test is then tuned to resonance with the 
oscillator frequency (or the oscillator frequency is adjusted to the resonant 
frequency of the circuit), and the voltage E developed across the tuning 
condenser is observed on a vacuum-tube voltmeter. The circuit. Q is 
then taken as Q 

= E / e. 
The results obtained in this way involve certain approximations. 1 In 

the first place, the resistance R, and also the input resistance of the 
vacuum-tube voltmeter, are charged against the resonant circuit. By 

t For furthe� discussion see V. V. L. Rao, The Q Meter and Us Theory, Proc. IRE, 
vol. 30, p. 502, November, 1942. A modified form of Q meter having some advantages 
at very high frequencies is described by A. J. Briggs and J. E. Houlden, The Develop
ment of Q Meter Methods of Impedance Measurement, Proc. lEE, vol. 96, pt. Ill, 
p. 295, July, 1949. 
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proper design the vacuum-tube yoltmeter will have negligible losses, 
except possibly at extremely high frequencies where transit-time effects 
become significant. The effect of resistance R is to augment the series 
resistance of the circuit, thereby causing the observed Q to be low, accord
ing to the relation 

1 
Actual Q = (observed Q) 1 + (RjR.) (3-14) 

where R6 is the apparent series resistance of the circuit. By making R 
small (a value of 0.04 ohm is used in typical commercial Q meters), the 
difference between the observed and actual Q is negligible except when 
the series resistance of the circuit under test is unusually low. 

A second approximation in the indication of the Q meter is usually more 
serious. It arises from the fact that the Q meter measures apparent Q, so 
that if the coil has distributed capacitance, then the true Q of the circuit 
under test is higher than that indicated by the Q meter. 

Q meters are widely used for the measurement of coil Q and coil induct
ance, and generally in measurements which involve substitution in a 
tuned circuit (see Sec. 3-5). The commercial instruments for this pur
pose are provided with a calibrated tuning condenser so that the apparent 
coil inductance can be determined from the condenser setting and the 
oscillator frequency. In these instruments, the injected voltage e is held 
at a predetermined value, such as 0.02 volt, and the vacuum-tube volt
meter is then calibrated directly in Q rather than volts. 

Resistance-neutralization Method of Measuring Parallel Impedance of a 
Tuned Circuit.' In this method, an adjustahle negative resistance is con
nected in parallel with the condenser of the tuned circuit being measured. 
The magnitude of this negative resistance is varied until oscillations are 
just on the verge of being started. The negative resistance required 
thus to neutralize the positive resistance of the circuit is exactly equal in 
absolute magnitude to the parallel resonant impedance of the tuned 
circuit. If the series resistance or the Q of the circuit is desired, they 
may he obtained from the relations 

True Q 

T 
. .  (wL) , 

rue serIes resistance = � 
(3.15) 

(3-16) 

Here Rn is the negative resistance required to neutralize the resistance of 
the circuit, and L is the true inductance. No error is caused by dis-

I Iinuma Hajime, A Method of Measuring the Radio-frequency Resistance of an 
Oscillatory Circuit, Proc. IRE, vol. 18, p. 537, March, 1930; Resonant Impedances 
and Effective Series Resistance of Shortwave Parallel Resonant Circuita, Proc. IRE, 
vol. 19, p. 467, March, 1931. 
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tributed capacitance, stray wiring capacitance, and tube capacitance, 
as these merely assist the tuning condenser in bringing the circuit to 
resonance. 

The required adjustable negative resistance can be obtained in a num
ber of ways with the aid of vacuum tubes.1 One method, illustrated in 
Fig. 3-20, utilizes the negative plate-cathode resistance of a screen-grid 
tube operated as a dynatron. An alternative possibility is a pentode 
tube connected as a transitron. In either case the magnitude of the 
negative resistance can be adjusted by varying the control-grid bias of 
the tube. 

The value of negative resistance corresponding to neutralization of the 
circuit resistance can be conveniently determined by an audio-frequency 
measurement, using a bridge designed to measure negative resistance, as 
discussed in connection with Fig. 3-36. An alternative procedure, suit
able for use with the dynatron, consists in adding a small increment to 

BiasQdjv.sfmenf fOr I(Qr,ymg negativl reslsftjm;e-�\ 

�\�h 
Circvif vnder feS�) 

By·pass com;(�nser 
FIG. 3-20. Schema.tic diagram illua-
trating the resistance-neutralization 
method of measuring the resistance of a 
resonant circuit. 

the plate voltage and observing the 
resulting change in plate current. 

3-8. Variation Methods of Meas
uring Q and Resistance. Resislance
variation Method of Measuring 1'uned
circuit Resistance.2: The resistance
variation method of determining the 
resistance of tuned circuits makes 
use of the fact that at resonance the 
current in a circuit is equal to the 
applied voltage divided by the series 

resistance of the cir�llit.. If the applied voltage is kept constant, it is then 
possible to deduce the actual circuit resistance by the current change that 
results when a known resistance is added in series with the circuit. 

Circuit arrangements suitable for carrying out the necessary measuring 
operations are shown in Fig. 3-21a. The circuit under test is loosely 
coupled to a driving oscillator, and has in series with it a thermocouple 
milliammeter AI and an adjustable resistance R. The circuit is first 
tuned to resonance with the driver by means of condenser C, and the 
current in the mil1iammeter is observed when the added resistance R is 
zero. A known amount of resistance R is then added, the circuit is 

1 A good summary is given by E. W. Herold, Negative Resistance and Devices for 
Obtaining It, Proc. IRE, vol. 23, p. 1201, October, 1935. 

t A good discussion of the considerations involved in carrying out this method is 
given by D. B. Sinc1air, Parallel-resonance Methods for Precise Measurements of 
High Impeda.nce at Radio Frequencies and a Comparison with the Ordinary Serics
resonance Methods, Proc. IRE, vol. 26, p.l 466, December, 1938. This paper contains 
a. bibliography of 138 titles. 
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retuned to resonance (if this is necessary) without changing the coupling 
to the driver, and the resulting current noted. The apparent series 
resistance of the circuit is then! 

Apparent series resistance ) = R 11 
of tuned circuit 10 - 11 (3-17a) 

where 10 and 11 are the thermocouple currents when the added resistance 
is, respectively, zero and R. If R is adjusted until 11 = 0.510, then the 
apparent series resistance equals R ;  this condition also gives maximum 
accuracy. 

l....-- Circuit 

L I under testi O/s/r/buled 
capCldlance 000' I 

coup/in" ........ I ,-,---,71 ofco// , , , , Dri� i ->- c OSCil� t 
. I Added Eledrosfakc --i "L� ''-;''''8 resislanee 

.shield '7 'J 
Thermocouple 

meter 

(0) Circuit 

I 
I 
, 
I 
I 
, 
I 1 1 ,,01 

c l  0 ,  
,.? 

I 1 
I 

- I  :' 1 ° 1  ..,. 
frequency or capacitance 

( b )  Re50nance curve 
FIG. 3-21. Circuit a.rrangement (or measuring radio-frequency resistance by variation 
methods, together with resonance curve showing how response is much less critical 
with respect to small changes in frequency and capacitance at resonance than on the 
sides of the resonance curve. 

A modification of the arrangement shown in Fig. 3-21a consists in 
using a vacuum-tube voltmeter connected across the capacitance C as an 
indicator, rather than the milliammeter. The procedure in using a 
vacuum-tube voltmeter is the same as outlined above, except that 11 and 
10 in Eq. (3-17a) are replaced by the corresponding voltages E, and Eo. 

In order to obtain accurate results with the resistance-variation 
method, it is necessary that the current through the coupling coil Lt: be 
constant throughout the measurement and that the only coupling between 
the oscillator and the circuit under test be inductive. These require
ments can be most satisfactorily met by loose coupling between the two 
circuits, and by the use of an electrostatic shield as shown in Fig. 3-21a. 

The resistance of the thermocouple heater in Fig. 3-21a is included in 
the apparent circuit resistance calculated from Eq. (3-17a) and must be 

I The derivation of Eq. (3-17a) follows: If Eo is the voltage induced in the cir
cuit, and Ro is the a.pparent resistance of the circuit, then with no added resistance 
10 - Eo/Ro, while, when the resistance R has been added, I. = Eo/(Ro + R). Solving 
these two equations to eliminate Eo leads to Eq. (3-17a). 
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subtracted for accurate results. When a vacuum-tube voltmeter is used 
as an indicator, then if the voltmeter has an input resistance R. that is 
shunted across the tuned circuit, the true series resistance as determined 
from the experimental results is greater than the actual value by an 
amount R,/(wL)2, where L is the true inductance of the coil. 

To avoid errors from capacitances to ground, it is necessary to ground 
one side of the condenser and place the milliammeter and added resistance 
all the grounded side of the circuit, as shown in Fig. 3-21a. The added 
resistance must have negligible skin effect and a reasonably good phase
angle characteristic. It commonly consists of a short link of resistance 
wire, although a high-grade decade resistance box can be used at broadcast 
and lower frequencies. For best results the added resistance should be 
of the same order of magnitude as the circuit resistance being determined. 

The resistance as determined by the resistance-variation method is the 
apparent series resistance referred to the point R in the circuit of Fig. 
3-21a. If the coil has distributed capacitance as indicated by the dotted 
condenser in the figure, this apparent resistance is more than the true 
series resistance according to Eq. (3-12). 

A modification of the resistance-variation method consists in observing 
the voltage Eo developed across the tuned circuit at resonance and then 
shunting a known resistance R in parallel with the circuit, retuning to 
resonance (if necessary), and noting the resulting voltage El. Then 

• 
Parallel resonant impedance I = R, = R 

Eo - E, 
of tuned circuit (true value) E, (3-17b) 

The relationship between true parallel resonant impedance R2 and true 
series resistance RI is 

(WL)2 
R-;- (3-18) 

where wL is the reactance of the true (not apparent) inductance of the 
tuned circuit. 

Reactance-variation Method of Measuring the Resistance and Q of Tuned 
Circuits.! In this method, also called the capacitance-variation method, 
the circuit under test is loosely coupled to a driving oscillator of the 
desired frequency using the circuit arrangement of Fig. 3-21a, and the 
induced current 10 observed at resonance. The tuning capacitance of the 
circuit under test is then increased to some value C 2 at which the current 
has dropped to some convenient value .I 1, after which the capacitance is 

1 A good discussion of this method, with particular reference to sources of error, is 
given by D. B. Sinclair, Parallel-resonance Methods for Precise Measurements of 
High Impedances at Radio Frequencies and a Comparison with the Ordinary Series
resonance Methods, Proc. IRE, vol. 26, p. 1466, December, 1938. 
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reduced to a value Cl such that the current is again reduced to the value 
11, Then" ! 

(3-19) 

where Co) is 2r times the driver frequency. The resistance as measured 
includes the heater resistance of the thermocouple meter used to read 
current. Maximum accuracy results when the detuning is such that 
I, = 0.70710; under these conditions the quantity under the radical 
becomes unity. 

The resistance obtained from Eq. (3-19) will be the apparent series 
resistance if, as is usually the case, the capacitances Cl and e2 are taken 
as the added tuning capacitances, i.e., do not include the distributed 
capacitance of the coil. To obtain the true series resistance a correction 
must be made by using Eq. (3-12). If C, and C, do include the dis
tributed capacitance, or if the distributed capacitance is negligible, then 
Eq. (3-19) gives true series resistance. 

The circuit for the reactance-variation method is the same as that used 
for resistance variation (see Fig. 3-21a). However, no added resistance 
need be provided, and the tuning condenser must either be accurately 

1 This equation can be derived as follows: When tuned to resonance, 

E, - loR 

where Ea is the voltage induced in the circuit, and R is the series resistance. When 
detuned, the circuit h0.8 a reactance !lX, 80 that the series impedance is R + j tJ.X. 
Hence 

Eo - 11 VR· + 6.X' 

Solving these two equations simultaneously yields 

Now 2 l1X  ... (1/(4CI) - (l/wC,), and Eq. (3-19) follows at once when this relation is 
used to eliminate aX. 

t An alternative procedure consists in expressing the apparent series resistance in 
terms of Co - Ct, the difference between capacitance Co at resonance and the detuned 
capacitance Cl corresponding to It. The results obtained this way are related to 
Eq. (3-17a) through the fact that to a high degree of accuracy, 2(Co - Cl) - c, - Cl 
and C1C, = Co'. 

Although it might .seem that this alternative is of equal merit, this is not the case. 
The reason is that the flat top of the resonance curve makes it impossible to determine 
accurately the value of Co corresponding to resonance merely by observing the circuit 
voltage or current response. In contrast, Ct and Ctcan be determined quite accurately 
in relation to J J because the response on the sides of the resonance curve varies rapidly 
with tuning capacitance. This is illustrated in Fig. 3-21b. 

) 
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calibrated or, what is still better, be shunted by a small calibrated vernier 
condenser. 

The measuring procedure described above is sometimes modified by 
observing the variation in response on a vacuum-tube voltmeter shunted 
across the tuning condenser, and omitting the thermocouple. In this 
case, assuming C2 - Cl « Cl, one has to good accuracy 

S
. .  C, - C, � E,' 

erles resistance = 2 C C E ' E ' W 1 2 1 0  - 1 (3-20) 

where the notation is as before except that Eo is now the voltage read by 
the voltmeter at resonance, and El is the voltage read by the voltmeter 
when the tuning capacitance is either C, or C,. Equation (3-20) follows 
from Eq. (3-19) by noting that if Co, C" and C, differ only very slightly in 
magnitude, as is the case if the circuit Q is at least moderate, then the 
voltage across the circuit is almost exactly proportional to the current in 
the tuning condenser. Input losses of the vacuum-tube voltmeter cause 
the experimentally determined series resistance to be too high; if the error 
involved is appreciable, a correction must be made, as explained in con
nection with the resistance-variation method. 

The reactance-variation method can be used to give Q directly by 
noting tbat for all practical purposes Co � VC,C, � (C, + C,)/2, and 
that at resonance Q � (l/wCo)/R, where R is the series resistance and Co 
is t,he tuning capacitance at resonance. Making these substitutions in 
Eqs. (3-19) and (3-20) gives 

(3-21a) 

(3-21b) 

The values of Q calculated from these equations will be either the true 
or the apparent Q, according to whether the values of Co, Cl, and C2 
include or do not include the distributed capacitance of the coil, respec
tively. In the latter case the true Q can be calculated with the aid of 
Eq. (3-13). 

Frequency-variation Method of Measuring the Q of Tuned Circuits. In 
this method of measurement, the circuit under test is loosely coupled to 
an oscillator, as in Fig. 3-21a, and the response at resonance noted. The 
frequency of the driving oscillator is then increased to some value 
12 = W2/21r at which the response has dropped to a convenient reference 
value, after which the frequency is decreased to below resonance to a 
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value /1 = wl/21r at which the response is the same as at /2- It can then 
be shown that to an accuracy sufficient for all practical purposesl,2 

I. 

(3-22) 

where h and 11 are the frequencies above and below resonance for which 
the circuit response (either voltage or current) is Dl, and /0 is the fre
quency at resonance, where the response is Do. The Q obtained in this 
way is the true Q, DO correction being required for distributed capacitance 
of the coil. Losses in the indicating instrument do, however, make the 
experimentally determined values lower than the actual circuit Q. Cor
rection for this effect can be made in the same manner as in the resistance
variation method. Maximum accuracy is obtained when DJ = O.707Do ;  
this condition makes the radical in Eq. (3-22) become unity. 

The accuracy of the frequency-variation method is determined largely 
by the precision with which 1'1. - 11 is known. This can be made very 
great by measuring the difference directly by using a beat-frequency tech
nique instead of determining 12 and I, individually and then subtract
ing to obtain their small difference. 

3-9. Impedance Measurement by Substitution in Tuned Circuits with 
Lumped Constants. A very common method of determining an imped-

1 This relation assumes that f: - fo = /0 - f1. that b - /0 « /0, and that circuit 
resistance and Q do not change significantly over the frequency range" to /2. On the 
basis of these assumptions, the relation of the response D1 at a frequency f1 - fo cycles 
off resonance to the response Do at resonance is, assuming R and L are the true circuit 
resistance and inductance, respectively, 

D, 
1 R 

Do = R + j27r(fz 
or, noting that b - " = 2(/: - fo), 

D, I 

!.lL X 2 1 

D. � 1 + j (2T!.L�) 
R !. (D')' 1 Do � I + Q' (I' !. f,) ' 

Solving for Q givcs Eq. (3-22). 
2 An altcrnative procedure is to express the circuit Q in terms of the difference 

10 - /1, instead of the difference b - It. However, as explained in footnote 2, 
page 95, this results in lowered experimental accut:acy, since as shown in Fig. 3-21b 
the flat top of the resonance curve makes the response insensitive to frequency in the 
vicinity of resonance. In contrast, f: and " can be quite accurately determined 
because the response on the sides of the resonance curve varies rapidly with frequency. 
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ance consists in associating it with a resonant circuit. The reactance 
component of the unknown impedance is then determined by the change 
of tuning capacitance necessary to restore the original resonant frequency 
after the unknown impedance has been added. The resistance or con
ductance component at the unknown impedance is obtained from the 
change in Q, or the change in series or shunt resistance or the resonant 
circuit, resulting from the introduction of the unknown impedance. 
Measurements of this type are usually made with a Q meter, using a coil 
supplied with the instrument to provide an appropriate resonant circuit. 
Other methods for measuring the characteristics of the resonant circuit, 
such as the reactance-variation method using a calibrated tuning con-

G 

z. 

denser (see Fig. 3-21a), may, however, 
r'- be employed with equally satisfactory 

results. Yx 
The unknown impedance may be placed 

�_-<,-_'r'-, either in series or in shunt with the resa-

(11) Series (b) Shunt nant circuit, as illustrated in Fig. 3-22. 
substiMion sUbstitution The choice of arrangements depends upon 

FIG. 3-22. Schematic diagrams the magnitude. When the unknown im
illustrating measurement of im- pedance is small compared with the 
pedance and admittance by sub-
stitution in a resonant circuit. inductive reactance of the tuned circuit, 

then it is always connected in series, as 
illustrated in Fig. 3-22a ; alternatively, when the unknown impedance is 
large compared with the inductive reactance of the resonant circuit, it is 
ordinarily connected in shunt, as in Fig. 3-22b. Intermediate values may 
employ either method of connection, provided only that the power factor 
of the unknown impedance is not too high. However, if the unknown 
impedance is of the same order of magnitude as the inductive reactance 
of the resonant circuit, and the power" factor is quite high, then the losses 
introduced into the resonant system by association with the unknown 
impedance are so great as largely to destroy resonance. The method of 
measurement involving substitution in a resonant circuit as in Fig. 3-22 
is then not satisfactory. 

When the series substitution arrangement of }'ig. 3-22a is employed, 
the unknown impedance Z� is determined in terms of its equivalent series 
resistance and reactive components R� and X� (that is, Z� = R� + jX�). 
The measuring procedure is as follows : With the unknown impedance 
short-circuited or otherwise removed from the system, the tuned circuit is 
adjusted to resonance at the frequency for" which the results are desired. 
The circuit Q (or series resistance R) is next determined, and the value 
of tuning capacitance C required is likewise noted. The unknown imped
ance is then connected in series with the circuit, and the tuning capaci
tance readjusted to a new value C' required to restore the original 
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resonant frequency. The circuit Q (or series resistance R') is determined 
with the unknown impedance in the circuit. The roHowing relations then 
exist between the values obtained with and without the presence of the 
unknown impedance: 

1 I I C - C' 
X

. = wC' - wC = wC C' 
(3-23) 

Q - Q' , R. = wL QQ' = R - R (3-24) 

Here the results obtained with the unknown impedance ill the circuit are 
indicated by primes. The values in Eq. (3-24) must be referred to the 
point in the circuit where the unknown impedance Zz is inserted; i.e., 
they must be apparent values. In Eq. (3-23) a positive value for X. 
denotes inductive reactance ; it will be noted that X% can be determined 
irrespective of whether it is inductive or capacitive. 

When the unknown impedance is measured by connecting it in parallel 
with the resonant circuit, as in Fig. 3-22b, the unknown impedance is 
determined as a Sllsceptance Bz shunted by a conductance G% (that is, 
Y. = G. + jB). The measuring procedure followed in this case is 
analogous to that for series insertion of the unknown impedance, except 
for the fact that the unknown impedance is connected in shunt with the 
condenser, and is removed from the circuit by disconnecting rather than 
by short circuiting. The equations that apply in this case are 

B. = w(C - C') 
1 Q - Q' G. = wL QQ' 

(3-25) 

(3-26) 

The notation is the same as in Eqs. (3-23) and (3-24), with the under
standing that in the equation for G% it is necessary that either both wL 
and Q be apparent, or that they both be true values. A negative value 
of B� indicates inductive susceptance. 

The accuracy with which reactance may be determined by the method 
of substitution in a tuned circuit is quite high. The principal errors that 
may be present arise from two causes : The first i& inability to determine 
accurately the capacitance corresponding to exact resonance because of 
the fact that the resonance curve is flat on top.l This results in errors 
which will be larger on a percentage basis the smaller the change in tuning 

I This trouble can be eliminated where only reactance (not resistance) is to be 
measured by making the resonant circuit the frequcncy-detcrmining circuit of a small 
oscillator. One then adjusts the capacitance on the basis of the gcnerated frequency, 
0. procedure that can give high accuracy. An example of measuring equipment that 
utilizes this means of accurately measuring small values of inductance is described by 
Harold A. Wheeler, R-F Inductance Meter, Electroniu, vol. 20, p. 105, September, 
1947. 
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capacitance required to take into account the added reactance. The 
secoud error arises from the fact that at high frequencies the small 
residual inductance associated with the tuning condenser causes the 
cbange in capacitance per unit division on the condenser scale to be 
greater than given by the calibration curve of the condenser applying to 
ordinary frequencies. This introduces errors at very high frequencies 
unless the residual inductance is known and is taken into account. 1 

The accuracy with which the resistance (or conductance) component 
of the unknown impedance is obtained by substitution in a tuned circuit 
is affected by several factors. The accuracy will in general be poor if the 
losses in the unknown impedance are so small as to have only slight effect 
on the equivalent series resistance or equivalent Q of the resonant circuit. 
Also, the substitution method implies that the equivalent series resistance 
(or equivalent shunt conductance) of the tuning condenser C is not 
affected by the capacitance setting of this condenser. Although this 
assumption is not strictly true, the resulting error will be small provided 
the series resistance (or shunt conductance) of the unknown is consider
ably greater than the corresponding variation arising in the tuning con
denser. Thus, the substitution method is quite satisfactory for measur
ing losses of coils, and the power factor of condensers with solid dielectrics, 
but is not satisfactory for measuring losses of air-dielectric condensers. 

Impedance measurement by substitution in a resonant circuit repre
sents a simple and particularly easily applied measuring technique . 

. Moreover, the essential equipment can when necessary be easily assem
bled from parts ordinarily available in every radio laboratory.2 

3-10. Special Types of Capacitance Measurements. Distributed 
Capacitance of Coils. Every inductance has a small amount of capaci
tance associated with it as a result of dielectric stress between various 
parts of the coil. This distributed capacitance acts very much as though 
it were lumped across the terminals of the coil, and is important because 
it limits the frequency range over which a coil can be tuned with a given 
variable condenser. The distributed capacitance also causes the coil to 
have an apparent inductance that differs from the true inductance as 
measured at low frequencies, as discussed in connection with Eqs. (3-1 1). 

The distributed capacitance which may be considered as being lumped 
across the coil terminals can be determined by adding a known capaci-

I An excellent discussion of these a.nd other errors is given by D. B. Sinclair, Imped
ance �1easurements at High Frequencies with Standard Parts, Gen. Rad. Expl., 
vol. 14, no. 4, Septembcr, 1939; Parallel-resonance Methods for Precise Mcasurcments 
of High Impedances at Radio Frequencies and a Compa.rison with the Ordinary 
Sales-resonance Methods, Proc. IRE, vol. 26, p. 1466, December, 1938. 

2 An example of such "homemade" equipment is described by D. Stanley Henry, 
VHF Impedance Measurements, Electronics, vol. 18, p. 156, December, 1945. 
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tance in parallel with the coil and measuring the resonant frequency of 
·the resulting tuned circuit. Knowing the true inductance of the coil and 
the frequency, onc can calculate the total tuning capacitance, from which 
by subtraction of the added capacitance one obtains the distributed 
capacitance. It is more accurate, however, to make tests with several 
added capacitances. Then if one plots 1/1' as a function of the added 
capacitance, as shown in Fig. 3-23, a straight line will result. This line 
when extrapolated will intersect the capacitance axis at a negative 
capacitance which is equal to the 
distributed capacitance, and the 
slope of the line is a measure of the 
true inductance of the coil according 
to the equation 

True coil inductance in henrys 
= 0.0253m (3-27) 

where m is the slope of the curve 
of 1/1' plotted against capacitance, 
when f is in megacycles and capa
citance is in micromicrofarads.1 

1. 
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FIG. 3-23. Determination of the dis
tributed capacitance by plotting lIP, 
where / is the resonant frequency, as a 
function of external tuning cap..:.citancc 
C. 

. 

The necessity of plotting a curve such as shown in Fig. (3-23) can some
times be avoided by using a calibrated condenser to tune the coil to 
;esonance with an oscillator, and then reducing the condenser capacitance 
until the coil is brought to resonance with the second harmonic of the . 
oscillator. If Cl is the tuning capacitance required for the fundamental 
frequency, and C2 the capacitance at the second harmonic, one then has2 

t This is derived as follows: The relation between circuit constants and frequency in 
a resonant circuit is 

1 2�fL - 2�f(C + Co) 
where C + Co is the total tuning capacitance (including distributed capacitance Co). 
Solving this equation for 1 JP gives 

1 
- = 4TtLC + 41rtLCo f' 

This is the equation of a straight line intersecting the C-axis at - Co, and ha.ving a. 
slope of 4JrtL. 

I Equation (3-28) is derived by the following reasoning: The actual tuning capa.ci
lances effectively present in the two cases are Cl + Co and Ct + Co, where Co is the 
distributed capacitance. These capacitanccs must be in the ratio of 4 :  1, since the 
tuning capacitance is inversely proportional to the squa.re of the frequency. That is, 

Cl + Co - 4(C2 + Co) 
Equation (3-28) follows at once by solving for Co. This method is due to Ralpb R. 
Batcher, Rapid Determination of Distributed Capacity of Coils, Proc. I RE, vol. 9, 
p. 300, August, 1921. 
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D· 'b d 
. Cl - 4C, 

lstn ute capaCItance = 
3 (3-28) 

A method sometimes proposed for determining distributed capacitance 
consists in measuring the resonant frequency of the coil when tuned 
only by the distributed capacitance. This can be done by loosely 
coupling the coil to an oscillator and observing the frequency at which the 
coil reacts upon the oscillator to cause a sudden change in the grid or 
plate current. A knowledge of this self-resonant frequency and the true 
inductance of the coil will permit a determination of an apparent dis
tributed capacitance. However, the capacitance obtained in this way 
will always be smaller than when the same capacitance is measured by 
the preceding methods. This is because when the driving voltage is a 
distributed induced voltage, the voltage and current distribution in the 

Cll C 
I 7' I 2 

. 4 

coil with no external tuning con
denser is quite different from the 
distribution when an appreciable 
capacitance is shunted across the coil 
terminals. For this reason the dis
tributed capacitance of a coil normally 
should not be determined by the self
resonant-frequency method. 

Direct Capacitance.l In a system 
involving more than two electrodes, 
it is possible for 8. capacitance to 

exist between each pair of terminals. This is illustrated in Fig. 3-24 for 
systems involving three and four terminals. The capacitance existing 
between any two terminals in such an arrangement, for example the 
capacitance e12 between terminals 1 and 2 in Fig. 3-24a, is termed the 
direct capacitance between these electrodes. A typical practical example 
is a triode tube, where capacitances C 12, C 23, and C 13 could be considered 
the grid-plate, plate-cathnde, and grid-cathnde capacitances, respectively. 

( a l  ( b )  
FIG. 3-24. Capacitances associated with 
thrce- and four-clectrode systems: 

The direct capacitance between a pair of electrodes in a complex system, 
such as that of Fig. 3-24b, may be measured by connecting the electrodes 
involved in the X arm of a capacitance bridge in the usual manner for 
measuring an unknown capacitance. 2 The remaining electrodes of the 

I For further discussion of this subject, including rcfcrences to the measurement of 
the direct ca.pacitance between tube electrodes, see George CampbeLl, Direct Capacity 
Measurement, Bell System Tech. J., vol. 1, p. 18, July, 1922; Lincoln Walsh, Direct
capacity Bridge for Vacuum-tube Measurements, Proc. IRE, vol. 16, p. 482, April, 
1928; E. T. l:Ioch, A Bridge t\'leLhod for the Measurement of Inter-eleetrode Admit
tance in Vacuum Tubes, Proc. IRE, vot. 16, p. 487, April, 1928. 

2 A bridged-T equivalent of such a direct-capacitance bridge is described by R. F. 
Proctor and E. G. Jamcs, A Radio-frequency Capacitance and Conductance Bridge, 
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system are then all connected together, thus reducing the arrangement 
to a three-terminal one, such as shown in Fig. 3-24a. This third terminaJ 
is connected to one of the two remaining corners of the bridge, or is 
returned to a guard circuit. The application of this procedure to the 
resistance-ratio capacitance bridge of Fig. 3-7 c is shown in Fig. 3-25a. 
Here the capacitance to be measured is C 12, and the third terminal 
is retuTped to corner B of the bridge. This causes capacitance e23 
to be shunted across the oscillator, where it cannot affect the bridge 
behavior. At the same time capacitance en is shunted across resistance 

8 8 ,...-----, 
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I I I I 
J 0-c-;1t<=:o:::;,:-j>C oscA�_--() C)---i>' : M 
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"-------''\1 ' ... 'LUsed in Cu 3 o substitution 6ut1rd� _ _ _ _ _  .J "? method circuif 
{al Direct capacitance measurement fbl Capacitance bridge .... 

with CApacitance " bridge with guard circuit 

FIG. 3-25. Measurement of direct capacitance by means of the capacitance bridge 
shown in Fig. 3-7c. 

RII• This requires the addition of a compensating capacitance 0(1 
such as that C(I/013 = Rb/R(I, in order to achieve balance and maintain 
the bridge ratio at the value R,j R. defined by the resistance arms. 
With the capacitances C13 and Cn thus removed from consideration, 
the direct capacitance en can be measured as an ordinary capacitance, 
by substitution or otherwise, and without the necessity of determining 
the associated capacitances C12 and C23• It would be possible to return 
the third terminal of the capacitance system to corner A of the bridge, 
instead of to corner B as in Fig. 3-25a. However, this would place 
C" in shunt with C., thereby affecting a portion of the bridge that is 
involved in the determination of the desired capacitance en. 

A guard circuit is shown in Fig. 3-25b for removing the capacitances 
C13 and C2& from the circuit that is being used to measure the direct 

J. lEE, vo!. 92, pt. Ill, p. 287, December, 1945. In this, the unknown capacitance 
bridges a T network, and is measured by substitution, while the third terminal is con
nected to the ground or common lead; the associated capa.eitances Cu and Cn are 
thereby placed in shunt with the input and output terminals of the bridged T, where 
they have no effect on the measurement. 
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capacitance. I Here terminal 3 is connected to the point M in the guard 
circuit. The guard circuit Gf/Ru is then so adjusted that there is no 
difference in potential between point M and corner C of the bridge; this 
is done by switching the output indicator of the bridge across CM. The 
measuring procedure consists in alternately balancing the bridge and the 
guard circuit, until both are simultaneously in balance. Under these 
conditions 

R.C, = R,C" = R,(C, + C,,) (3-29) 

With the guard circuit balanced in this way, the capacitances C13 and Cu 
associated with the unknown capacitance are effectively removed from 
the measuring circuit. This comes about from the fact that when the 
guard circuit is balanced there is no voltage between M and C; thus no 
current flows through Cu, and the situation is as though this capacitance 
were disconnected. While current does Bow through C 23, this current is 
supplied entirely through resistance R" and the only effect that C" has 
on the system is to add to the capacitance C, of the guard circuit, thereby 
affecting the value of the latter required to balance the guard circuit. 

M easurem,enl of Very Small Capacilances. It is sometimes necessary 
to measure capacitances that are so small that ordinary bridge or sub
stitution methods are not able to give satisfactory accuracy. 2 An 
example is the direct capacitance between the control grid and plate of a 
pentode tube, which is typically of the order of 0.005 ��f. To meet 
needs of this type, special measuring techniques have been devised. 

Examples of arrangements that find practical use in measuring capaci
tances ranging from less than 0.001 JlJlf up to several micromicrofarads, 
such as grid-plate tube capacitances, are shown in Fig. 3-26. At a, a a 
known alternating potential E of several hundred volts is applied to the 
unknown capacitance Cz in series with a much larger known capacitance 
C,' such as lO to 20 ��f, that can be accurately measured by other means. 
The capacitance C: is obtained by measuring the applied voltage, and the 
voltage across C., by means of vacuum-tube voltmeters. In Fig. 3-26b, 
a large voltage of known amplitude and frequency is applied to the 
unknown capacitance, and the resulting current is determined by means 
of a thermocouple. The arrangement at c is a modification of that at b, 

1 For further informa.tion on gua.rd circuits, see R. F. Field, A Gua.rd Circuit for 
Capacitance Bridge Measurements, Gen. Rad. Expt., vol. 14, March, 1940. 

2 It is possible to devise special bridges for this purpose, however. Thus a rather 
('omplicated bridge circuit capable of reading direct capacitances smaller than 1O-r. 
IAlAf, and associated shunt conductances of less than 10-6 #Amho, is described by C. H. 
Young, Measuring Interelectrode Capacitances, Bell Labs. Record, vol. 24, p. 443, 
December, 1946. 

I T. I. Jones, The Measurement of the Grid-Anode Capacitance of Screen-grid 
Valves, J. lEE, vo!. 74, p. 589, 1934 (Wirele88 Sec" lEE, vo!. 9, p. 161, June, 1934). 
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in wh.ich the unknown capacitance is connected in parallel with a standard 
adjustable capacitance so designed that small increments of capacitance 
of the latter can be accurately determined.! A large voltage is applied 
to the combination, and the resulting current observed by a thermocouple. 
The unknown capacitance is then disconnected, and the known capaci
tance readjusted to give the same current. By making the total capaci
tance C. relatively small, it is possible to measure values of Cz smaller 
than 0.1 ""f with accuracy; the other methods illustrated in Fig. 3-26 
will, however, all measure much smaller capacitances. 

s 

� . lex 
I eST =1. 
For Cs» Cx.. 

E. Cx"'y Cs 
(0 ) 

r--- ----, 
I I 
I I 

I 

t le I:¥� E I x E ex Cs I I I;\'} M 
-'---"Thermocouple e __ I_ x- wE 

( b) (c) 
ex 

� O". E :Ovfpof L..Lr--' l indicttfor 
Grid leak L ..J -tR�dl:;;�ce;ver 

EN 
When Cs '» C)(. .  C)(. '" £,1 Cs. 

Cd) C e >  

FIG. 3-26. Various methods for measuring very small capacitances. 

The arrangement at Fig. 3-26d employs a radio-frequency signal 
generator to apply a voltage E' to the unknown capacitance in series 
with a much larger known capacitance C.. A relative indication of the 
voltage across the latter is obtained as shown by means of a radio receiver, 
the output of which is equipped with an indicating meter. The small 
unknown capacitance is then short-circuited, after which the signal
generator voltage is reduced to a value E" as required to restore the same 
output in the radio receiver. Since the two signal-generator voltages 
under these two conditions are accurately known even when very different, 
it is possible to measure very small capacitances in this manner. 

A null method for measuring small capacitances is shown at Fig. 3-26e.2 

1 A. A. Barco, An Improved Interelectrode Capacitance Meter, ReA Rev., �ol. 6, 
p. 434, April, 1942; A. V. Loughren and H. W. Parker, The Measurement of Direct 
Interelectrode Capacitance of Vacuum Tubes, Proc. IRE, vot. 17, p. 957, June, 1929. 

' 1. G. Easton, A Method for Measuring Small Direct Capacitances, Gen. Rad. Expt., 
voI. 19, p. 1, September, 1944. 
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Here radio-frequency voltages that are equal in magnitude but opposite 
in phase are applied, respectively, to the unknown capacitance C%J and 
to a much larger known capacitance C. in series with an adjustable 
attenuator A.  This attenuator is adiusted until zero-output indication 
is obtained as determined by a radio receiver. By using larg� values of 
attenuation, unknown capacitances very much smaller than the known 
capacitance can be determined. In case the unknown capacitance has a 
shunt conductance associated with it, a third circuit shown dotted in 
Fig. 3-26. can be added to determine the conductance component in 

Meusuring osdl/afor 

1 -

c, Co -

-

Dev/ce Ior 1 me17suril1!1 
changes m Al1X/�/Rry asdl/afor 
d/fference -frequency 

-
-

---

FIG. 3-27. Evaluation of a small ca.pacitance in terms of the change in oscillator 
frequency which it produces. 

terms of a known conductance G. and the setting of the associated 
attenuator B. 

Still another approach to the problem of measuring very small capaci
tances, or small capacitance changes, is illustrated in Fig. 3-27. Here the 
unknown capacitance is arranged so that it can be made part of the 
tuning capacitance of an oscillator. The size of the capacitance is'then 
determined by the change in oscillator frequency which it produces. 
An auxiliary oscillator is used as a fixed standard, and the frequency 
changes of the measuring oscillator are obtained by observing changes 
that develop in the beat note. 1.2 The relation between frequency change 

1 In observing the change in beat note, care must be taken cither to ensure that the 
beat note does not go through zero as the frequency varies, or jf it does, to allow for 
this fact. 

, The considerations that must be taken into account when the capacitance change 
involved takes place over an extended rather than short time interval are discussed by 
W. Schick, Temperature Coefficient of Capacitance, Wirele1l8 Eng., vol. 21, p. 65, 
February, 1944. 
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and capacitance is given by the equation 

(3,30) 

where C� is the unknown capacitance, Co the original oscillator tuning 
capacitance, fo the oscillator frequency when tuned only by Co, and 11 
the oscillator frequency when tuned by Co and C. in parallel. In the . 
special case where C; is small compared with Co, Eq. (3-30) can be 
rewritten as 

C - 2C 10 - f, 
� - 0 fo 

(3-31) 

The oscillator tuning capacitance Co includes tube, wIrmg, and stray 
capacitances and may be determined experimentally by using a known 
capacitance for C%l and noting the resulting frequency flo Since this 
calibrating capacitance can be large enough to be measured very accu
rately by other methods, it is possible to evaluate Co very accurately. 

This method is capable of measuring extremely small capacitances. 
Thus if Co = 50 ""f, and /0 = 10,000,000 cycles, a capacitance C. of 
10-5 JJfJ.f will cause a change in frequency of 1 cycle per sec, which is 
readily measured with accuracy_ 

3-11. Measurement of Incremental Inductance. Incremental induct
ance is the inductance that is offered by an iron-cored coil to the flow 
of an alternating current superimposed upon a direct current. Incre
mental inductance is of importance because it is the inductance that is 
effective in power-supply filter reactors, shunt-feed inductances, and 
the primary windings of interstage and output transformers that carry 
direct current. 

The magnitude of the incrementaJ inductance is affected by the 
intensity of both the a-c and the d-c magnetization of the magnetic core 
in the general manner illustrated in Fig. 3-28. In addition, the incre
mental inductance for a given alternating and direct magnetization will 
depend upon the previous magnetic history, and may change with sub
sequent magnetic history. Exactly reproducible results can be obtained 
only by first demagnetizing the core and then carefully following the 
same procedure in making each measurement. This situation means 
that very precise determination of incremental inductance is generally 
not of great importance ; practically one desires to know the induct.ance 
to within 10 per cent rather than to within 1 per cent or closer. 

The most convenient bridge for measuring incremental inductance is 
the Hay circuit arranged as in Fig. 3-29/ with the balance obtained 

\ This application of the Hay bridge is discussed by V. D. Landon, A Bridge Cir
cuit for Measuring the Inductance of Coils while Passing Direct Current, Proc. IRE, 
vol. 16, p. 1771, December, 1928. 
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by varying resistances R. and R,. To the accuracy normally required in 
incremental-inductance measurements, one can assume 1 + (l/Q;) :::::: 1 ,  
80 that the inductance calibration can accordingly be considered as 
depending only upon the variable resistance R. and fixed condenser C,. 
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FIG. 3-28. Curves giving incremental permea.bility of typical silicon steel as 8. function 
of d-c magnetization, for several values of superimposed direct current. 

The direct current can be introduced and metered in the neutral arm, 
and its value is not affected by the process of balancing tbe bridge ; arm 
Rc must, however, be designed to carry the direct current. The alternat
ing magnetization can be calculated from a knowledge of the inductance, 

_ RQ RcCb ...... lx- ( f ) -RaReRb 
J +  QJ 

FIG. 3-29. Hay bridge arranged to 
measure incremental inductance. 

and the alternating voltage developed 
across the inductance as observed by a 
vacuum-tube voltmeter. The fact that 
the Hay bridge measures inductance in 
terms of resistance and capacitance 
makes it possible to cover a large range 
of inductance with a minimum of diffi
culty with respect to the standards. 

An alternative bridge possibility is to 
employ an Owen bridge, as shown in 
Fig. 3-30, varying R, and C, to obtain 
balance.! Here the direct current is 
introduced through the neutral arm, and 
the d-c magnetization in the unknown 

inductance is not affected by the process of balancing the bridge. As 
compared with the Hay bridge, the Owen bridge has the advantage that 
tbe balance equation for inductance is independent of the coil Q, but the 

1 The advantages of this arrangement are developed by E. H. Meier and D. L. 
Waidelich, Communications (N.Y.), vol. 21, p. 5, November, 1941. 
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disadvantage of requiring a continuously variable condenser CCJ the 
maximum capacitance of which is ordinarily much greater than can be 
obtained with an air-dielectric condenser. 

The bridged-T circuit of Fig. 3-31 is an adaptation of the bridged-T 
network of Fig. 3-17a, arranged for the measurement of incremental 
inductance. This circuit has the desirable feature that the alternating 
voltage applied to the unknown induct
ance is always the oscillator voltage E"cI 
irrespective of the magnitude of the im
pedance being measured or the state of 

At bolcmc:e: 
L;,sRaRc,Cb 
R,oR,Cb/CC 

the null balance. The disadvantages "
of the arrangement are that the balance 
depends upon frequency, and that twin 
variable condensers of excessively large 
maximum capacitance that can be 
achieved only by elaborate switching 
systems are required in the inductance 
balance if the measuring frequency is FIG. 3-30. Owen bridge arranged to 

measure incremental inductance. low and the inductance is small to 
moderate in magnitude. Also, unless 
appropriate suppressor resistors are employed, sparking troubles may be 
expected in the condenser switches as a result of the d-c voltage across 
the coil. 

Several means of determining incremental inductance which do not 
involve null balances are illustrated in Fig. 3-32. One method of 
approaching the problem is to apply a known alternating voltage to the 

Rx Lx inductance, and then observe the 
,Meferindicolinq resulting alternating current that I d-c current r--r---"--*TCIf--JL{M Bows superimposed upon the ap-

Rs IlrgBakmce Uefedor 
FIG. 3-31. Bridged-T circuit arranged to 
measure incremental inductance. 

propriate d-c magnetization. In 
such systems it is often convenient 
to employ two identical induct
ances, with the direct current intro
duced as shown in Fig. 3-32a, in 

order to avoid passing this current through the source of alternating 
voltage. In the arrangement for measuring incremental inductance 
shown in Fig. 3-32b, an adjustable capacitance is placed in parallel with 
the unknown inductance, which is supplied with the direct current and 
alternating current by sources as shown. 1 The condenser C is then ad
justed' until the alternating current registered by meter M is tlie same 

1 See H. M. Turner, The Constant Impedance Method for Measuring Inductance 
of Choke Coils, Proc. IRE, vol. 15, p. 1559, Novem�r, 1928. 
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with switch S open as with it closed. It can then be shown that 

1 1 wL = - -2 wC (3-32) 

where w/2r is the frequency of the supply, and the remaining notation 
is as in Fig. 3-32b. This relation holds irrespective of the resistance of 
the coil. 

A simple method that can be used to determine incremental inductance 
at high flux densities with fair accuracy is shown in Fig. 3-32c. Here 
the inductance under test is used as the first choke of a choke-input 
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FtG. 3-32. Miscel1aneous methods of measuring incremental inductance. 

filter system. The d-c magnetization is controlled by varying the load 
resistance R. The incremental inductance is determined from measure
ments of the alternating voltage E�, developed across half of the trans
former secondary, and the alternating current le which flows through 
the filter condenser C. Both of these measurements can be made with 
rectifier-type instryments. It can be readily shown that with a single
phase full-wave rectifier the effective value of the fundamental component 
of the ripple voltage that is applied to the input of the choke is 0.424 
times the effective alternating voltage Eac.. Virtually this entire voltage 
is applied to the input inductance L, and nearly all of the resulting 
alternating current flows through the filter condenser C. While there 
arc other frequencies applied to the first choke, these are comparatively 
small in amplitude and also produce proportionally less current because 
of their higher frequency. Hence to a fair degree of accuracy the 
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reactance of the input choke to the ripple frequency is' 

R t f 
. 

l '  d t 
0.424E� 

eac ance 0 Incrementa m ue ance = le (3-33) 

where Eat: is the rms voltage across half of the transformer secondary) 
while le is the rms current flowing in the first filter condenser. The 
alternating flux density can be varied as desired by controlling the 
primary voltage of the rectifier transformer. 

In making measurements of incremental inductance it is always 
necessary to employ a relatively low frequency. Sixty cycles is preferable 
if possible ; however, when a null balance is to be obtained by ear then 
frequencies such as 250-400 cycles are suggested. At higher frequencies 
the distributed capacitance of the coil to be measured may cause the 
apparent inductance to differ ap- 4p.F 
preciably from the true inductance 
(see Sec. 3-7) .  When the measure
ment is to be made at a high alter
nating flux density, the use of a low 
frequency also helps prevent the 
voltage required from becoming 
excessively large. 

When bridge measurements of 
incremental inductance are being 
made at high alternating flux densi
ties, harmonics will be generated by 
the nonlinearity of the magnetic 
core even when the bridge oscillator FIG. 3-33. Details of Hay bridge for 

measuring incremental inductance. 
supplies a sine wave. Such har-
monics will confuse the bridge balance point, since they are present when 
the bridge is properly balanced for the fundamental frequency. This 
makes it desirable to employ a low-pass filter in the bridge output, 
particularly when high alternating flux densities are involved. 

Constructional Features of Incremental-inductance Hay Bridge for 
Laboratory Use. Although bridges for the measurement of incremental 
inductance are not commonly available, they can be readily assembled 
from standard parts. Circuit details, including suitabl� numerical 
values of circuit constants, are shown in Fig. 3-33 for a Hay bridge 
capable of measuring inductances up to 1000 henrys. In this bridge the 

\ This equation assumes that one has a true choke input system, i.e., that current 
Hows continuously through the inductance under test. This requirement is satisfied 
when the d-e magnetizing current I do: equals or exceeds the peak value of 1�. For 
60-cycle supply this corresponds to R ::;; 1130L, where R is the effective d-c load 
resistance (including choke resistance), and L is the incremental inductance. 
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inductance balance is obtained by varying Ral which consists of a decade 
resistance unit Ra2 having lO,OOO-ohm steps, supplemented by a high
grade wire-wound rheostat Ral to give continuous adjustment. A hand
calibrated scale, marked in thousands of ohms, should be provided for 
the rheostat, if necessary. The two condensers marked Cb aTe for cover
ing different inductance ranges, and can he built up to the correct 
capacitance by combining commercial paper condensers. The rheostat 
Rb is preferably tapered, and can be any inexpensive wire-wound type. 
It need not be calibrated unless it is necessary -to know the resistance 
component of the coil impedance. The resistances Re must carry the 
full direct current to be passed through the inductance being measured, 
and so must have a generous wattage rating; they are most satisfactorily 
made by padding out vitreous-enamel units which have resistanccs 
slightly below the required value. The blocking condenser and filter 
reactor in the neutral arm are for permitting alternating current to flow 
in the telephone receivers while blocking out the direct current. The 
meter M for measuring the direct current should have an unshunted 
sensitivity of perhaps 10 ma, and shunts to extend the range as required. 
Any convenient source of direct current is suitable, and should be pro
vided with coarse and fine control so that a current of 1 or 2 rna through 
an audio transformer can be adjusted as accurately as 250 ma for a 
filter reactor. The bl(:�king condensers in the oscillator circuit are to 
block direct current out of R. and the oscillator. 

The bridge as shown in Fig. 3-33 provides three ranges as follows: 

Range 
Maximum induct-

C�. � Re. ohms ance, henrys 

I 1 l . 8  0 . 5  200 
2 118 5 . 0  200 
3 1180 5 . 0  2000 

It will be noted that for Range 2 the inductance in henrys is equal to R. in 
thousands of ohms, so that if R. is suitably calibrated the bridge can be 
made direct-reading in inductance to the extent that the coil Q is high 
enough so that Q' » l. 

3-12. Measurement of Lumped Circuit Constants-Miscellaneous 
Methods and Considerations. Mutual Inductance. The mutual induct
ance between two coils can be measured in a number of ways. A simple 
met-hod consists in connecting the two coils in series and measuring the 
equh'alent inductance of the combination. The terminals of one of the 
coils are next reversed, and the measurement repeated. The mutual 
inductance is then one-fourth of the difference of the two measured 
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inductances,l This method is quite satisfactory if the coefficient of 
coupling between the inductances is not too small; otherwise the mutual 
inductance becomes the difference between two relatively large and not 
greatly different quantities, with resulting poor accuracy. 

In the case of an autotransformer such as illustrated in Fig. 3-34, the 
foregoing procedure is not possible. In this case one cau determine 
mutual inductance by measuring the impedance at the terminals 1-2 
when the secondary terminals 3-4 are open, and when they are short
circuited. This, coupled with a measurement of the impedance at 3-4 
with the primary terminals 1-2 open, will give all of 1 ----, 
the data needed to calculate the mutual inductance. 
The formula, assuming negligible resistance as com
pared with the reactance, is then 2 

M � V(L. - L�)L. (3-34) 
2 ---,'!i 

l ] "---4 
where M is the mutual inductance between primary FIG. 3-34. Autotrans

and secondary portions of the autotransformer, L� is former coupling. 

the inductance at terminals 1-2 with the secondary terminals 3-4 short
circuited, Lp is the inductance at terminals 1-2 with the secondary open 
(the primary inductance), and L. the inductance measured at 3-4 when the 
primary terminals 1-2 are open (the secondary inductance). 

Another method of obtaining mutual inductance consists in passing a 
known current I p through one coil, and measuring the voltage induced 
across the terminals of the other coil. By the laws of coupled circuits, 
the magnitude of the induced voltage is wMI p, so that the mutual induct
ance M is readily 'calculated when the primary current lp, the frequency, 
and the induced voltage are known. 

An unknown mutual inductance can be compared with a calibrated 
variable mutual inductance using the Felici mutual inductance balance, 
illustrated in Fig. 3-35a. Here the secondaries of the unknown and 
standard mutual inductances are connected in such relative polarity that 
when the two values of mutual inductances are the same, the two voltages 
induced in the secondary system by the primary current will be equal in 
magnitude and opposite in phase, giving a null indication. 

I This follows from the fact that, when the coils are in series aiding, the total 
inductance is Lp + L. + 2M, while when the coils arc in series opposition, the induct
ance is Lp + L. - 2M. The difference between these values is then 4M. 

I Following the analysis given in F. E. Terman, " Radio Engineering," 3d ed., p. 52, 
McGraw-HHl Book Company, Inc., New York, 1947, the difference Lp - L; between 
primary inductance when the secondary is open and when it is short-circuited is the 
coupled inductance, which is (wM)2/w2L.. That is, Lp - L� = M2/L., and Eq. (3-34) 
follows at once. If the resistances are not negligible compared with the reactances, 
then the situation becomes rather involved because there is resistive as well as induc
tive coupling. The situation can then be analyzed by the approach given on p. 67 of 
" Radio Engineering." 
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Mutual inductance may be compared with an inductance by means of 
the Campbell mutual inductance bridge, illustrated in Fig. 3-35b. This 
is an ordinary resistance-ratio inductance bridge in which the primary 
winding of the mutual inductance is connected in the fl unknown " arm 
while the secondary winding of the mutual inductance is connected in 
series with the detector branch, as shown. In utilizing the balance equa
tion to determine the mutual inductance, it is necessary to know the 
primary inductance LfJ; this can be readily determined by throwing switch 
S to point 1 ,  and making a second balance as an ordinary resistance-ratio 

muiu,,/ \ L_�J C)-_-' 'nduc/anc(! 

At balance: 
Mx= Ms 

(cz) Felici mutuC41 inductGmce 
balance 

At b,,/anc.e: 

M = RQLp- RbLd 
RCI+Rb 

R _ 
RbRd 

P- Ro 

(bl Campbell bridge 

. O.sci//l¥lor 

At balance: 
RIJLp 

M • -i-'';=;i'R,+ R, 
or 
M :  RpRaCb 

(c) Carey Foster 
bridge 

FIG. 3-35. Bridge arrangements for mf'-AAllring mutual inductance. 

inductance bridge. The accuracy of this bridge is limited by the fact 
that the mutual inductance is expressed as the difference between two 
quantities; when the mutual inductance is small, the accuracy therefore 
suffers. 

Mutual inductance may be obtained in terms of capacitance by means 
of the Carey-Foster bridge of Fig. 3-35c. This arrangement has the 
advantage that the expression for mutual inductance does not involve a 
difference; as a result, the percentage accuracy that it is possible to attain 
is essentially the same as in the general run of bridge measurements. 
The Carey-Foster circuit has the disadvantage, however, that either the 
inductance Lp or the resistance Rp (which includes the loss resistance of 
the primary L. of the mutual inductance) must be obtained by a separate 
measurement on another bridge. 

In mutual-inductance bridges it is necessary to give the usual con
siderations to residual impedances, shielding, and grounding. In addi
tion, errors may arise as a result of capacitive coupling between the 
primary and secondary windings. 
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Coejftd.lfrlt of Coupling. When the mutual inductance M and the self
inductances Lp and L� of the two coils are known, the coefficient of 
coupling can then be calculated by the formula 

Coefficient of coupling = k = k 
LpL. 

(3-35) 

The coefficient of coupling represents the ratio of the actual mutual 
inductance to the maximum possible mutual inductance which can be 
obtained with the given primary and secondary inductances. 

An alternative procedure for determining the coefficient of coupling is 
to measure the inductances Lp and L� across the primary terminals when 
the secondary terminals aTC first open-circuited, and then short-circuited, 
respectively. If the Q of the windings is not too low, one then has 

(3-36a) 

Values of L� and Lp are often measured with the aid of a Q meter, by 
connecting the primary terminals of the coupled system across the con
denser of the Q meter in place of the coil in Fig. 3-19. Then if C., and 
C.c are the Q meter capacitance values required to resonate the system to 
a particular frequency with the secondary coil open-circuited, and 
short-circuited, respectively, then 

k = �1 C., C" (3-36b) 

Bridge Method of Measuring N egatifJc Resistance. A ne'ga ti ve resist
"nee, such as is produced by certain vacuum-tube arrangements, can be 
accurately determined by a bridge measurement, just as can a positive 
resistance. Suitable circuit arrangements are shown in Fig. 3-36a, 
together with the equations that give the negative resistance in terms of 
the bridge arms for the condition of balance.' These simple bridge 
circuits assume that the negative resistance has no reactive component 
associated with it. Actually the negative resistances produced by tubes 
will normally be shunted by a small capacitance consisting of the inter
electrode capacitance of the tube plus lead capacitance. When this is 
the case, it is necessary to modify the bridge circuits, as shown in Fig. 
3-36b, in which the effect of the capacitance in shunt with the negative 

I Edwa.rd N. Dingley, Jr., Development of a Circuit for Measuring the Negative 
ResistlUlce of Pliodynatrons, PrQc. IRE, vol. 19, p. 1948, November, 1931. 
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resistance is balanced by the condenser C.'" The addition of this 
(;apacitance balance has no effect upon the resistance balance, and adjust
ments of the t.wo are quite independent. 

Null Circuits in Which Transformer Winding. Act as Bridge Arms. In 
the circuit of Fig. 3-37a1 a transformer with one primary and two second
aries provides a combined shielded input transformer and pair of ratio 

<f ;. � � 
e I: Rs � Rs t Rs , 
� � � " " R, - - R 1 -

Ose. R R --
0= Ose 

(0) Circuits involving simple negative resistance 

v 6 
Fc, I; Rs 

It C -R(-

� <Ii <Ii 
" � � t c, Rs C c 2' � � R, '" 

L R R,� , R -R, R R,-
Dsc. Dsc. Dsc. 

(b) Circuits involving negative resistance shunted by a capacitance 

FIG. 3-36. Bridge circuits for measuring negative resistance. 

arms. Thus when the two secondary windings have identical character
istics, identical voltages arc induced in them from the primary ;3 under 
these circumstances no output voltage will be developed across the 
terminals BG when the impedance Z, equals the impedance Zz. Accord
ingly when the impedance Z, consists of a variable capaci tance in series 
with a variable resistance, as illustrated in Fig. 3-37a, then the capaci-

I F. E. Termnn, Improved Circuits for Measuring Negative Resistance, Electronic8, 
vol. 6, p. 340, December, 1933. 

t The constructional features of a practical bridge for measuring negative resistance 
of dynatron and other analogous tube arrangements is given on pp. 76-78 of F. E. 
Terman, "Measurements in Radio Engineering," McGraw-Hill Book Company, Inc., 
New York, 1935. 

t It will be noted that if the transformer has low leakage inductance, stray capaci
tances across AB and BC have negligible effect on the ratio of voltages across these 
two windings. Also, the shielding shown places capacitance from ABC to ground in 
shunt with the neutral arm BG, where it can do no harm. Thus this tapped trans
former has a. behavior equivalent to 9. bridge with a Wagner ground, which is one of its 
principal virtues. 
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tance and equivalent series resistance of an unknown capacitive imped
ance Zz can be determined by a procedure identical with that used in an 
ordinary Wheatstone bridge of the type illustrated in Fig. 3-7c. In fact, 

Dsc/I/o tor 

� Eleclroslahc 
shields 

c 

I t  
� 

G 

(a) Trcmsformer bridge 

Ampl/f/ed 
power W /iybr/d COIl 

G 
Oufpvf 

(to beamp/ified) 
Artificla! 

!/ne 

( b )  Hvbrid coil equ;v�lent of 
trcmsformer bridge 

FIG. 3-37. Bridge arrangements in which the ratio arms are obtained by mcans of 
transformer windings. 

the arrangement is in every respect identical with the resistance-ratio 
bridge in Fig. 3-7 except for the method of obtaining the ratio arms.'" 

1 It will be observed that the circuit of Fig. 3-37a is exactly equivalent to the hybrid 
coil arrangement used in telephone repeater systems to couple amplified power into a 
telephone line. In the hybrid coil system, as shown in Fig. 3-�7b, the characteristic 
impedance of the telephone line (represented by Z.) to which amplified power is 
delivered is balanced by a characteristic impedance of similar value (represented by 
Z",) produced by an artificial line. The amplified power � be delivered to the tele
phone line is introduced as shown, and to the extent that the balance between Z. and 
Z", is perfect, does not produce output across terminals BG. At the same time, ter
minals BG are responsive to signals originating on the Hnc. 

I This arrangement is not the only means by which a multiwinding transformer 
may be employed to obtain a null network. For further examples of bridge arrange
ments involving transformers, sec H. L. Kirke, Radio Frequency Bridges, J. lEE. 
vol. 92, pt. Ill, p. 2, March, 1945; Young, loco cit. ; H. A. M. Clark and P. B. Vanderlyn, 
Proc. lEE (Radio & Comm.), vol. 96, pt. IIl, p. 189, May, 1949; W. C. Wca.therley, 
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Measurement of Balanced Impedances.' It is sometimes necessary to 
measure the impedance between two terminals that are balanced with 
respect to ground. A typical example is the impedance between the two 
wires of a balanced transmission line. The only equipment available to 
carry out such a measurement often has one terminal grounded, which 
introduces a difficulty. 

In the case of two terminals associated with ground, as indicated in 
Fig. 3-38, the system can be considered as a three-terminal arrangement 

B 

Y2. Y3 

1J//J/�tmImmbnmmn/ 

analogous to that of Fig. 3-24a, in 
which the direct admittances Y I, Y 2, 
and Y 3 are involved. The admit
tance Y AB between terminals A and B 
is then 

1 Y,Y. G . 
FIG. 3-38. Admittances associated with 
a two-wire transmission line. 

Y AB � ZA. � YI + 
Y, + Y. 

(3-37a) 

When the terminals A and B are per
fectly balanced with respect to ground, Y, � Y, and Eq. (3-37a) reduces 
to 

YA• � Y, + � Y, (3-37b) 

The usual method of measuring the admittance or impedance between 
A and B, and also of determining whether or not there is any difference in 
the admittances Y 2 and Ya, is to make three measurements as follows: 
(1) the admittance Y' between electrode A and ground with electrode B 
grounded; (2) the admittance Y" between A and ground with AB short
circuited ; (3) the admittance Y'" between B and ground with A grounded. 
These measurements give 

Y' = Y, + Y, 

Y" = Y2 + Y3 

Y'" = Y1 + Ya 

Solving successively for Yl, Yz, and Y3 gives 

Y, � Y' - Y" + Y'" 
2 

Y, � Y' + Y" - Y'" 

2 

Y, � - Y' + Y" + Y'" 

2 

(3-38a) 

. (3-38b) 

The Design and Construction o( a Comparison Impedance Bridge (or Frequencies o( 
40-270 Mc., Proc. lEE, vol. 96, pt. Ill, p. 429, September, 1949. 

I This discussion (ollows D. B. Sinclair, Measuring Balanced Impedances with the 
R-F Bridge, Gen. Rad. Expt., vol. 17, p.  3, September, 1942. 
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This method is quite tedious to apply, but is highly accurate a.nd is 
particularly useful when it is necessary to determine unbalance between 
the admittances Y, and Y,. In the special case when it is known that the 
impedance can be assumed to be balanced with respect to ground, then 
only measurements (1) and (2) above need be made, and Eqs. (3-38b) 
reduce to 

Y" 
2 

Y" Y, = ""2  
(3-38c) 

An alternative procedure that is suitable for use with impedances that 
are reasonably well balanced with respect to ground, is illustrated in Fig. 
3-39. Here the terminals of the bridge are connected to an artificial 
line L,L,C,C, that is adjusted to be . 

Balonced //ne exactly a half wavelength long at 
the frequency of measurement. 
The balanced line is connected to 
this artificial line, as shown. It is 
a property of a half-wavelength line l, 

t 

;r 
C, 

l, 
that the voltage across the output Bridge 
terminals 3-4 will always be equal 

__ -o---------+----� 4  in  magnitude but opposite in  phase 2 

C, 

from the voltage applied to the line 
input 1-2;accordingly, the balanced 
line will be excited with a voltage 

FIG. 3-39. Method of measuring the im
pedance of a transmission line that is 
balanced with respect to ground. 

that is symmetrical with respect to 
ground. It can be further shown that the impedance appearing across 
bridge terminals 1-2 is exactly one-fourth of the impedance ZAB between A 
and B of the balanced line, as given by Eq. (3-37b) ; this assumes that the 
line under test is balanced, and that the artificial line is exactly a half 
wavelength long, and has negligible losses. 

In the artificial line the coils L, and L, should be identical, and should 
have a reactance at the frequency of measurement that is of the same 
order of magnitude as the impedance to be measured. The line is 
adjusted by disconnecting ZA8, and then short-circuiting terminals 3-4 
and adjusting condenser Cl to give series resonance at terminals 1-2, as
determined by minimum and resistive impedance observed by the bridge. 
The short circuit across C 2 is next removed, and this condenser is then 
adjusted to give parallel resonance across terminals 1-2 as observed by 
the bridge. 

Bridges for Measuring Vector Impedance. All of the bridges that have 
been previously described express the unknown impedance in terms of its 
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resistance and reactance (or conductance and susceptance) components. 
It is, however, possible to devise a bridge that measures the magnitude 
and phase angle of a vector impedance directly. An example of such a 
vector-impedance bridge is illustrated in Fig. 3-40a. 1 This consists of an 
ordinary resistance-ratio bridge with the addition of the auxiliary circuit 
LpCpRp connected across the oscillator, as shown, with a secondary wind

A 

A 

OS C / I / Cf fo r  

( a )  Bridge circuit 

E" DC 

IADC 
Ibl Vec..tor diOlgrOlm 

FIG. 3-40. Vector-impedance 
bridge for directly measuring 
magnitude and phase angle of 
an impedance. 

ing L6 coupled to Lp and connected in series 
with the neutral arm of the bridge. In using 
this bridge, a preliminary adjustment is made 
which consists in tuning the condenser C p to 
resonance with Lp at the frequency of 
measurement, so that the auxiliary circuit 
presents a resistance impedance to the oscil
lator. This adjustment can be conveniently 
·carried out by connecting LpCrft,p in place of 
the- unknown impedance of the bridge, dis
connecting the secondary L. from the neutral 
arm, and adjusting Cp and Rp until a balance 
is obtained. An unknown impedance Z/if> 
can then be determined by connecting it in 
the bridge as shown, and varying resistances 
Rp and R. until a null balance is obtained. 
Under these conditions one has 

IZI = R. 
if> 2wM 

tan - = --
2 R. 

(3-39a) 

(3-39b) 

where M is the mutual inductance between 
L. and L.. Negative phase angles can be 
obtained by reversing the polarity of the 
secondary winding L., thereby reversing the 
phase of the voltage introduced into the 
neutral arm by this mutual inductance. 

The operation of the bridge in Fig. 3-40a can be explained with the aid 
of the vector diagram on Fig. 3-40b, which is drawn for the conditions 
that exist when the bridge is balanced. The oscillator voltage EAc is 
taken as the reference vector. Since Ra = R�I then E.tB = E.tc/2. The 
current I.wc flowing in the arms ADC under conditions of balance will lag 

I Further discussion of this and other bridge arrangements that can be used for 
measuring vector impedance are given by A. Serner, A New Bridge for the Direct 
Measurement of Impedance, Wireless Eng., vol. 14, p. 59, February, 1937; G. W. O. 
Rowe, Bridge for Direct Impedance Measurement, Wireless Eng., vol. 14, p. 227, 
May 1937. 

, .  
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the oscillator voltage by exactly <1>/2; this arises from the fact that, at 
balance, R. and Z have identical magnitudes so that the sum of their 
impedances has a phase angle that is half the phase angle of Z. The 
voltage drop EAD across R. is in phase with the current lADe as shown, 
while the voltage drop Ere across the impedance Z leads the current by 
the phase angle of the impedance; the sum E"" + EDc equals EAc. The 
vector EDB

'
.DOW represents the voltage that must be inserted in the neutral 

arm if a null balance is to be achieved. Because of the geometry of Fig. 
3-40b, this voltage is exactly 90· out of phase with the oscillator voltage 
EAc. Since the preliminary adjustment of the auxiliary arm R.C"L. was 
such as to make the current in this arm in phase with EAC, the voltage 
induced in L. will be exactly 900 out of phase with EAC, and so is in 
exactly the correct phase to supply EBD. The magnitude of the voltage 
EBD is wMlp = wMEAC/Rp1 and so can be adjusted by varying Rp. 
From the geometry of Fig. 3-40b it is also seen that 

tan (<1>/2) = EBD/EAB = wMI.!'AEAc . 2wM/R. 



CHAPTER 4 

CIRCUIT CONSTANTS I N  

SYSTEMS INVOLVING DISTRIBUTED CONSTANTS 

4-1. Introduction.l Waveguides and two-conductor transmission 
lines involve a wide range of frequencies, from the voice-frequency tele
phone line at one extreme, to the waveguide operating at thousands of 
megacycles at the other. There is a natural division between two-con
ductor transmission lines and waveguides (even though the transmission 
line can be thought of as a waveguide operating in the TEM mode), 
Accordingly, the first portion of the chapter will be devoted to the trans
mission line, and the second portion to the waveguide. 

At higher frequencies, when onc cannot use conventional bridges for 
the measurement of impedances, the transmission line (or waveguide) 
itself serves as an important measuring tool. Hence, a considerable por
tion of the chapter will be concerned with measurements made using 
transmission lines, as well as measurement on transmission lines. 

4-2. Transmission-line ·Parameters.2 Any two-conductor transmis
sion line can bave its electrical properties expressed in terms of a combina
tion of pbysical parameters. Perhaps the most basic, although not the 
most directly useful parameters, are the series inductance L, shunt 
c�pacitance C, series resistance R, and shunt conductance G, per unit 
length of transmission line. From these constants one can define a line 
series impedance Z, and a line shunt admittance Y, as follows: 

Z = R + jwL 
Y = G + jwC 

(4-1a) 
(4-1 b) 

1 Two recent books give extensive details on measurements peculiar to the so-called 
"microwave region," i.e., frequencies roughly above 1000 Mc: H. M. Barlow and A. L. 
Cullen, " Microwave Mcasurements," Constable & Co., Ltd., London, 1950; "Tech
nique of Microwa.ve Measurements " (Vol. 11,  Radia.tion La.boratory Series), McGraw
Hill Book Company, Inc., New York, 1947. A brief survey will be found in F. J. 
Gaffney, Microwa.ve Measurements and Test Equipments, Proc. IRE, vol. 34, p. 775, 
October, 1946. 

t The reader. wishing to study the detailed propert�es of transmission lines should 
consult one of the numerous books on the subject. Among those available, attention 
is called to H. H. SkiUing, "Electric Transmission Lines," McGraw-HilI Book Com
pany, Inc., New York, 1951, and Waiter C. Johnson, u Transmission Lines and Net
works," McGraw-Hill Book Company, Inc., New York, 1950. 

122 



SEC. 4-21 S Y S T E M S  W I T H  D I S T R I B U T E D  C O N S T A N T S  123 

The Characteristic Impedance. In calculating the electrical properties 
of a line, the quantities Z and Y are used to express two derived constants, 
the characteristic impedance I Zo, and the propagation constant "Y, 
defined as follows: 

Z, = VZY = R, + jX, (4-2) 

'Y = � = a + jf3 (4-3) 

where Cl = attenuation constant 
f3 = pha.e constant 

Both Zo and "y are complex numbers in the general case. 
The characteristic impedance Zo of the usual radio-frequency trans

mission line can be assumed to be resistive with a value2 

Z, = �� (4-4) 

This relation follows from Eqs. (4-1) and (4-2), for the situation where the 
frequency is so high that wL » R, and wC » G. 

The Attenuation and Phase Constants, and Phase Velceity. The com
plex number 'Y representing the propagation constant has a real part Cl 
and an imaginary part p. The real part is called the attenuation constant, 
and is a direct measure of the rate at which the amplitude of a wave 
diminishes as it travels along the line. The imaginary part of the prop
agation constant is called the phase constant, and is a measure of the rate 
at which the phase of a wave varies as it travels along the line. The 

I Sometimes called Surge impedance. 
2 In terms of line dimensions, this leads to the relations 

For coaxial lines: 

138 b Zo = -_ loglO -VS • 
where a == outside diameter of inner conductor b = inside diameter of outer conductor 

ohms 

E = dielectric constant of insulation material (if any) filling the line 

For parallel-wire lines: 2D Zo =:I 276 logul d 
where D ,.,. distance between ceoters of the two conductors 

d = diameter of each conductor 

(4-5.) 

(4-Sb) 

For more complicated forms of line, see F. E. Terman, "Radio Engineers' Handbook," 
p. 174, McGraw-Hill Book Company, Inc., New York, 1943; also H. A. Wheeler, 
Transmission Line Impedance Curves, Proc. IRE, vol. 38, p. 1400, December, 1950; 
Federal Telephone and Radio Corp., " Reference Data for Radio Engineers," 3d 00., 
p. 322, 1949. 
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phase constant at the same time determines a phase velocity v. of the line. 
Also, the phase constant is related to the line wavelength AI, which is 
defined as the distance along the wave corresponding to a phase difference 
of 21r radians. This concept of line wavelength is one of great generality; 
many of the equations involving it will apply to waveguides as well as to 
two-conductor lines. The relationships between the phase constant, 
wavelength, and phase velocity, are 

2". 
Al = 73 (4-6) 

2".f v. = fAI = 73 (4-7) 

where hi = line wavelength, m 
f = frequency, cycles per sec 

Vp = phase velocity, m per sec 
In the case of radio-frequency lines with air dielectric, Xl approximates 
the free-space wavelength of a radio wave of the same frequency. 1 In the 
case of cables with solid dielectric having a constant S, the wavelength is 
very closely the free space wavelength divided by VS. 

4-3. Voltsge and Current Relations, Reflection Coefficient, and Stsnd
ing-wave Ratio. The voltage and current existing on a transmission line 
can be considered as representing the sum of the vol'tages and currents of 
two waves. The first wave, which can be called the incident wave, 
travels from the generator toward the receiving end of the line, and 
carries energy toward the load. It consists of a voltage E, and an 
associated current I; that are everywhere related by the equation 

Voltage of incident wave = E, = Zo Current of incident wave Ii (4-9) 

The magnitude of the incident wa'fe becomes smaller as the wave travels 
along the line toward the load, according to the relation 

Voltage of incident wave ) = IE I = E' ,a' 
at distance I from load ' L  (4-10) 

where E� is the voltage of the wave at the receiving or load end of the line, 
a is the attenuation constant as defined by Eq. (4-3), and 1 is the distance 
from the load end of the line. The value aI, for the total length l, of the 
line is termed the line attenuation . 

• 

I If wL » R, and wC » G, as is usually true at high frequencies, the line losses can 
be assumed zero when calculating � and v". From Eqs. (4-1) and (4-3) this leads to 

radians pcr unit length. (4-Ba) 

(4-8b) 
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It will be noted from Eq. (4-10) that the incident wave becomes smaller 
as it travels toward the receiver, i.e., as the distance l from the receiver 
decreases. The phase of the incident wave also drops back (becomes 
more lagging) by {J radians for each unit of length that the wave travels 
toward the load, or 211" radians for a distance corresponding to the line 
wavelength AI- As a result, the phase position at a distance l from the 
load is f31 radians leading with respect to the phase at the load. The 
incident wave thus travels toward the load with the phase velocity Vp 
defined by Eq. (4-7). 

If the load impedance ZL differs from the characteristic impedance Zo 
of the line, some of the energy of the incident wave is reflected by the load 
producing a reflected wave that travels from the load toward the gen
erator. This reflected wave is similar to the incident wave except that it 
is traveling toward the generator. As a result, its voltage Er is associated 
with a current Ir such that everywhere on the line 

Voltage of reflected wave Er � - � -Z, 
Current of reflected wave I r (4-11) 

The negative sign arises from the fact that the current in the reflected 
wave flows toward the generator, whereas the current of the incident wave 
flows toward the load. The magnitude of the reflected wave becomes 
smaller as the wave travels away from the receiver (i.e., as l increases) 
according to the relation 

Voltage of reflected wave ) I I = Er = E';E-(Jll 
at distance I from load 

(4-12) 

Here E� is the magnitude of the reflected wave at the load. The phase 
of the reflected wave drops back /3 radians for each unit of distance the 
wave travels toward the generator, or 211" radians in a distance equal to 
�ne line wavelength XI. Thus the reflected wave at a distance l from the 
load lags its phase position at the load by f31 radians. As a result, the 
reflected wave travels away from the load with the phase velocity Vp. 

Reflection Coefficient. The vector ratio of the reflected wave to the 
incident wave is termed the reflection coefficient, commonly designated by 
the symbol p. Thus 

Reflected wave � p � IE,I e 
Incident wave IE;I L (4-13) 

where (J is the phase difference between Er and Ei. If the line has no 
losses (that is, a :::::; 0), the magnitude of p is everywhere constant, 
although its phase angle will depend upon position. If the line has losses, 
the magnitude of p decreases as onc recedes from the load, because the 
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reflected wave becomes smaller and the incident wave simultaneously 
becomes larger; the quantitative relation is given by Eq. (4-38). 

In any case, at the load end of the line the reflection coefficient is 
determined by the ratio of the load impedance ZL to the characteristic 
impedance Zo of the line by the equation 

Reflection coeffiCient ) = = 
at load end of line P 

(ZL/ZO) - 1 
(ZL/ZO) + 1 

(4-14) 

Several special cases are to be noted. When the load is open-circuited 
(ZL � "' ) , the reflection coefficient of the load is +1.0;  this means that 
the incident wave is completely reflected with no change in polarity of 
voltage. Likewise, when the load is a short circuit, p = - 1 .0, which 
means that the incident wave is completely reflected by the load, but with 
a reversal in polarity of voltage. Again, if ZL = Zo, one has p = 0, and 
there is no reflected wave present; in this case the line is said to be 
terminated or matched. Finally, if ZL is a pure reactance, then assuming 
Zo is a resistance, the reflection coefficient of the load is unity, denoting 
complete reflection of the incident wave; however, the phase angle of the 
reflected wave relative to the incident wave will depend upon the mag
nitude and sign of the load reactance. 

Standing-wave Patterns and Standing-wave Ratio. The actual voltage 
E on the line at any point is the sum E, + E, of the voltages of the 
incident and reflected waves at that point. This results in voltage dis
tributions on the line such as illustrated in Fig. 4-1,1 that are called 
standing-wave patterns. At certain places on the line the voltages of the 
two waves are in the same phase, and so add to give voltage maxin;ta; at 
other places they are in phase opposition, and so subtract to give minima. 
The difference between the maxima and minima will be more pronounced 
the larger the reflection coefficient, as shown. In particular, when the 
reflection coefficient of the load .is unity, the minima are very deep,2 
while when the reflection coefficient of the load is zero (that is, ZL = Zo), 
there is no standing-wave pattern (see Fig. 4-1d). Intermediate values of 
p give intermediate behavior, &5 shown. 

The distance between adjacent minima (or maxima) is exactly half of 
the line wavelength " as defined by Eq. (4-6). In this distance ,,/2 an 
individual traveling wave suffers a phase shift of exactly 1( radians. 

The ratio of the maximum to minimum values of voltage (or current) in 

, Standing-wave patterns of current are also present. These are exactly the same 
as the voltage patterns, except that the current minima occur at the voltage maxima, 
and vice versa. 

I The minima would theoretically be zero for p "'" ± 1.0 in the case of an ideal line 
with zero losses. 

, -
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the standing-wave pattern is termed the standing-wave ratio. 1 That is, 

Voltage standing-wave ratio � S � �- (4-15) 
• mID 

wbere E_. and Em', have the meanings indicated in Fig. 4-1. It will be 

IL6<n=;ra"':J-rl-----� 
(Q)  Line with qenerator omd load !� • � .2 E rTlOIll 
�� I. " .1 

I • � o -� 

(b) Open circuit load C Z  L =(0) 

L----r--��--4---� I----�---i 2 

(cl Moderately hiqh load impedance (CO<ZL< Zo) 

-
_ _ _ ., Moderafe losses 

I -- �. ----
8. t Zero los$ o -� L-________________ � 

Cd) Load impedcmc.e equal to characteristic impedance(Zl-ZO) 

I • � o 
� L-

_
__

_ �::::���::�.I 
(e) Short·circuited load impedance 

FIG. 4-1. Standing-wa.ve patterns corresponding to various load conditions. 

noted that S � 1 corresponds to no reflected wave (Fig. 4-ld), while S 
will increase as the reflected wave becomes larger, and approaches 
infinity as the incident wave is completely reflected. The relationship 

I ThlB voUage standing-wave ratio is often abbreviated. VSWR, principally to dis
tinguish it from the power standing-wave ratio. If the detecting element used to 
observe a standing-wave pattern is a square-law device, then ita output is propor
tional to power. When desired, such power readings can be converted to relative 
voltage by taking the square root. 
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between the magnitude Ipl of the reflection coefficient, and the standing
wave ratio S isl 

8 - 1  
8 + 1  

8 = 1 + Ipl 
1 Ipl 

(4-16) 

(4-17) 

If the line has no attenuation, the standing-wave ratio S is everywhere 
the sameJ and has a value determined by the reflection coefficient of the 
load impedance as given by Eq. (4-14). If the line has losses, however, 
then 8 decreases with increasing distance from the load (see page 148). 

4-4. Measurement of Line Parameters.2 Open- and Short-circuit 
Tests. The transmission line parameters listed in Sec. 4-2 can b.e deter
mined by measuring the input impedance of an arbitrary length of the 
transmission line when the output or receiving end of the transmission 
line is first open-circuited and then short-circuited. The technique of 
making the necessary impedance measurements must be selected accord
ing to the appropriate frequency range i it can involve bridges,3 the Q 
meter, and other forms of substitution in a tuned circuit as described in 
Chap. 3,' or the use of a standing-wave detector (see Sec. 4-5). Unless 
resonant lengths are used (see below), the results will be most accurate 
when the line length is roughly an odd multiple of an eighth wavelength. 

1 These relations follow from Eq. (4-15) and the fact that 

Em>. � 
lEd + IE,I 

Emlo "" lE.: - IE�1 
IE,I � 

IpllE,1 

! A good survey of this subject is given by Ivan G. Easton, Measurement of the 
Characteristics of Transmission Lines, Gen. Rod. Expt., vot. 18, November-December, 
1943. 

I The special considerations involved when single-cnded impedance bridges are 
used for measuring the impedance of a two-wire balanced line are discussed in Sec. 
3-12: also see L. Essen, The Measurement of the Propagation Constants of Screened 
Twin Cables, J. lEE (RadioloGation Conv.), vol. 93, pt. IlIA, p. 1319, March-May, 
1946 . 

• Examples of such methods are given by T. lorwerth JaDes, The Measurement of 
the Characteristics of Concentric Cables at Frequencies between 1 and 100 Mega
cycles per Second, J. lEE (Wireless Sec.), vo!. 89, pt. nI, p. 213, December, 1942; J. 
M. MiIlcr, Methods of Electrical and Mecha.nical Testing of Itadio-frequency Cables 
at the Naval Research Laboratory, Trans. A/EE, vol. 64, p. 934, 1945; F. JODCS and 
R. Sear, Testing High Frequency Cables, lVt:reless Eng., vol. 21, p. 512, November, 
1944; W. T. Blackband and D. R. Brown, The Two-point. Method of Measuring 
Characteristic Impedance and Attenuation of Cables at 3,000 Mc/s, J. / EE (Radio
location Conv.), vol. 93, pt. nIA, p. 1383, March-May, 1946j Ballantine Laboratories, 
Measurement of Transmission Line Constants, Electronics, vol. 1 1 ,  p. 26, April,1938; 
L. Essen, The Measurement of Balanced and Unbalanced Impedances at Frequencies 
near 500 Mc/s, and Its Application to the Determination of the Propagation Con
stants of Cables, J. lEE (Wireless Sec.), vol. 91, pt. Ill, p. 84, June, 1944. 
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Once the open- and short-circuit-impedance measurements have beeu 
made, the transmission-line parameters can be systematically computed. 
Suppose that the sample of transmission line used in the measurement has 
a length ll; then the open-circuit impedance Zot: and short-circuit imped
ance Z.(; are 

Zoc = Za 
tanh -rI, 

z.c = Zo tanh -yll 

(4-18) 

(4-19) 

By manipulating Eqs. (4-7) and (4-8), they readily yield expressions as 
follows for the characteristic impedance, and the propagation constant: 

Zo = v' ZocZ.c 

tanh -rl, = ��: (4-20) 

(4-21) 

In order to determine the attenuation constant a and the phase constant 
P, it is often convenient to use the following expressions, which represent 
a form of Eq. (4-21) that involves only real numbers. In this way only 
tables of real hyperbolic tangents' and ordinary tangents are required. 

2A 
tanh 2,,1, = 

1 + A' + B' 
2B tan 2fjl, = I.-----.A"'-+;---;B'" 

where A = real part of VZ,,/Z� 

B = imaginary of VZ • ./Z� 

(4-22) 

(4-23) 

The series impedance Z and shunt admittance Y of a transmission line 
can be computed from Zo and -r by the use of Eqs. (4-2) and (4-3). This 
gives 

Z = R + jwL = Zo-r 

Y = G + jwC = � 
Zo 

(4-24) 

(4-25) 

Open- and Short-circuit Tests with Resonant Lines. The open-circuit 
and short-circuit impedances discussed above can be the impedance 
associated with any arbitrary length of transmission line. Considerable 
simplification results, however, if the sample is so cut that its length is 
exactly an odd or an even mUltiple of one quarter wavelength. The line 
is then in resonance, and its impedance is resistive. In practice) reso
nance can be achieved by cutting the line approximately to length, and 

1 In order to use Eq. (4-23), it is necessary to know the quadrant of 2(3ll. This can 
be determined from thc actual line length, and an estimate made in accordance with 
the discussion given in connection with Eq. (4-6), of the distance corresponding to one 
wavelength. 
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then varying the frequency to give resonance as indicated by maximum 
or minimum impedance, or by a resistive impedance. 

In the resonant line, let Roe be the input resistance measured when the 
receiving end is open-circuited, and R,e the input resistance when the 
receiver is short-circuited. 

Then Eq. (4-20) becomes 

(4-26) 

The attenuation constant a can be simply expressed in terms of the 
resonant-circuit resistances by the relationsl 

Length I" an odd number of quarter wavelengths: 

(4-27a) 

Length ltt an even number of quarter wavelengths: 

(4-27b) 

The phase constant f3 of the resonant line in radians per unit length is 

(4-28) 

where l1 is the actual line length, and n is the number of quarter waves 
represented by tills length. The applicable value of n can usually be 
estimated from supplementary data, particularly if n is small such as 1, 2, 
or 3. Thus for lines with air dielectric the wavelength on the line approxi
mates the wavelength in free spaceJ while a dielectric with constant 6 
reduces the length corresponding to a wavelength by the factor 1/0. 

1 The derivation of these relations from Eq. (4-22) is as follows:  
For resonance, B = 0, so that 

2A 
tanh 2all 

... 1 + AI 

Here A "" vi R,,/ R.�. Now when l, is an odd number of quarter wavelengths, Ru is 
large and RH small. Under these conditions A » 1, and 

2 
tanh 2al. = 2al, = A 

Similarly, when l\ is an even number of quarter wavelengths, Roe is large and R.� 
small; under these conditions A «  1, and 

tanh 2al. = 2al. - 2A 

Solving these rela.tions for all give Eqs. (4-27), 
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U 8e of Q M el<r to Dewrmine Attenuation. The Q meter provides a 
simple means of determining the attenuation constant of a line. 1 The 
line is associated with the resonant circuit of the Q meter in the manner 
illustrated in Fig. 4-2. Here C is the tuning capacitance of the meter, 

and L is an auxiliary inductance that with C forms the resonant output 
circuit of the Q meter. The line must be resonant; if in parallel resonance 
it is connected in .paral1el with Le as in Fig. 4-2a, while if in series reser 
nance it is connected in series with L as in Fig. 4-2b.2 Exact resonance 

a me/er r-- - - - - - - --, 
I I 
I 
I 
I 
I 
I 

c 

L _ _ _ _ _  _ 

I, 

Cable under lest 
Source of voltage 
from oscil/ator 

ShOrlin'; 
swifr:h 

(a) Circuit arronqement wnen line is in pr.m�lIel resonance 
, - - - - - - - --, il � �c L� I1I @J;:t==�I,===1I� 
L :c � SWlkh 

L _ _ _ _ _ _ _  J 
I b) Circuit arrangement when line is in series resonance 

FIG. 4-2. Circuit arrangements for measuring the input impedance of a resonant line 
wit.h the aid of a Q meter. 

can be achieved for any given length of line by adjusting the frequency of 
the Q-meter oscillator until disconnecting the line in a or short-circuiting 
its input in b does not alter the setting of C required to give resonance 
with the Q-meter oscillator. 

The measuring procedure is then as follows : First, with the line termi
nated to give parallel resonance, the value of Ql is determined in Fig. 
4-2a for the resonant system consisting of LC shunted by the line. Next, 
with the line terminated to give series resonance, the value Qz is deter-

1 C. Stewart, Jr., A Method of Measuring Attenuation of Short Lengths of Coaxial 
Cable, Proc. IRE, vol. 33, p. 46, January, 1945; C. C. Fleming, Report of Conference 
on Radio-frequency Cables: Electrical Tests over a Range of Frequencies, Tram. 
AIEE, vol. 64, p. 936, 1945. 

2 Parallel resonance (i.e., high input impedance) occurs when the receiver is shorted 
and the line is an odd number of quarter wavelengths long, or when the receiver is 
opcn-eircuited and the line is an even number of quarter wavelengths long. Series 
resonance (i.e., low input impedance) is obtained with a short-circuited receiver when 
the line is an even number of quarter wavelengths long, and with an opcn-circuited 
receiver when the length is an odd number or quarter wavelengths. 
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mined in Fig. 4-2b for the system consisting of Le· in series with the line. 
Finally, with the line disconnected, the value Qo is determined for Le 
alone. Then 1,2 

(4-29) 

The same procedure and formula are used irrespective of whether the line 
is an even or odd mUltiple of a half wavelength long. The difference in 
these two cases is that whereas series and parallel resonance aTC obtained 
with the receiver open- and short-circuited, respectively, when the line is 
an odd multiple of a quarter wavelength long, the reverse is the case when 
(.he length is an even multiple of a quarter wavelength. 

An alternative procedures consists in obtaining the input resistance R' 
of the parallel resonant line by comparison with known resistances of the 
same · order of magnitude. The idea is to observe the response of the 
Q-meter indicator V as different known values of resistance arc shunted 
across the tuned circuit Le in place of the parallel resonant line. With 
this information, and the response of V when the line is shunted across 
Le, one can obtain R' by interpolation. Then 

Zo 
tanh "It = R' (4-30) 

where Zo is the characteristic impedance of the ]ine. This procedure has 
the advantage that the accuracy of the result depends only upon the 
accuracy with which the resistances of the test resistors is known, and 
not upon the absolute accuracy of the Q readings, which may be rather 
poor at very high frequencies.4•5 

I In most practical cases all « 1 j under these conditions tanh all � all. 
S It is sometimes desirable to use different values of inductance for the coils L in a 

and b of Fig. 4-2. The modifications in Eq. (4-29) that this causes are given by 
Stewart, op. cit 

I See Fleming, op. eit 
4 A unique method of obtaining an adjustable known shunting resistance is described 

by J. C. Simmonds, Tuned Circuit Parallel Hesistance Apparatus for Measurements 
on Balanced Pair Cables at Frequencies Up to 10 Mc/s, J. TEE, vol. 92, pt. Ill, p. 1 20, 
June, 1945j Apparatus for Measurcmcnts on Balanced-pair High-frequency Cables 
in the Range 10-200 Mc/s, J. lEE, vol. 92, pt. Ill, p.  282, December, 1945. 

� Still another Q-meter method of measuring the attcnuation constant consists in 
using a short-circuited length of line approximately 0.15}\i long 3S the unknown 
inductance in the standard Q-meter test of a coil (see p. 90). The attenuation con
stant at a particular frequency can then be calculated from the tuning capacitance 
required to resonate the cable at this frequency, the Q reading, and the characteristic 
impedance of the cable. For full details see Chandler Stewart, Jr., The S-function 
Method of Measuring Attenuation of Coaxial Radio-frequency Cable, TraM. AlEE, 
vol. 64, p. 616, 938, 1945. This method of measurement will yield aecurate results 
in the frequency range 1 to 100 Mc. 
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Attenuation by Standing-wave-ratio Measurements. At the higher fre
quencies, where a standing-wave detector can be used (see Sec. 4-5), the 
attenuation of a length I, of line can be determined irom the value of 
standing-wave ratio S observed at the sending end of a line that is short
circuited at the receiver. The apparatus arrangement is illustrated in 
Fig. 4-3. The basic relationship is' 

1 tanh "I. � 
S 

(4-31) 

For this relation to be valid, two conditions must be rigorously met. 
First, the standing-wave detector itself must have zero or negligible losses 

v 

Slandinq-wave defector 

Oscillafar 

L/ne under lest. 
Short 

ct"rcuif 

��--l,,-----I� 
FIG. 4-3. Measurement of attenuation of a line with the aid of a standing-wave: 
detector. 

compared with the attenuation in the line sample, and second, the 
characteristic impedance of the standing-wave detector must be exactly 
the same as that of the line sample (or a reflectionless matching section 
must be interposed between tbem). The first condition can easily be met 
by using a long enough sample of cable so that its total attenuation aI, is 
high compared with the attenuation of the standing-wave detector. If 
the second condition is impossible to meet with sufficient precision, there 
is a more general but complicated measuring technique described on page 
189 which takes account of the reflections at the junction of the standing
wave detector and the line sample. 

Direct Measurement of A ttenuation. Under certain circumstances, it 
may be convenient to measure the total attenuation of a sample of trans
mission line by direct voltage or current measurement when the line is 
terminated in its characteristic impedance, i.e., when there is no reflected 
wave on the line. In the simplest case, the voltage V L existing at the 
receiving end is compared with the voltage V. applied to the sending 
end;' the attenuation constant Cl of a line of length I, is then given by 

I This is derived as follows: Define Eo as the amplitude of the incident and reflected 
waves at the receiving cnd of the line. Then the amplitudes of these waves at the 
sending cnd of the linc are E�ah and Eot-ah respectively. Equation (4-31) then 
follows by substituting E...- -= E�h + EOf-h, and Bml .. .,. Eoe'll - Bot-all, in Eq. 
(4-15), and noting that tanh all "'" (fal - �-Jl)/(�ll - f-h). 

t Typical examples of how this method may be carried out are given hy H. H. Race 
and C. V. Larrick, Coaxial Cable Attenuation Measurements at 300 Mc/s, Gen. Eke. 
Rev., vol. 44, p. 507, September, 1941j and Miller, op. cit. 
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(4-32) 

At ordinary radio frequencies the voltage measurement can be made with 
a vacuum-tube voltmeter. In some cases it may be morc convenient to 
measure current instead of voltage, using a thermocouple, for instance. 
In this case, the sending-end current 18 replaces the voltage V 8, and the 
receiving-end current h replaces V L in Eq. (4-32) .  

When the attenuation is measured in this manner, it is important that 
there be no standing waves due to reflection. 

Direct Measurement of Capacitance and Inductance of Lines. The 
capacitance per unit length of a transmission line can be measured by 
determining the admittance of a length of the line which is short compared 
with a quarter wavelength, and which is open-circuited at the receiving 
end. The admittance may be determined by any convenient method 
such as a bridge, Q meter, substitution in a resonant circuit, etc. The 
measurement can be made.at an audio frequency such as 1000 cycles, or 
alternatively it is possible to employ a radio frequency, as for example 
1 Mc. The only limitation on frequency is that it must be low enough so 
that the test sample employed will have a length short compared with a 
quarter wavelength along the line. If the observed admittance of the line 
under test is Y = G, + jwC" then the capacitance per unit length is the 
total capacitance C, divided by the actual length of the line. Similarly, 
the conductance of the line per unit length at the frequency used in 
making the test, will be the total observed conductance G, divided by the 
actual line length. The observed conductance will ordinarily depend 
upon the frequency, particularly in the case of cables with solid dielectric i 
on the other hand the line capacitance per unit length can be expected to 
be independent of frequency. 

The inductance per unit length of a transmission line can be directly 
measured by determining the input impedance of a length of line that is 
short compared with a quarter wavelength along the line, when the 
receiving end of the test length is short-circuited. As in the case of the 
capacitance measurement, any convenient measuring method may be 
employed, and the measurement may be carried out either at audio or at 
radio freqUencies; it is merely necessary that the frequency be such in 
relationship to the length of the test specimen as to make the length of 
the specimen short compared with a quarter wavelength. From the 
observed impedance Z = R, + jwL" the inductance per unit length is 
obtained by dividing the total inductance L, by the physical length. 
Similarly, the resistance per unit length is obtained by dividing the total 
observed resistance R, by the physical length. The inductance measured 
in this way will be independent of frequency; however, the resistance will 
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depend upon frequency, increasing because of skin effect as the frequency 
becomes higher. 

Measurement of Characteristic Impedance. The characteristic imped
ance of a cable can be calculated from the measured values of inductance 
and capacitance per unit length, using Eq. (4-4). Alternatively, the 
characteristic impedance can be obtained from observed values of the 
capacitance C per unit length and the phase velocity Vp, using the relation 1 

Characteristic impedance = le 
v. 

(4-33) 

This relation is obtained from Eqs. (4-4) and (4-Sb). The phase velocity 
Vp can be obtained from the length of line required to give half-wave or 
quarter-wave resonance, and then employing Eq. (4-7), 

Again, the characteristic impedance of a line can be obtained by 
terminating it with a calibrated adjustable resistance and measuring the 
input impedance of the line as this load resistance is varied. One value 
of load resistance will be found that makes the input impedance of the line 
equal to a resistance that is the same as the load resistance; this particular 
value of resistance is then the characteristic impedance. 

4-5. Measurement of Standing-wave Ratio by the Use of a Slotted
line Standing-wave Detector. 2 The value of standing-wave ratio that 
exists on a line is ordinarily determined by a standing-wave detector, such 
as shown in Fig. 4-4b and c for a coaxial line. This consists of a length of 
line with an axial slot, along which moves a traveling carriage carrying a 
probe that projects through the slot. To this probe is connected a 
voltage- (or power-) measuring device, which in the simplest case could be 
a crystal detector and microammeter. An oscillator is connected to one 
end of the standing-wave detector, and to the other end is connected the 
unknown impedance, as in Fig. 4-4a. The standing-wave pattern is 
obtained by moving the probe along the carriage, and observing the 
resulting variation in the crystal-detector output. 

Not shown in Fig. 4-4 are some of the mechanical arrangements 

1 A modification of this procedure is sometimes useful in the case of twisted-pltir 
and similar lines, involving a mixture of air and solid dielectric. This consists in 
observing the ratio k of the wavelength of the actual line, as compared with the wave
length in free space, aDd calculating from Eqs. (4-5) the characteristic impedance Zoo 
that would be obtained if all of the solid dielcctric� were replaced by air. Then 

Actual characteristic impedance = kZoo (4-34) 

This method is due to Andrcw Alford, Measuring the Impedance of Twisted Pairs, 
Electronics, vot. 13, p. 48, August, 1940. 

2 For further details, see "Technique of Microwave Measurements," op. tit, 
Chap. 8, pp. 473-514. 
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required for the standing-wave detector. The mechanical supports for 
the traveling carriage must be accurately constructed so that the probe 
projects into the line to a constant depth as the carriage moves along the 
line. A scale must be provided so that the position of the probe can be 
accurately defined with respect to the end of the line where the unknown 
impedance is to be connected. In order to minimize electrical losses in 
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, __ 

-:
pos
L"

ificm of probe 
Travel,ng probe 
and ind/caror 

Oscillalor h "II" II''''III"r.U"""I"""" ,1 
Slothui seclion of .. 

Fixed affenualvr negligible Gllrenuaror Impedimce 
(opfiona/) under invesf igafli:m 
(a)  S'Istem for mOlkinq standing-wave rotio measurements: 

Tuninq adjusfmen! 
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��'2-,;:::-;: �--Slof Carriage 
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( b )  Slotted line and carriage 

Probe 
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circuif 

70 ame/i[ter and 
c:: ;-. -;rld7calor 

Probe oufpuf /;n� 
( cA )  Probe Qnol detector 

connections 

FIG. 4-4. Details of slotted line for making standing-wave-ratio measurements on a 
coaxial system. 

the standing-wave detector, a minimum of dielectric is used, the amount 
being just sufficient to provide the necessary mechanical support. One 
possible arrangement is shown in Fig. 4-4b, in which the line is continu
ously supported from the bottom i this arrangement is particularly well 
suited for very long standing-wave detectors in which the center con
ductor would sag excessively if supported only from the ends. Further 
design details will be discussed in Sec. 4-6. 
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The Probe, and Its Detector and Amplifier.' The objective of the 
standing-wave detector is to sample the voltage along the transmission 
line. The probe that projects through the slot into the line l'rovides this 
sampling, since some of the electric-field lines will then terminate upon 
the probe, and thus cause a voltage to appear between tbe probe and the 
outer conductor of the line leading from the probe. As shown in Fig. 
4-4<1, a crystal detector can be used to rectify this radio-frequency voltage ; 
the rectified voltage is then amplified and indicated upon a meter. A 
stub line is usually included as a part of the prohe, and is provided with a 
movable short circuit in order to tune the system to give maximum recti
fied voltage. This adjustment also ensures that the probe circuit, as 
seen from the main transmission line, presents a very high impedance; in 
this way the probe causes a minimum of disturhance to the fields within 
the coaxial line. As a further means of minimizing the effect of the probe, 
it is extended into the line the shortest distance that will give a satis
factory indication. The slot for the probe is made sufficiently narrow, 
and the slot walls sufficiently thick, so that the power radiated from the 
slot is negligibly small. 

It is possible, at least theoretically, to sample the current along the 
standing-wave detector instead of the voltage. . In this case, the probe 
would consist of a small loop projecting through the slot, one end of the 
loop being the extension of the inner conductor of the probe line, and the 
other end of the loop being grounded to the carriage. The difficulty is 
that such a loop tends to give an indication that depends on the line 
voltage as well as the line current. This is because in addition to the 
voltage induced in the loop by the magnetic field, which is proportional to 
the current in the line, there is also an induced voltage resUlting from the 
electric field that terminates on the loop. The voltage probe in Fig. 4-4, 
on the other hand, is relatively free from the influence of the magnetic 
field, and hence gives an output voltage determined by the voltage on the 
main line. 

It is possible to use a bolometer instead of the crystal, and for precise 
work this may be highly desirable. The bolometer is accurately a square
law devicej i.e., the rectified voltage is proportional to the square of the 
radio-frequency voltage applied to it. 

The crystal, on the other hand, approximates a square-law device only 
below a limited and uncertain value of amplitude. For accurate measure
ments with a crystal it is therefore often necessary to make a calibration 
that gives the experimentally observed relation between relative line 
voltage and relative crystal response. Moreover, if accuracy is impor-

, See ibid., pp. 483-488, 496-503. 
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tant, the calibration must be checked frequently, as the characteristics of 
crystals often change appreciably with use. I.' The simplest way of 
checking the crystal calibration is to short-circuit the receiving end of the 

. slotted line. The resulting voltage distribution between adjacent 
minima is then a hali sine wave, thus giving a relative voltage that is a 
known function of probe position.3 

The sensitivity of the probe system can be greatly increased by amplify
ing the output of the cryostat or bolometer. If a continuous-wave oscil
lator or signal generator is used to provide radio-frequency power for the 
system, a d-c amplifier is called fOT. It is preferable, however, to modu
late the oscillator. In this case the output from the crystal contains the 
modulation frequency, and an audio amplifier may then be used. If, 
further, a narrow-band tuned audio-frequency amplifier is employed, a 
very high signal-to-noise ratio is obtained. It is then possible to employ 
more amplification than would be useful with an untuned audio amplifier, 
thereby further reducing the energy the probe must pick up to give 
a satisfactory indication. 

Oscillator Considerations. It is essential that the oscillator which 
serves as the energy source for the measurement produce an output wave 
that is free of harmonic f�equencies. The presence of harmonics distorts 
the standing-wave pattern, becallse each harmonic tends to go through 
maxima and minima at different locations from the fundamental. When 
trouble of this sort is encountered, the customary expedient for eliminat
ing harmonics is the insertion of a low-pa"ss filter, or a resonant circuit, 
between the oscillator and the standing-wave detector. 

It is also necessary that the oscillator frequency maintain a constant 
value. If the probe introduces a slight reflection, there may be slight 
variations in the loading on the oscillator as the probe position is varied ; 
these can affect the frequency of the oscillator. The customary safe
guard against this difficulty is the insertion of an attenuation pad of per
haps 10 db between the oscillator and the standing-wave detector. 

I The necessity of knowing the crystal characteristic ca.n be a.voided by inserting a. 
va.riable and accurate radio-frequency attenuator between the probe and the crystal, 
or betwcen the oscillator and the slotted line. �n this way, a. wide range of input 
voltages can be measured by always adjusting the attcnuator to give the same rectified 
output from the crystal. The law of the crystal detector is then not important, and 
the accuracy of the measurement depends only upon the accura.ey of the adjustable 
attenuator. 

I Another, and somewhat more elaborate. �hnique for avoiding errors resulting 
from the fact that a crystal can be depended upon to have a square-law characteristic 
only when the amplitudes are small is described by A. M. Winzemer, Methods for 
Obtaining the Voltage Standing-wave Ratio on Transmission Lines Independently of 
the Detector Characteristics, PrQc. IRE, vol. 38, p. 275, March, 1950 . 

• See " Microwave Antenna Theory and Design" (Vol. 12, Radiation Labora.tory 
Series), pp. 552-556, McGraw�Hill Book Company, Inc., New York, 1949. 
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In the usual case where the oscillator is amplitude-modulated, it is 
necessary that there be no incidental frequency modulation; otherwise the 
location of the minima will vary during the modulation cycle. In the 
case of reflex klystron and magnetron oscillators, this difficulty can be 
avoided by the use of square-wave or pulse modulation of the H on-off" 
type (see Secs. 12-11 and 12-12). In other cases, particularly at ultra-high 
and very high frequencies, modulated amplifier arrangements may be 
used, thereby isolating the oscillator from the modulating system. In 
this case sine-wave modulation can be employed if desired. 

Special Considerations Rew.ting to Very Low and Very High Sw.nding
wave Ratios. Special problems are encountered when measuring a stand
ing-wave ratio that is either very low or very high. When the standing
wave ratio is very low, i.e., when it approaches unity, the accuracy of the 
measurement is limited by residual errors in the standing-wave detector. 
These errors are of two types, (1) small reflections due to discontinuities 
at or near the junction where the slotted line is connected to the load, and 
(2) imperfections in the mechanical design of the standing-wave detector 
that result in irregular variations in probe voltage as the carriage is moved 
along the line, even when the line is perfectly terminated. Small reflec
tions can be detected and allowed for by means of the node-shift technique 
discussed on page 150, while mechanical imperfections are considered 
further in Sec. 4-6. 

When the standing-wave ratio is very high, errors may result from 
several sources. In the first place, energy abstracted from the system 
by the probe circuit is more of a disturbing factor in the measurement 
when the standing-wave ratio is high. The principal effect is to reduce 
the apparent height of the voltage maxima as a result of loading. Viewed 
from the probe circuit, the standing-wave detector is then a source of 
voltage that has an internal impedance that is very high when the stand
ing ratio is very high. Since the detector element, either crystal or 
bolometer, is nonlinear, and draws proportionately more current at larger 
amplitudes of applied voltage, the extra loading which occurs at the 
voltage maxima may cause the observed pattern to be seriously distorted 
when the standing-wave ratio is large. The effect is accentuated by the 
fact that with large standing-wave ratios, the voltage minima will be of 
very small relative amplitude. Thus, in order to obtain readings at the 
voltage minima, it becomes necessary for the probe to project quite far 
into the coaxial line in order to pick up enough voltage for the detector. 
This in turn further increases the change in amplitude produced at the 
voltage maxima. An additional complicating factor occurs when a 
crystal is used for the detector. The crystal can be considered a square
Jaw device with fair accuracy only when the applied voltage is small ;  
when the voltage becomes large, a decided departure from square-law 
behavior can easily occur. 
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A convenient technique for measuring large standing-wave ratios, say 
greater than 10, is the H double-minimum " method.l In this method, the 
distance A between the two points designated as A and B in Fig. 4-5 is 
determined, where the voltage response at A and B is y2E.,o (cor
responding toa power response double 
the power response for E.,o) . The 
standing-wave ratio is then computed 
from the following simple relationship, 

S � � 
".A (4-35) 

where hi is the distance along the line 
corresponding to onc wavelength. 

Large standing-wave ratios are 
perhaps best measured by the use of 
an attenuator in conjunction with a 
crystal. The attenuator is inserted 
between the probe and the crystal. 
For measurement of a voltage mini
mum, the attenuator is set at zero, 
thus giving the greatest sensitivity 

Vl.E...miD __ _  _ 

E�i;-- ---o . . Dlstcmce along Irne -
FlO. 4-5. Diagram illustrating no
tation used in determining stand
ing-wave ratio by the "double
minimum " method. 

Line, 
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I 
(d1 Resonant probe for VOltage meGlsurement 

Line 

� errs·fal 
t�� 

(e) Voltage tneosured with resonant line section 

FIG. 4-6. Various means for observing 
standing-wave patterns on open-wire 
transmission lines. 

possible, and the probe is inserted only far enough to give an accurate 
reading. To measure a voltage maximum, the attenuation is increased 
until the crystal output produced by the voltage maximum is the same as 
was obtained from the voltage minimum. The standing-wave ratio is 
then the ratio of the two attelluator settings. 

Standing-wave Detectors for Two-wire Lines. Emphasis has been placed 
on coaxial lines in the above discussion, even though the principles apply 
equally well to open-wire lines. Standing waves on tw<rwire lines can 

1 See "Technique of Microwave Measurements," op. cit., p. 505. 
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be investigated by the use of indicators such as shown in Fig. 4-6.' As 
the indicating device is moved along the line, the response will vary with 
either the voltage or the current of the standing-wave pattern, according 
to the type of coupling between the indicator and the line. 

4-6. MisceUaneous Design Features of Coaxial Standing-wave Detec
tots. 2 Until recent years, it has been necessary for a laboratory to con
struct its own standing-wave detector. However, there are at present 
commercial units available, and it is expected that mOTe of these will be 
o� sale in the future. It may still be desirable or necessary in some situa
tions to build rather than to buy a standing-wave detector. A decision 
to do so when based on economy as the objective is usually disappointing, 
unless only crude accuracy is required. The high price of commercial 
units is in general a reflection of the extreme care in design and mechanical 
precision of fabrication required. While it is beyond the scope of this 
work to set forth here complete details on the design and construction of 
a standing-wave detector, certain aspects of the design are so important 
that they deserve consideration. In addition there are certain tests 
which can be used to evaluate the effectiveness of design features, whether 
they be in an instrument that has been built or purchased. 

The problem of accuracy in a standing-wave detector has three major 
element.s.' The first of these is the line itself; the others concern the 
traveling probe and the -transition or junction to the impedances to be 
measured. The line must be essentially lossless, and it should have air 
dielectric. The center conductor can be supported as shown in Fig. 4-4, 
or in short lines it can be supported by dielectric beads at each end. The 
center conductor should be very straight, and must be coaxial with the 
outer conductor. The outer conductor must be accurately round in 
cross section, a requirement that calls for some care in the machining 
process inasmuch as ordinary tubing tends to spring outward when a 
slot is cut as needed in the standing-wave detector. It is helpful if the 
line can be made as large in diameter as is possible since the use of a large
diameter line increases the tolerances in the motion of the traveling probe. 

I The constructional details of such devices fLre frurly obvious, and much improvis
ing can be done. Litera.ture references a.re too numerous to list, although two recent 
papers may be �f interest: W. N. Baker, Standing-wave Indicator for 3-22 Mc/s, 
J. lEE (Radiocomm. Conv.) vol. 94, pt. rIIA, p. 328, March-April, 1947i R. J. Lees, 
C. H. Westcott, and F. Kay, Transmission-line Impedance Measurement, Wireless 
Eng., vol. 26, p. 78, Ma.rch, 1949. 

t For further details see IITechnique of Microwave Measurements," op. cit., pp. 480-
483, 488-496; R. A. Soderman and W. M. Hague, U-H-F Measurements with the 
Type 874-LB Slotted Line, Gen. Rad. Expt., vo!. 25, p. I, November, 1950 . 

• Additional discussion of errors in standing-wave detectors is given by H. E. 
Sorrows, W. E. Ryan, and R. C. Ellenwood, Evaluation of Coaxial Slotted-line 
Impedance Measurements, Proc. IRE, vol. 39, p. 162, February, 1951. 



142 ELE C T R O N I C  M E A S U R E M E N T S  [CHAP. 4 

However, the maximum diameter permissible is limited by the fact that 
higher-order modes can be present in the line if the diameter is too large. 

The width of the slot is a compromise between two factors. First, if 
the slot is too large, there are excessive losses due to radiation. The line 
will then have appreciable attenuation, and the standing-wave ratio 
measured near the load will be different from that measured near the 
generator for a given impedance. On the other hand, if the slot is very 
narrow, there is a hirge shunting capacitance between the probe and the 
outer conductor of the line. This capacitance affects the probe sensi
tivity, and is moreover subject to large variations if the travel of ·the 
probe is the least bit irregular. This latter difficulty can be circumvented 

of probe 

to some extent by the use of a shielded 
probe, as illustrated in Fig. 4-7. Here, 
the sheath of the probe extends down 

Probe carriage through the slot at least as far as the 

FIG. 4-7. Shielded-probe arrange-

inside of the outer conductor of the stand
ing-wave detector. Then if the probe 
carriage should move sidewise relative to 
the slot, the capacitance change from inner 
conductor of the probe to the outer con
ductor of the line is negligibly small. 

If the probe moves radially slightly in 
ment. or out of the slotted line as the probe 
carriage travels along the line, the relative coupling to the fields in 
the slotted line varies. As an example, if the probe projects about one
third of the distance to the center conductor in a half-inch coaxial 50-ohm 
line, a radial movement of 0.001 in. causes a 1 per cent change in the 
probe voltage. l 

The effect of relative motion of the probe can be tested by applying 
an audio-frequency voltage to the slotted line and measuring the probe 
voltage with a vacuum-tube voltmeter.2 A constant reading should, of 
course, be obtained for all positions of the probe. If the reading varies, 
it is possible to prepare a table or graph of correction factors which can 
then be appli�d to radi�frequellcy oLservaiious.3 

The Parallel Plate or Slab Line. There is an alternative configuration 
for the standing-wave detector which greatly aids in reducing the prob-

1 W. R. Thurston, Coaxial Elements and Connectors, Proe. Nall. Eke. Conf., vol. 3, 
p. 97, 1947. 

t Soderman and Hague, op. tit. 
J A more complicated procedure capable of obtaining a more precise curve of 

correction factors is described by R. G. Medhurst and S. D. Pool, Correction 
Factors for. Slotted Measuring Lines at Very High Frequencies, Proc. lEE, vol. 97, 
pt. Ill, p. 223, July, 1950. 
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lems of motion of the probe, as well as radiation from the slot.1 This is 
illustrated in Fig. 4-8. If the two parallel planes extended ideally in both 
directions to infinity, and if the center conductor were elliptical instead of 
round, the geometry would be exactly equivalent to the coaxial line, 
transition from one to the other being accomplished with mathematical 
rigor by a conformal transformation. In a typical practical case, the 
parallel planes are only 6 in. in height compared with a spacing of 0.75 in., 
and the cross section of the inner conductor is round instead of elliptical. 

The effectiveness of this arrangement results from the fact that the 
field intensity in the region of the slot where the probe is located is 
changing much more slowly with respect to distance to the center COD-

Carriage 
Prohe·....jJ-:.II __ Une 

Parallel 
plale$ ���+----:::r 7«pered cOClxial.sec/lon 

End pi,,*, 
(Q) Section (b )  Perspective view 
}'w. 4-8. Parallel-pla.te type of standing-wave detector. 

ductor than in the coaxial counterpart. Thus small radial movements 
of the probe result in.much smaller changes in the resulting probe voltage. 
Moreover, in spite of the fact that the slot in the parallel-plane case 
appears to be very large, the transformed coaxial equivalent slot is 
exceedingly small indeed. For instance, for the dimensions quoted 
above, the equivalent size of tbe slot is 0.002 radian which in a I-in. 
coaxial line would correspond to a slot width of 0.001 in. 

Junction and Probe Errors. The output terminals of tbe standing-wave 
detector are generally in the form of a coaxial connector of some standard 
type. The transition between such terminals and the slotted section 
commonly requires a change in diameter of both the inner and outer 
conductors, and in some cases also involves a c�ange in the characteristic 
impedance, i.e., a change in the Tatio of the diameters. In the case 
of the parallel-plate line of Fig. 4-8, there is also a change in the line 
configuration. 

As this latter example deals with the junction problem in a general 

I W. B. Wholey and W. N. Eldred, A New Type of Slotted Line Section, Proc. IRE, 
vol. 38, p. 244, March, 1950; W. B. Wholey, Grea.ter Reliability in UHF Impeda.nce 
Measurements, HewleU-Packard J., vo!. I ,  p. I ,  January, 1950. 
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way, the manner in which it is handled is worth consideration. A cross 
section of a junction that has satisfactory characteristics is shown in 
Fig. 4-9. Looking from left to right, there is seen first the parallel-plate 
line, then a large-diameter coaxial section (with the outer diameter 0.75 
in., which is the same as the plate spacing), followed by a tapered section 
which gradually reduces the diameter to the desired output size. A 

conneclor 
oSvppor! inq bead 

( 0  ) 
FIG. 4-9. Details of transition from parallel-plate slotted line to 8. standard coaxial 
connector. 

change in the dimensions or shape of inner or outer conductors (or both) 
introduces a discontinuity capacitance even though the characteristic 
impedance may be the same on both sides of the discontinuity. To 
compensate for this, a notch Ca circular groove around the periphery of 
the inner conductor) is cut at the point where the parallel-plate line joins 
the coaxial structure. The equivalent circuit of this notched junction 

IrO-OOO'1 
T T 

FIG. 4-10. 
circuit of 
section. 

Equivalent 
a notched 

is shown in Fig. 4-10 ;  it is a low-pass structure 
and is generally of noncritical design except that 
its high-frequency cutoff must be well above the 
intended range of operating frequencies. In the 
case of the parallel-plate line, one dielectric bead 
at each end of the line is sufficient to support the 
center conductor.l The tapered section provides 

a smooth, gradual transition at constant Zo from the large-diameter 
coaxial region down to the smaller diameter. When a transition section 
such as shown in Fig. 4-9 is used, the residual standing-wave ratio can be 
held to 1.025 or less over a range of 500 to 4000 Mc. This residual 
standing-wave ratio can be measured by the node-shift method described 
in Sec. 4-8. 

I The notch at the bead location is designed to compensate for the dielectric constant 
of the bead, and also for the resulting discontinuity. The equivalent circuit of this 
notch and its associated bcad is also given by Fig. 4-10. 
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There is one sort of error in a standing-wa.ve measurement that can 
occur even when the mechanical design of the standing-wave detector is 
essentially perfect. This error results from the fact that the probe pro
jecting into the coaxial line is in itself a discontinuity and will cause 
reBection. The effect of these reflections can be computed and a correc
tion applied i1 however, the corrections are not easy to calculate, and it is 
much better if they can be made negligible by keeping the probe depth to 
an absolute minimum. The presence of such a probe error can be 
checked by first making a standing-wave measurement with the minimum 
depth feasible, and then repeating the measurement with a slightly 
greater depth. If the results are essentially the same in the two cases, 
it can be assumed that the probe-reflection error is inconsequential. 

Probe reflections cause the observed standing-wave ratio to be less 
than the correct value. If the probe is tuned to resonance, its reflections 
do not change the locations of the maxima and minima of the standing
wave pattern. However, if the probe is untuned, then the observed 
location of a maximum will not be midway between the adjacent 
minima.2 

4-7. Measurement of Impedance by Use of the Standing-wave Detec
tor. The standing waves that exist on a transmission line of negligible 
attenuation when the load or terminating impedance is different from the 
characteristic impedance of the line, can be used as the basis for measuring 
this load impedance. Such a technique is especially valuable at the 
higher frequencies where bridge measurements of impedance are not 
feasible. 

The arrangement of apparatus used in determining jmpedance in this 
way is illustrated in Fig. 4-4a; further details, with particular reference 
to nomenclature, are to be found in Fig. 4-11 .  The unknown impedance 
is shown directly connected to the receiving end of a slotted section; if a 
connector is used, it must not introduce a reflection. Under these condi
tions, the unknown impedance ZL in Fig. 4-11a can be determined by 
observing the magnitude S of the voltage standing-wave ratio, and the 
distance along the line from ZL to any convenient voltage minimum or 
maximum (Sec d1 and d2, respectively, in Fig. 4-11b).3 The normalized 

1 W. Altar, P. B. Marshall, and L. P. Hunter, Probe Errors in Standing-wave Detec
tors, Proc. IRE, vol. 34, p. 33, January, 1946. Sec also K. Tomiyasu, Loading and 
Coupling Effects of Standing-wave Detectors, Proc. IRE, vol. 37, p. 1405, December, 
1949. 

S See " Microwave Antenna Theory and Design," op. cit., p. 556 . 
• It makes no diffcrcnce which particular minimum is used in determining dl (or 

which maximum is used in obtaining d,) in Fig. 4-11. This is because the difference in 
distances for different minima or different maxima is always an exact multiple of & 
half wavelength, a.nd because values of dl or d: differing by multiples of a half wave
length give the same va.lues of ZL/ZO in Eqs. (4-36). 
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impedance' (ZLjZ,y is then 

or 

Z L j' - jS tan (27rd,jA,) 
Z, = S j tan (27rd./A,) 

S - j tan (27rd,jA,) 
1 - jS tan (27rd,jA,) 

(CUAP. 4 

(4-36a) 

(4-36b) 

Here Xl is the distance along the slotted line corresponding to one wave-

Lossless sloffed line 
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�b)  Sfandinq-wQve pat/ern for ZL moden:'4tely different from Zo 

1".---d; ---1 
.,-_ ...... i d: 
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(cl Sfandinq-wave pClf.tern for short c;ircuit (ZL cO) 

FIo. 4-11. Circuit arrangement and notation involved in the determination of imped
ance with the aid of a lossless slotted-line standing-wave detector'. 

length ; the value of A, can be determined experimentally from the fact 
that the distance between adjacent voltage minima (or adjacent maxima) 
is exactly A,j2 as shown in Fig. 4-11. 

1 The concept of normalized impedance is one of great value. Dividing any imped
ance associated with the line, whether it be the load impedance, the sending-end 
impedance, etc., by the characteristic impeda.nce Zo, puts emphasis upon the fact that 
all reflection phenomena in lines and waveguides depend not upon actua.l values of 
impedance, but upon relative values, referred to Zoo By making use of the concept 
of normalized impedance, the material in this section will be directly applicable to 
waveguides as covered in Secs. 4-12 and 4-13. 
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In measuring distances in connection with a standing-wave pattern it 
is common practice to use the minima, rather than the maxima. This is 
because with high or moderately high standing-wave ratios the minima 
are much more sharply defined than the maxima. 

Sometimes it is not convenient to measure the distance from the 
unknown impedance ZL to the voltage minimum. In such a case one can 
establish a reference point by first short-circuiting the line at the point 
where the load ZL is to be attached. When the load end of the line is 
thus short-circuited, there is obviously a voltage minimum at the load, 
and minima will also exist at intervals of one-half wavelength along the 
�e toward the generator. One of these voltage minima is then used as a 
reference point, instead of using the load position itself. The next step 

a b 
Slandinq-wave r=.tOb 

® defecfor} Connecting 
t cable \. f-

Oscillator ·ZL 
- '--

FIG. 4-12. Slotted-line standing-wave detector connected to a load impedance through 
a connecting cable. 

in the procedure is to remove the short circuit and connect the unknown 
load impedance. Voltage minima will then be present on either side 
of this reference point at distances of less than one-half wavelength. 
The distance d� from the reference point to the nearest voltage minimum 
toward the generator (see Fig. 4-11c) can then be used in Eq. (4-300) 
in place of dt• Alternatively, the distance et: from the reference point 
to the nearest minimum in the direction of the load can be used. In 
this case one substitutes -r1( for d, in Eq. (4-36a) ; the negative sign 
arises from the fact that distance toward the load can be regarded as 
negative distance toward the generator. 

Equations (4-36) can be utilized to give the impedance of Z. with great 
accuracy. However, for most practical work, where the limitations of 
the equipment do not justify extreme precision of computation, it is 
customary to compute the unknown load impedance with the aid of a 
transmission-line chart. This will be discussed in Sec. 4-9. 

Use of Connecting Cable between Load and Standing-wave Detector. In 
some circumstances it may be convenient or necessary to measure the 
impedance of a load, such as an antenna, located at some distance from 
the standing-wave detector. A cable is then used to connect the load to 
the standing-wave detector as illustrated in Fig. 4-12. When the con
necting cable has negligible loss, this introduces no difficulty provided the 
junction between cable and standing-wave detector introduces no reRec .. 
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tion.' It is not necessary to know either the exact length of cable, or the 
length of cable corresponding to ODC wavelength, as a reference minimum 
can be established on the slotted section by replacing the load impedance 
ZL by a short circuit, as in Fig. 4-1l. 

When the attenuation of the connecting cable cannot be neglected, as 
is normally tbe case if flexible solid-dielectric cable is used, the standing-

� o 
.. c • 
.. • o 

10 I I / 
8-� -� � � 'Si/ / .. .;/ :!f V 
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I� 
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Observed standinq-wQ.ve rOltio Sa Clt input 
end of connecting cable 

FIG. 4-13. Curves giving effect of attenuation on the standing-wave ratio. 

wave ratio observed on the slotted section is less than if there were no 
attenuation, and so must be corrected before the load impedance is com
puted by means of Eqs. (4-36). Assuming that the length I., of the con·· 
necting cable and its attenuation allb per unit length are known, then 

1 S, � tanh [tanh ' (I/S.) 
(4-37) 

1 The extent to which this condition i� reali%cd ean be evaluated by the "node� 
shift" method described below. 
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where S, � voltage standing-wave ratio at load end b of cable, i.e., the 
a true " value of standing-wave ratio which is to be used in 
calculating the unknown impedance 

So � voltage standing-wave ratio observed at input end a of the 
cable by means of the standing-wave detector. 

The results of Eq. (4-37)can be presented in convenient graphical form,' 
as in Fig. 4-13. 

An alternative metbod of correcting for the attenuation «oblob of the 
connecting cable ab is as follows: The standing-wave ratios So and Sb at 
the two ends of the cable correspond to reflection coefficients of magni
tude IPol and Ip, l, respectively, in accordance with Eq. (4-16). These 
reflection coefficients in turn are related to each other by the equation 

IPbl _ E2cr_Z .. 
lP.! - (4-38) 

Thus starting with an observed standing-wave ratio Sa) one can calculate 
IPol from Eq. (4-16), and then determine Ip,1 from Eq. (4-38) for a known 
value of attenuation agblab. The standing-wave ratio calculated by 
Eq. (4-17) for this value of Ip,1 is then the value Sb of standing-wave ratio 
that exists at point b in Fig. 4-12, and which would be observed on the 
slotted line if the attenuation of cable ab were zero. This is also the 
same value of Sb that would be obtained from Eq. (4-37) or Fig. 4-13. 

4-8. Measurement of Reflection Coefficient by Use of the Standing
wave Detector.� The reflection coefficient can be readily determined 
directly from standing-wave data with the aid of the following relations:' 

1 See E. N. Phillips, W. G. Sterns, and N. J. Gramara, "High Frequency Measuring 
Techniques Using Transmission Lines," p. 22, J. F. Rider Publ. Co., Inc., New York, 
1947. 

I Several alternative methods for measuring the reflection coefficient find occasional 
use. Thus a pair of directional couplers can be used to determine directly the relative 
amplitudes of incident and refJected waves. Another procedure consists in applying . 
a very short pulse to the system under test, and observing the relative magnitude of 

this pulse, and of any returned echoesj a tR.st set of this type is described by F. F. 
Roberts, A Pulse Test Set for the Measurement of Small Impedance Irregularities 
in High-frequency Cables, Proc. lEE, vol. 96, pt. HI, p. 17, January, 1949. Finally. 
the reflection coefficient of a load at the end of a long cable can be determined by a 
frequency-modulated altimeter technique, with visual presentation over a range of 
frequencies, as described by L. L. Libby, Frequency Scanning VHF Impedance Meter, 
Electronics, vol. 21, p. 94, June, 1948. 

I These relations are derived as follows: The magnitude of the reflection coefficient 
is given by Eq. (4-16). The phase angle 9 of p is then obtained from the fact that at 
a voltage minimum, the distance dt in Fig. 4-11 must be such that the incident and 
reflected waves are in phase opposition, i.e., differ in phase by n'll'" radians, where n is 
odd. Now the incident wave at the load lags 2...dd>'1 radians behind its phase at the 
minimum. The reflected wave at thc load is 9 radians advanced in phase compared 
with the incident wave at the load, but loses 2...d1/}.1 radians in traveling from the 
load to the minimum. Hence at the minimum the reflected. wave lags the incident 
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n odd 

n even 

[CHAP. 4 

(4-39a) 

(4-39b) 

Here dl and d2 are distances in the standing-wave pattern as indicated in 
Fig. 4-11, S is the voltage standing-wave ratio, n is an integer, and Al is 
the length along the slotted line that represents one wavelength, i.e., 
twice the distance between adjacent minima. Where only the magnitude 
of p is required, this can be obtained simply by determining S without 
bothering to determine the location of the minima, and then using 
Eq. (4-16), which is repeated below 

S - 1  Ipl � S + 1 (4-390) . 

Node-shift Method of Evaluating Small Irregularities.' Small reflec
tions are difficult to determine by the usual standing-wave type of meas
urement. Thus when a standing-wave detector constructed from a 
length of large-diameter rigid coaxial line, is to be used in measurements 
on small-diameter flexible coaxial cable (see Fig. 4-14), the junction 
between these two types of line should be as reflectionless as possible. 
However, the discontinuity capacitance will cause some reflection at the 
junction even when the two lines have the same characteristic impedance. 
This reflection could be evaluated by the ordinary standing-wave tech
nique, by terminating line 2 in its characteristic impedance so that there 
are no reflections in this line, and then measuring the standing-wave ratio 
present on line 1. However, if the junction is well designed, the stand
ing-wave ratio will be very close to unity, and its exact value will be hard 
to determine. That is, mechanical irregularities in the traveling probe 

wave by an amount 
Phase Jag of I reflecte:d. wave 
at a minimum 

Since the phase Jag at a minimum must be n'll", Eq. (4-39a) follows at once. Proof of 
Eq. (4-39b) can be derived by following an analogous line 'Qf reasoning, but noting 
that to obtain a. maximum the incident and reflected waves must be in phasej i.e., n 
must be even. 

1 E. Feenberg, The Relations between Nodal Positions and Standing-wave Ratio 
in a Composite Transmission System, J. Applied Phys" vol. 17, p. 530, June, 1946. 
For alternative methods of measuring small reflections, see M. H. Dliver, Discontinui
ties in Concentric-line Impedance-measuring Apparatus, J. lEE, vol. 97, pt. In, 
p. 25, January, 1950, discussion p. 242, July, 1950; Roberts, op. cit. 

• 
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may introduce variations in the voltage readings that will be as great as 
those due to the maxima and minima of the standing-wave pattern. 

The node-shift technique is able to overcome these difficulties, by 
making use of the fact that even though mechanical irregularities may 
cause fluctuations of the magnitude of the probe voltage, they do not in 

Probe 
V line ' 

(s/of"d) 
r 

From oscillator • 

r--',-----< . le r-II " 
L'" ",,-.-'/ion"" -or'" ".-",-',,,,c-ie I /..rxxtNon of ' 
minimumfnodd discontinuity 

L ine 2 
I 

b<-I , 
1,,------, 

lDcafion of mtMIbte 
short Cli-cl/it 

FIG. 4-14. Diagram illustrating nota.tion used in node-shift method of determining 
small re8ection coefficients. 

any way influence the position of the probe where a voltage node or 
minimum actually occurs; in contrast, the presence of a small super
imposed reflection does alter the actual observed location of the minimum 
when a large reflected wave is also present. 

To apply the node-shift technique, one first short-circuits line 2 in 
Fig. 4-14 (an open circuit could equally 
well be used, the only requirement being 
complete reflection). The position of � 
the short circuit is then varied, and the -=1� + 
change in the position of a voltage node � 
in line 1 is observed. 1 If no reflection � '" 
is produced at the junction, the posi-

" 
tion of the node in line 1 would move a 
distance exactly equal to the movement 
of the position of the short circuit in 
line 2. However, if there is a small 
superimposed reflection, the position of 

FIG. 4-15. Node-shift behaviorwhen 
a small reflection is present in a 
system. 

the node in line 1 will vary sinusoidally as shown in Fig. 4-15. On the 
basis of experimental data obtained and plotted as in Fig. 4-15, the magni
tude of the reflection coefficient at the junction can be determined from 
the following equation, 

. Ad Ad 
Ipl = sm 2 � 2  

• 
(4-40) 

t In determining the position of the voltage node in line 1 ,  the proper technique is 
to move the probe to the left and to the right of the minimum until a small but 
appreciable voltage reading is obtained of equal amount on either side. An average 
of these two positions is the correct location of tbe node. 
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where t.d = total variation in the quantity 2". G: + �:} for small reflec-

tion, for t.d « 1 
X, = line wavelength for line 1 
X, = line wavelength for line 2 
II = position of a minimum on Hne 1 measured with respect to 

any convenient reference point, such as a or c in Fig. 4-14 
l2 = position of short circuit on line 2 measured with respect to 

any convenient reference point, such as b or c in Fig. 4-14 
The corresponding standing-wave ratio is, from Eq. (4-17) 

(4-41) 

It is of interest to note that the magnitude of the reflection coefficient 
can be determined without an exact knowledge of the location of the dis
continuity, since t1d can be determined when II and l2 are measured from 
arbitrary fixed reference positions, as for example a and b, respectively, 
in Fig. 4-14. Thus the presence and magnitude of a discontinuity of 
unknown origin can be detected and evaluated without a precise knowl
edge of its location. 

The phase angle of the reflection coefficient at the junction can be 
determined with the aid of data corresponding to the points A and B indi
cated in Fig. 4-15. The following relationship governs the situation, 

(4-42) 

where ll,. = distance It from junction c to node in line 1 corresponding 
to point A (Fig. 4-15) 

ll. = distance II from junction c corresponding to point B 
It will be noted that unlike the magnitude of the reflection coefficient, 
the phase angle <p of the reflection can be determined only if the location 
c in Fig. 4-14 of the irregularity producing the reflection is known. 

When the reflection coefficient is known both in magnitude and phase, 
it is possible to derive an equivalent circuit representing the discon
tinuity. This may be useful in computing the characteristics of the dis
continuity over a range of frequencies. 

Although the above discussion of the node-shift method has been in 
terms of coaxial transmission lines, the method is completely general, and 
can be applied to twb-wire transmission lines and to waveguides. 

4-9. Transmission-line Charts. There are charts available which 
greatly expedite the solution of problems involving transmission lines 
(or waveguides) and their terminating impedances. All of these charts 
consist of a system of impedance coordinates, superimposed upon which 
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is another system of lines representing loci of constant standing-wave 
ratio, and constant distance along the line. 

The Smith Chart.' Of all the various transmission-line charts that 
have been evolved, the one III most common use is the Smith chart. 

0.12 a,. 0.\0 
eo 

9 � � 

9 " 
00- . ' 'I1r,:o 

I .[� , '0 r-Jdb -----j 

Jdb $'Ieps 
FIG. 4-16. The Smith chart. 

This is illustrated in Fig. 4-16, and is derived by a conformal transforma
tion of Eq. (4-14), such that in a circle corresponding to unity refiec
tioD coefficient there is contained all possible values of the resistive 

J P. H. Smith, Transmission Line Calculator, Eledronica, vaL 12, p. 29, January, 
1939; P. H. Smith, An Improved Transmission Line Calculator, Electronics, val. 17, 
p. 130, January, 1944. Graph paper and a plastic calculator are commercially avail 
able. A paper covering the theoretical foundations of the Smith chart, and its rela
tion to the rectangular chart, is H. L. Krauss, Transmission Line Charts, Eke. Eng., 
vol. 68, p. 767, Septembcr, 1949. 
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alid reactive components r and x, respectively, of the normalized imped
ance Z/Zo = r + jx that have positive resistance components. For a 
lossles8 line, loci of constant standing-wave ratio (or of constant reflection 
coefficient) in the Smith chart are circles concentric about the center of the 
chart, and one It travels" along a line having a given standing-wave ratio by 
following the corresponding standing-wave circle around the chart. More
over, the ratio RL/ZO at which a standing-wave circle crosses the hori
zontal axis on the right side of the chart center, is the value of S for that 
circle. l 

An example will illustrate these points. Suppose we have a termi
nating impedance Z L = RL + jX L, and a transmission line of characteris
tic impedance Zo, which is assumed to be a resistance. One then com
putes r � RL/Z, and x � XL/Z" and establishes this as a point on the 
chart. For instance, the point P in Fig. 4-16 has the coordinates 

r + jx � 0.98 + jO.7 

Plotting this point tells onc at once that the standing-wave ratio is 2.0, 
since a concentric circle through the point P passes through 2.0 and 0.5 
on the resistance axis, corresponding to the standing-wave ratio and its 
reciprocal. The impedance at points on the line some distance from 
this load can now be determined as follows (assuming the line has negligi
ble attenuation) : Suppose that one travels from the terminating load 
impedance, represented by the point P, toward the generator. This 
means staying on the concentric circle passing through P. If at an 
arbitrary point, such as Q, the line is broken and the impedance measured 
looking toward the load, then the impedance observed will be that 
represented by the coordinates of the new point. Thus, at Q the normal
ized impedance is 1.56 + jO.7. Note that the outer scale on the chart is 
calibrated in terms of the distance along the line, measured in wave
lengths. Travel in the clockwise direction is toward the generator, 
whereas travel in the counterwise direction is toward the load. Thus 
between the points P and Q the distance along the line is 0.05 wave
length as determined between the points A and B on the outer scale. 

The Smith Chart and Standing-wave Measurements. In traversing a 
standing-wave circle such as the one with a standing-wave ratio of 2.0, 
the resistance axis is crossed at two points, one giving a very high resist
ance and the other a very low resistance. These correspond to the volt
age maxima and minima, respectively, observed in the standing-wave 
detector. On the basis of this, we can then use the Smith chart in 
connection with the standing-wave detector to determine unknown 
impedances. 

I This can be proved by substituting Eq. (4-14) into Eq. (4-17), and assuming that 
ZL/Zo is entirely resistive. 



SEC. 4-91 S Y S T E M S  W I TH D I S TR I B U T E D  C O NS T A N T S  155 

Suppose for example that a standing-wave ratio of 2.0 is observed, and 
that the_ first voltage minima is O.OS wavelength from the load. We 
enter the

" 
chart at the point pI, corresponding to the voltage minimum 

and a standing-wave ratio that is 2.0, and then travel around this circle of 
constant standing-wave ratio toward the load by a distance d1 correspond
ing to O.OS wavelength, thus arriving at the point Q'. At this point we 
read the coordinates of the load impedance, namely, 0.6 - jO.3S. Multi
plying these numbers by the Z, of the standing-wave detector gives the 
actual impedance of the terminating load. 

For another example, suppose that once again the standing-wave ratio 
is observed to be 2.0. In this case, however, assume that it is not con
venient to measure the actual distance from the load to the first voltage 
mmlmum. Instead the terminals to which the load is to be connected 
are first short-circuited, and the position on the standing-wave detector 
of a voltage minimum is observed. The short circuit is then removed, 
and the load impedance connected. Assume the voltage minimum is 
now observed to have moved a distance of 0.15 wavelength from its 
previous position, and in a direction toward the load. The original posi
tion of the minimum corresponds to the position of the load, but removed 
from it by an integral number of half wavelengths. Thus when the 
observed minimum moves toward the load by 0.15 wavelength, it is as 
though the new minimum were at a negative distance beyond the load; 
hence on the Smith chart one travels 0.15 wavelength from the point pI, 
in a clockwise direction to the point P, there reading the coordinates 
0.9S + jO.7, which when mUltiplied by Z, give the load impedance. 
Another way of interpreting this maneuver is that the voltage minimum 
when th� load is connected lies in the positive direction, but a distance 
from the load of one half wavelength minus 0. 15  wavelength, or 0.35 wave
length. Thus going from the point P' toward the load a distance of 0.35 
wavelength brings one again to the point P. 

Effect of Cable Interposed between Load and Sumding-wave Detector. The 
Smith chart can also be of assistance in cases where it is impossible to 
connect the unknown impedance directly to the terminals of the standing
wave detector (or to the terminals of one of the measuring devices 
described in Sec. 4-10), but rather it must be separated from the standing
wave detector by a length ab of transmission line, as shown in Fig. 4-12. 
If the distance d1 (or d2) used in the standing-wave measurement is then 
the distance from the junction a at the end of the standing-wave detector, 
the impedance measured is the impedance at a looking toward b. Know
ing this impedance Za, and the characteristic impedance Zoo and length 
lab of the line ab, one can readily obtain the unknown impedance Z L by 
the use of the Smith chart. This is done by locating Z. on the chart, and 
then traveling around the circle of constant standing-wave ratio thw� 



156 E L E CT R O N I C  M E A S U R E M E N T S  (CHAP, 4. 

defined by a distance equal to the length I... The resulting position on 
the chart then gives ZL on the assumption that the attenuation of the 
cable ab is negligible. 

If the total attenuation of the cahle is not negligible, the effect of 
attenuation can be taken into account by correcting the value of standing
wave ratio in the manner discussed in connection with Fig. 4-13 and Eqs. 

A 0.18 
.' , 

\.---I-H'f·-,f---IL 

�. 

o 
" 

0.9 1· 1 l ' , 

o 

FIG. 4-17. The Z-8 chart. 

". 

". 

(4-37) and (4-38). Thus in the example above, in which the observed 
standing-wave ratio was 2.0 with the minimum 0.08 wavelength toward 
the generator from the reference minimum, assume that a connecting 
cable is used which has an attenuation of 3 db (that is, " .. I .. = 0.345 
neper). Then from Fig. 4-13 the standing-wave ratio Sb at the load is 
5.0. One then enters the chart at the point pIl, corresponding to a 

voltage minimum and a standing-wave ratio 5.0 because it lies on the axis 
at the reciprocal of 5.0, and then travels around this circle of constant 



SEC. 4-101 S Y S T E M S  W I T H  D I S T R I B U T E D  C O N S T A. N T S  157 

standing-wave ratio (shown dotted in Fig. 4-16) toward the load a dis
tance of 0.08 wavelength, thus arriving at the point Q". The coordinateS' 
of thls point, namely, 0.26 - jO.52, are then the normalized components 
of the load impedance, and when multiplied by Z. give the actual termi
nating impedance. 

Smith charts are sometimes provided with an auxiliary decibel scale 
that can be used to determine the radius of the circle corresponding to the 
standing-wave ratio SO) knowing Sa and the attenuation of the connecting 
cable. Such a scale is shown in Fig. 4-16, and is calibrated so that each 
unit on the auxiliary scale represents the increase in circle radius associ
ated with 1 db attenuation. Thus starting with a standing-wave circle 
of radius OP' in Fig. 4-16, the circle of radius OP", which is 3 units longer 
on the decibel scale than OP', represents the standing-wave ratio before 
reduction by passage through a length of cable having 3 db attenuation. 

Z-8 Chart. In the Smith chart, impedances are expressed in rectan
gular form R + jX. It is possible, however, to devise an analogous chart 
in which the impedances are in polar form R + jX = Z/8. Such a Z-8 

chart is illustrated in Fig. 4-17, and is utilized in exactly the same way as 
the Smith chart. That is, a circle centered on the origin represents a 
constant standing-wave ratio, while travel around such a circle represents 
movement along the line, etc. For purposes of comparison, conditions 
corresponding to P, Q, P', and Q' in Fig. 4-16 are also shown in Fig. 4-17. 

4-10. Special Impedance Measuring Methods. Measurements with a 
standing-wave detector are difficult and time-consuming, as well � 
requiring expensive equipment. Various techniques have been devised 
as alternatives for measuring impedances in coaxial-line systems. 

Null-type Impedance Meters-Byrne Bridge. '  This device, illustrated 
in Fig. 4-18, is direct-reading in impedance or admittance, and has the 
advantage of being a null-type instrument like a bridge. Here power 
from an oscillator is delivered to the unknown impedance through a 
coaxial line. At a point on this line as close as practical to the load, two 
sampling elements are introduced that are responsive, respectively, to 
the voltage and current flowing into the load. The element responsive to 
voltage consists of a capacitive probe, and the element responsive to cur
rent is a loop, as shown. The amount of pickup by each sampling probe 
can be adjusted by moving the probe with respect to the coaxial line. In 
practice the two probes are joined together so that when one probe moves 
in toward the center conductor of the line, the other moves away from it. 
These two sampling probes are connected together by an auxiliary line, as 
shown, that is slotted. The voltage induced in each sampling probe 
initiates a wave which starts from the probe and travels around the 

I J. F. Byrne, A Null-method for the Determination of Impedance in the 100-400 
Mc Range, Proc. Natl. Elec. Con!., vol. 3, p. 603, 1947. 
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auxiliary line, where it is entirely absorbed in the terminating resistan�e 
at the opposite end. In the auxiliary line there is a movable probe which 
measures the net voltage in the line reSUlting from the superposition of 
the two waves traveling in opposite directions. The relative magnitudcs 
of these two waves induced in the auxiliary line will depend (1) upon the 
vector ratio of voltage to current in the unknown imperlance, and (2) upon 
the relative positions of the sampling probes. 

The procedure by which this arrangement is used to determine the 
unknown impedance Z:t is as follows: The position of the movable probe 
is adjusted with onc hand, while the sampling-probe control is varied with 
the other hand, until the detector output is zero. Under these conditions, 
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FIG. 4-18. Schematic diagra.m or Byrne bridge. 

the two waves induced on the auxiliary line are equal in magnitude, and 
are in phase opposition at the position of the movable probe. The setting 
of the sampling-probe-control dial required to achieve this result is 
determined by the ratio of voltage to current flowing into the unknown 
impedance, i.e., by the magnitude of the impedance to be determined, and 
is independent of the frequency. This dial can accordingly be calibrated 
to read impedance directly. At the same time, the phase angle of the 
unknown impedance is determined by the position of the movable probe 
corresponding to the null condition. If the load is resistive, this null posi
tion will be midway between the two sampling probes; for other null posi
tions of the movable probe, the phase angle of the impedanee being 
measured will be proportional to displacement from the reference position 
corresponding to a resistive load, and will also be proportional to fre
quency. Thus the indicator giving the position of the movable probe 
can be calibrated directly in phase angle at some convenient frequency, 
say 100 Mc; at other frequencies one mUltiplies the scale reading by the 
relative frequency. 

The impedance actuaUy measured corresponds to the voltage and cur-
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rents existing at the sampling probes; i.e., it is the impedance at point A 
looking toward Z. in Fig. 4-18. If the length of the line l, is not a negli
gible fraction of a wavelength at the frequency of measurement (or wbat 
is tbe aame thing, if the capacitance of l, in shunt with tbe load cannot be 
neglected), then one has a situation analogous to that illustrated in Fig. 
4-12, where a length of line is interposed between the measuring point 
and the impedance to be determined. The unknown impedance is then 
the measured value as corrected by the use of the Smith or Z-8 charts; the 
latter is particularly convenient in this case as it utilizes impedances in 
polar form. 
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FIG. 4-19. Schema.tic diagram of the admittance comparator. 

The device of Fig. 4-18 is equivalent to an a-c bridge, and gives the 
vector value oj the unknown impedance. As in the standing-wave 
detector, there are critical tolerances in the machining work required in 
the building of this device. Nevertheless, when it has been built and 
calibrated, good. accuracy can be obtained over a large frequency range. 
One commercial model has a frequency range of 50 to 500 Mc, and can 
measure impedances of 2 to 2000 ohms with accuracy of impedance mag
nitude to within 5 per cent, and phase angle to within 3D} Tbe ease of 
operation of such a device in contrast to the standing-wave detector is 
very considerable. 

Admittance Comparawr. Another type of null device is illustrated in 
Fig. 4-19, and is known as an H admittance comparator."t Here a coaxial 

1 A. Fong, Direct Measurement of Impedance in the 50-500 Mc Range, Hewlett
Packard J., vol. 1 ,  p. 1 ,  April, 1950. 

t W. R. Thurston, A Direct-reading Impedance-measuring Instrument, for the 
U-H-F Range, Gen. Rad. Expt., "Vo1. 24, p. 1, May, 1950. An earlier form of such a 
device was described by O. M. Woodward, Jr., Comparator for Coaxial Line Adjust-. 
ment, Electrcmics, vo1. 20, p. 116, April, 1947. 



.,- , . . . . . . . ------ " . . . -

160 E L E C T R O N I C  M E A S U R E ME N T S  [CHAP. " 

line receiving power from an oscillator branches into three coaxial lines as 
shown. One of these branch lines is terminated by the unknown imped
ance (or admittance) as shown; this branch is kept as short as possible so 
that its input impedance at the junction point is very closely equal to the 
unknown impedance. The second, or susceptance, branch is arranged to 
offer a susceptance corresponding to 50 ohms inductive reactance at the 
junction of the three lines. This is achieved by making this branch have 
a characteristic impedance of 50 ohms, and then adjusting the length of 
the branch to be exactly one-eighth wavelength at the frequency being 
used. The third, or conductance, branch likewise has a 50-ohm charac
teristic impedance, but is terminated by a 50-ohm resistance as shown, so 
that this branch always offers an input impedance of 50 ohms. When the 
osci1lator supplies energy to the system, the same voltage is applied to 
each of the three branches ; this causes branch currents that at the junc
tion have relative magnitudes and phases determined by the input 
admittances of the three branches. Each of these three currents is 
sampled by means of a coupling loop, as shown. Each loop can be 
rotated to vary the amount of current induced. The three loops are 
connected in parallel to the detector, which can be a radio receiver tuned 
to the appropriate frequency. The measurement is made by rotating 
the three loops until the three currents add to zeoo, giving a null in the 
receiver output. 

The qualitative principles involved in the operation of this system can 
be understood from the following explanation : Assume first that the 
loop in the unknown impedance arm is kept fixed at the position of 
maximum coupling (parallel to the center conductor). Then rotating the 
a conductance" loop varies the amount of inphase current available from 
the conductance standard to balance the inphase current obtained from 
the "unknown" loop. Similarly, rotating the tt susceptance" loop varies 
the amount of reactive current (either positive or negative, the reversal 
being accomplished by rotating the loop 180°) that is available to balance 
out the reactive current induced in the "unknown" loop. Thus, for a 
given setting of the H unknown" loop, the conductance and susceptance 
components of the unknown impedance are determined by the settings of 
the conductance and susceptance loops, respectively, which correspond 
to a null. The controls for these two loops may therefore be directly 
calibrated in mhos, on the assumption that the H unknown" loop is at a 
standard reference position. Rota.tion of the "unknown " loop away 
from the standard reference position changes the magnitude of the 
induced current that must be balanced out by the other two loops; 
hence the control for the H unknown" loop may be calibrated to give a 
mUltiplying factor. 

The calibration of the admittance comparator is independent of fre-
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quency to the extent that the distances from the junction to each of the 
three loops are small compared with 8. wavelength.1 This sets an upper 
limi� to the useful frequency range. At low frequencies the only limiting 
factor is the length of the susceptance stub, which becomes impractically 
long if the frequency is quite low. 

A commercial form of the admittance comparator has the T junction 
and coupling loop contained within a cube about 2 in. on a side, and gives 
accuracy on the order of 5 per cent up to a frequency of around 1000 Mc 
when measuring admittances of the order of 0.02 mho. This device is 
designed to have a low-frequency limit of 70 Mc, and has a working range 
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Flo. 4-20. Impedance measurements using directional couplers and supplementary 
capacitance probe. 

of 0.004 to 0.1 mhos (250 to 10 ohms) with an accuracy of the order of 10 
per cent or better. 

Directional-coupler Method. The two devices described above have 
difficult machining requirements on the component parts, particularly 
those which must move during the measurement. A device more suitable 
from the standpoint of construction in a laboratory not equipped for 
precision machine work is illustrated in Fig. 4-20.2 The principal com
ponents of the device are two directional couplers, one which responds to 
the forward wave, and the other to the reflected wave. If the two 
couplers are identical, the ratio of their output voltages is the magnitude 
of the reflection coefficient of the unknown load impedance. In order to 
determine the phase angle of the reflection coefficient, and thus obtain 
the complete specification of the unknown load impedance, some addi-

1 At high rrcquencies, the length or the branch line rrom the I 'unknown " loop to 
the unknown admittance can introduce an error unless the length or this line is negligi
ble compared with a wavelength. Ordinarily the systcm can be designed so as to 
realize this condition; ir not, a correction can be made using either the Smith or Z-8 
charts as discussed on p. 155. 

f B. Parzen, Impedance Measurements with Directional Couplers and Supplemen
tary Voltage Probe, Proc. TRE, vol. 37, p. 1208, October, 1949. 

• 
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tional information is required. This is provided by the capacitance 
voltage probe shown in the figure. 

The complete calculation of impedance is based upon the three voltages 
Ell E2, and E3) measured at the points shown in Fig. 4-20. In order to 
simplify the calculations, th� two directional couplers are made as nearly 
identical as possible, so that when the load is a short circuit or open 
circuit (i.e., complete reflection) then Ea = E2• In addition, the coupling 

. of the capacitance probe is adjusted so that in the presence of a load 
impedance equal to the characteristic impedance of the line (no reflec
tion), El = Ea. The relative magnitude of the voltage� is determined 
by using a signal generator with a calibrated output attenuator as the 
energy source, while a radio receiver is employed as the voltage�indicating 
device. The signal-generator output is then adjusted by the attenuator 
to give the same receiver indication as the receiver is successively con
nected to El, Ez, and Ea; relative voltages are then determined from the 
attenuator settings. 

The measuring procedure is now as follows:' After the initial adjust
ment of the system the unknown impedance is connected, and the voltages 
El, Ez, and Ea are observed. The magnitude of the reflection coefficient 
is determined from the ratio of the voltages from the directional couplers 
as follows, 

(4-43) 

where Ez = voltage at directional coupler for reflected wave 
E3 = voltage at directional coupler for incident wave 

The phase angle CPl of the reflection coefficient at the point on the line cor
responding to the location of the capacitance probe is determined from 
.the following relationship: 

A. (E,/E,)' - (E,fE,)' - 1 
(4-44) cos " , = 

2(E,fE,) 

In order to determine the sign of the phase angle given by Eq. (4-44), one 
additional step in the measurement is required. This is carried out with 
the aid of the capacitance shunt shown in Fig. 4-20 which is simply a probe 
with a small end plate to increase its capacitance. When this shunt is 
pushed part way into the line, the resulting small capacitance added 
across the line alters the voltage readings. In particular, if the phase 
angle of the reflection coefficient is positive, then the added capacitance 
increases Et/Es and decreases the ratio Ez/Ea. 

In order to compute the load impedance, it is necessary to know the 
phase angle of the reflection coefficient at the load rather than at the 
oapacitance probe. If the distance Z. from the load to the probe is 

• 
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known, the phase angle cPL of the reflection coefficient at the load can 
be computed as follows: 

(4-45) 

Here >-1 is the distance along the line corresponding to one wavelength. 
Knowing the magnitude Ipl and the phase cPl of the reHection coefficient p 
at the capacitance probe, the load impedance can then be obtained by 
solving Eq. (4-14) for the unknown impedance ZL. This gives 

Z - R 1 + p L - 0 1 _. p (4-46) 

where Ro is the characteristic resistance of the line, typically 50 ohms. 
This arrangement for measuring impedance has the advantage of 

simple and compact construction. It is especially useful in the frequency 
range 50 to 500 Mc, where standing-wave detectors are physically long 
and cumbersome, and will give an accuracy of the order of 5 per cent over 
wide frequency ranges. The disadvantages are that the system cannot 
be made direct-reading, and that considerable calculation is required with 
each measuremen t. 

Probe Methods. Various arrangements of fixed capacitance probes 
may be used in place of the standing-wave detector. The voltages 
induced on these probes are then used to calculate the standing-wave 
ratio or reflection coefficient, and from this the load impedance is 
determined. 

One arrangement consists of three probes spaced along the line at one
eighth wavelength separation.! From the radio-frequency voltages 
observed at the three probes, it is possible to compute the magnitude and 
phase of the impedance terminating the line. An alternative arrange
ment uses four probes, and yields two voltages, respectively proportional 
to the real and imaginary part of the reflection coefficient.2 The probes 
are used in pairs, each pair having one-quarter wavelength sep.aration, and 
one pair being one..,ighth wavelength nearer the load than the other. 
The radio-frequency voltage at each probe is rectified by a crystal 
detector, which must have a square-law characteristic for proper results. 
The difference in rectified outputs of the two detectors associated with 
one pair of probes then goes to the vertical-deflection plates of an osciU� 
scope, and the corresponding output of the other pair goes similarly to t 
the horizontal-dellection plates. The resulting oscilloscope display pre-

1 W. L. Barrow, Measurement of Radio-frequency Impedance with Networks 
Simulating Lines, Proc. IRE, vol. 23, p. 807, July, 1935. 

t A. L. Sfl.ffiuel, An Oscillographic Method of Presenting Impedances OD the Reflec
tion-eocfficient Plane, Proc. IRE, vol. 35, p. 1279, November. 1947. 
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sents both the magnitude and phase of the reflection coefficient, and the 
method is accordingly particularly convenient for rapid measurements on 
resonant cavities and other terminations. 

Roth of these techniCJup.s using fixed probes are essentially single-fre
quency systems j at most they cannot be used over a frequency band 
exceeding 10 per cent of the frequency at which the probe spacing is 
exactly one-<lighth wavelength. 

Zs -f,,,,,;a//in. 

To 

fnxnsformer 

FIG. 4-21. Simple transmission-line jmpedance bridge for comparing impedances. 

Impedance C01nparators-Transmission-line Bridges. In some cases it 
is sufficient to compare an unknown impedance (both in magnitude and 
phase), with a known impedance. Thus one may desire to detect small 
differences between an impedance under study and an impedance it is 
supposed to match. Again, if the known impedance is adjustable, then 
one can determine the unknown impedance in terms of the adjustable 
known impedance. At frequencies so high that ordinary bridges or null 
networks such as described in Chap. 3 cannot be used, it is possible to 
resort to hybrid or magic-T junctions (see Sec. 4-]4), or bridges involving 
transmission links. An example of a transmission-line bridge is illus
trated in Fig. 4-21.' Here voltage. exactly equal in magnitude and 

I Other bridge arrangements making use of transmission-line elements are described 
by D. D. King, Two Simple Bridges for Very-high-frcquency Use, Proc. IRE, vol. 38, 
p. 37, January, 1950; C. H. Westcott, Transmission-line Bridge, Wireless Eng., vol. 25, 
p. 215, July, 1948. 
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opposite in phase are applied to coaxial lines A and D, respectively, while 
the two impedances Z, and Z;t that are to be compared are connected to 
coaxial side arms E and G as shown. If the system · is perfectly sym
metrical electrically, a result relatively easy to achieve, then if Z, = Zo: 
there will be no output at arm F. Electrical symmetry can be readily 
checked by making Z. = Z. by the expedient of either open-circuiting or 
short.-circuiting side arms E and G, and observing whether or not the 
output at F is zero. If it is not zero, the balance of the input transformer 
may be adjusted to give a null-output condition, after which Z. and Z. 
may be connected in place and compared. The bridge arrangement 
circuit of Fig. 4-21a can be realized practically by a very simple and con
venient mechanical arrangement, consisting of two coaxial lines side by 
side as illustrated in Fig. 4-21b. 

4-11. Use of Resonant Lines in the Measurement of Impedance.' 
A resonant length of transmission line can be used as a basis for impedance 
measurement by associating the unknown impedance with the line and 
observing the resulting effect on the resonant line. The principles 
involved are the same as for the substitution and variation methods 
described in Sec. 3-9, except that the resonant line replaces the lumped 
resonant circuit. Using a transmission line as a resonant circuit gives 
the possibility of high values of Q in the ultra-high-frequency range, as 
wen as permitting one or two novel techniques. 

Typical resonant transmission-line systems for measuring impedance 
are illustrated in Fig. 4-22. Here tbe line is indicated as being of the 
parallel-line type, although at the higher frequencies a coaxial line would 
be used because of the higher Q obtainable owing to the absence of radia
tion loss. The oscillator is loosely coupled to the line througb a capaci
tance probe or small coupling loop. Similarly, the detector, which would 
normally be a vacuum-tube voltmeter, crystal detector, or radio receiver, 
is likewise loosely coupled to the line in such a way as to respond either to 
the voltage or to the current in the resonant system. 

Arrangements Involving Lines of Fixed Length. The susceptance of an 
unknown admittance can be found with the arrangement a. The tech
nique is first to resonate the line by means of the variable capacitor C with 
the unknown admittance disconnected. Next the unknown admittance 
Y:I: is connected, and the system is resonated again by readjusting the 
capacitor. The capacitor susceptance change is then equal to the sus
ceptance component B:I: of the unknown admittance. The conductance 
component G� of the unknown admittance can be readily obtained by 
measuring the Q values Q2 and Ql of the resonant system with and without 

1 L. S. Nergaard, A Survey of mtra-high·frequency Measurements, ReA Re"., 
vol. 3, p. ]56, October, 1938. 
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the unknown admittance connected. Then 
G, (4-47a) G, + G. 

Here G1 is the parallel resonant conductance (i.e., reciprocal of the parallel 
resonant impedance) across which G. is connected. Solving Eq. (4-47a) 

loop ror coupl,ng to Probe for couplrnq 
receIver (or oscillator) to osc///ator (or rece/ver) ! I' I<A'/4---:lt-i Swlfch 

� 0F'Q . .  
(a)  Use of calibrOltea capClcitor C Yx"'G)I.+JBx 

�12--1 1 1 I I J!FromosCli'lalor 

���;=p __ if_G_�g�G�, ____ �C 
(b) Use of movable conduchmce stanaClra G 

J! From osci//alor r�l -j  
llrr�P�:!'�' ------��r[� 

! I tyx presenf lp.os/�;ons ofshorl Y x:Gx+ jBx 
To. Y d isconnecled Clrcud forresonance 

receIVer )( 

(c) Use of OIdjush�bJe short circuit 

To receiver Probe for coup/inq fa 
(oroscil/afor) J.t rucillatorfor receiver) (�I);;;;;'�;::9 - I. 1,<).,/2 .1 Zx 

( d )  Use of ho df.wcwe resonance in measurinq 
low values of Z x  

FIG. 4-22. Methods of using a resonant line to determine impedance. 

for Gz gives 

(4-47b) 

The value of G, in Eqs. (�7) that is applicable to the system in use can 
be most easily obtained by substituting a known conductance for Gz. 
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The value of Q applicable to a resonant-line system may be readily 
determined by the frequency-variation method, using Eq. (3-22) .  Alter
natively, the ratio QdQ, may be determined in several ways. One 
method consists in observing the relative voltage (or current) response 
D2 and Dl of the system at resonance with and without the unknown 
conductance connected, respectively, while keeping constant the input to 
the system from the oscillator. Then 

QI D, 
Q, = D, (4-48) 

Somewhat greater accuracy may be obtained by varying the input to the 
system from the oscillator by means of an attenuator, in such a manner 
as to maintain the response of the system unchanged when the unknown is 
connected. In this case 

(4-49) 

where E, and El are the attenuator output voltages with and without the 
unknown conductance G% connected.l Finally, Qt/Q2 may be determined 
by detuning the resonant-line system by means of a calibrated standard 
capacitor, and observing the relative change in capacitance required for 
a given reduction in response. Assume that a difference AC in tuning 
capacitance is required to change the tuning of the system from one side 
of resonance, where the response is D2, to the other side of resonance, 
where it is likewise D2• Then if ,o.C2 and IJ.C1 are the values of this 
capacitance change with and without the unknown conductance con
nected, one has, from Eq. (3-21), 

Q, !lC, 
(4-50) Q, - !lC, 

An unknown conductance (or resistance) can be determined in terms 
of a known conductance by the arrangement of Fig. 4-22b.2 First, with 
the known conductance G disconnected, the level of the detector is noted 
when the unknown conductance G7; is connected, and the line is tuned to 
resonance by capacitance C. Next, the unknown G7; is disconnected, and 
the conductance G placed across the transmission line. The position of 
the known conductance G is then moved along. the line until the same 
detector output is obtained as before, while keeping the line tuned to 

1 The application of this procedure is discussed in. detail by W. H. Ward, A Direct 
Reading Instrument for Measuring Unbalanced Impedances at Decimetric Wave
lengths, J. lEE, vol. 97, pt. HI, p. 199, May, 1950. 

t J. M. Miller and B. Salzberg, Measurement of Admittances at Ultra-high Fre
Quencies, ReA Rev., vol. 3, p. 486, April, 1939. 
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resonance at all times by use of capacitor C. The conductance com
ponent of the load admittance can then be computed from the following 
equation, 

G � G [sin (2".I,/AI) ] ' 
• sin (2".I';AI) 

where G = known conductance 

(4-51) 

I I  = length of line from short circuit to position of conductance G% 
l2 = length from short circuit to position of conductance G 
Ai = length along line corresponding to one wavelength 

In this arrangement, the line acts essentially as au autotransformer of 
variable ratio, so that a fixed standard of conductance can function as a 
variable standard. The method is especially useful when it is desired to 
determine the value of a large conductance in terms of a known small 
conductance, or vice versa (by making II < l2). 

Methods Utilizing Lines of Adjustable Llmgth. A different method of 
utilizing a resonant line is illustrated in Fig. 4-22c and consists in varying 
the line length to maintain resonance, I instead of employing a variable 
tuning capacitance as in Fig. 4-22a. Here the position of the short 
circuit is adjusted to give resonance first with Y>: disconnected, and second 
with it connected as shown in the figure. The unknown susceptance B:c 
is then related to the movement ill of the short circuit by the equation 

1 2 .. ill 
B:c = Zo tan Tt (4-52) 

where Zo is the characteristic impedance of the line, and AI is the length 
along the line corresponding to a wavelength. The sign of ill is positive 
if the short circuit is closer to Yz when Y:c is connected. Alternatively, 
the unknown sllsceptance may be determined from the length of line 
required to give resonance when the unknown impedance is connected, 
according to the relation 

B. � � cot 2".11 Z, Al 
. (4--53) 

A positive value of B:c denotes capacitive susceptance. Here the notation 
is as in Eq. (4-52), with the addition that l, is the equivalen.t line length for 
resonance with the load connected, as defined below. 

The conductance G. associated with B. in Eq. (4-52) or (4--53) can be 
determined by noting the equivalent length 11 at which the system is 

I The praetical use of this method is discussed by Nergaard, op. cit., a.nd by F. 
Hamburger, Jr., and C. F. ::'\1iller, The Measurement.of Coil Reactance in the lOO-mega
cycle Region, Proc. IRE, vo!. 28, p. 475, October, 1940; R. A. Chipman, A Resonance 
Curve Method for the Absolute Measurement of Impedance at Frequencies of the 
Order of 300 Mc/a, J. Applied PhY8., vol. 10, p. 27, January, 1939. 
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resonant, and then determining the equivalent length I, at which the 
voltage (or current) response of the system for constant oscillator input 
is reduced to 70.7 per cent of the resonant value. Then if II - l2 is small, 1 

G 
- � Z".(I, - I,) , Z".h _ G (4-54" ) :c - Zo Xl 

cse 11.1 0 ..... 

Here Go is the parallel resonant conductance of the line itself when the 
unknown admittance is disconnected. When the line conductance Go is 
so small as to be negligible compared with G., then Eq. (4-54a) can be 
written as 

G � � ( t Z".h 
_ 

t Z".l,) (4-"4b) :z; Zo 
co hl co Iq v 

In Eqs. (4-5Z) to (4-54) it is assumed that (1) the short circuit is per
fect, and (Z) there is negligible influence due to the idle section of line 
beyond the short circuit. These are not always safe assumptions. How
ever, if the idle section contains another movable short circuit that is kept 
one-quarter wavelength from the first one, then there will be little or no 
current induced in the idle section. In the case of a parallel-wire line, it 
may be desirable for the first short circuit to be a rather large copper 
sheet in a plane at right angles to the line axis; such a sheet acts as a 
shield that tends to eliminate stray couplings to the idle line. 

The reactance of the short-circuiting element prevents it from acting 
as a perfect short circuit. This effect can be allowed for if l. and I, arc 
interpreted to be equivalent lengths, which are the actual lengths plus a 
correction tll.q such that 

t.1 � Xl _ !' " 4 (4-55) 

where l' is the actual length required for resonance when the unknown 
admittance y� is disconnected. The equivalent value of Lt with Yz con
nected is then the observed length I, plus t.1,,; similarly the equivalent 
value of I, is the observed length I, plus t.1... It will be noted that this 
correction does not affect the value of t.1 � L. - I, appearing in Eqs. 
(4-53) and (4-54b). 

Measurement of Low Values of Impedance. All of the methods of 
measurement described above except that of Fig. 4-ZZb require that the 
unknown admittance, and particularly its conductance component, be 
relatively small. When the unknown impedance Zz = Rz + jXz to be 
determined is relatively low, the arrangement of Fig. 4-22d can be used. 
Here the unknown is connected across the line as in b, but the short 
circuit is adjusted to give haU-wave resonance. Under these conditions 

1 See Nergaard, op. cit. 
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the reactance component X:: of the unknown impedance can be deter
mined by rewriting Eq. (4-52) to give 

2,,-1. 
X. � Zo tan T. (4-56) 

Here II is the equivalent length of line, corrected if necessary by D.leq as 
explained in connection with Eq. (4-55) ,  while Al and Zo have the same 
meaning as before. A positive value of Xz denotes an inductive react
ance. Alternatively, one may determine the line lengths that give half
wave resonance, first with Zz in place, and then with Zz replaced by a 
short circuit similar to that on the other end of the line. Then, 

x. � Zo tan 2,,- ill (4-57) 

where ill is the actual change of line length plus the equivalent length 
ill" of the added short circuit as defined by Eq. (4-55) . The change ill 
is positive if the line is longer when Zz is replaced by the short circuit. 

The resistance component R. in Fig. 4-22d can be obtained by observing 
the Q's of the resonant system with Zz in the system, and Zz replaced by a 
short circuit. By analogy with Eqs. (4-47) one then can write 

or 

R. Q, 
R. + R. � 

Q. 

where Ql = Q of system with Zz replaced by a short circuit 
Q, � Q of system with Z. in place 

(4-58a) 

(4-58b) 

R I  = equivalent lumped series resistance of the resonant system 
referred to the point where Zz is connected 

The values of Q involved can be determined experimentally by the fre
quency-variation method, or by the use of Eq. (4-48) or (4-49) . It is 
also possible to determine Q in a manner analogous to Eq. (4-50) by 
noting the change in line length required to detune the system sufficiently 
to reduce the response some specified amount, such as 70.7 per cent of the 
response at resonance. In this case 

(4-59) 

Here .1l2 is the change in length required to give the specified reduction in 
response below resonance when the unknown impedance Zz is connected 
as in Fig. 4-22d. Similarly ill. is the change in length that gives the same 
reduction in response below resonance when Z2; is replaced by a short 
circuit. The value of R. can be most easily determined experimentally 
by substituting a known resistance for R2;o 
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4-12. Waveguide and Waveguide Impedance. At frequencies above 
1000 Mc the waveguide is an important transmission element. It is rather 
different from the two-conductor transmission line in some respects, par
ticularly in the distribution of electric and magnetic fields, but on the 
other hand it has many properties in common with the line. The dis
cussion here will emphasize the similarities of the waveguide and two
conductor line, because once these similarities have been set forth it is 
possible to utilize many of the same measurement techniques for both 
waveguides and lines. Specifically, all measurements based upon reflec
tion coefficients, or standing-wave ratio, which have been described in 
detail for coaxial lines, can be used for waveguides if, in the equations, 
one uses normalized impedances Z/Zo, and replaces line wavelength Al by 
guide wavelength A". 

The general principles of waveguides are set forth in numerous places, 
and in the brief discussion here it will not be possible to go over all the 
details, such as field distribution in the various possible modes, etc. It is 
important to point out, however, that the waveguide is a transmission 
system along which a wave travels with a given phase velocity and a given 
attenuation per unit length. There is a guide wavelength A", which is 
the counterpart of the line wavelength, and is the distance traveled by the 
wave (at its phase velocity) in a time corresponding to one cycle. The 
guide wavelength can be determined experimentally with a standing-wave 
detector, being twice the distance between two successive voltage minima 
of a standing-wave pattern, or it can be computed with the aid of the 
following equation, 

A = A 

• Vi - (A/A,)' 

where X = free-space wavelength in meters = 3 X lO'/! 
f = frequency, cycles per sec 

he = cutoff wavelength for the particular waveguide model 

(4-60) 

The guide wavelengtb, expressed in Eq. (4-60), is exactly analogous to 
the line wavelength for two-conductor lines, and can be used in all the 
equations in which t.he latter appears. 

In common with a�l types of transmission lines, the waveguide will have 
both a direct and a reflected wave if there is a discontinuity in the guide, 
or if the termination or load does not match the impedance of the wave
guide. There is associated with the reflected wave a reflection coefficient 
which relates the relative magnitUde and phase of the reflected wave to 
that of the incident wave. From this reflection coefficient there can be 
computed a normalized "resistance and reactance at the load end of the 

I For example, in the commonly used rectangula.r guide of width a and height b 

i( (b S a), operating in the customary TEll) mode, Xt = 2a for a.n a.ir-filled guide. 
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line; these are properties of the load, and are similar to the components of 
a load impedance connected to a transmission line. 

Measurement of this waveguide normalized load impedance, or of the 
reflection coefficient, can be accomplished with a standing-wave detector 
(see Sec. 4-13), or by the use of directional couplers and supplementary 
voltage probes, exactly as described in Secs. 4-7 and 4-10. Also, the 
transmission-line charts described in Sec. 4-9 are fully applicahle to the 
waveguide case. 

Reflected waves can be eliminated in a waveguide system by avoiding 
irregularities, and then terminating the guide in such a manner that the 
incident wave is completely absorbed. Load arrangements capable of 
providing a nonrefiecting termination for waveguides arc described in 
Sec. 14-7. 

Definitions of Waveguide Impedance.' When the normalized imped
ance in a waveguide system has been measured, it is possible to convert 
the results into actual impedances. How this is done depends upon the 
use to which the data will be put. In marked contrast to the two-con
ductor line, it is not possible to define uniquely a characteristic impedance 
for a waveguide. In a two-wire line, one defines a characteristic imped
ance which is determined by the geometry of line and holds for all fre
quencies. For the waveguide case, however, the impedance will be a 
function of frequency even for a given guide. Moreover, the character
istic impedance can be defined in at least three ways, each of which gives 
a different numerical result. 

One way to define waveguide impedance is to consider it to be the 
ratio of the maximum value of the transverse voltage developed across 
the guide2 to the total longitudinal current flowing in the guide walls, 
for a traveling wave when no reflected wave is present. On this basis, 
the waveguide impedance Zo for the TEn mode in a rectangular guide is 

/1' A, 7r a 
Zo � 377 \If. X 2 b  (4-61) 

where I' � magnetic permeability of any material filling guide (I' � 1 for 
air) 

6 � dielectric constant of any material filling guide (6 � 1 for air) 
A, � guide wavelength 
A = iree-space wavelength 
a � width of guide (long dimension) 
b � height of guide (short dimension) 

I For further discussion see S. A. SchelkunofI, " Electromagnetic Waves," pp. 319, 
490, D. Van Nostrand Company, Inc., New York, 1943; "Very High Frequency 
Techniques," p. 674, McGraw-Hill Book Company, Inc., New York, 1947. 

! Thus for the TElo mode, this would be the transverse voltage existing midway 
between the two sides, where the transverse electric field is maximum. 
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A second definition of waveguide impedance is to regard it as the ratio 
of the power transmitted along the guide to the square of the longitudinal 
current. On this basis the waveguide impedance is twice the value given 
in Eq. (4-61). 

A third definition of characteristic impedance of the waveguide is the 
so-called wave impedance. This is the ratio of transverse components of 
electric to magnetic field strength. The appropriate formulas for the 
transverse electric, or TE, modes and the transverse magnetic, or TM, 
modes, are 

For TE waves: 

Wave impedance � 377 � � (4-62a) 

For TM waves: 

Wave impedance � 377 � �, (4-62b) 

The notation is the same as used in Eq. (4-61) .  Unlike the first two 
kinds of guide impedance, the wave impedance is independent of the 
guide proportions or shape, except in 50 far as these affect the guide wave
length x,. For comparison with Eqs. (4-62), the wave impedance of free 
space has the value 

Wave impedance of free space � 377 �� (4-63) 

This is also the wave impedance of a coaxial line, and of a two-wire line. 
It is to be noted that the wave impedance of such lines is quite different 
from their characteristic impedance. In particular, the wave impedance 
of a two-conductor line is independent of the dimensions of the line. 

The wave impedance has the desirable feature that it is uniquely 
defined for a given mode of transmission, and it can be conveniently used 
as the basis of a study of wavcguide discontinuities and loads. On the 
other hand, the impedance defined by Eq. (4-61) is more closely related 
to the characteristic impedance of coaxial and two-wire lines, and hence is 
useful in connection with the design of transformers between waveguides 
and coaxial lines. It must be used with some caution, however, because 
the currents and voltages are not uniformly distributed over the cross 
section of a guide as they are over the cross section of a twO-conductur 
line. 

4-13. Waveguide Standing-wave Detectors.' The standing-wave 
pattern existing in a waveguide may be investigated in the same manner 

1 Further discussion will be found in "Technique of Microwave Measurements/' 
op. cit. ;  Barlow and CulleD, QP. cit.; D. Hirst and R. W. Hogg, The Design of Precision 
Standing-wave Indicators for Measurements in Wavcguidea, J. lEE (R�iQCQmmuni-
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as for the case of a coaxial line. That is to say, an axial slot is provided 
in the top of the guide, through which projects a probe that rides on a 
movable carriage, as shown in Fig. 4-23. The electric field existing 
within the guide induces a voltage on the probe, just as in the correspond
ing coaxial case. The probe itself may be an arrangement such as illus
trated in Fig. 4-5b, or it may be a coaxial line that leads to a bolometer or 
crystal detector as in Fig. 4-23. 

The slot in the waveguide is preferably located in a region where the 
electric field is strongest, and where at the same time the transverse cur
rent which would be interrupted by the slot is zero. In the common case 
of the T E 10 mode in a rectangular guide, this requirement is met by 
locating the slot in the middle of the long side, as shown in Fig. 4-23 . 

, 

Coo)(ial line fo delecfor 
ampliFier and indicator 

shield 

(a) Slotted wcwequide with carriage (b)  DetOlils of probe 
FIG. 4-23. Slotted-w&veguide type of standing-wa.ve detector. 

Waveguide standing-wave detectors are typically used at frequencies 
higher than those customary with coaxial lines, just as waveguides are 
ordinarily used instead of coaxial lines at the higher microwave fre
quencies. This fact introduces special problems in waveguide standing
wave detectors. Thus, because the wavelength is small, special refine
ments, such as micrometer elements, may be needed to measure with 
sufficient accuracy the distance traveled by the carriage. Again, to pre
vent radiation when the frequency is very high, the slot must be cor
respondingly narrow. This requires that the clearance between the 
probe and the sides of the slot be very small, which in turn makes neces
sary the use of a shielded probe,t as indicated in Fig. 4-23, to prevent 
minute transverse motions of the probe from affecting the probe imped
ance. Finally, tolerances relating to permissible variations in the depth 
of penetration of the probe as the carriage moves are correspondingly 
severe. 

cations COM.), vol. 94, pt. IlIA p. 489. March-April, 1947; S. A. Johnson, Microwave 
Slotted Sections, Proc. Nail. Elec. Con!., vol. 4, p. 22, 1948. 

1 A shiclded probe also prevents stray fields outside of the guide from a.ffecting the 
probe output. This is important a.t the higher microwave frequencies where the 
wavelcngth is so small that even the narrowest practical slot will allow leakage of some 
energy, thus giving rise to fields external to the guide. 
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The reflection coefficient associated with a load impedance or with an 
irregularity in a waveguide system can be readily determined from stand
ing waves by the methods discussed in connection with Eqs. (4-39) ; the 

. only difference is that the guide wavelength X, is substituted for the line 
wavelength X,. Similarly, the node-shift method (see Sec. 4-8) may be 
used to evaluate small irregularities. 

To the extent that a waveguide system is free of irregularities, the 
observed standing-wave ratio is a measure of the ratio of the load imped
ance to the waveguide impedance, exactly as in the case of the coaxial 
line (Sec. 4-7). The only difference is that the guide wavelength X, 
replaces the line wavelength X, in all the equations and figures applying 
to coaxial systems, including the Smith chart. The load impedance 
obtained in this way is the normalized value referred to the waveguide 
impedance as defined above j one may use whichever" of the three possible 
definitions of waveguide impedance is most convenient, as the standing
wave measurement gives only relative impedances. 

4-14_ Special Waveguide Techniques. Although the waveguide 
standing-wave detector can be considered the basic measuring tool for 
determining reflection coefficients and impedances in waveguide systems, 
there are numerous situations in which alternative techniques permit 
simpler apparatus or faster reduction of data. Thus, some of the special 
methods described in Sec. 4-10 for coaxial lines can be applied to wave
guides, particularly those techniques involving directional couplers I or 
fixed probes. Null-type waveguide impedance bridges are not readily 
available, although at least one successful device has been built, and it 
can be expected that more research will be done along these lines in the 
future.2 Two additional techniques which are not commonly used with 
coaxial systems, but which are especially adapted to waveguides, are 
described below. 

Fixed Probe and Phase Shifter. The difficulties arising from slot radia
tion in guides operating at very short wavelengths can be avoided by 
associating a fixed probe with a phase shifter. Such an arrangement is 
illustrated in Fig. 4-24, and can be regarded as a standing-wave detector 
where the electrical length of the system between the probe and the 
unknown impedance is varied by means of a phase shifter instead of by 
mechanical movement of the probe. The effect is exactly as though the 
probe were moved along the line ; in particular, as the phase shift is varied 
the probe voltage will be found to go through maxima and minima from 

I A directional-coupler system specifically for wa.veguides is described by H. J. 
Riblett, A Swept-frcqucncy 3-ccntimeter Impcdance Indicator, Proc. IRE, vol. 36. 
p. 1493, December, 1948 . 

• M. Chodorow, E. L. Ginzton, and F. Kane, A Microwave [mpedance Bridge, 
Proe. IRE, vol. 37, p. 634, JUlIC, 1949. 
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which the standing-wave ratio can be determined. That is to say, 
in troducing an additional phase shift of </> radians between probe and load 
is equivalent to moving the probe a distance d1 farther from the load, 
where 

</> d1 = 211" 
Xg (4-64) 

Here A, is the guide wavelength as given by Eq. (4-60). Any convenient 
type of phase shifter may be used in Fig. 4-24. Typical arrangements 
suitable for waveguide systems are the "wave-squeezer," movable-vane, 
and rotary phase shifters illustrated in Figs. 6-35 and 6-36. 

In a system such as illustrated in Fig. 4-24, the magnitude of the stand
ing-wave ratio existing in the guide can be determined without knowing 

Fixed volfaqe 

a 
cr�prObe 

"' /  t- Makhed c-Oscillafor Phase Unknown affenualvr , shiner impedanO! 
W",veg"ide / c-/ 

FIG. 4-24. Schematic diagram of phase-shifter and flxed-probe arrangement for 
measuring an unknown impeda.nce. 

the actual phase shift that is introduced. All that need be done is to 
observe the maximum and minimum values of probe response as the 
phase shifter is continuously varied, and then substitute the results into 
Eq. (4-15) to obtain the standing-wave ratio S. 

From the standing-wave ratio, onc can also calculate the magnitude of 
the reflection coefficient, using Eq. (4-16). However, if the phase angle 
of the reflection coefficient is desired, or if the magnitude and phase of the 
load impedance are to be determined, then it is necessary that there be 
available a calibration giving accurately the phase shift as a function of 
the setting of the pha�e-shifter control. 

To calibrate the phase shifter in Fig. 4-24 one first replaces the load 
impedance by a short circuit. Under these conditions the relation 
between the voltage induced on the probe, and the adjustable phase shift 
</> introduced by the phase shifter is' 

Voltage induced ) AI ' ( + )1 be 
= sm <jJ a on pro (4-65) 

Here A is a proportionality constant determined by the design of the 
probe system, while Cl is the total electrical phase shift existing between 

I Note that if a. square-law probe system is used, the response actually observed is 
proportional to the square of the induced voltagej i.e., to get relative induced voltage, 
one must then take the square root of the observed probe output voltage. 
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the probe position and the load point when <I> = O. The value of a is 
determined by the distance in guide wavelengths from probe to load, 
augmented by any insertion phase shift introduced by the phase shifter 
when the phase-shifter control dial reads <I> = O. A calibration of the 
phase shilter i.B then obtained by observing the relative voltage induced 
on the probe as a function of the setting of the phase-shifter dial. Set
tings that make the induced voltage a minimum then correspond to 
cb + a = n'Jl'", where n can be any integer (including zero), while the 
settings that make the induced voltage a maximum correspond to 
<I> + a = m7r/2, where m is an odd integer. The phase shift correspond
ing to intermediate settings of the phase shifter can then be determined 
by introducing the observed variations in probe response into Eq. (4-65). 
Thus, when the probe voltage is 70.7 per cent of the maximum voltage 
(i.e., half the maximum response if a square-law probe is used), then tP 
has a value that differs by 45° from the value that makes the response a 
mmlmum. From Eq. (4-64) the introduction of such a phase shift has 
the effect of moving the probe a distance X,/8. 

In measuring standing-wave ratios with a phase shifter and fixed probe 
it is necessary that a matched impedance be seen looking from the probe 
along the waveguide toward the oscillator. This can be accomplished by 
the use of an attenuation pad, as indicated in Fig. 4-24, with an imped
ance that matches the guide. This attenuator absorbs the wave reflected 
by the load impedance, thereby making the amplitude of incident wave 
independent of the presence or absence of a reflected wave. The attenua
tor also isolates the oscillator from the measuring systemj this prevents 
the oscil1ator frequency from changing as variations in the phase-shifter 
setting alter the input impedance at the point a in Fig. 4-24. 

Hybrid Junction (Magic-T) Techniques. '" A technique widely used 
in waveguide systems' for determining the magnitude of the standing
wave ratio, or the magnitude of the reflection coefficient, is based upon 
the umagic-T," or hybrid, junction. The geometry of such a device is 
shown in Fig. 4-25. This device has the property that a wave entering A 
cannot pass directly to the output B, but rather splits into two equal 
parts that travel down the side arms C and D. Reflected waves in arms 
C and D reaching the junction will, however, enter arm B as shown, to 
produce a resultant wave in B that is the difference between the reflected 

1 The term "magic T " is here used synonymously with "hybrid." More properly 
a magic T is a hybrid such as in Fig. 4-25 with the addition of posts and iriscs that 
compensate for discontinuity effects so that when matched loads arc connected to any 
three branches the impedance seen looking in at the rourth is 8. perfect match. Such 
compensation is not uBUally needed for the measurements described here. 

t For morc information see HTechnique of Microwave Measur.ements," op. cit., pp. 
525-543. 
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wave in arm C and the reflected wave in arm D. It is therefore apparent 
that if arms C and D are of equal length and are terminated identically, 
then no output will appear in arm B. However, output will appear in B 
to the extent that the terminating impedances are not identical. 

A measuring system making use of the hybrid junction of Fig. 4-25 is 
shown schematically in Fig. 4-26. Here a reference termination Zo is 

B 

cc----____ _ 

Ar_-

(a) Mogic. T configuration (b) Behavior of reflections 
from C and 0 

FIG. 4-25. U Magic-T " arrangement. 

connected at D while the unknown impedance Z� is used as the termina
tion for arm C. Arms C and D are further made identical in every 
respect, including particularly length. Power from an oscillator is 
supplied to arm A through an isolating attenuator, while output in arm B 

• is observed by a crystal detector, preferably operated on the square-law 
part of its characteristics. Alternatively, a bolometer may replace the 
crystal detector. When the unknown impedance Z. in Fig. 4-26 is the 

Unknown c.,-::-:r' 

rO�$�C-:il�/a-'�o-:rH-I--.JA Magic T bB--fcC:r0y.;$.hfa"J/l Amp/ifie L::'::::'::�I1r:;;=-:=:i( Hybrid) duecfor 
A ffenUfiftor L,,;r-' 

Nonref"lecfing 
L�.J ferminut/on 

Meter 

FIG. 4-26. Block diagram of system for making impedance or reflection-coefficient 
measurements using a magic-T (hybrid junction) arrangement. 

same as the known reference impedance ZO, then zero output will be 
observed in arm B. Thus if Zo has a value that provides a nonrefiecting 
termination for arm D, then zero output indicates Z:e is a nonrefiecting 
termination for arm C. However, if output is present in arm B when D 
is terminated to be nonreflecting, then the magnitude of the reflection 
coefficient introduced by Z. is directly proportional to the magnitude of 
this output. Tbe quantitative relation involved can be readily obtained 
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experimentally from the fact that when Z. is replaced by a short circuit, 
the output magnitude present in B corresponds to a reflection coefficient 
of 1.0. 

The hybrid-junction system of Fig. 4-26 is not frequency-sensitive, 1 
and so is particularly useful where impedances must be compared over a 
wide frequency range. This introduces the possibility of using an 
oscilloscope screen to present the reflections existing on a waveguide 
system as a function of frequency. The apparatus arrangement is shown 

Crystal 
deleclo 

r':;-".I-Ionreflectii?q terminalion 

'-__ ..... ;.-__ --1 ,swtep f--___ ----'OSCllloscope . 

v()/Iaqe 
(a) ApPQratus 

refleclton 

(b) T�pjCQI pClttern 

FIG. 4-27. Impedance-measuring system
"
of Fig. 4-26 modified to present On a cathode

ray screen the bebavior of the reflection coefficient over a. band of frequen!.lies. 

in Fig. 4-27, and differs from Fig. 4-26 ill that the carrier frequency of the 
exciting oscillator is swept electronically by a voltage that also pro
vides the horizontal deflection of the oscilloscope. Thus the horizontal 
position on the presentation represents frequency, while vertical deflec
tion represents reflection coefficient. A scale of reference for interpreting 
vertical deflections can be obtained by placing a short circuit across arm 
C in place of Z., thus producing a reflection coefficient of 1.0 for all fre
quencies. This can be sketched on the oscilloscope face as shown in 
Fig. 4-27b, using a grease pencil. The line will not necessarily be straight 
hecause the oscillator output may vary over the frequency range. In a 
typical situation the unknown impedance Z. would be the input of a 

1 This implies that the termination Zo is nonrcflecting over the frequency range 
involved. Such 8 termination can be obtained by the methods illustrated in Fig. 14-21. 
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waveguide transmission system, and the object of the measurement 
would be to determine the reflections existing in this system over a band 
of frequencies. 

The hybrid-junction technique is a convenient onc, requiring relatively 
simple equipment. It will very precisely compare two terminations that 
are almost identical. Also, when a good nonreflecting termination is 
available, the hybrid device accurately determines very small values of 
reflection coefficient.l 

4-16. Measurements on Cavity Resonators. A cavity resonator is 
the microwave counterpart of a parallel resonant circuit. The most 

- - - - - - - - - - ---, Ca vity 
Line Coupknfj loop 

-' 

t o )  Covity coupled to co��iC11 l ine by loop 

Loop' rE 
L ine 5=3 ..... C R 

Lp 
COIvi/y 

(b) Equivo llent circuit 
FIG. 4-28. Cavity resonator coupled to a coaxial line by a loop, together with equivll
lent circuits. 

important properties of a cavity are the resonant frequency and the Q. 
In many cases the impedance that the cavity presents to associated cir
cuits is also of significance. 

When making use of cavities, it is necessary to provide some means 
of coupling the cavity to other electrical circuits. Coupling to a coaxial 
line can be obtained by terminating the line with a loop that projects into 
the cavity as illustrated in Fig. 4-28a; alternatively one may employ a 
probe formed by an extension of the center conductor that projects into 
the cavity. In the case of a waveguide, the coupling can be supplied 
by a suitably located hole (iris) that connects the interior of the wave
guide with the interior of the cavity. 

t A. F. Pomeroy, Precision Measuremcnt of Impedance Mismatches in Waveguide, 
Bell System Tech. J., vol. 26, p. 446, July, 1947. 



SEC. 4-151 S Y S T E M S  W I T H  D I S T R I B U'r E D  C O N S T A N TS 181 

Determination of Resonant Frequency and Q of a Cavity by Impedance 
M easurements. In practice one very commonly encounters a cavity in a 
system such as illustrated in Fig. 4-28a, and then desires to determine the 
characteristics tho.t the cavity POSBCSBCS when in this environment. 
This arrangement is equivalent to a circuit of the form shown in Fig. 
4-28b, in which the cavity is represented by a parallel resonant circuit 
RLC coupled to the inductance L. of the coupling loop. 

When an attempt is made to determine the cavity properties in the 
system of Fig. 4-28, a practical difficulty arises from the fact that one 

Isolaling Stolled line 
RlkntIQfor COllp/lnq 

loop 
(a) Measurinq setup Cavity 

Possible reference 
P{anes t�--'" 

YVYY\ 
tb) Voltage distribution l 

I 
Reli:rence : Vir/vtll 

plane '-i resontmlcircuil 

z- H( 
{cl Equivalent circuit 

FIG. 4-29. Measurement of cavity characteristics by means of a slotted-line standing
wave detector. 

has access to the cavity only indirectly at some point external to tbe 
cavity. Between this point and the interior of the cavity is interposed a 
short section of line, and also the coupling loop. This introduces 
complications. 

A numher of methods have been devised for determining the cavity 
properties under this situation. One of these will now be described j it 
is typical, but is by no means the only procedure possible.l The appara
tus arrangement used is illustrated in Fig. 4-29a; it involves the insertion 
of a slotted-line standing-wave detector into the system as shown. The 
first step in the measuring procedure is then to establish a plane of refer-

I For other methods sce "Technique of Microwave Measurements," op. tit., pp. 286-
289, 330-340; L. Malter and G. R. Brewer, Microwave Q Measurements in the PTes
enee of Series Losses, J. Applied Pkys., vol. 20, p. 918. October, 1949; " Very High 
Frequency Techniques/' op. tit., pp. 610-626. 
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ence on the slotted transmission line. This is always chosen as the loca
tion of a voltage minimum on the slotted line either when the cavity is 
detuned, or when the frequency is far enough off resonance so that the 
resonant circuit in Fig. 4-28b couples negligible impedance into the loop 
inductance Lp. There are a succession of such voltage minima along the 
transmission line, separated by a half wavelength, as shown in Fig. 4-29b. 
One should choose one of the minima near the cavity as the reference, 
although it is not necessary to use the particular minimum that is the 
nearest to the cavity. 

It can be shown that with respect to such a reference plane, the imped

ID U C • � ID 0. E 

fl fo fz 
F r e q u e n c y  

FIG. 4-30. Impedance curve of par
allel resonant circuit, illustrating 
notation used in Eq. (4-65). 

ance observed when looking toward the 
cavity behaves exactly as though a 
parallel resonant circuit existed at the 
reference plane, as shown in Fig. 4-29c. 
This is cal1ed a virtual resonant circuit; 
it has the same Q as the cavity, pro
vided the losses in the coupling loop 
and the line between the reference plane 
and the coupling loop are negligible. 
However, the resonant frequency of 
the virtual resonant circuit will differ 
slightly from the resonant frequency of 
the cavity as a result of the inductance 
of the coupling loop, and the inductance 
and capacitance of the connecting 

transmission line between the reference plane and the cavity. 
The next steps are to employ the slotted-line standing-wave detector to 

measure the impedance Z of the virtual circuit for a succession of fre
quencies/ and then plot the results as shown in Fig. 4-30. The resonant 
frequency /0 of the virtual circuit is the frequency of maximum imped
ance, while the Q of the virtual circuit, and hence of the cavity, is given 
by the relation 

Q = 

i. 
f, i, (4-66) 

Here /2 and It are the frequencies above and below resonance, respee
iively, at which the impedance has a magnitude that is 70.7 per cent of 
the magnitude at resonance. Knowing /2 and /11 the most accurate 

1 Strictly speaking, the position of the refercncc pla.ne shifts with frequency. How
ever, the frequency range necessary to cover the resonance curve of a. cavity is such a. 
small percentage variation that thc position of the reference plane can be regarded 
as independent of frequency in measurements on cavities, provided the reference plane 
corresponds to a minimum near the cavity. 
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means of determining the exact resonant frequency is to use the relation 

, I. + " 
JO '" 2 

(4-67) 

Instead of plotting the resonanc� curve as in Fig. 4-30, it is commonly 
more convenient to plot the standing-wave data directly on a Smith chart 
as shown in Fig. 4-31. The resonant frequency is then the frequency at 
which the right-hand side of the impedance curve intersects the horizontal 

Cenfer of 
R=X 

FIG. 4-31. Impedance curve of Fig. 4-30 plotted on a Smith chart, upon which arcs ' 
arc superimposed showing the loci where the phase angle of the impedance is 45°. 

axisj this is the frequency at which the standing-wave ratio is a maximum. 
The frequencies " and I, required to determine the Q of the virtual 
resonant circuit according to Eq. (4-66) are the two frequencies on the 
impedance curve at which the resistive component of the impedance 
equals the reactive component. To facilitate location of these two 
points, it is convenient to draw lines on the Smith chart corresponding to 
points wbere the resistive and reactive components are equal; such loci 
are shown in Fig. 4-31, and are arcs of circles centered at the normalized 
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impedance components 0 ± j1.0, and passing through zero and infinity, 
as shown. 

When dealing with a system such as shown in Fig. 4-28a, one is some
times interested in the Q of the complete system comprising both virtual 
resonant circuit and the associated transmission line terminated at the 
sending end, rather than only the Q of the virtual circuit. This complete 
system can be represented by the equivalent circuit shown in Fig. 4-32; 
it will have a lower Q than the Q of the cavity (or virtual circuit) as a 
result of the load resistance Ro shunted across the virtual resonant circuit 
by the line. This lower Q is called the loaded Q of the cavity, and is com
monly designated as Q,, ; in contrast the Q associated with the virtual 

C(Yv/ly 
Line Coaxial line 
ferminal/on 

RO�R 
Llne ......... � 

resiskrnce � VIr/vo/ resont:mf 
c ircuit 

l a }  Actual system (b) EquivOIlent circuit of 
system 

FIG. 4-32. Diagram illustrating loading of a cavity by its associated transmission line. 

circuit is called the unlofl,ded Q and is designated as Qu. Between these 
exists the relation 

Q
u � 1 + {3 (4-68) 

Q,. 

where {3 � R/Ro as indicated in Fig. 4-32. The value of {3 may be readily 
obtained experimentally from the fact that if S is the standing-wave ratio 
on the transmission line at resonance, then 13 = 8 when the standing
wave pattern at resonance is such that a voltage minimum occurs at the 
reference plane, while {J = 1/8 when a voltage minimum is at the reference 
plane. It will be noted that when the parallel resonant impedance of the 
virtual circuit equals the characteristic impedance of the line (13 = 1) ,  
then the loaded Q of the system is exactly half the unloaded Q of the 
cavity. 

Determination of. cavity properties as outlined above has the advantage 
that it is necessary to have access to the cavity only at one coupling 
point, and that the only equipment required is a slotted line. However, 
the method gives the resonant frequency of the virtual circuit, rather 
than of the unloaded cavity. 

Determination of Resonant Frequency and Q of Unloaded Cavities from 
Transmission Measurements. The characteristics of an unloaded cavity 
can be determined with the arrangement of apparatus illustrated in 
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Fig. 4-33. Here oscillations are excited in the cavity by coupling ele
ment A, which is so designed as to provide only very slight coupling 
between the oscillator system and the cavity. The response of the cavity 
is indicated by mean� of a crystal detector, bolometer, or simple radio 
receiver that is likewise very loosely coupled to the cavity by a second 
coupling element B. Probe coupling is shown in Fig. 4-33, although loop 
or iris coupling could also be used. 

A typical measuring procedure for determining the resonant frequency 
of the cavity then consists in varying the frequency of the oscillator and 
observing the frequency at which the output detector indicates maximum 
cavity response. Alternatively, somewhat greater accuracy can be 

A 
Oscillator C Cl v / f y  

B 

Oufput 
indicaror 

FIG. 4-33. Arrangement of apparatus for measuring the characteristics of a. c8,"ity 
by the transmission method. 

obtained by considering the resonant frequency to be the mean of the two 
frequencies on either side of resonance at which the response is less than 
at resonance by some specified amount, such as 3 dbj this procedure has 
the possibility of greater accuracy since the response on the side of the 
resonance curve varies more rapidly with frequency than does the 
response in the immediate vicinity of resonance. When the cavity is 
tunable, one may instead start with a fixed oscillator frequency and 
determine the cavity setting corresponding to resonance, by observing the 
point of maximum response, or by taking the mean value of the settings 
corresponding to equal reductions in response on the two sides of reso
nance. Tbe Q of the resonant cavity may be measured by modifying 
the procedure to determine the frequencies i1 and h on either side of 
resonance at which the response of the system is reduced 3 db below the 
response at resonance. One then has 

Q = f. 
f. J. 

(4-69) 

where f. � (f, + f.)/2 is the resonant frequency. It  is possible in this 
way to determine the Q with high precision if means are provided for 
directly determining the frequency differencef. - f" rather than attempt
ing to obtain this rather small difference by the independent measure
ment of the much larger quantities it and /2. 
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The resonant frequency and Q obtained in this way correspond to the 
values for the unWaded cavity to the extent that the couplings at the 
input and output points are individually so small that the resulting load .. 
ing of the cavity is negligible. It is not sufficient merely that there be 
negligible direct transmission between the two coupling elements. In 
view of the small couplings involved, it is necessary either that the oscilla
tor be relatively powerful or that the output indicator be unusually 
sensitive. 

Swepf r:�:::. ..... oscllkdor'r Ad/us/ahle allenuafor 

60-cyc/e sweep volfaqe 

-'l 

(�) SchemC4tic circuit diQqn�m 
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� f. 
fa' fb 

{bl Sample oscillogroms 

f 

O,'f'eref1ce oufpu�f:-:::::t:� 
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FIG. 4-34. Method of making a precise comparison between the resonant frequency 
of So standard cavity and of an unknown cavity. The diagram indicates iris (hole) 
coupling to the cavities, although other methods could be employed equally well. 

The resonant frequency of a cavity under investigation can be very 
precisely determined in terms of the resonant frequency of a tunable 
calibrated cavity using the arrangement of apparatus illustrated in 
Fig. 4-34. 1  Here, the two cavities are excited from a common oscillator 
that is frequency-modulated at 60 cycles. The same 60 cycles is used to 
provide horizontal deflection of the oscilloscope, so that the horizontal 
position of the cathode-ray spot is a function of frequency. Vertical 
deflection of the oscilloscope is supplied by the difference in outputs of the 
output systems associated with the two cavities. An adjustable attenua
tor, indicated by A in Fig. 4-34, is provided so that the outputs of the two 

1 For additional information see R. L. Sproull and E. G. Linder, Resonant Cavity 
Measurements, Proc. IRE, vol. 34, p. 305, May, 1946. 
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cavities can be adjusted to be approximately equal, although there is no 
particular advantage in exact equality. Typical oscilloscope patterns 
produced by this arrangement for different frequency settings of the 
tunable calibrated cavity are shown for the case where the comparison 
cavity has a higher Q than the cavity under test. It is apparent that the 
condition corresponding to identical resonant frequencies can be rather 
precisely determined. 

4-16. Measurement of Insertion Loss in Coaxial and Waveguide 
Systems. In coaxial systems operating at the higher frequencies, par

Zo 

f[--�-----'�tZo 
Generafor L,ne Load 
impedance (or WQveguideJ /mpedance 

( a )  

Inserled cirCUli 
element 

(a)  
FIG. 4-35. Schematic diagra.m illustrating situa.tion resulting from insertion of a 
circuit element in a. transmission-line or waveguide system operating with matched 
terminal impedances. 

ticularly microwaves, and in waveguide systems, it is often important to 
know the reduction in power reaching the load that results from the 
insertion of some circuit element into the system. The element in ques
tion might be a connector, a length of cable, a rotating joint, bend, etc. 
The reduction in power output resulting from the presence of such a 
circuit element IS termed the insertion loss. That IS, referring to 
Fig. 4-35, 

Insertion loss in db � L � 10 log" �: (4-70) 

Here Pt is the power delivered to the load when the circuit element under 
study is present in the system as in Fig. 4-35b, while P, is the power 
delivered to the load when this circuit element is removed (Fig. 4-35a). 

It is important to note in Fig. 4-35 that when the circuit element under 
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FIG. 4-36. Schematic diagram illustrating arrangement of apparatus for measuring 
insertion loss with the aid of a calibrated attenuator. 

One then simply observes the load power P2 with the circuit element 
under investigation connected in the system, as at b, after which this 
circuit element is removed, and the load power PI is again observed with 
nothing else changed. 

Insertion loss can also be determined with the aid of a calihrated 
attenuator, as illustrated in Fig. 4-36. Here the calibrated attenuator 
is introduced between the oscillator and the input to the system under 
test, while some means is provided for determining the relative value of 
output power or voltage developed in the load Ca holometer is indicated 
in Fig. 4-36). The measuring procedure consists in setting the attenua
tion to some convenient low reference value, and observing the output 
indication at the load when the circuit element under test is present in 
the system. The circllit element being investigated is then removed, 
and the attenuator setting readjusted to restore the original output indica-

t In  the case of a waveguide, the wave impedances [see Eqs. (4-62)] take the place 
of the characteristic impedance. 

2 It is, however, permissible for a. transformation in characteristic impedance to 
occur; i.e., the system to the right of terminals 3-4 in Fig. 4-35b may have a characteris
tic impedance differing from that of the system to the left of 1-2. Such a. situation can 
exist when a tapered section, or a coaxial-line-to-waveguide transformer, is involved. 
In this case PI in Eq. (4-70) is the load power when an ideal impedance-transforming 
network is present. 

S Details of systems making use of power-ratio measurements or calibrated attenu
ators are described by Fleming, wc. cit.l• "Technique of Microwave Measurements/' 
op. oit., pp. 805-816. 
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tion. The cbange in attenuator setting gives the insertion Joss (or atten
uation) desired. In this arrangement of apparatus, it is essential that 
the impedance Z' looking toward the oscillator from tbe system under 
test be equal to the characteristic impedance of the transmission system; 
otherwise reflections from the inserted impedance will cause the inser
tion loss to depend upon the extent of the impedance mismatcb at tbe 
sending end of the line. The desired result can be assured by proper 
design of the calibrated attenuator. 
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Buffer 

utlenudror 

of dissipation attenuation Lo 
FIG. 4-37. Determination of reflection a.ttenuation and dissipation attenuation by 
standing-wave measurements. 

Both of the above methods of measuring insertion loss have the dis
advantage of requiring that the circuit element under test be alternately 
physically added and subtracted from the system. In some cases, as for 
example when dealing with a rotating joint, this is mechanically impossi
ble. This difficulty can be overcome by determining the insertion loss 
from impedance measurements. 

Determination of Insertion Loss by Impedance and Standing-wave Meas
urements.1 When using impedance measurements to determine insertion 
loss, it is convenient to divide the total loss L into two parts, which can 
be considered as due, respectively, to reflection and dissipation introduced 
by tbe presence of tbe circuit element under study. Tbat is 

decibels (4-71) 
1 For further information see R. W. Beatty, Determination of Attenuation (rom 

Impedance Measurements, Proc. IRE, vol. 38, p. 895, August, 1950. 
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Here the insertion reflection loss L. takes into account the fact that if 
the impedance Zl looking into terminals 1-2 in Fig. 4-35b does not equal 
the characteristic impedance ZOJ then reflection occurs, and some of the 
power transmitted toward the load by the incident wave is returned to the 
generator, and absorbed in the generator impedance. In the special case 
where Zl equals the characteristic impedance Zo of the system, the reflec
tion loss will be zero. The insertion dissipation loss Lv takes into account 
the fact that only a portion of the power actually entering the input 
terminals 1-2 of the circuit element under study will emerge from the 
output terminals 3-4 to be transmitted on to the load. 

The reflection loss LR can be readily determined in the manner illus
trated in Fig. 4-37a. It is merely necessary to observe the voltage 
standing-wave ratio S on the generator side of the inserted circuit element. 
One then has' 

(8 + 1) ' L. � 10 log" 
48 

(4-72) 

To determine the dissipation loss Ln, the system is connected as shown 
in Fig. 4-37b. Here th.e oscillator and standing-wave detector are con
nected to the terminals 3-4 (the normal output terminals) of the system 
under test, while the line associated with terminals 1-2 is provided with 
a movable short circuit. By means of the standing-wave detector, the re
flection coefficient at terminals 3-4, looking toward the left, is determined 
for a succession of positions of the movable short circuit, as described 
in Sec. 4-8. The measured values of reflection coefficient are then plotted 
on polar coordinates, as shown in Fig. 4-38. All values will be found to 
lie on a circular locus, the radius r of which is related to the dissipation 
attenuation according to the relation 2 

• 1 
10 log,, T decibels (4-73) 

Theoretically the reflection coefficient need be measured for only three 
positions on the movable short circuit, since three points determine a 
circle; however, it is safer to make additional measurements and use the 
circle as a means for averaging the data. 

It is to be noted that Eqs. (4-71), (4-72), and (4-73) apply irrespective 
of whether or not an impedance transformation exists between the two 

I This relation follows from the fact that when the reflection coefficient has the 
value p, a fraction p� of the power of the incident wave is reflected. Thus the power 
entering terminals 1-2 in Fig. 4-35b is reduced by the factor 1 - p' because of reflec
tion at these terminals. SUbstituting for p from Eq. (4-16), this fraction becomes 
1 

- (� � !y = (8 � 1)2' from which Eq. (4-71) follows immediately. 

2 This equation is derived by A. L. Cullen, Measurement of Microwave Transmis
sion Efficiency. Wireless Eng., vol. 26, p. 255, August, 1949. 
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sides of the inserted circuit element in Figs. 4-35b and 4-37. Hence the 
impedance method of determining L is particularly suitable when an 
impedance transformation is involved. The one special consideration 
involved is that the standing-wave detector shown in Fig. 4-37a musL 
have a characteristic impedance that matches the system looking from 
the standing-wave detector toward 1-2, while the standing-wave detector 
in Fig. 4-37b must have a characteristic impedance that corresponds to 
the system looking toward terminals 3-4. 

/ 
I 
t 
\/ , 

' ...... - --9 - .  

Typical 
ref"lecllon
coeffi"clenr 
cirrles 

Fro. 4-38. Polar-coordinate plot of reHection coefficient obtained in Fig. 4-37b for a 
succession of frequencies, showing two typical reflection-coefficient circles. 

A special case of importance occurs when the inserted circuit element 
possesses input and output impedances equal to the characteristic imped
ance of the associated transmission system; in Fig. 4-35b this means that 
Z. and Z, will both equal the characteristic impedance Zoo Under these 
conditions the insertion reflection loss LR is zero, and the insertion dissi
pation loss (i.e., the attenuation) can be determined by short circuiting 
the terminals 3-4 in Fig. 4-37a and observing the voltage standing-wave 
ratio S. Then 1 

8 + 1  
10 log .. 

8 _ 1 
decibels , .  

I This relation is derived as follows: Call PI the power of an incident wave entering 
terminals 1-2 in Fig. 4-37a, and P! the power of this wave after passage through the 
circuit element under study. Then 

P. Ln - 10 loglo 
Pt 

(4-75) 

However, if terminals 3-4. are short-circuited, then P2 is totally reflected. When this 
reflected. wave emerges from terminals 1-2 after a. return passage through the network, 
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Equation (4-74) provides a very useful result, in that it enables the 
attenuation of a matched attenuator to be determined expt:rimentally 
by a standing-wave measurement. 

ts power P, sa.tisfies the relation 

or 
p, - (P')' P, P, 

However, since the ratio P,/PI of re8ected to incident power equals the square of the 
reflection coefficient p observed at the terminals 1-2, then from Eq. (4-16) 

p, - p' - (�)' - (P')' Pt S + 1 , PI 
(4-76) 

Equation (4-74) now follows by substituting Eq. (4-76) into Eq. (4-75). 



CHAPTER 5 

MEASUREMENT OF FREQUENCY 

6-1. Standards of Frequency.' The fundamental .standard of fre
quency is the period of rotation of the earth. This can be measured with 
great accuracy by astronomical methods, and might be thought of as a 
standard frequency of one cycle per day. All standards of frequency 
must ultimately be referred to this fundamental source of frequency for 
calibration purposes. 

Practical frequency standards can be classified as either primary or 
secondary standards. A primary standard of frequency is an oscillator 
which generates a frequency that is very constant over long periods of 
time, and which is checked against the earth's rotation at regular inter
vals. Secondary standards of frequency are very stable oscillators which 
have their frequency checked periodically against a primary standard. 
The essential difference between primary and secondary standards is not 
necessarily in the degree of frequency stability, which is sometimes the 
same and sometimes quite different, but in the fact that the primary 
standard is directly referred to the period of the earth's rotation. 

Recent developments in microwave spectroscopy have introduced the 
possibility of using spectrum lines as frequency standards. 2 For example, 
ammonia gas has an absorption line at a frequency of 23,870.1 Mc. It 
has been found possible to employ this spectrum line as a reference for 
controlling the frequency of an oscillator by means of an automatic
frequency-control system that operates to keep the frequency of the 
oscillator from departing appreciably from the frequency corresponding 
to the spectrum line. While arrangements of this type have not yet been 

1 A comprehensive survey of the subject of frequency measurements is given by 
J. E. Thwaites and F. J. M. Laver, The Technique of Frequency Measurement, and 
Its Application to Telecommunications, J. lEE, vol. 89, pt. Ill, p. 139, September, 
1942. 

1 For further information see W. V. Smith, J. L. Go-rein de Qucvcdo, R. L. Carter, 
and W. S. Bennett, Frequency Stabilization of Microwave Oscillators by Spectrum 
Lines; J. Applied Phys., vol. 18, p. 1112, December, 1947; J. L. Garcia de Quevedo 
and W. V. Smith, Frequency Stabilization of Microwave Oscillators by Spectrum 
Lines, Il, J. Applied Phys., vol. 19, p. 831, September, 1948; W. D. Hershberger and 
L. E. Norton, Frequency Stabilization with Microwave Spectral Lines, ReA Rev., 
vol. 9, p. 38, March, 1948; F. H. Rockett, Stable Time and Frequency Standard, Elec-
tronics, vol. 22, p.  82, April, 1949. ' 
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fully perfected, they offer' intriguing possibilities as primary frequency 
standards in view of the inherent stability of spectrum lines. 

Primary Standards of Frequency. l Present-day standards of frequency 
are based on a very carefully designed quartz crystal oscillator. Typical 
features include a quartz crystal operating in the range 50 to 100 kc and 

fOOO-cyr;k �/�cfr;c clock 

FIO. 5-1. Sche-
matic diagram 
iIlustratingelec
tric clock oper
a t e d  f r o m  a 
crystal oscilla
tor. 

having a low temperature coefficient of frequency, ther
mostat control of the crystal temperature, an oscillator 
circuit that maintains constant amplitude of oscillations 
at a frequency that is relatively little affected by the 
electrical circuits and the tube associated with the crystal, 
voltage-regulated power supplies, etc. Such a crystal 
oscillator that is well designed and properly opera.ted will 
have a long-time frequency stability of a few parts in a 
hundred million over a period of several months; over 
short periods of time it will generate a frequency that is 
constant to within a few parts in a billion. The extent 
of this precision is indicated by tbe fact that 1 part in 
50,000,000 of the distance across the United States from 
New York to San Francisco is about 3 in. 

A typical arrangement for comparing the frequency of 
a primary standa.rd with the period of rotation of the 
earth is shown schematically in Fig. 5-1. Here the fre
quency of the crystal oscil1ator, shown as 100 kc in this 
instance, is reduced by a chain of frequency dividers to 
1000 cycles that is employed to operate an electric clock. 

This clock is so designed that it will keep correct time when supplied with 
exactly 1000 cycles; the correctness of the frequency of the primary 
standard is then obtained by comparing the time indicated by this clock 
with observatory time as made available by wire transmission or radio 
time signals. The primary standard must be provided with very accu
rate means for making this comparison, since 0.01 sec in one day repre
sents slightly more than 1 part in 10,000,000, and is somewhat greater 

I An excellent summary of the many techniques made use of in primary frequency 
standards is given by W. A. Marrison, The Evolution of the Quartz Crystal Clock, 
BeU System Tech. J., vol. 27, p. 510, July, 1948; also see C. F. Booth and F. J. M. 
Laver, A Standard of Frequency and Its Application, J. lEE, vol. 93, pt. IIl, p. 223, 
July, 1946; John M. Shauil, Adjustment of High-precision Frequency and Time 
Standards, Proc. IRE, vol. 38, p. 6, January, ]950; C. F. Booth, The Evolution of 
Frequency Control, Proc. lEE, vol. 98, pt. HI, p. I,  January, 1951 ; L. Essen, Frequency 
Standardization, Proc. lEE, vot. 98, pt H., p. 154, April, 1951 ; Humphrey M. Smith, 
The Determination of Time and Frequency, Proc. lEE., vol. 98, pt Il, p. 143, April, 
1951. 

A discussion of considera.tions involved in the crystal oscillator of a primary fre
quency standard is 6.lso given by J. K. Clapp, Bridge-eontrolled Oscillator, Gen. Ran. 
Expt., vol. 18, p. 1 ,  April, 1944, p. 6, May, 1944. 
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than the error in time developed by a good primary standard in a single 
24-hr period. '  

Secondary Standards of Frequency. Secondary frequency standards 
are ordinarily based on carefully designed crystal oscillators.2,3 The 
very best secondary standards of frequency differ from primary standards 
only in the omission of the clock, and associated means for accurately 
comparing the time registered by the clock with observatory time signals. 
'Where the utmost in frequency precision is not required of the secondary 
standard, it is possible. to relax the design in certain respects, as, for 
example, less precise temperature control of the crystal, use of c,rystals 
at frequencies lying outside the optimum range 50 to 100 kc, etc. In any 
case, a properly designed secondary standard of frequency using a crystal 
oscillator can ordinarily be expected to ma-intain its frequency con
stant to within a few parts in a million for long periods of time without 
readjustment. 

Radio Signals as Frequency Standards. Certain classes of radio signals 
are very useful as frequency standards. In particular, the National 
Bureau of Standards conducts a regular schedule of transmissions that 
include continuous operation on several carrier frequencies, and opera
tion for a portion of each day or night on other frequencies as well. The 
carrier frequencies employed are so chosen as to ensure reliable coverage 
of the entire United States at all times. These signals are provided with 

I In large laboratories, which attempt to maintain the very best in primary-standard 
frequencies, it has been found desirable simultaneously to operate two to four primary 
standards, the instantaneous frequencies of which arc continuously intercom pared 
with each other, 8.8 well as periodically being compared against astronomical time 
information. Means have bcen devised whcreby the instantaneous frequencies of two 
such oscillators can be compared with an accuracy of about 1 part in 1010; for further 
information see L. A. Meacham, High-prccision Frequency Comparison, BeU Labs. 
Record, vol. 20, p. 179, March, 1942; H. B. Law, An Instrument for Short-period Fre
quency Comparisons of Great Accuracy, J. lEE, vol. 94, pt. Ill, p. 38, January,1947; 
Marrison, loco cif. ; Booth and Laver, loco at.; L. Hartshorn and L. Esscn, Radio Stand
ards, Proc. lEE, vol. 96, pt. IIl, p. 37, January, 1949 ; J. M. Sbaull and C. M. Kort
man, Compa.ring Outputs from Precision Time Standards, Eledro-nic8, vot. J4, p. 102, 
April, 1951. 

2 When the secondary standard need operate only in thc audio-frequency range, an 
electrically driven tuning fork is sometimes used. By carcful design and temper
ature control, it is possible to obtain a constancy of frequency within a few parts in a 
million in this way; see Marrison, loco cit.; D. W. Dye and L. Essen, The Valve Main
tained Tuning Fork as a Primary Standard of Frequency, Proc. Royal Soc. (London), 
vot. 143, p. 285, 1943; E. Norrman, A Precision Tuning Fork Frequency Standard, 
Proc. IRE, vot. 20, p. 1715, November, 1932. 

J It is not required that the crystal be incorporated in an oscillator. Instead, the 
secondary standard of frequency may make use of a crystal as a fixed-frequency wave
meter having a stable high-Q resonant circuit of low temperature cocfficicnt. Methods 
of utilizing such a wavemeter are described by F. J. M. Laver, Crystal Resonators as 
Frequency Substandards, Proc. lEE, vot. 97, pt. lIT, p. 93, March, 1950. 
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modulations of various types, such as 440 cycles and 4000 cycles, and are 
interrupted precisely on the hour, and at successive 5-min intervals. 
The carrier frequencies, modulation frequencies, and time intervals 
associated with these signals are derived from a primary standard of 
frequency that has an accuracy that is better than 1 part in 50,000,000.'  
The signals as received may, however, at any particular instant have a 
frequency that is somewhat less precise. This arises from the fact that 
when the ionosphere is involved, a shifting in the height of the ionosphere 
will introduce Doppler effects that will cause the received frequency to 
differ from the transmitted frequency. However, the maximum error 
that can be thus introduced is very, very slight; also if the received fre
quency is averaged over an extended time interval, the Doppler effects 
will cancel out and the precision becomes that of the transmitted signal. 

Signals from commercial radio stations, particularly broadcast sta
tions, are often found useful as secondary frequency standards for check
ing heterodyne frequency meters, wavemeters, etc. Broadcast stations 
are particularly good sources of standard frequencies since they are in 
operation nearly continuously, are required to maintain their assigned 
frequency to within 20 cycles, and as a practical matter commonly main
tain their frequencies to within a few parts in a million. Signals of other 
classes ordinarily have somewhat lower frequency stability, but neverthe
less maintain assigned frequencies to a much closer percentage than 
represented by the accuracy of such equipment as heterodyne frequency 
meters. 

5-2. Derivation of Additional Frequencies from a Single-frequency 
Source. A primary or secondary standard of frequency produces oscilla
tions of only a single frequency. In making practical use of such fre
quency standards it is commonly desirable to have available other fre
quencies, both higher and lower, which arc derived from the standard 
frequency and have the same accuracy. 

Additional frequencies can be derived from a given standard frequency 
by means of harmonic and subharmonic generators. One example of 
this is illustrated in Fig. 5-1, where a lOOO-cycle oscillation is derived 
from the lOO-kc standard for the purpose of operating the electric clock. 
A more general example is illustrated in Fig. 5-2. Here by means of a 
chain of subharmonic generators (frequency dividers) , one obtains fre
quencies of 10,000 cycles, 1000 cycles, and 100 cycles ,�hich have the 
same degree of precision as the standard frequency. It is also possible to 
employ harmonic generators to extend the series upward to 1000 kc, and 
even further if desired. 

I Dctails as to thesc signals are summarizcd in the papcr, W\VV Schcdulr.s, Elt:ctronia, vol. 20, p. 87, May, 1947. 
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Frequency division in arrangements such as illustrated in Fig. 5-2, is 
commonly carried out by means of a multivibrator, a regenerative fre
quency divider, or a counter-type frequency divider.l . The regenerative 
and counter types of subharmonic generators are commonly preferred to 
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cluinG clock 

100 f lOO-cycle lOO-cycle 
cycles I muliiyibmlor harmonic ,serte, 
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div'Q'��k !()q{)101(X)(' !es 
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KJOkcf 
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FIG. 5-2. Frequency standa.rd provided with harmonic and subharmonic generators 
for deriving a. large number of frequencies from the original standard frequency. 

the multivibrator, particularly for high ratios, because their behavior is 
less affected by tube aging and changes in electrode voltages. 

The harmonic generators used in arrangements as illustrated in Fig. 5-2 
for extending the frequency chain to frequencies higher than the standard 

1 For further discussion of subharrnonic generators see F. E. Terman, "Radio 
Engineering," 3d ed., p. 594, McGraw-Hill Book Company, Inc., New York, 1947. 
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can be of a variety of types. At fundamental frequencies up to about 1 
Mc, harmonic generation is commonly carried out with the aid of multi
vibrators. However, at frequencies higher than this, tube and circuit 
capacitances cause multivibrators to lose most of their advantages. At 
these hjgher frequencies, Class C harmonic generators are customary; 
they are also sometimes used at lower frequencies where a multi vibrator 
would be a satisfactory alternative. MUltiplications ranging from two 
to five per stage are practical in Class C arrangements. The highest 
frequency that can be generated is determined by the upper frequency 
limit of the triode amplifier; thus with close-spaced triodes it is possible 
to extend the chain of frequencies in Fig. 5-2 to about 3000 Mc.' 

Eacb frequency made available by the frequency chain can be used to 
generate a harmonic series as shown in Fig. 5-2, thus further increasing 
the number of frequencies available for measuring purposes. When the 
fundamental frequency is of the order of a megacycle or less, the multi
vibrator is customarily used to generate such a harmonic series. The 
irregularly shaped waves of the multivibrator are very rich in high-order 
harmonics, particularly when the multi vibrator is designed as a wide-band 
amplifier so that rounding of the corners of the multi-.:ibrator wave form 
will be minimized. The effectiveness of the multi vibrator in generating a 
harmonic series is indicated by the fact that with a fundamental frequency 
of 100 kc or leas, it is commonly poasible to detect the presence of all 
harmonics up to approximately the thousandth harmonic using a sensi
tive radio receiver. 

At fundamental frequencies appreciably above 1 Mc, the most satis
factory means of generating a harmonic series is a silicon (or germanium) 
crystal rectifier. Harmonics up to about the fiftieth can be generated 
in this way in amounts that can be detected by a sensitive radio receiver. 
Thus starting with 500 Mc, a crystal harmonic generator will produce a 
harmonic series based on a fundamental frequency of 500 Mc, and extend
ing to about 25,000 Mc.' 

I At the higher frequencies a. klystron frcquency multiplicr is an alternative possi
bility. Multiplication of frequencies by ratios of 5 :  1 or 10: I is readily possible with 
a single klystron tube designed to operate as a. frequency multiplier. Sec D. L. Web
ster, The Theory of KJystron OscilJations, J. Applied Phys., voJ. 10, p. 8G4, December, 
1939; A. E. Harrison, " Klystron Tubes," Chap. 5, McGraw-HiIl Book Company, 
Inc., New York, 1947, " Kiystrons and Microwave Triodes" (Vo!. 7, Radiation 
Laboratory Series), pp. 285-294, McGraw-Hill Book Company, Inc., New York, 1948. 

2 The extension of the frequency-multiplier chain and harmonic-generator system 
associated with a frequency standard to cover the microwave region is discussed in 
further detail in "Techniquc of Microwave Measurements" (Vol. 1 1 ,  Radiation 
Laboratory Series), pp. 343-375, McGraw-HiU Book Company, Inc., New York, 
1947; also see B. F. Husten and Harold Lyons, Microwave Frequency Standards, 
Elec. Eng., vol. 67, p. 436, May, 1 948, llnd Trans. AIEE, voJ. 67, p. 32J, 1948i Richard 
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The variety of frequencies available from a system such as indicated 
in Fig. 5-2 may be still further increased by modulating the output of one 
of the lower frequency harmonic series upon a higher frequency harmonic 
series. For example, if the distorted WOO-cycle output wave is modu
lated upon the lOO-kc harmonic series by means of a pentagrid mixer or 
other equivalent arrangement, then each frequency component (100 kc, 
200 kc, etc.) of the l00-kc series possesses sidebands spaced at WOO-cycle 
intervals on either side of this component. In this way one obtains 99 
and 101 kc, 98 and 102 kc, etc., also 199 and 201 kc, 198 and 202 kc, etc. 

6-3. Wavemeters. A wavemeter is an adjustable resonant circuit 
provided with a calibration that gives the resonant frequency in terms 
of the setting of the tuning adjustment. Wavemeters are used to meas
ure frequency when the higher accuracy of a primary or secondary stand
ard is not required, and where simplicity and portability are important. 
A wavemeter may employ any type of resonant circuit that is convenient 
for the frequency range to be covered : thus resonant circuits based on 
lumped constants, including butterfly circuits, coaxial two-wire lines, and 
cavities, all find use in wavemeter applications. 

Wavemeters may be utilized as absorption, reaction, or transmission 
devices. In the absorption arrangement, the wavemeter is equipped 
with means for indicating the current induced in it. The wavemeter is 
then loosely coupled to the oscillation whose frequency is to be deter
mined, and is adjusted for maximum response. In the reaction method, 
the adjustment of the wavemeter corresponding to the frequency being 
measured is determined from the reaction produced by the wavemeter 
upon the system being investigated i for example, the resonant frequency 
of a low-power oscillator may be readily measured by taking advan
tage of the fact that when a wavemeter is loosely coupled to the tank 
circuit of the oscillator, the d-c grid current will drop abruptly when the 
coupled wavemeter is tuned through resonance with the frequency being 
generated by the oscillator. In the transmission type of wavemeter, 
the wavemeter is used as a coupling device in a system that transmits 
power from a generator to a load or indicator. Such a system is so 
proportioned that appreciable transmission of energy to the load occurs 
only when the wavemeter is tuned to the frequency of the energy 
involved; transmission wavemeters find considerable use at microwave 
frequencies. 

The accuracy with which frequency may be determined by a wave
meter is limited by the fact that a resonance curve is flat on top. As a 
result, in the immediate vicinity of resonance the reaction of the wave-

G. Talpey and H. Goldberg, A Microwave Frequency Standard, Proc. IRE, vol. 35, 
p. 965, September, 1947. 
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meter is insensitive to the exact wavemeter setting. This difficulty can 
be partially overcome by using the two sides of the resonance curve; thus 
the wavemeter setting corresponding to resonance is almost precisely the 
average between the two settings corresponding to the same reduction 
in response on either side of resonance, such as 50 per cent response points 
on either side of resonance. In any case, the accuracy with which one may 
determine the desired frequency by means of a wavemeter is greater the higher 
the Q of the resonant circuit. This arises from the fact that the sharpness 
of the resonance curve is directly proportional to the circuit Q. In 
general, the accuracy with which one can determine frequency is less 
than the accuracy with which the dial setting may be read. 

The extent to which a wavemeter maintains its calibration over a 
period of time is determined by the temperature coefficient and aging of 
the resonant system. Thus good mechanical design is important, and 
considerable benefit results from using a resonant system that has a low 
temperature coefficient. Also, if the wavemeter behaves cyclically with 
temperature variation, it is possible to include a temperature correction 
in the calibration. 

When accuracy is important, the coupling between the resonant circuit 
of the wavemeter and other circuits must be very small. Otherwise 
coupled reactance effects will modify the relation between frequency and 
wavemeter calibration ; this is true for transmission as well as absorption 
and reaction arrangements. 

Wavemeters with Lumped Circuit Elements. Wavemeters can be con
structed with lumped circuit elements up to about 1200 Mc. Such 
arrangements are normally employed either as absorption or as reaction 
devices. The response of the wavemeter is commonly indicated by a 
crystal detector that is loosely coupled to the resonant circuit and asso
ciated with a microammeter that indicates the rectified current. Alter
native indicators that are sometimes used include an incandescent lamp 
connected in series with the resonant circuit, a thermocouple in series 
with the circuit, or a diode vacuum-tube voltmeter connected across the 
circuit. The indicating system must be so designed that it does not 
seriously lower the Q of the resonant system. 

Arrangements employing a fixed inductance and variable capacitance 
are suitable for use from the lowest radio frequencies up to about 100 Mc; 
this entire range can be covered by a single variable condenser provided 
with a suitable set of plug-in coils. A convenient way to associate a 
crystal detector indicator with such a wavemeter is illustrated in Fig. 5-3, 
in which the coupling between the crystal and the resonant circuit is 
made small by making capacitance C, small and C, large. 

In the frequency range above 100 Mc the butterfly is the most nearly 
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ideal form of resonant circuit having lumped constants, l  The frequency 
range covered by an individual resonant circuit of this type can be made 
as great as 5 :  1 by appropriate design. 

Cl c1« Cz 
MicrOfU11lT1ef.;r r-r--'l/ c, 

Crrslnl 
FIG. 5-3. Tuned-eircuit type of wavemetcr showing plug-in coil a.nd means for 
coupling a crystal indicator to the resonant circuit. 

A variation of the inductance-capacitance wavemeter that is useful at 
very high frequencies consists in varying both the coil and condenser 
simultaneously, as shown in Fig. 5-4.2 This increases the frequency 
range that can be covered with a single coil and condenser combination, 
and is particularly useful at fre
quencies on the order of 50 to 
400 Mc. 

Tbe accuracy obtainabJe with 
wavemeters using tuned circuits 
composed of lumped elements 
depends upon the circuit Q and 
upon details of construction. In 
general, accuracies of the order 
of 1 per cent or better are readily 
obtained, but it is quite difficult 
to make the accuracy as great as 
0.1 per cent. 

The law of frequency variation 

Conht} arm ,,!lathed 10 &omIenser 
"'/or 

One-!urn 
coil 

Vtmdb/e 
condenser 

FIO. 5-4. Wavemeter for use at ultra-high 
frequencies, in which both the circuit 
inductance and capa.citance arc varied 
simultaneously. 

with angular rotation of the variable condenser depends upon the shape of 
the plates of the variable condenser, and upon the distributed capacitance 
of the associated coil. By careful attention to details it is possible to 
obtain a uniform scale in which the frequency is linearly proportional 

1 Wavemet.ers using butterfly resonant circuits arc described by E. Karplus, A 
Wavemeter for 240 to 1200 Megacycles, Gen. Rad. Expt., vol. 20, October, 1945; n. G. 
Hibberd, An Absorption Wavemeter for 250-800 Me/s, J. lEE (RalUolccaI.ion Conll.),  
vol. 93, pt. ilIA, p.  1303, March-May, 1946. 

I E. Karplus, Direct-reading Wavemeter for tntra-high Frequencies, Gen. Rad. 

Expt., vol. 15, p. I, August, 1940. 
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to the angle of rotation; when this is done interpolation becomes very 
easy,! 

Frequency Measurements Using Resonant Lines. At very high fre
quencies the wavelength may be determined directly by measurements 
made of the standing-wave pattern on a resonant transmission system. 
Either two-wire or coaxial lines may he employed.2 

The fundamental idea is illustrated in Fig. 5-5 as applied to a two-wire 
line, although a slotted coaxial line could be used instead. Here the line 
is coupled at one end to a source 'of power whose frequency is to be meas
ureu, and IS /Short-circuited at the other end by a movable bridge ill :seI"ie:s 

Transm/ssion I;m! 
(orlecher wires) -', 

with which is a sensitive thermocouple instrument. As the position of 
the short-circuiting bridge is varied, a series of sharply defined positions 
will he found for which the transmission line is of the proper length to 
give resonance, as indicated by a large current through the thermocouple 
instrument. 3 A modification of this technique consists in observing the 
distance between adjacent minima of the standing-wave pattern on the 
measuring line (see Sec. 4-7). In either case, the theory of transmission 
lines shows that the distance ill between successive maxima or minima 
is exactly a half wavelength. On the assumption of air dielectric, the 
frequency in cycles is hence' 

1 A discussion of the problems involved in obtaining such a linear scale when plug-in 
coils are used is given by W. 11. F. Griffiths, Direct Reading of the Frequency of 
Resonant Circuits, Wireless Eng., vol. 20, p. 254, November, 1943. 

2 A two-wire resonant line used for the measurement of frequency is commonly 
called a Lecher wire . 

• In making measurements of frequency in this way it is sometimes found that the 
expected sharp maximum of current is replaced by a broad maximum or even a double
humped maximum. This behavior results from coupling between the parts of the 
transmission line on the two sides of the short-circuiting bridge, and can be avoided 
by terminating the unused portion of the line by its characteristic impedance, by 
associating a shield of considerable diameter with the movable bridge, or by placing 
additional short circuits across the unused portion of the wires in order to prevent 
resonance in them. See Eijiro Takagishi, On a Double Hump Phenomenon of Cur
rent through a Bridge across Parallel Lines, Proc. IRE, vol. 18, p. 513, March, 1930. 

4 Theoretically a slight correction should be made in Eq. (5-1) to take into account 
the effect of losses in the line. However, as a practical matter this correction is ordi� 
narily smaller than the inaccuracy inherent in the measurement; for further details 
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where �l is in meters. It will be noted that the frequency determined in 
this way is referred to a measurement of length. It is thus not necessary 
to calibrate a Lecher wire against a frequency standard; also end effects 
cancel out since ill is the change in length, or is the observed distance 
between Rqjacent minima of the standing wave pattern. In any case, 
however, Eq. (5-1 ) is true only if the line ha.s no solid dielectric what
soever in the length �l. 

Lecher wire arrangements are particularly suitable for wavelengths 
ranging from a few meters to a fraction of a meter. Since resonant 

loops 

Central conduclor 

�I�"""""'" ��E:::::����C;O�nd;U�C;.�� I � of cooxiaf/im: I.-ffj.i'c�.:"le,w!f,'--I plunger 
of line 

FIG. 5-6. Coaxial wavemeter, showing input and output coupling loops and movable 
plunger for adjusting the cavity length. 

lines have a relatively high Q, the accuracy is quite good, and may reach 
0.1 per cent if care is employed. The chief disadvantage of the arrange
ment is the large amount of space occupied by the resonant line, and the 
rather inconvenient nature of the manipUlations required to make a 
determination of frequency. I 

Resonant Coaxial Lines. A coaxial line such as illustrated in Fig. 5-6 
and operating as a resonant system can be used to measure frequency in 
the range 600 to 10,000 Mc.' At lower frequencies the cavity becomes 
excessively long; at higher frequencies the dimensions become imprac
tically small. The arrangement illustrated is said to be of tbe trans
mission type; it has two coupling loops, one for feeding power into the line 

see August Hund, Correction Factor for the Parallel Wire System Used in Absolute 
Radio Frequency Standardization, PrO(;. IllE, vol. 12, p. 817, December, 1924. 

I For further discussion of Lecher wire arrangements, see F. W. Dunmore and F. H. 
Engels, A Method of Measuring Very Short Radio Wa.ve Lengths and Their Use in 
Frequency Standardiza.tion, Proc. IRE, vol. 11, p. 467, October, H)23. 

t More information on coaxial wavemeters is found in "Technique of Microwave 
Measurements," op. cit., pp. 320--322. 
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through a coaxial cable, and one for coupling a crystal rectifier indicator 
to the oscillations in the cavity. Alternatively, the coaxial wavemeter 
may be used as a reaction device (see page 199), in which case the second 
coupling loop is omitted. 'Tuning is accomplished by varying the posi
tion of the short-circuiting plunger, using a lead screw. Provision is 
made for accurately measuring the resulting displacement of the plunger. 

At the shorter wavelengths, where the total line length available is one 
wavelength or more, frequency can be measured by determining the 
displacement i!.l between adjacent maxima, using Eq. (5-1). At lower 
frequencies, the coaxial line is ordinarily adjusted to be exactly a half 
wEwelength long. In this case, it is necessary to make a calibration of 
frequency as a function of line length, since end effects cause the physical 
length required for half-wavelength resonance to differ slightly from a 
half wavelength in free space. The accuracy of coaxial wavemeters 
can be quite high, values of 0.05 per cent being obtainable provided 
backlash is eliminated by tuning to the successive resonances in the same 
direction. This high accuracy is a result of the fact that the Q of a coaxial 
resonator is very high. 1 

6-4. Cavity Wavemeters.2 Resonant cavities find extensive use as 
wavemeters at microwave frequencies. They have the advantages of 
high accuracy, mechanical simpHcity, and a physical size large in propor
tion to the wavelength being measured. Practical cavity wavemcters 
are always in the form of cylinders which are tunable either by means 
of a piston that varies the length of the cavity as in Fig. 5-7a, or by means 
of a plunger which projects into the cavity, as in Fig. 5-7b and c. 

Mode Considerations and Tuning Arrangements. In making use of a 
cylindrical cavity to measure frequency it is necessary to take into 
account the fact that for any given position of the piston, such a cavity 
has many resonant frequencies as a result of the fact that many field con
figurations or modes are possible. Furthermore, the resonant frequency 
of each mode varies according to a different law with the length of the 
cavity. The resulting situation is illustrated by the " mode chart" of 

1 See F. E. Terman, Resonant Lines in Radio Circuits, Euc. Eng., voL 53, p.  1046, 
July, 1934, or IC Radio Engineering," 3d ed., p.  98, McGraw-HilI Book Company, 
Inc., New York, 1947. 

" For further information of a general character on cavity wavemetcrs, see "Tech
nique of Microwave Measurement," op. cit .• pp. 286--384; L. Essen, The Design, 
Calibration, and Performance of Resonance Wavemeters for Frequencies between 
1,000 and 25,000 Mc/s, J. lEE (Radiolocation CQnv.), vol. 93, pt. ilIA, p. 1413, 
Ma.rch-Ma.y. 1946; E. 1. Green, H. J. Fisher, and J. G. FergusoD, Techniques and 
Facilities for Microwave Radar Testing, Bell Syatem Tech. J., vol. 25, p. 435, July, 
1946; Husten and Lyons, loco cit.j H. R. Allen and C. D. Curling, The Design and Use 
of Resonant Cavity Wavemetcrs for Spectrum Measurements of Pulsed Transmitters 
at Wavelengths near 10 Cm, J. lEE, voL 95, pt. Ill, p.  473, November, 1948. 
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1.<1g. 5-8, and is seen to be very complicated.1,2 The existence of various 
modes limits the tuning range that is possible without introducing 
ambiguities such as resonance at the same frequency occurring with two 
different cavity lengths within the tuning range. 

Practical wavemeters of the simple cylindrical type shown in Fig. 5-7a 
normally use either the 1'Elll or the 1'EOH mode (see Fig. 5-9). The 

Cavily 

Plunger 

Micrometer 
mechanism 
fordlSplacinq 
plunger and 

indir;a.tmtj if ..... 
po.stl;.Jn 

(QI SJmple cylindrical CQVJty tb) CQvity I'.'ri"h plungcr }unir:] 

b 

(cl H�brid cavity with plunger tuning 

1..-,.,;",.,,, .. 1,, n;echtJnI:�m 
for di,splacintj p/unyer 
find /nd/catinq 
ils positIon 

FIG. 5-7. Various forms of cavity wavemctcrs. 

TE 111 mode is often preferred because it has the lowest resonant frequency 
that it is possible to obtain for a given diameter. Thus mode troubles 
are minimized by employing this mode, particular1y if the cavity is so 
arranged that the 1'M modes are not excited. The 1'EOH mode has the 
advantage that for a given frequency it has a Q about twice that of the 
TElll mode. 

1 An extensive discussion of cavity properties, including suppression of undesired 
modes and also further details of the mode chart, is given by 1. G. Wilson, C. w. 
Schramm, and J. P. Kinzer, High Q Resonant Cavities for Microwave Testing, Bell 
System Tech. J., vol. 25, p. 408, July, 1946; sec "Technique of Microwave Measure
ments," op. cit., pp. 293-308. 

2 The notation for designating cavity modes can be explained as follows: All cavity 
modes in a cylinder can be divided into two types in which either all electric flux lines 
or all the magnetic flux lines are transverse to the axis of the cylinder; these are desig
nated, respectively, as TE and TM modes. Subscripts t, m, and n are then used to 
denote, respectively, the number of wavelengths in the configuration of this trans· 
verse field around any concentric circle, the number of wavelengths in the field con
figuration across a diameter, and the number of half wavelengths along the length of 
the cylinder. Some typical field configurations are shown in Fig. 5-9. 
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The tuning piston is ordinarily arranged so that it does not touch the 
side walls of the cylinder. With the TEoll mode, no current flows from 
the walls to the ends of the cylinder, so that a relatively large gap can be 
allowed to exist. With the TElll mode a noncontact piston can also be 
employed, but since a considerable current must flow from the sides to 
the ends, the gal? must be so proportioned that it offers a low impedance 
to current in the frequency range covered hy the wavemeter (choke-type 
gap). Any current that flows across the gap impedance tends to excite 
oscillations in the space behind the piston. Parasite resonances' in this 

3 

-- --
-- --"'D)'l I ......... ... (-�o- 2 I -IT- -:--;::::..�---___ :::� 

// / :..-- -- - -/ -
, - -IOT'I..< _ -

- - --

f = frequency, me . 
0" diameter, in. 
L= /el7gfh. in. 

°O��--�--L-�2---L--+3--��4 
m2 

FIG. 5-8. Mode chart for cylindrical cavity. 

back space affect the calibration and Q, and so must be suppressed; this 
can be readily done by placing polyiron or lossy bakelite on the back of 
the piston to absorb energy and thus give the back space a low Q (see 
Fig. 5-7a). 

Tuning arrangements such as shown in Fig. 5-7b, consisting of a short 
plunger projecting into the cavity, are commonly used where the resonant 
frequency of the wavemeter is to be varied over only a very limited range. 
Such wavemeters commonly employ the T M 010 mode; by proportioning 
the cavity so that the diameter is appreciably greater than the length, it 
is seen from Fig. 5-8 that mode interference is minimized.l By employing 

I Alternatively, the TEolI is sometimes employed. The use of a tuning plunger 
with this mode causes the frequency to vary only slightly with a relatively Ia.rge axi.::.! 
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" tuning plunger of relatively small diameter, the change of resonant 
frequency for a given mechanical displacement is much less than when a 
piston is employed; this is important when fine control of the frequency 
setting is required, and is particularly useful at the higher frequencies. 

A wide tuning range, as for example 3 :  1 ,  can be obtained by making 
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FIG. 5-9. Field configurations for cavity mode..'\ most frequently used in wavemeters. 

displacement of the plunger, which is sometimes an advantage. Because the plunger 
has very little effect on the fields in this mode, the high Q of the T Eott mode is retained; 
also no current flows between the plunger and the associated end wall of the cylinder, 
so that the plunger may be fitted loosely in its hole and, if desired, make no contact at 
all. For further iniormation sce 11 Technique of Microwave Measurements," QP. cit., 
pp. 328, 382. 
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the length of the cylinder much larger than the diameter, and designing 
the plunger so that it can be inserted for nearly the entire length of the 
cavity,1 as in Fig. 5-7c. Such an arrangement is often referred to as a 
hybrid cavity, since in the region be the field configuration corresponds to 
that in a 'Coaxial line, while in the region ab the field configuration is more 
like that of the TM,,, mode. 

In cavities that are tuned by means of a plunger, care must be taken to 
ensure that the joint between the plunger and the end of the cavity 
through which it passes has a low impedance to the flow of current. The 
only exceptions to this are the T Eol,. modes. This low impedance can 
be obtained either by the use of contact fingers, or by gaps of the choke 
type that offer a low impedance to current of the frequencies covered by 
the wavemeter. In the case of the TEo1,. modes the use of a large gap has 
the advantage that the undesired modes are thereby discriminated 
against without adversely affecting the desired mode. 

Coupling to a wavemeter cavity can be accomplished by means of either 
a loop or an orifice. The former is employed when coaxial systems are 
used to excite a cavi·ty or carry power from it, while an orifice is customary 
when dealing with waveguide systems. In either case the coupling 
system must be so arranged as to couple to the desired cavity mode, while 
at the same time minimizing·cimpling to field configuration corresponding 
to other modes. 

Accuracy of Cavity Waveme!er8 and Relation to Coaxialrline Wavemeter8. 
The accuracy with which frequency can be determined using a well-made 
cavity wavemeter is quite high. Precision of the order of 1 part in 1000 
is easy to obtain, and 1 part in 100,000 can be achieved by careful mechan
ical design combined with temperature compensation and correction for 
the moisture content of the atmo::iphere. Thus cavity wavemeters are 
capable of functioning as relatively good secondary frequency standards. 

The high accuracy that can be obtained from cavity wavemeters is 
fundamentally the result of the high Q associated with such resonators. 
Thus a typical cavity operating at 3,000 Mc in the TElll mode will have 
a Q of about 25,000, while values above 8000 are possible at 24,000 Mc. 
Temperature changes may, however, cause the resonant frequency of the 
cavity to vary as much as 1 part in 1000. Hence for maximum accuracy 
it is necessary (1) to operate the cavity at a constant temperature, or (2) 
to design the cavity so that it is compensated against temperature 

I For further discussion of such cavities, including a description of practical exam
ples, see L. Essen, Cavity-resonator Wavemetcrs, Wireless Eng., vol. 23, p. 126, May, 
1946; G. E. Feiker and R. R. Meahl, Direct-reading Wavemeter Design, Eledronics, 

vol. 21, p. 103, March, 1948; L. W. Shawe and C. M. Burrcll, Direct-reading Centi
metre Wavcmcters, J. lEE (Radiolocation Conv.), vol. 93, pt. IIIA, p. l479, March
May, 1946; W. L. Barrow and W. W. Mieher, Natural Oscillations of EI,\ctrical Cavity 
Resonators, Proc. IRE, ·val. 28, p. 184, April, 1940. 
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changes, or (3) to apply an experimentally determined correction for the 
temperature. The water-vapor content of the atmosphere in the cavity 
also affects the frequency through its contribution to the dielectric 
constant of the gas within tpe cavity. 1  This effect can amount to as 
much as several parts in 10,000. Hence if hlghest precision is.required, 
the cavity must be sealed, or alternatively a correction can be applied for 
the effect of a known humidity. For purposes of standardization, cavi� 
ties are sometimes referred to a standard condition corresponding to 
25°C and 60 per cent relative humidity. 

Reactance coupled into the cavity by the coupling loop or orifice will 
affect the resonant frequency obtained. For the cavity wavemeter to 
realize the full accuracy of which it is capable, it is accordingly important 
that the coupled reactance be constant, and preferably small. This 
result is aided by the use of small coupling loops (or orifices) that give 
the equivalent of " loose" coupling to the resonant cavity. In addition, 
it is essential that a matched impedance attenuator introducing 5 to 10 
db be placed in every cable (or guide) connecting to the cavity. Such 
attenuators effectively isolate the cavity from changes in the associated 
circuits, and also tend to make the coupled impedance resistive rather 
than reactive. 

The high precision that is potentially available in cavity wavemeters, 
has led to the development of special techniques for calibrating the 
resonant frequency of wavemeter cavities against a standard frequency, 
and for comparing the resonant frequencies of two cavities. While these 
procedures are too specialized to be discussed in any detail here,2 they 
make it possible to calibrate a cavity with a precision of approximately 
1 part in 100Q, and also make it possible to compare the calibration of one 
cavity against another cavity to about this same accuracy. In compari
son, calibration by determining the condition of maximum response of 
the cavity gives a result that is accurate to about 1 part in lOQ. Since a 
Q of the order of 10,000 or more is obtainable, these techniques for com
paring and calibrating cavities possess a resolving power somewhat 
greater than the accuracy with which the best cavity is able to maintain 
its calibration unchanged over a substantial period of time. 

1 This situation is summarized in "Technique of l\iicrowave Measurements," op. 
cit., pp. 390--392. 

S For information on these procedures, see "Technique of Microwave Measure
ments," op. cit., pp. 392-407; F. J. GafTney, Microwave Measurements and Test 
Equipments, Proc. TRE (Waves & Electrons), vol. 34, p. 775, October, 1946; Loyd E. 
Hunt, A Method for Calibrating Microwave Wavemeters, Proc. IRE, vol. 35, p. 979, 
September, 1947; R. L. Sproull and E. G. Linder, Resonant Cavity Measurements, 
Proc. IRE, vol. 34, p. 305, May, 1946. This last paper is particularly recommended 
because of the simplicity of the method it describes, which is briefly summarized in 
Sec. 4-15. 
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Both cavity and coaxial wavemeters find extensive use for meas:uring 
frequency in the microwave range. Cavity wavemeters have the 
advantage of considerably higher accuracy, a result in part due to the 
higher Q, and in part due to the fact that cavities are mechanically 
simpler than coaxial lines and therefore can be made more stable from a 
mechanical point of view. At the same time the cavity has the dis
advantage of much greater susceptibility to ambiguity from higher order 
modes. As a result, coaxial w8.vemeters, and also coaxial slotted-line 
arrangements, have a definite field of usefulness, included in which is 
checking the more precise cavity wavemeters to detect mode errors. 

6-6. Heterodyne Frequency Meters. A heterodyne frequency meter 
is an oscillator in which the tuning control is calibrated in terms of fre-
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FIG. 5-10. Schematic diagram of a heterodyne frequency meter. 

quency, and which is intended to be of service in connection with fre
quency measurements. Heterodyne frequency meters are employed for 
such purposes as producing known frequencies, measuring an unknown 
frequency by comparison with the controllable and known frequency of 
the heterodyne frequency meter, and for interpolation between known 
fixed frequencies. 

The basis of a heterodyne meter is a stable and tunable oscillator. The 
details will depend upon the frequency range to be covered, and moreover 
can be varied greatly according to the personal preferences of the designer; 
a typical example is shown in Fig. 5-10. It is desirable that the oscillator 
have a low temperature coefficient of frequency, and that its frequency be 
insensitive to changes in supply voltage, and to variations in tube charac
teristics such as those which result from normal aging or from tube 
replacements. Good mechanical construction is also �esirable. The 
oscillator of the heterodyne frequency meter must be isolated by a b>lffer 
tube or suitable circuit arrangements so that its frequency is not affected 
by either the energy or the impedance of the circuits into which the fre
quency meter is connected when making measurements. When a hetero-
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dyne .frequency meter is to be used for interpolation purposes, it is desir
able that the frequency be linearly proportional to the angle of rotation of 
the tuning dial to a high degree of precision. 

Heterodyne frequency meters are commonly provided with a detector, 
audio amplifier, and headphones. Energy from the oscillator is supplied 
to the detector by internal coupling, and in addition provision is made 
whereby energy from an external source may be superimposed upon the 
detector input. The frequency of the heterodyne meter can then be made 
the same as the unknown frequency by adjusting so that the difference (or 
" beat ") frequency between the two oscillations as observed on the head
phones is reduced to zero} Alternatively, harmonics of the oscillator in 
the heterodyne frequency meter may also be adjusted to zero beat with 
the unknown frequency, thus extending the range of the heterodyne 
meter. Such harmonic action is aided by the fact that if a relatively large 
voltage from the heterodyne meter is applied to the detector, harmonics 
are generated in the detector in addition to the harmonics already con
tained in the output of the oscillator itself. Similarly, when the ampli
tude of the unknown frequency is relatively large, harmonics of its fre
quency are generated in the detector, and the fundamental frequency of 
the heterodyne oscillator can then be adjusted to zero beat with these 
harmonics of the unknown. In this way it is possible to extend the useful 
range of the heterodyne frequency meter oonsiderably below, and con� 
siderable above, the actual range of frequencies generated by the instru
ment; harmonic ratios as great as fifteen can be usefully employed in 
this manner. 

Heterodyne frequency meters are sometimes provided with a crystal
oscillator calibrator. This is a simple but well-designed crystal oscillator 
utilizing a low�temperature�coefficient crystal to ensure good frequency 
stability. The crystal oscillator produces a known frequency (and 
harmonics thereof) which can be use4 to check one or more points on the 
frequency calibration of the heterodyne meter with the aid of the detector 
and audio amplifier. 

The accuracy of the frequency indicated by a heterodyne frequency 

I The accuracy with which the exact zero-beat condition can be determined in this 
way is limited by the fact that very Iow difference frequencies are below audibility, 
and 80 cannot be heard in the head phones. The zero-beat adjustment can be made 
very preciscly, howcver, by supcrimposing upon the unknown frequency an additional 
oscillation differing by about 1000 cycles from the frequency of the heterodyne meter. 
Whcn this is done, a very low-frequency beat note such as a few cyclcs per second, 
causes a flutter in the amplitude of the lOOO-eyele note; the frequency of this flutter 
is the beat frequency produced by the interaction of the heterodyne oscillator and the 
unknown frequency in the detector. 

An alternative way to determinc when two frequencies are in precise bn.rmonit" 
rela.tion is with the aid of a. cathode-ray tube, as discussed in Sec. 5-4. 
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meter is ordinarily greater than the accuracy of the corresponding 
lumped-circuit wavemeter. This is because an oscillator generates a 
definite frequency for any particular setting of its resonant tank circuit, 
while in the case" of a wavemeter using the same resonant circuit there is 
an uncertainty as to exactly what setting corresponds to resonance in view 
of the fiat-top character of the resonance curve. By careful design, the 
short-time frequency stability of a heterodyne frequency meter can be 
made very high, often a few parts in a million for periods of a few minutes 
to an hour. The long-time frequency stability is of course much poorer, 
as it is affected by aging of the circuits and tubes. It is, however, a rela
ti vely simple matter to obtain a long-time frequency precision of approxi-

FIG. 5-11. Block diagram of interpolation oscillator having unusually great frequency 
stability. 

mately 1 part in 1000. Where a crystal calibrator is included, the fre
quency calibration can be considered as dependable to somewhat better 
than 100 parts in 1,000,000 over indefinitely long periods of time. 

An interpolation oscillator system having unusually great frequency 
stability for both short and long periods of time can be obtained by the 
expedient illustrated schematically in Fig. 5-11 . '  Here the output fre
quency consists of the upper side band obtained by modulating the out
put of a crystal oscillator by the output of a tunable oscillator adjustable 
over the required range of frequencies. By arranging so that the tunable 
oscillator operates at a much lower frequency than does the crystal oscil
lator, the stability of the output frequency tends to approach the stability 
of the crystal oscillator, so is much greater than that of the usual tunable 
oscillator. Multivibrators can be used as frequency dividers and har
monic generators, as they will remain controlled over the 1 per cent varia
tion in frequency shown in Fig. 5-11. For such a 1 per cent variation, 
continuous coverage is obtained for frequencies exceeding the 100th 
harmonic of the fundamental frequency of the lowest harmonic sequence. 
Thus in Fig. 5-11 continuous interpolation is possible above 10 Mc ; if a 
lO-kc multi vibrator were added to the system, the interpolation would be 
continuous above 1 Mc. 

1 Such an arrangement is discussed further by J. K. Clapp, Frequency Measure
ment by Sliding Harmonics, Proc. IRb', vol. 36, p. 1285, October, 19-18. 
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6-6. Comparison of Frequencies by Interpolation Methods.' While 
a wavemeter or a heterodyne oscillator will give an approximate deter
mination of an unknown frequency, a precise measurement requires the 
use of a frequency standard such as illustrated in Fig. 5-2. Since such a 
standard develops a series of fixed frequencies, the measuring problem 
becomes that of comparing the unknown frequency with known fre·, 
quencies that are slightly different. This situation is illustrated schemat
ieally in Fig. 5-12, where 1z is the unknown frequency, ni, is the nth 
harmonic of a harmonic series obtained from the standard and having a 
fundamental frequency I. (as for example 10 kc), while (n + 1)/. represents 
the next higher harmonic in this series. There are two principal methods 
of carrying out this comparison, (1) direct interpolation between the two 
nearest known frequencies, and (2) direct measurement of the difference 
between the unknown and a not greatly different known frequency. 

Direct interpolation in a situation such as illustrated in Fig. 5-12 can 
be carried out with the aid of a heterodyne frequency meter. The pro
cedure consists in successively adjusting the heterodyne frequency meter 
so that its frequency equals (or is a harmonic or a subharmonic of) the 
frequencies nj" jZl and (n + 1)j,. From these three scale readings, one 
can determine the frequency jz by interpolation between the adjacent 
known frequencies. The accuracy of the resulting interpolation is 
greater the more nearly linear the relation between frequency and dial 
setting of the heterodyne frequency meter, the smaller the ratio of the 
interval I. in Fig. 5-12 to the unknown frequency I., and the more open 
the scale of the interpolation oscillator (i.e., the smaller the number of 
cycles per division). Also unless I. is an appreciable fraction of the total 
tuning range of the interpolation oscillator, the interpolation loses 
accuracy. The absolute accuracy of the frequency calibration of the 
heterodyne frequency meter does not enter into the results ; the hetero
clyne meter merely need be sufficiently accurate to identify the particular 
harmonics of the standard frequency I. that are adjacent to the unknown 
frequency. That is to say, it is merely necessary that the frequency error 
of the heterodyne frequency meter be less than 1./2. 

Direct measurement of the difference between the unknown frequency 

1 For further details see J. K. Clapp, Continuous Interpolation Methods, Gen. Rad. 
Expt., voI. 18, p. 4, January, 1944, p. 3, February, 1944; Interpolation Methods for 
Use with Harmonic Frequency Standards, Proc. IRE, vo!. 18, p. 1575, September, 
1930. Typical equipment for carrying out the interpolation procedure is described 
by George J. Kent, Production-line Frequency Measurements, Electronia, vo!. 24, 
p. 97, February, 1951. Modified procedures suitable for use when the frequency to 
be determined is the frequency of a radio signal are described by H. A. Taylor and 
E. C. Rundquist, Eled-Tonics, vol. 24, p. 98, March, 1951. 

An interpolation system for microwave frequencies is described by W. F. Brown, 
Accurate Frequency Mcasurement, Wireless Eng., vol. 26, p.  218, July, 1949. 
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and an adjacent known frequency can be carried out in several ways. 
The simplest procedure is simultaneously to impress the three frequencies 
nj" j., and (n + l )j. upon a detector to obtain the difference frequency 
between f� and the nearest known frequency. This will lie in the range 
o to j./2, and is then measured directly. Thus when the fundamental 
frequency f. of the harmonic series is 10 kc, the measurement of the 
difference could be carried out by comparison with an audio-frequency 
oscillator covering the range 0 to 5000 cycles. This difference frequency 
is either added to nj. or subtracted from (n + l )j. to obtain the unknown 
frequency f%) according to which of these two known frequencies is closest 
to the unknown frequency. 

A modificationl of this procedure consists in utilizing the component of 
the detector output representing the difference in frequency between f� 

(n-2II, 
[ I (n-Ilfs nfs fx Fre q u e n c y  

FIO. 5-12. Illustration showing relationship of an unknown frequency f� to the various 
components of a harmonic sequence of a standard frequency f •. 
and the adjacent harmonic that is not closest to fz. This difference fre
quency lies in the range 0.5j. to j., and can be determined by a heterodyne 
frequency meter or by a wave meter covering this frequency range. This 
modified procedure is desirable when f. is large, such as 100 kc or 1 Mc i 
the heterodyne frequency meter is then required to cover the range 50 to 
100 kc, or 500 to 1000 kc, as the case may be, which is quite practical, 
whereas a heterodyne frequency meter to cover the range 0 to 50 kc or 
o to 0.5 Mc would be quite impractical. For a range such as 500 to 1000 
kc, a calibrated broadcast receiver may be used as an interpolation device 
instead of a heterodyne frequency meter. 

When the difference between the unknown and nearest known fre
quency is very small, a difficulty arises in all interpolation methods in 
determining whether the unknown frequency is higher or lower than the 
nearest known frequency. An analogous difficulty arises when the 
unknown frequency lies almost exactly midway between the adjacent 
standard frequencies. Several means can be used to resolve the potential 
ambiguity that may arise under such circumstances. One possibility is 

I Still another modification is to employ several successive heterodynings between 
the unknown and known frequencies to reduce the order of magnitude of the differ
ence to a small residual that can be measured to a small fraction of a cycle. This 
method requires a rather elaborate equipment, however, and so is not extensively used. 
It is described by F. A. Polkinghorn and A. A. Roetken, A Device for the Precise 
Measurement of High Frequencies, Proc. IRE, vol. 19, p. 937, July, 1931. 



SEC. 5-71 M E A S U R E M E N T  O F  F R E Q U E N C Y 215 

to explore the situation with a heterodyne frequency meter. The hetero
dyne meter is first set to exactly the unknown frequency with the known 
frequencies turned off. The known frequencies are then turned on, and 
the unknown frequency is turned oft. The frequency of the heterodyne 
meter is next very slowly increased. If the difference frequency pro
duced by the ioteraction of the heterodyne meter and the known fre
quency then increases, the unknown frequency is greater than the nearest 
known frequency. Alternatively, it is possible in some cases to increase 
the standard frequency slightly and note whether the difference between 
the known and unknown frequencies increases or decreases. 

When harmonics are employed in making a frequency comparison, it is 
necessary that the particular harmonics involved be identified with care. 
This is normally done by means of a wavemeter or heterodyne frequency 
meter. However, when very high-order harmonics such as the 451st 
and 452d, for example, are involved, the percentage difference between 
adjacent harmonics is so small that there may sometimes be doubt as to 
just which harmonics are being used. In such circumstances the simplest 
procedure is to provide certain harmonics with a distinguishing feature. 
Thus when the measuring is done with a 10-kc harmonic sequence, one 
can provide an auxiliary lOO-kc multivibrator controlled from the same 
source. By modulating the amplifier of this multivibrator output with a 
distinguishing tone, such as 60 cycles, it is possible to locate every tenth 
harmonic of the 10-kc sequence with certainty, and iotermediate har
monics may then be determined by counting from the nearest harmonic 
so marked. Thus in the case of uncertainty mentioned above, one would 
locate the 45th harmonic of the l00-kc multivibrator, which can be readily 
done without uncertainty. The harmonic in question would then be the 
451st or the 452d depending upon whether it was the first or second har
monic of the 10-kc sequence beyond the harmonic marked with the 60-
cycle distinguishing tone. In an alternative arrangement, the 10-kc 
harmonic series is modulated on the lOO-kc series. This provides a 10-kc 
harmonic series with lOO-kc marker frequencies that are available merely 
by removing the 10-kc modulation. 

6-7. Cathode-ray-tube Methods for Compariog Frequencies.' A 
cathode-ray tube can be used in a number of ways to determine when two 
frequencies are identical (or in harmonic relationship) to each other. For 
such purposes the cathode-ray tube is therefore an alternative to the 
zer�beat method of determining when two frequencies have an exact 
relationship. The use of the cathode-ray tube has the advantage that it 
permits the establishing of a harmonic relationship without the necessity 
of generating the harmonic. It is also possible to employ a cathode-ray 

1 For more information on this subject see F. J. Rasmussen, Frequency Measure
ments with the Cathode-ray Oscillograph, Trans. AIEE, vol. 45, p. 1256, 1926. 
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tube as an indicator in interpolation methods, as explained below in con
nection with Fig. 5-16. 

The· simplest method of using a cathode-ray tube to determine when 
two sine-wave voltages are in harmonic relationship to each other is to 
employ a voltage of one frequency to produce the horizontal deflection 
of the cathode-ray spot, while obtaining the vertical deflection using a 
voltage of the other frequency. When the ratio of the two frequencies 
involved can he expressed by an integer, or by a ratio of integers, the 

o· 45· 90" 135" 
Phase difference 

180' 
FIG. 5-13. Lissajous 6gures for several frequency ratios and va.rious phase differences. 

result is a pattern called a Lissajous figure. The exact configuration of 
the pattern depends upon the frequency ratio and upon the relative 
phase of the two waves, and is shown in Fig. 5-13 for typical cases. When 
the ratio of frequencies is exactly a ratio of integers, the pattern is sta
tionary and the ratio of horizontal to vertical frequency is the number of 
times the side of the figure is tangent to a horizontal line divided by the 
number of times its end is tangent to a vertical line.1 If the frequency 
ratio is nearly but not exactly a ratio of integers, then the pattern weaves 
about as though the relative phase of the two deflecting waves was con-

1 This assumes that. t.he forward and return traces do not coincide (as they do in the 
o and 180° cases in Fig. 5-13). If they do coincide, the rule does not. ho1d. 
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tinuously changing. If the ratio of frequencies differs very much from a 
simple ratio of integers, the pattern is merely a luminous rectangular area. 

Lissajous figures become difficult to interpret when the frequency ratio 
is large, because of complicated patterns. 1 Alternative arrangements 
then become increasingly desirable. One useful alternative for such 
conditions is illustrated in Fig. 5-14a. Here the circuit arrangements are 
such that the lower frequency is used to produce an elliptical or circular 
pattern by the use of a resistance-capacitance phase splitter as shown. 
The electrode controlling the intensity of the beam is biased slightly more 

Hi'gh frequtmcy PlMl$e spllffir 
'---1,,-,}---J 

Low ;reql.lency 
(a) Circuit 

,, - - ........ / , 
I \ � Ratio of FrequencIes . 
, -:: I 
, / 

'- ./ '- - -

(b) PO! tter" 
FIG. 5-14. Diagram showing circuit (or producing a spot-wheel pattern and typical 
pattern. 

negative than cutoff, and the higher frequency voltage is superimposed 
upon this bias. The pattern that results on the face of the cathode-ray 
tube is illustrated in Fig. 5-14b, and consists of a circle of spots in which 
the ratio of the high frequency to the low frequency is equal to the number 
of spots divided by a suitable integer n that is less than the number of 
spots. The pattern is the same for different values of n, so that the 
proper value of this integer must be determined from other information, 
such as prior knowledge of the approximate frequency. 

An alternative for the spot pattern of Fig. 5-14b is the gear-wheel pat
tern in Fig. 5-15. This is obtained by using the low frequency to produce 
an elliptical or circular path as in Fig. 5-14a, but in this case the high
frequency voltage is applied to a radial-deflecting electrode, causing the 
spot to move regularly in and out in accordance with the amplitude and 
polarity of the high-frequency wave applied to the radial deflecting elec
trode. In the resulting wheel pattern, the frequency ratio is equal to the 
number of teeth in the pattern divided by the number of times a radial 

I Very complicated patterns corresponding to high-frequency ratios such as 201: 1 
can be used if proper care is taken; thus see discussion by F. R. Stansel in J. lEE, 
val. 90, pt. HI, p. 73, June, 1943. 



218 E L E C T R O N I C  M E A S U R E M E N T S  {CHAP. 5 

line from center outward intersects the pattern. It will be noted that 
the wheel arrangement avoids the ambiguity in the ratio n that is charac
teristic of the spot pattern. '  

When the two frequencies involved are i n  exact harmonic relationship, 
the spot or wheel pattern will be stationary. However, if the frequencies 
differ slightly from an exact ratio expressible by a ratio of simple integers, 
the wheel or the spots, as the case may be, appears to rotate at a rate that 
becomes greater as the frequency departs increasingly from the simple 
harmonic relationship. The direction of rotation is, moreover, indicative 
as to whether the higher frequency is slightly lower or higher than the 
value corresponding to an exact ratio. 

FIG. 5-15. Examples of gear-wheel patterns. 

With the aid of an interpolation oscillator, a cathode-ray tube can be 
used as an indicator for comparing an unknown frequency with a known 
frequency that is not in harmonic relationship.2 The procedure consists 
in superimposing the interpolation-oscillator output upon the higher fre
quency, and applying the combination to the vertical-deflecting electrodes 
of the cathode-ray tube, while the lower frequency is applied to the hori
zontal-deflecting electrodes. The addition of the tw-o waves of different 
frequencies produces a wave having an envelope that pulsates at the 
diflerence frequency f, - io, wheref, is the higher frequency, and io is the 
frequency of the interpolation oscillator. 3 The interpolation-oscillator 
frequency io is then so adjusted as to satisfy the relationship 

nil � i, - io (5-2) 

where 11 is the lower frequency, and n is an integer representing a har
monic ratio. When Eq. (5-2) is satisfied, one obtains a stationary solid 

I Another form of wheel pattern is described by G. H. Rawcliffe, A New Frequcncy
compa.rison Circuit for the Cathode-ray Tube, J. IEE, vol. 89, pt. Ill, p. 191, Decem
ber, 1942. 

' Further information on thjs topic is given by F. R. Stansel, An Interpolation 
Method for Setting Lnboratory Oscillators, Bell Labs. Record, val. 19, p. 98, Novem
ber, 1940. 

J See F. E. Tennan, " Radio Engineering," 3d cd., p. 527, MeGraw-Hill Book Com
pany, Inc., New York, 1947; "Radio Engineers' Handbook," p. 568, McGraw-Hill 
Book Company, Inc., New York, 1943. 
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pattern on the screen of the cathode-ray tube of the character indicated in 
Fig. 5-16. In this pattern, n is twice the number of pulsations in the 
envelope if the forward and return horizontal sweeps are superimposed, or 
is equal to the total number of pulsations in the envelope counted as the 
sum of the pulsations undergone as the spot travels first forward and then 
backward. If the relationship between the known, unknown, and inter
polation frequencies is such as almost but not quite to satisfy Eq. (5-2), 
then the pulsations in the envelope appear to travel either forward or 
backward at a rate determined by the extent of the inequality. 

When two frequencies that are already known approximately are to be 
brought into an exact relationship with the aid of the cathode-ray tube, 

.... 

•••• 
(a I (b I 

Fro. 5-16. Pa.tterns obtained when using a. cathode-ray tube with an interpolating 
osciUator. The two cases shown differ only in the phase relation of the Yoltages, 
and both are (or 4!a ... Is - /0. 

it is not necessary to identify the details of a. cathode-ray pattern since 
the harmonic ratio is already established. It is merely necessary to make 
a small adjustment of one of the frequencies involved in order to obtain a 
pattern on the cathode-ray tube that is completely stationary. Under 
such conditions it is possible to make use of complex patterns correspond
ing to very much higher harmonic ratios than would be permissible under 
other conditions. For example, in connection with the comparison of 
frequencies by the method illustrated in Fig. 5-16, aasume that an oscil
lator whose frequency calibration is already known to a precision of better 
than 0.1  per cent is to be set to a frequency that is exactly 323,383 cycles, 
using a 1000-cycle frequency standard and an interpolation oscillator that 
covers the range 1 1,000 to 12,000 cycles. In this situation the unknown 
frequency would be set to a nominal value of 323,383 cycles as determined 
by its calibration, while the interpolation oscillator would be set at a fre
quency of 1 1 ,383 cycles. These latter two frequencies would simul
taneously be applied to the vertical electrode, while the lOoo-cycle 
standard frequency would be applied to the horizontal electrode. The 
unknown frequency would then be varied slightly back and forth until a 
stationary pattern was obtained. This would correspond to a difference 
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frequency of 323,383 - 1 1 ,383 � 312,000 representing a value of n in Eq. 
(5-2) of 312. 

A second example would be if the H unknown " oscillator were to have 
its frequency caliLraLion in t.he range 250,000 to 350,000 cycles checked 
against the 1000-cycle standard. This would be done by producing an 
ordinary Lissajous figure, first setting the oscillator at a nominal 250,000 
cycles and then adjusting slightly about this setting until a stationary 
pattern was obtained, indicating a harmonic ratio n of 250. The setting 
would then be increased to nominal value of 351 ,000 cycles and the process 
repeated, etc. If desired, ODe could repeat the process using a 10,000-
cycle standard frequency, thereby double checking every tenth interval, 
and making sure that no 10000cycle points were omitted. It would also 
be possible to calibrate in 500-cycle steps by starting with a 1000-cycle 
standard and using frequency ratios such as 501 :  2, etc., since such ratios 
also produce stationary patterns. When complicated harmonic ratios 
such as this are employed, the Lissajous patterns are correspondingly 
more complicated ; however, with a little experience it is possible for an 
observer to distinguish between cases where m in the harmonic ratio n/m 
has values of 1, 2, 3, etc. 

When high harmonic ratios are employed in comparing frequencies in 
the above manner, it is desirable that the pattern be opened up by 
employing a horizontal-deflecting voltage so great that only a small por
tion of the pattern appears on the cathode-ray screen. fn this way the 
distinguishing features of the pattern can he more easily observed. 

it will be noted that the use of a cathode-ray tube as an indicator per
mits harmonic comparison of frequencies without the necessity of gener
ating harmonics, as required in other methods of frequency comparison. 
At the same time, when a cathode-ray tube is employed, it is necessary to 
have relatively large voltages to compare, especially when one is dealing 
with frequencies so high that the amplifiers normally included in a 
cathode-ray oscilloscope do not give full gain. 

6-8. Frequency Comparison by Counting Systems. The development 
of high-speed counting or scaling systems has made available still another 
means of comparing frequencies, which is coming into increasing use. 
The basic idea is that a scaler is allowed to count cycles of the unknown 
frequency for some predetermined length of time such as 10 msec or 1 sec. 
This time interval is in turn controlled by the known frequency. 

One possible arrangement of this type is shown schematically in Fig. 
5-17a.1 Here the known and unknown frequenciesfl andjz, respectively, 

I A more detailed description of apparatus performing these functions is given by 
R. L. Chase, Measuring a. Varying Frequency, Elecirom'c8, vol. 23, p. 110, March, 
1950; A. S. Bagley, The High-speed Frequency Counter, Hewlett-Packard J., vol. 2, 
p. 1, January, 1951. 
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are passed through pulse-forming circuits PI and P2 that produce one 
positive output pulse per cycle. These pulses are counted by scalers SI 
and S" respectively, except that S, counts only when gate C, is open "nd 
82 only when gate G2 is open. The measuring procedure is as fAllows : 
Scaler S, is first set so that after it has counted a predetermined number 
of cycles N" it sends out a signal that turns off both gates. Operations 
are started by pressing the push button, which opens both gates simul
taneously. The scalers then count until SI reaches a value Nil at which 
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FIG. 5-17. Block diagram of start-stop counter systems (or comparing two frequencies. 

point both gates close. The relation between the unknown frequency J, 
and the known frequency f, is then 

f, = N J", (5-3) N, 
where N, is the count on S, after gate G, closes. It will be noted that· the 
time interval during which gate G2 is open and 82 counts cycles of the 
unknown frequency is N 1/f, seconds. 

The accuracy with which frequencies can be compared in this way is 
determined by the number of cycles of the standard frequency f, that are 
counted on S1. The accuracy is accordingly greater the longer the time 
interval involved (i.e., the larger N,), and the higher the frequency f,. If 
/1 is of the order of 1 to 10 Mc, then comparisons having an accuracy of 
better than 1 part in 1,000,000 can be obtained in 1 sec. 1 

The highest frequency that can be handled in this type of system is 
limited by the speed with which the scalers will operate. The highest 
counting frequency of commercially available scalers is about 10 Mc.2 
which is therefore a practical limit. 

I With time intervals of the order of 1 hr, accuracies of 1 part in 1,000,000,000 are 
readily obtainable. Thus, see Hartshorn and Essen, loco cit. 

, For example, see A. S. Bagley, A 10 Mc Scaler for Nuclear Counting and Fre
quency Measurement, Hewlelt-Packard J., vot. 2, p. 1, October, 1950. 
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The counting method of determining frequency· has the advantage of 
giving precise results almost instantaneously, without ambiguity, and 
with almost no manipulation of apparatus. The method is hence par
ticularly attractive when many frequency comparisons must be made. 

5-9. Frequency Monitors. Frequency monitors are devices for con
tinuously observing and indicating the frequen�y of a radio transmitter 
through comparison with a reference frequency generated by the monitor. 
Such arrangements are used to ensure that radio transmitters are main
taining their assigned frequency within the limits required by govern
ment regulations. While the frequency of modern radio transmitters is 
det ermined by carefully engineered crystal oscillators, nevertheless a 
monitor based on a crystal oscillator designed with no other considera-

From . 8uffIJr 
t"f¥I17itlr!r gmp"-'ier 

Crysktl tMcill"Ior.nt/ 
buffer /.1fmpl/f�r 

Limifing 
(C/ipp/ng) 
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Counhn!1- type 
frequen;y meter M 

FIG. 5-18. Block diagram of frequency monitor for amplitude-modulated waves. 

tion than the highest possible frequency stability, is somewhat more 
dependable. 

Frequency monitors for amplitude-modulated transmitters ordiparily 
are of the type indicated schcmatically in Fig. 5-18, and may be operated 
either as zero-beat or offset devices. I In zero-beat operation, the crystal 
oscillator of the monitor develops a frequency that is either the same or a 
subharmonic of the frequency assigned to the transmitter. By mixing 
the transmitter and the monitor frequencies, one hence obtains a differ
ence or beat frequency which is equal to the error in cycles of the trans
mitter frequency with reference to the standard frequency provided by 
the monitor. Thus when the difference frequency is zero, the transmitter 
frequency is exactly correct, while if the difference is 800 cycles, then the 
transmitter frequency is either greater or less than the reference frequency 
by 800 cycles. Tbe difference frequency produced by the monitor is 
indicated by a frequency meter of the type described in connection with 
Fig. 5-2l. 

The zero-heat method of operating a frequency monitor has many 
advantages when maximum flexibility is required for a wide range of 

I Examples of commercial monitors of these types are described by C. A. eady, A 
Versatile Monitor for Use from 1.6 to 150 Megacycles, Gen. Rad. Expl. ,  vol. 21, p. 1, 
February, 1947; A Frequency Monitor for Television Video Transmitters, Gen. Rad. 
Expt., vo!. 23, p. I, September, 1948; M. Silver, Mon.itor for Television Broadcasting 
Station, Proc. Natl. Electronics Conj.. vot. 3, p. 569, November, 1947. 
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applications. It has the disadvantage, however, that it does not indicate 
directly whether the deviation of the frequency being monitored is " 
result of this frequency being too high or too low; also there is a limited 
region near zero error frequency where the system becomes inoperative 
because the usual frequency meter is not able to respond to extremely low 
frequencies. These disadvantages are overcome by operating the fre
quency monitor as an offset device. Offset operation differs from zero
beat operation in that the frequency of the monitor crystal oscillator is so 
selected that a convenient beat frequency, such as 1000 cycles, is produced 
by the mixing action of the monitor when the transmit.t.er frequency has 
exactly the correct value as compared with the monitor. By arranging 
so that the reference frequency generated by the monitor is less than the 
transmitter frequency, the deviation of the monitor output from 1000 
cycles indicates the error in transmitter frequency j thus if the difference 
frequency is 1000 cycles, the transmitter is opcrating at exactly the cor
rect frequency ,with respect to the monitor as a standard), while if the 
beat frequency is 600 cycles or 1400 cycles, the transmitter frequency is, 
respectively, 400 cycles low or 400 cycles high. The difference fre
quency obtained from the offset arrangement is indicated by a frequency 
meter of the type discussed in connection with Fig. ·5-21, in which the scale 
calibration is so arranged that the preassigned beat frequency correspond
ing to zero error is marked on the scale as zero, while frequencies greater 
and less are marked as cycles high and low with respect to the zer<rerror 
condition. . 

In monitors of the type discussed above, the effect of amplitude modu
lation of the carrier is minimized by so severely clipping the difference
frequency oscillations applied to the frequency meter, that these oscilla
tions ar� converted into square waves that have an amplit�de substantially 
unaffected by the modulation (except, of course, during those very rare 
moments when the modulation reduces the total amplitude actually to 
zero). 

Frequency-modulated signals present a special problem in frequency 
monitoring because here the instantaneous frequency is continually vary
ing, while it is the average frequency that is of interest. This situation 
can be very effectively met by a monitor system of the type illustrated 

·
schematically in Fig. 5-19.1 Here the frequency of the crystal oscillator 
in the monitor is so chosen that by mixing with the transmitter output, 
an intermediate frequency of relatively low value, such as 200 kc, is 

I Such frequency monil()ra are described by N. B. Schrock and D. Packard, A 
Puise-counter Type FM Station Monitor, Proc. Natl. Electronics Con/., vol. 3, p. 630, 
November, 1947; C. A. eady, Type 1170-A F-M Monil()r for Broadcast a.nd Tele
vision Services. Gen. Rad. Expt., vol. 22, p. 1,  October, 1947; M. Silver, Monil()r for 
Frequency-modulation Broadcasting, Elec. Comlnun., vol.. 24, p. 428, December, 1947. 
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obtained. This intermediate frequency possesses the same frequency 
deviation as does the original signal ; thus if the deviation of the signal is 
75 kc, the actual intermediate frequency will vary over the range 125 to 
275 kc. This intermediate frequency is applied to a counter-type fre
quency meter, such as discussed in connection with Fig. 5-21. The out
put current of this counter device varies exactly in proportion to the fre
quency of the applied wave; the current accordingly contains a d-c 
component that is exactly proportional to the average or center frequency, 
while it contains an alternating component varying at audio frequency 
that reproduces with a high degree of precision the frequency modulation 
of the wave. For frequency indication, the cl-c component is separated 
out and applied to a zero-center d-c instrument, after first being com-
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Flo. 5-19. Block diagram of frequency and modulation monitor for frequency
modulated waves. 

bined with a balancing current of such magnitude as to give zero resultant 
amplitude when the average frequency of the transmitter is exactly the 
correct value. The precision of such an arrangement is determined not 
only by the frequency stability of the crystal oscillator of the monitor, 
but also by the balancing voltage. By deriving this balancing voltage 
from the amplitude of the wave applied to the counter system, it is 
possible to obtain a balancing effect that is exactly correct irrespective of 
ordinary changes in amplitude of the incoming signal, or of changes in 
tube constants or supply voltages. High accuracy is further ensured by 
periodically lining up the counter system, using a crystal oscillator of 
intermediate frequency provided as part of the monitor. This is done by 
applying output from such an oscillator to the counter system, and 
adjusting the latter to indicate zero frequency deviation. 

6-10. Measurement of Audio Frequencies. Audio frequencies can 
be measured by comparing the unknown frequency with a known fre
quency, by balancing a bridge of a type in which the conditions of balance 
depend upon frequency, or by some form of cycle-counting device. 

Audio frequencies are somewhat more difficult to measure with high 
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accuracy than are radio frequencies. If a frequency of 100 cycles is to be 
measured with a precision of 1 part in 10,000,000, this is equivalent to one 
cycle error every 28 hr. It thus takes a long time to make an accurate 
determination unless a high harmonic of the audio frequency is compared 
with a radio-frequency standard. The accuracy normally required in 
audio-frequency measurements is, however, much less than the precision 
commonly necessary at radio frequencies. 

Comparison Method of Measuring Audio Frequencies. Standard fre
quencies for use in audio-frequency measurements may be obtained in a 
number of ways. One possibility is by frequency division of the radio
frequency generated by a standard, as illustrated in Fig. 5-2. Elec
trically driven tuning forks repreSient another source of standard audio 
frequencies. I Where known radio frequencies are available, it is always 
possible to adjust a. low-frequency oscillator in a known relation to the 
high frequency by the use of harmonics, etc. 

When one or more known audio frequencies are available, it is possible 
to calibrate completely an audio-frequency oscillator by the usual fre
quency-comparison methods. Thus, if the known frequency is 100 
cycles, one can obtain a calibration point for every harmonic of 100 
cycles either by comparing the known and unknown frequencies directly 
with a cathode-ray tube, as described in Sec. 5-4, or by zero beating har
monics of the standard with the unknown. Other calibration points, 
such as 50 cycles, 150 cycles, 133.3 cycles, etc., can similarly be obtained 
by employing the Lissajous figures corresponding to ratios of 1 : 2, 3 : 2, 
and 4 : 3, respectively. If the standard frequency has a higher value, 
such as 1000-cycles, and a 100 cycle standard would be preferable, one 
can set up an auxiliary oscillator operating at exactly 100 cycles by 
adjustment to the appropriate harmonic relation. Many modifications 
of these harmonic methods are possible, and can be readily worked out 
to fit any particular set of circumstances. 

In adjusting two audio frequencies to exactly the same value, one may 
employ a Lissajous figure, or may combine the outputs in a telephone 
receiver to give aural beats. Alternatively, the two frequencies may be 
simultaneously applied to a vacuum-tube voltmeter, and the resulting 
vibration of the meter pointer used to indicate the difference frequency. 
The particular method preferred in any individual case depends upon 
the circumstances involved, and is purely one of convenience. 

. 

The accurate comparison of an unknown audio frequency with known 
fixed audio frequencies involves special problems. The usual procedure 
is to obtain beats representing the difference between the unknown fre
quency and the nearest available known frequency. The difference fre-

1 See footnote 2, p. 1 95. 
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quency so obtained can then be determined by counting the beats by 
visual or aural methods if the frequency does not exceed a few cycles per 
second, and either by mechanical or by electrical counting for higher fre
quency beats, as discussed below. 

Bridge Method of Measuring Audio Frequencies. An unknown fre
quency can be determined by applying it to a bridge in which the balance 
depends upon frequency, and then calculating the frequency from the 
circuit constants required to give balance. Such arrangements find con
siderable use for measuring audio frequencies. Any type of bridge or 
null network in, which the balance depends upon frequency can be used. 

Unknown frequency hp---o 

Typical examples are the Wien, Hay, 1 
and resonance bridges, and the null 
network of Fig. 3-15b. 

The Wien bridge is particularly 
satisfactory for measuring audio fre
Quencies because it can be brought 
into balance merely by varying resist
ance elements, contains no induct
ances, and can be conveniently pro
portioned to cover a wide frequency 
range. The absence of inductances 

for 
in the bridge arms is important since 

FIG. 5-20. Wien bridge arranged 
the measurement of frequency. 

the large inductances that would be 
required at audio frequencies could readily pick up energy from stray 
fields, and either introduce errors or obscure the balance. 

A Wien bridge arranged for measuring frequency is shown in Fig. 5-20. 
Balance in such a bridge is obtained by simultaneously satisfying the two 
equations. 

and 
C, R. R, 
C, = R. - Rd 

(5-4a) 

(5-4b) 

By making C, = Cd, R, = Rd, and R./R. = 2, the second condition of 
balance is always satisfied, and one has 

f = 1 (5-5) 211"RcCc 

Thus by making Re and Rd identical slide-wire resistances, and mounting 
them on a common shaft, the dial can be calibrated directly in frequency. 

I The use of the Hay bridgc for frequency measuremcnts is discussed in detail by 
Chester I. Soucy and B. de F. Bayly, A Direct Reading Frequcncy Bridge for thc 
Audio Rangc Based on Hay's Bridge Circuit, Proc. IRE, vo\. 17. p. 834, May, 1929. 
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Furthermore, convenient multiplying factors, such as decimal values, can 
be obtained by merely changing the capacitances of the condensers C, and 
Cd by the appropriate amounts. A frequency range of 10 to I can be 
readily covered with a. single condenser value, so that by the use of three 
pairs 01 condensers one can cover the complete audio range from 20 to 
20,000 cycles. In practical construction it is impossible to maintain 
equality between Rc and Rd with the accuracy required to maintain a 
perfect balance, so that the potentiometer P having a total resistance of 
perhaps I to 2 per cent of R. is used to sharpen the balance. This has 
negligible effect upon the frequency calibration. 

An accuracy in the order of � to 1 per cent can be readily obtained in 
frequency bridges. In the frequency range· 300 to 5000 cycles, balance 
can be most easily made by the use of telephone receivers. At fre
quencies outside this range some indicating arrangement, such as an 
amplifier and vacuum-tu be-voltmeter combination, is normally required. 
The principal difficulty involved in making accurate frequency measure
ments by bridge methods arises from harmonics of the frequency being 
measured. The bridge is unbalanced for these harmonics, which are thus 
very prominent in the bridge output even though only a small percentage 
in the bridge input current. When telephone receivers are used in the 
middle audio range, it is usually possible to balance the bridge for the 
fundamental in spite of the presence of harmonics; but when indicating 
instruments are employed, appropriate filters must be placed in the out
put of the neutral arm to prevent spurious voltages from reaching the 
indicating device. 

Measurement of Audio Frequencies by Cycle-counting Methods. One 
method of measuring an audio frequency is to use current of this fre
quency to operate an electric clock. Such a clock is essentially a cycle
counting device, since each minute recorded by the clock requires the 
passage of a definite number of cycles. Clocks can be made for audio fre
quencies up to several thousand cycles. In this connection it is to be 
'noted that many ordinary electric clocks designed for use at 60 cycles will 
operate synchronously over a considerable frequency range, commonly 
from about 30 cycles· to over 100 cycles. 

Very low frequencies can be measured by a simple cycle counter oper
ated from a polarized relay. The number of cycles that occur in a given 
length of time, as indicated by a stop watch, are recorded and the fre
quency calculated from the resulting data. 

When the frequency is too high for the mechanical counting of cycles, 
the procedure is to charge a condenser on one half of each cycle, and then 
to discharge the condenser through a different path during the other half 
of the cycle. By making the voltage to which the condenser is charged 
independent of frequency, the average current flowing into (or out of) the 
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condenser is proportional to the number of charges per. secondJ and hence 
to the frequency. A d-c meter placed in either the charge or the dis
cbarge circuit will accordingly give a. deflection proportional to the num
ber of cycles per second, and so qan be calibrated to reau frequency 
directly. 

A typical circuit arrangementl for ca.rrying out the necessary details is 
illustrated in Fig. 5-21.  Here the wave that is to have its frequency 
measured is passed through a succession of tubes that limit and clip in 

J..----Clippingflimi/ing}----k �unter I-'-�Amp//f/er -----t amp/dieTS ;'��hode dIodes I fOllower C 

r·�!Vl 
Input (sine W(IVf:) 

�iode cl ipper Square WOit1%' 
of volmge here 

rrH. 

FIG. 5-21.  Schematic diagram of counting-type frequency meter. 

such a manner as to develop an output that is a square wave. This 
square wave is then applied to a condenser C in series with a double-diode 
rectifier, in which the two rectifier sections are connected back to back as 
shown. In this wave the current t.hat charges the condenser passes 
through one diode, while the current discharging the condenser passes 
through the other. Thus the charge (or discharge) current can be 
recorded separately by means of a d-c meter 111 as shown. This direct 
current is proportional to the amplitude of the square wave and to the 
number of times the condenser is charged per second (i.e., to the fre
quency of the wave). The amplitude is determined by the final clipping 
and limiting level, and so may be made constant by using a regulated 
powcr supply. The indication of the d-c instrument then becomes 

1 For further discussion of details see H. H. Scott, The Constant Waveform Fre
Quency Meter, Gen. Rod. Expt., vol. 20, February, 1946. An earlier frequency meter 
of this type used an electronic switching arrangement employing thyratrons in plaee 
of the square-wave generator and double-diode arrangement; thus see Frederick V. 
Hunt, A Direct-reading Frequency Meter Suitable for High Speed Record::J.g, Rev. 
Sci. Instrument8, vol. 6, p. 43, February, 1935. The use of gas tubes h&..S the disad
vantage, however, that the life of such tubes is less the higher the frequency. and 
becomes excessively short at the higher audio and at the low radio frequencies. 

For frequencies up to several hundred cycles one can employ a polarized relay as 
a mechanical switch, that on alternate half cycles connects the condenser to a battery, 
and then discharges it through a resistance, respectively. For details see N. P."Case, 
A Precise and Rapid Method of Measuring Frcquencies from Five to Five Hundred 
Cycles per Second, Proc. IRE, vol. 18, p. 1586, September, 1930. 
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dependent only upon frequency, and the meter M can be calibrated 
accordingly. In a frequency meter of this type the frequency cor
responding to full-scale deflection of the indicating instrument is deter
mined by the sensitivity of the meter M and the size of the condenser C 
in Fig. 5-21. By changing the meter shunt and/or the capacitance of this 
condenser, full-scale deflection can be made to correspond to different 
values of frequency. The maximum frequency range that can be 
obtained with this type of arrangement is limited only by the maximum 
frequency at which a square wave may be generated, and so when 
desired can be made much higher than the highest audible frequency. 
Accuracies on the order of + 2 per cent are readily obtained if the supply 
voltage is closely regulated. With special care it would be theoretically 
possible to improve this accuracy very considerably. 

Comparison of an Audio Frequency with a Known Radio Frequency by 
Cycle Counting. A start-stop cycle-counting system for comparing fre
quencies, such as shown schematically in Fig. 5-17b, can be used to 
measure an audio frequency precisely in terms of a known radio fre
quency. Here pulse-forming circuit P'l produces a pulse once each cycle 
of the audio frequency f,; at the same time gate G, is of a type such that 
with the starting switch open the gate is closed. However, when the 
switch is held closed, then the first incoming pulse from P2 opens G1, and 
the second pulse closes it, after which G, stays closed until the push button 
is released and again pressed. Thus, pushing the button and holding it 
on causes G1 to be open for exactly one cycle of J.;.. The number of cycles 
counted by S, during this time then gives the exact ratio of the known 
radio frequency Il to the unknown audio frequency I2, with an error less 
than one cycle of the radio frequency. 



CHAPTER 6 

WAVEFORM, PHASE, AND 

TIME-INTERVAL M EASUREMENTS 

6-1. Oscillographic Representation of Wave Shapes-Cathode-ray 
Oscillograph.1.Z Wave shape is ordinarily determined either by means of 
a cathode-ray or a magnetic oscillograph. Cathode-ray tubes can be 
used in many ways to delineate wave shape. The most common a�range
ment employs electrostatic deflection, with the unknown. wave applied to 
the vertical deflectors. A horizontal left-to-right deflection proportional 

(a)With return·tract bl/;mkinq (b) Without return· trace . 
b/onkinq 

Saw-Iooth 
def'lcclinq wove 

I 

Sine W«� 

Cc) Waves involved 

FIG. 6-1. Representation of a sine-wave oscillation using a. cathode-ray oscillograph 
with a saw-tooth-wave deflecting voltage to provide the horizontal time axis. 

to time is then provided by a saw-tooth wave. This wave is ordinarily 
synchronized at a subharmonie of the unknown wave, either by manual 
adjustment, or by injecting a voltage derived from the unknown wave 
into the circuits of the relaxation oscillator producing the saw-tooth wave. 

I For descriptions of typical cathode-ray oscilloscopes of relatively sophisticated 
design, see R. P. AfIcnhouse, General Purpose Precision Oscilloscope, ElectroniC8, 
vo!. 22, p. 106, August, 1947; Ellsworth D. Cook, A Wide-band Oscilloscope, Proc. 
IRE, vol. 31, p. 4-10, August, 1943; E. H. Bartelink, Wide-band Oscilloscope, Elec
tronics, vo!. 17, p. 122, February, 1944; J. G. Barlett and O. T. Davies, The Design 
of Highspeed Oscillographs, J. lEE (Radiolocatwn Conv.), vol. 93, pt. IIlA, p. 1304, 
1946; W. L. Gaines, High-frequency Oscilloscopes for Pulses and Other Transients, 
BeU Dabs. Reoord, vot 26, p. 68, February, 1948j Y. P. Yu, H. E. Kallman, and P. S. 
Christaldi, Millimicrosecond Oscillography, Electronics, vol. 24, p. 106, July, 1951. 

The simple, inexpensive, laboratory oscilloscope incorporates roost of the same 
fcatures, but to a less refined degree. 

2 Thc terms oscilloscope and oscillograph are commonly used interchangeably as 
applied to systems involving cathode-ray tubes. 

230 
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In many cases provision is made for turning off the electron beam during 
the time the cathode-ray spot is returning from right to left ; this is 
accomplished by circuit arrangements that cause a negative bias voltage 
greater than cutoff to be applied to the control electrode of the cathode
ray tube when the saw-tooth timing wave is decreasing in amplitude. In 
other cases a return trace is displayed on the cathode-ray screen. An 
example showing a sine wave represented with 
and without blanking of the return trace is 
shown in Fig. 6-l. 

Ti1TU! Axes. The cathode-ray tube pos
sesses great flexibility. l'his is particularly 
true with respect to the time axis. Thus it is 
sometimes convenient to employ a sinusoidal 
deflecting wave ; however, this has the dis-
advantage that the time scale is then a 
sinusoidal function of time rather than being 
proportional to the time, producing a result of 
the type shown in Fig. 6-2. Still another 
possibility is the circular sweep in Fig. 6-3. 
Here, two sinusoidal deflecting voltages of 
equal magnitude, but 90° out of phase, are 
produced by a phase-splitting arrangement, 

FIG. 6-2. Representation or 
a sine-wave oscillat.ion using 
a synchronized sinusoidal 
sweep voltage. The cath
ode-ray spot is blanked out 
during the interval it is 
moving rrom right to left. 

commonly a resistor-capacitor combination as shown.l These voItages are 
applied respectively to the vertical- and horizontal-deflecting electrodes, 
producing a circular trace2 in which the angle of rotation of the spot is 

1 A simple resistance�apacita.nee phase splitter a.s shown in Fig. 6-3 gives the 
desired behavior only at one frequency. However, by means of more complicated 
resistance-capacitance networks it is possible to obtain two voltages that over a wide 
frequency band, such as the speeeh ra.nge, are substantially equal in magnitude and are 
a.lmost exactly 90° out of phase; thus a circular sweep that is not sensitive to frequency 
can be achieved when necessary. For details of such networks sec R. B. Dome, 
Wide-band Phase-ehift Networks, Electronics, vo!. 19, p. 112, December, 1946; D.G.C. 
Luck, Properties of Some Wide-band Phase Splitting Networks, Proc. IRE, Vo!. 37, 
p. 147, February, 1949; Sidney Darlington, Realization of a Constant Phase Differ
ence, BeU System Tech. J., vol. 29, p. 94, January, 1950; H. J. Orchard, Synthesis of 
Wideband Two-phase Networks, Wireless Eng., vo!. 27, p. 72, March, 1950; W. Saraga, 
The Design of Wide-band Phase Splitting Networks, Proc. iRE, vo!. 38, p. 754, 
July, 1950. 

Oscillators which directly generate two equal voltages tbat are 90° out of phase are 
described in Sec. 12-7. 

t Equal voltages 90° out of pbase applied respectively to the vertical (x) and hori
zontal (y) defiectors cause the spot to deflect according to the parametric equations 

x = A sin wt 
y = ±A cos wt (6-1) 

where A is a. constant proportional to amplitude. Combining these equations by 
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proportional to time, with a complete revolution corresponding to the 
time represented by one cycle of the deflecting wave. The unknown 
wave to be depicted is then applied to a radial-deflecting electrode, or in 

R 
Sine wave 

c 

To verheal 
d�f/ecror.s 

r---i--1I'· 
To orizontal 

def!t:crors 

Far circular frace. R .. �c 

Circular. 
frace 

FIG. 6-3. A circuit arrangement for producing a. circular time base on a cathode-ray 
tube. 

series with the accelerating voltage, or to one of the pairs of deflecting 
plates, with results shown in Fig. 6-4. The circular sweep has the 
advantage that there is no time lost due to the return of the trace j it is 
also particularly convenient for presenting phase relations. 

(a) RCldial clefledion 
(or vo:riCltion of 
acce!erClting vo]mge) 

(b) Vertic.al deflec.tion 

FrG. 6-4. A cathode-ray tube with circular time base, showing the pattern produced 
by a sinusoidal deflecting voltage applied in different ways. In this particular 
example, the sweep frequency is synchronized so that it is exactly a subharmonic of 
the deflecting frequency. 

Modulation of the voltages producing a circular trace by a saw-toothed 
wave synchronized at a subharmonic, results in the spiral trace shown in 
Fig. 6-5.'  This has the advantage of giving a very long time base. It is 

squaring and adding, and noting that sinl wt + cosl wl "'" I,  gives 
:z;S + yt _ AI 

This is thc equation of a circle. 
(6-2) 

When the two voltages are unequal, or are not exactly 90° out ()f phase, then the 
spot traverses an elliptical path. The direction in which the spot moves is determined 
by the sign in Eq. (6-1'). 

1 Such a sweep system is described by R. B. Moran, Jr., Spiral Sweep Oscilloscope 
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customarily used with a type of tube that has a radial-deflecting electrode, 
to which t;'e wave to be depicted is applied. The spot is preferably 
blanked out during the return stroke of the saw�tooth wave, as in Fig. 6-5, 
to avoid confusing the presentation. 

A further example of tbe versatility of the cathode-ray tube as an 
oscilloscope is illustrated by the ease with which timing markers may be 
introduced in the presentation. For example, by applying positive 
pulses to the electrode controlling the beam current (or to an intensifier 

Relurn Imce 
(normally 
blanked out) 

lYpica/ Wt1Loe 
produced by 
rad/al 
def'lecrlon 

/'��/f-.Sp;r(1/ lime 
axis 

FIG. 6-5. A spiral sweep. showing a transient applied to a radial-deflecting electrode. 

electrode), bright spots will appear on the trace; thus if these pulses are 
generated by a I-Mc wave, then the bright spots will be spaced along 
the time axis at intervals of 1 fJ.sec. This provides an accurate time scale 
irrespective of imperfections that may be present in the tube, or in saw� 
tooth, circular, or spiral sweeps. Further discussion of time-marking 
systems is given in Sec. 6-8. 

Deflection of Cathode-ray Beams. The deflection of the beam of a 
cathode-ray tube employing electrostatic deflection is directly propor
tional to the deflecting voltage, and is inversely proportional to the anode 
voltage of the beam, according to the relation 

. LbE. 
DeflectlOn on screen = 2aE. (6-3) 

where L = length along beam from center of deflecting plates to fluores
cent screen 

b = effective length of deflecting plates in direction of beam 
a = spacing of deflecting plates at right angles to the beam 

E. = deflecting voltage between plates 
E. = beam voltage 

Timer, ElectroniC8, vol. 20, p. 120, October, 1947. Another method of producing a 
spiral-sweep voltage is described by G. H. Rawcliffe, Shock-impulsed Spiral Time 
Base, Wireless Eng., vol. 26, p. 243, July, 1949; also see Spiral Time Base, Wireless 
Eng., vot. 17, p. 224, August-September, 1950. 
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Any convenient units of length may be used. This expression is approxi
mate in that fringing flux is neglected. Actually the behavior is as 
though the effective value of b were greater than the actual length by 
roughly the spacing between deflecting electrodes. t The deflection sensi
tivity is commonly expressed in terms of the deflecting voltage required 
to produce a deflection of 1 in. (or 1 cm) for an anode potential of 1000 
volts; for other anode voltages the deflection sensitivity will be inversely 
proportional to anode potential. Deflection sensitivities of the order of 
50 to 200 volts per in. per kv are typical for commercially available 
cathode-ray tubes. 

No power is consumed by the deflecting electrodes of a cathode-ray 
tube other than that absorbed by the very high resistance commonly 
connected between the deflectors to permit the introduction of a d-c 
voltage that is for the purpose of centering the spot in the absence of a 
deBecting voltage. However, the deflecting voltage is applied across the 
capacitance arising from the deflecting electrodes acting as the two plates 
of an air condenser. The resulting capacitive current can become imp9r
tant at the higher frequencies. 

When the available voltage is insufficient to produce adequate deflec
tion, amplification by means of a voltage amplifier can be employed. 
Such amplifiers should have constant amplification and negligible phase 
distortion over the frequency range of interest. To achieve this result, 
video amplifier techniques for compensating the high- and low-frequency 
ends of the response range are commonly used; it is also frequently helpful 
to employ negative feedback. Amplifiers employing video techniques 
can be designed to give a satisfactory performance up to a top frequency 
of 10 Mc or even higher ; by the use of the distributed amplifier, it is 
possible to meet the severe requirements of the cathode-ray oscillograph 
up to frequencies of 200 Mc and higher.' Oscillograph amplifiers are 
ideally push-pull, thereby exciting the pair of deflecting electrodes with a 
voltage that is symmetrical with respect to ground. It is ordinarily 
permissible, however, to ground one of the deflecting plates and to employ 
a deBecting voltage generated by a single-<!nded amplifier. 

Frequency Characteristics. The cathode-ray tube is able to depict 
waves of all frequencies, from direct current up to a frequency so high 
that the time required for the electrons in the beam to travel the length 
of the deflecting plates becomes an appreciable fraction of a cycle. For 
frequencies such that this transit time of the beam in traveling the length 
of the deBecting plate is not a negligible part of the cycle, the deflection 

I See Hans E. Hollmann, The Dynamic Sensitivity and Calibration of Cathode
ray Oscilloscopes at Very-high Frequencies, Proc. IRE, vol. 38, p. 32, January, 1950. 

2 See E. L. Ginzton, W. R. Hewlctt, J. H. Jasberg, and J. D. Noe, Distributed 
Amplification, Proc. IRE, vol. 36, p. 956, August, 1948. 
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that is produced by a given deflecting voltage is less than at low fre
quencies, according to the equation 

Deflection at. high freCJuency Rio (wT /2) 
Deflection at low frequencies 

� wT /2 (&-4) 

Here T is the time in seconds required for an electron in the beam to 
travel a distance equal to the length of the deflecting plate,' and w is 2.
times the frequency of the deflecting voltage in cycles per second. It will 
be noted that wT is the transit time, measured in radians at the applied 
frequency, that is required by an 

I 1 .0 
e ectron to travel the length of the 
plate. The results of Eq. (&-4) are 

� 0.8 
plotted in Fig. 6-6, which shows 

� 0.0 
'\ 

� 0 4  
that the high-frequency sensitivity � 

. 

has dropped to 0.9 times the sensi-
1 0.2 

o 
tivity at low frequencies when the 2 &-0.2 transit angle along the deflecting -0.4 
plate is 90°, that is, when the time 0 

\ 
/ ""' 

J 
6". IOn 

required for an electron to travel wT "2lTfT=tronsit trmel" radians 
the length of the deflecting plate is ' 

FIG. 6-6. Relative deflection of a catb
one-fourth of a cycle. 2 

It is apparent that the high
frequency limit of a cathode-ray 
oscillograph can be increased by 
reducing the length of the deflecting 

ode-ray tube as a function of the time 
required by the electron to travel the 
length of the deflecting plat.e, measured 
in radians at the frequency of the deflect
ing voltage. 

electrodes and increasing the anode voltage.3 With commercial cathode
ray tubes, it is found that the 90 per cent point will typically occur at 
frequencies in the order of 100 Mc or higher; thus with deflecting plates 1 
in. long and an anode potential of 2500 volts, 90 per cent response occurs 

1 At ordinary anode voltages, where rela.tivistic effects can be neglected, the value 
of T is givcn by the relation 

7' _ 

b
. 

_ 0.0168 X lO-'b 
electron velocIty ,lE (6-4a) 

where b is the electrode length in centimeters, and E is the anode voltage in volts. 
t Actually Fig. 6-6 and Eq. (6-4a) represent an idealized situation where the spacing 

between the deflecting plates is small compared with their length, so that the fringing 
flux is of negligible importance. When this is not the case, the transit-time effect is 
somewhat greater than given by Eq. (6-4) even when the value of b used in the calcu
lation i.s an effective length greater than the actual length by the spacing of the plates. 
This matter is excellently covered by Roilmann, loco cit. 

� The performance can also be improved at high frequencies by using a traveling 
wave to deflect the cathode-ray beam; see J. R. Pierce, Traveling Wave Oscilloscope, 
"Electronics, v()L 22, p. 97, November, 1949. 
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at about 290 Mc. By using very high anode voltages and very short 
plates, this frequency limit can be raised well above 1000 Mc.' 

At frequencies near the upper limit at which a cathode-ray tube will 
operate satisfactorily, another type of frequency effect must also be taken 
into account. This is the fact that the voltage existing between the 
deflecting electrodes may differ from the voltage applied to the leads 
associated with these electrodes. In particular, the capacitance between 
the electrodes may resonate with the inductance of the leads to produce 
an effect that is exactly analogous to that present in a vacuum-tube volt
meter, as discussed on page 25. 

M iscellaneou8 Aspects of Cathode-ray Oscillographs. The ordinary 
cathode-ray tube is able to present for observation only one voltage wave 
at a time. Two or more waves of the same fundamental frequency may 
be observed, however, by arranging matters so that the different waves 
are applied to the vertical deflectors on successive sweeps of the timing 
wave. The persistence of vision and of the screen phosphorescence then 
makes it appear as though these waves were simultaneously present. 
The switching operation required to apply different waves during alter
nate sweep cycles can be carried out electronically, as illustrated in Fig. 
6-7. Here the two waves to be observed are applied to the inputs of 
pentagrid mixer-amplifiers At and A 2, respectively. The plate circuits 
of these amplifier tubes are in parallel so that any output from either 
tube produces vertical deflection. A square-wave generator synchronized 
to operate at half the frequency of the sweep voltage then produces 
H gate " pulses that turn each individual amplifier on during successive 
half cycles. By making bias E. sufficient to cut off the plate current in 
the absence of the square wave, then at any particular time only one 
amplifier is active. 

Cathode-ray tubes are often used to observe transient voltages. One 
method of doing this is to repeat the transient at regular intervals so 
that it may be observed as a steady-state phenomenon. Alternatively, 
the transient can be displayed on a single sweep of the timing wave, and 
then photographed;' fairly satisfactory visual ohservation is also possible 
if the screen of the cathode-ray tube has persistence. The single sweep is 
commonly produced by a one-shot multivibrator ; the transient to be 
observed then triggers off this multivibrator, causing it to execute one 

1 The upper frequency limit that has been reached at the present time has been 
attained by Gordon M. Lee, A Three-beam Oscillograph for Recording at Frequencies 
up to 10,000 Megacycles, Proc. IRE, vol. 34, p. 121, March, 1946. 

2 Details of oscillograph techniques that are used in recording high voltage transients 
of brief duration, such as the output of an impulse generator, are described by H. P. 
Kuehni and Simon Ramo, A New High-speed Cathode-ray Oscillograph, Trans. 
A IEE, vol. 56, p. 72J, June 1937; N. Rohats, High Speed Oscillograph, Electronics, 
vol. 19, p. 135, April, 1946. 
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cycle of oscillation that produces a single cycle of the saw-tooth deflecting 
wave, after which the system becomes quiescent. In such an arrange
ment the control electrode of the cathode-ray tube is normally biased 
more negative than cutoff, thus turning the beam off. A square wave is 
then derived from the saw-tooth wave and used to reduce the bias on the 
control electrode for the duration of the single sweep of the timing wave. 
In this way the spot is turned on only when needed, and for this brief 
interval can be made more intense than would be permissible for continu
ous operation. In many cases it is desirable to delay the application of 
the transient to the vertical-deflecting electrode jn order tu permit the 

Input No./ 

SYl7c!'l1?I!ked.sq(jQ� - IHII .swilchlntJ wave ! H 

Input 
No.2 

[ 

'fro cothode·ray 
ver/lcal plates 

+Eb ..,... 

FIG. 6-7. Electronic switching arrangement for presenting two different waves on 
the same cathode-ray screen. 

sweep circuit to get started first. This can be achieved by introducing a 
time delay by means of a cable or network inserted in the circuit leading 
to the deflecting electrode. These techniques are discussed further in 
Sec. 6-7. 

Cathode-ray-tube traces are frequently photographed.' The photo
graphic effect produced by a cathode-ray spot is greater as the beam 
power for a given spot size is increased. The photographic effectiveness 
also depends upon the spectral distribution of the light produced by the 
fluorescent screen, and will accordingly differ for different types of 
phosphors. In photographing recurrent traces, the maximum permis
sible exposure time is limited only by the fogging due to stray light, and 

1 For further information on this topic see H. G. Hopkinson, The Photography of 
Cathode-ray Tube Traces, Jour. lEE (RadioZocation Conv.), vo!. 93, pt. IlIA, p. 808, 
1946; N. Hendry, Photography of Cathode-ray Tube Traces, Electronic Eng., p. 234, 
January, 1944; R. Feldt, Photographing Patterns on Cathode-ray Tubes, Electronics, 
vot. 17, p. 130, February, 1944; Norman Fulmcr, Improved C-R Photographs, Elec
tronics, vol. 23, p. 86, March, 1950; Kodak Recording Materials, a booklet available 
from Eastman Kodak Company, Rochester, N.Y. 
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can be determined experimentally. In case of transient phenomena, 
tbe densities produced on tbe film are determined by tbe speed of the 
trace, the beam power of the cathode-ray tube, the lens stop, etc. Again, 
suitable comhinat.ionR can be determined experimentally. The photo
graphic effect for transients is commonly expressed in terms of j j  writing 
speed," which is the maximum fate at which the fluorescent spot can 
move wbile being satisfactorily photograpbed when the spot does not 
retrace its path. With anode potentials on the order of 2.5 kv, writing 
speeds such as 10 to 100 km per sec are typical, while writing speeds 
exceeding 1000 km per sec can be obtained with some commercial 
cathode-ray tubes, at an anode potential of 10 kv. 

6-2. Oscillographic Representation of Wave Sbapes-Magnetic Oscil
lograpb. The magnetic oscillograph utilizes a coil suspended in a mag
netic field in such a manner that the plane of the coil is parallel to the 
lines of magnetic flux. t The coil is free -to rotate about an axis per
pendicular to the magnetic field with an elastic restoring force propor
tional to the angle of rotation. A very small mirror is fastened on the 
coil, and an optical "system is provided such that as the mirror rotates, a 
spot of light reflected from it is deflected in proportion to tbe angle of 
rotation. When the coil carries a current, the magnetic field produces a 
torque proportional to the current. This causes a rotation of the coil, and 
a deflection of tbe spot, tbat are both proportional to the current. A time 
axis can be introduced by projecting this spot on a ground-glass screen 
with the aid of a rotating mirror that is synchronized with the frequency 
of the wave being observed. Alternatively, the wave being observed 

can be photographed using photographic film or paper wrapped around a 
rotating drum, on which the light spot is allowed to fall for exactly one 
revolution by the action of a synchronized shutter. 

The variation of the response of a magnetic oscillograph with frequency 
depends upon the mass, resonant frequency, and damping of the moving
coil system. This vibrating system behaves like a series resonant circuit 
in which the mass corresponds to inductance, the elastic compliance cor
responds to capacitance, and damping corresponds to resistance. The 
applied force is equivalent to applied voltage, tbe velocity with which the 
coil moves is equivalent to current flowing in the analogous series circuit, 
and the displacement or amplitude of deflection is proportional to the 

I An alternative form of magnetic oscillograph has recently found considerable use 
at low frequencies. This utilizes a driving unit consisting of 8. moving coil mounted in 
a magnetic field, and similar to the driving unit of a dynamic loudspeaker. A ligbt
weight pen, or stylus, is attached to this moving coil, and records on 8. moving paper 
chart, using sensitive paper or instantaneous-drying ink fed by capillary a.ction. With 
proper compensation in the assoeiatcd amplifier, it is possible to obtain in this way 8. 
response substantially independent of frequency up to slightly over 100 cycles, with 
adequate amplitude of the pen motion. 
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integral of current, i.e., to the charge. The equation governing motion 
is accordingly as follows: 

Torque (or force) on coil � BIN X constant (6-5) 

where B is the flux density of the magnetic field in which the coil is 
placed, I is the current in the coil, and N the number of turns in the coil. 
The effective impedance against which this force is exerted is 

Impedance � R + j (wm - w
l
c) (6-6) 

where R is the equivalent resistance or friction in appropriate units, m is 
the equivalent mass, and C is the equivalent compliance (1/C is the 
equivalent stiffness) of the vibrating system, with w being 211" times the 
frequency. The velocity of the coil vibration is then, in appropriate 
units, 

while 

. force VeloCIty � .  d X constant lmpe ance 

velocity Amplitude of vibration -
w 

force Amplitude of vibration - -�--':":;::"::':'------,, "  X constant 
w [R + j (wm - w�)] 

. . .  BIN X constant Amphtude of vIbratIOn � [ . ( 1 )] 
w R + J wm - wC 

(6-7) 

(6-Sa) 

(6-8b) 

(6-8c) 

At frequencies appreciably below resonance the impedance to motion is 
almost entirely that arising from the elastic impedance l/wC. To the 
extent that this is the case, the amplitude of the deflection is seen 
from Eqs. (6-8) to be independent of frequency. At resonance, where 
wm � IlwC, the amplitude of the deflection depends on the damping R ;  
when R is properly chosen, the response at resonance will then be sub
stantially the same as at lower frequencies. At frequencies appreciably 
above resonance the impedance to motion is largely supplied by the 
mechanical inertia wm, and the response drops off with increasing fre
quency almost inversely proportional to the square of frequency. It is 
thus apparent that with proper dampingl the response of a magnetic 
oscillograph can be made substaI\tially constant, independent of fre
quency, up to the region of resonance, but for higher frequencies will fall 

1 The da.mping can be controlled by immersing t.he moving coil in 8. liquid of suit
able viscosit.y, by means of eddy currcnts induced by coil mot.ion, and by tbe imped
ance of tbe source supplying current. to t.he moving coil. 
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off rapidly. It is, however, possible to extend the useful frequency range 
of a magnetic oscillograph somewhat beyond resonance by suitable equal
izing circuits that cause the current passed through the coil to be greater 
at frequencies above resonance than at the lower frequencies; in this way 
an extension of perhaps 50 per cent in useful frequency range is practical. 

The frequency range of magnetic oscillographs depends upon the 
design. It is possible to obtain resonant frequencies as high as 5000 to 
10,000 cycles with practical oscillograph elements. On the other hand, 
when such a high upper frequency limit is not required, lower resonant 
frequencies are preferred since this results in increased sensitivity. 
Depending on the application, the resonant frequency may be made as 
low as 50 cycles or even less. With any particular coil the resonant 
frequency can be controlled by adjusting the stiffness of the elastic 
suspenSIOn. 

The sensitivity of a magnetic oscillograph, i.e., the amplitude of deflec
tion obtained for a given current, is seen from Eq. (6-8c) to be directly 
proportional to the strength of the magnetic field and to the number of 
turns in the coil. 

. 
However, for a given resonant frequency the sensitivity 

is inversely proportional to the mass of the coil, so that increasing the 
number of turns does not help unless the size of the wire can be reduced 
at the same time. With a given coil mass, the sensitivity is inversely 
proportional to the square of the resonant frequency, since a lowering of 
the resonant frequency under these conditions is accomplished by reduc
ing the elastic stiffness directly as the square of the resonant frequency. 
Thus to halve the resonant frequency, the stiffness lie is reduced by a 
factor of 4, ·and from Eq. (6-8c) the amplitude at low frequencies is 
increased four times. The resonant frequency accordingly should be no 
greater than the circumstances require. 

The phase relation between the current passing through the coil, and 
the resulting deflections, is constant and is independent of frequency at the 
lower frequencies where the elastic stiffness controls the motion. At the 
resonant frequency of the moving-coil system a phase shift of 90° is 
present with respect to the phase at low frequencies; at appreciably 
higher frequencies where Lile mechanical inertia control5 the motion of 
the coil, the phase is shifted 1800 with respect to the phase at low fre
quencies. Thus, if preservation of phase relations is important in repr� 
ducing the wave to be observed, the upper frequency limit of the magnetic 
oscillograph is considerably less than the resonant frequency of the 
mechanical system unless an appropriate phase-compensating electrical 
network is introduced into the system. 

The impedance level at which the magnetic oscillograph operates 
depends upon the design. In arrangements where the coil consists of a 
single-turn bifilar loop, the impedance is only a few ohms, and relatively 
large deflecting currents are required. The present tendency is increas-
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ingly to use multi turn coils wound with extremely fine wire. The 
impedance of these is much greater, but is still generally appreciably less 
than the optimum load impedance for the plate circuit of a vacuum-tube 
amplifier. .Transformers are accordingly frequently used in association 
with magnetic oscillographs, to improve the impedance match. 

6-3. Harmonic Analysis of Oscillograms. Periodic electrical waves 
can always be expressed as the sum of a d-c component plus a series of 
components that are a.ll harmonics of the fundamental frequency of the 
wave. That is, if E is a periodic function, one can then write 

E = Do + Cl sin (wt + <1>1) + C, sin (2wt + <1>,) 
+ C 3 sin (3wt + <1>,) + 

where Do = amplitude of cl-c component 
C 1, C 2, etc. = amplitudes of corresponding a-c components 
cf.l1, cf.l2, etc. = phase angle of corresponding a-c components 

w = 211'" times the fundamental frequency of the wave. 
Equation (6-9a) is often rearranged as 

E = A,  sin wt + A, sin 2wt + A,  sin 3wt + 
+ Do + Bl cos wt + B, cos 2wt + B, cos 3wt + 

where 
viA.' + B.' = C. �: = tan <l>n 

(6-9a) 

(6-9b) 

F ourier Method of Determining the Coefficients of an Arbitrary Curve. 
The A coefficients appearing in Eq. (6-9b) can be evaluated by making use 
of the fact that, when a periodic curve is multiplied by sin nwt and the 
resulting area summed up over one complete cycle of the fundamental 
frequency, the result is determined only by the coefficient An in Eq. 
(6-9b). This coefficient is equal to twice the average height of the area. 
Likewise, when the curve is multiplied by cos nwt and the resulting area 
summed up over a complete cycle, the result is determined solely by the 
coefficient Bn. By making use <?f this principle one obtains the following 
formulas:l 

1 1"'-2' A. = - E sin nwt d(wt) 11'" ""' - 0  
11"'-2' B. = - E cos nwt d(wt) 11'" ..,/-0 
1 1"'-2' Do = -2 E d(wt) 
71" ..,1-0 

where E represents the curve being analyzed. 

(6-lOa) 

(6-lOb) 

(6-10c) 

I The development of these equations is to be found in every mathematica1 discus
sion of Fourier series. but is beyond the scope of this book. 
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The integration indicated in Eqs. (6-10) can be carried out mathe
matically when the wave being analyzed follows Borne known law, as, for 
example, when the wave analyzed is the voltage output wave of a rectifier. 
In other cases the product under the integral sign can be calculated point 
by point, plotted, and the resulting net area (posjtive minus negative 
areas) determined by counting squares, by use of a planimeter, or with 
the aid of Simpson's rule. The Fourier method gives directly the correct 
amplitude of any particular component irrespective of the presence or 
absence of other components. 

Schedule Method. In the schedule method one cycle of the arbitrary 
curve which is to be analyzed is divided up into a number of equally 
spaced ordinates as shown in Fig. 6-8. As many coefficients as there are r One cycle 

Dc::;,--\--I---+-----:-
FIG. 6-8. Arbitrary curve with six equally spaced ordinates. A six-point schedule 
will give a curve that will pass through the six selected points. 

ordinates are then evaluated so that the resulting curve will pass through 
the selected points. Thus in Fig. 6-8 it is possible to obtain an equation 
that will pass through the selected ordinates by assigning proper values to 
AI, A21 Do, BI, B21 and B3 while making an other coefficients in Eq. (6-9b) 
equal to zero. Evaluating the coefficients to accomplish this result 
involves solving as many simultaneous equations as there are coefficients 
to be evaluated. By taking advantage of the fact that the ordinates are 
evenly spaced, the solution of these simultaneous equations can be simpli
fied to the point where it involves performing only a few simple multiplica
tions, and carrying out a series of simple additions and subtractions. 
These operations are commonly indicated by a form or schedule-hence 
the name " schedule method."1 A simple schedule for the case of six 
ordinates is given in the accompanying table. Schedules for 8-, 12-, 18-, 
and 36-point analyses are available for both the general case where there 
is a d-c component and both even and odd harmonics, and also where only 

I The method of deriving sch(!dules is described by F. W. Grover, Analysis of Alter
nating-eurrent Waves by the Method of Fourier, with Special Reference to Methods 
of Facilitating Computations, Reprint 203, !'fall. Bur. Standards (U.S.) Bull., vol. 9, 
1913. This publication gives a number of schedules. Schedules for 6, 8, and 12 
points are also given by Larry S. Cole, Graphical Analysis of Complex Waves, Elec
tronics, vot. 18, p. 142, October, 1945, while 36- and 72-point schedules are contained 
in the paper by R. P. G. Denham, Harmonic Analysis Schedules, Eledronics, vol 15, 
p. 44. September, 1945. 



1 -

SEC. 6-3J W A V E F O R M ,  P H A S E ,  A N D  T I M E  I N T E R V A L  243 

odd harmonics are present.l These schedules with more ordinates are 
naturally more complicated than the one shown in Table 6-1, but will 
likewise evaluate a greater number of coefficients. 

The schedule method evaluates the coefficients so that the re�ulting 
curve is correct for the selected ordinates. Between these points the 
computed and actual curves \vill not agree, however, unless the coeffi
cients evaluated are the only coefficients actually present in the wave. 
Thus in Fig. 6-8 the schedule method will not give the correct result if 
there is some fourth harmonic present. It is therefore necessary to use 

TABLE !H. 
SIX-POINT SCHEDULE INVOLVING BOTH EVEN AND ODD HARMONICS 

AND A DIRECT-CURRENT COMPONENT 

Meas- Sine terms Cosine and constant terms 

urcd Sums Diffcr-

1 ordinates 

Y. " 
y, y. 8, 
y. y. 8, 
y, 8, 

r;l:ms . . . . . . . . .  

enccs A l  nnd At 81 and B2 BG and B� 

d, 
d, sin 300 . . . . . . . . . . . .  -8, " 

0 

d, sin 60° d, d, 
d, sin \)0° . . . . . . . . .  . 8 • -8, 80 + 8t !ll + 8, 

0' . . . . . . . . . . . . . . . . .  �, 
A,  -

A, -

s: 
S' + s' • • 

3 

S' - S' ' . 
3 

CHECKS 

80 "'" (80 + 8,) + (81 + 8:) 
8, ,.,. 2(Ho + B,) - (BI + B2) 

s',' 
B, � 

B, -

S" • 
roll + S" u, • 

� 
s'o' - 8',' • 

3 

So" 
B� = 

11, = 

80 + 82 "'" 3(B� + B,) 280 - 8t "'" 3(BI + B!) 

81 = 2(80 - Bi) + (Bl - B2) 

s, "'" (Ba - B,) - (BI - 82) 

81 + 8, "'" 3(Bo + B,) 81 - 2s, "'" 3(81 - B,) 

dl :0: 2(A I + At) sin 60° 

dt = 2(A I - As) sin 60° 

S:" 
s"' + S'" ' . 

6 
$," - S

'" ' . 
G 

Procedure. The measured ordinates arc first written down in two columns in the 
order indicated. In the next two columns appear thc sums 8 .. of the ordinates, found 
by adding those in the same row, and the differences d .. of the snme ordinates. In the 
fifth column are indicated the trigonometric functions which enter into the calculation. 
The rest of the schedule indicates in an abbreviated form what products are to be 
formed, the convention being adopted that each quantity 8 ... or d .. is to be multiplied 

I The commonly used formulas for det.ermining amplifier distortion based on pointl" 
determined from a load line are equivalent to simple schedules for the case where itis 
known in advance that all the A coefficients in Eqs. (6-9) are zero. 
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by the sine of the angle which appears in the same row at the left. Thus one forms 
Lhe product dl sin 60" in one case, of -8, sin 30° in another case, and (SI + s,) sin 90° 
in still another. 

enough ordinates to permit the evaluation of all important frequency 
components present in the wave. 

6-4. Wave and Distortion Analyzers for Audio-frequency Waves. 
Several methods arc available for experimenta.lly determining the fre
quency components of a periodic audio-frequency wave. These include 
wave analyzers, which may be either of the tunable-selective-circuit or of 
the heterodyne type, and distortion-measuring equipment, which sup
presses the fundamental frequency and measures the rms value of the 
distortion components. 

Wave Analyzers Employing Tunable Selective Circuits. 
diagram of this type of analyzer is illustrated in Fig. 6-9. 

A schematic 
Here the com-

Ca;hode.fo·//ower 
Input stage 
TunQble 
ampl ifier 

VactJum
tu b e  

voltmeter 

FIG. 6-9. Schematic diagram of wave analyzer employing a. tunable selective circuit. 

plex wave to be analyzed is passed through an adjustable attenuator, and 
is then applied to the selective amplifier, which is tuned to the frequency 
component to be determined. The amplifier output is indicated' by a 
suitable meter, such as a diode vacuum-tube voltmeter, or an average
reading rectifier of the type discussed in Sec. 1-7. The attenuator serves 
as a range multiplier, and thus permits a large range of signal amplitudes 
to be analyzed without overloading the amplifier. The system can be 
calibrated by means of an auxiliary signal generator that applies a known 
voltage to the input. Alternatively, if the amplifier has constant gain 
for all adjustments of the tuning control, one can set the attenuator so 
that the output indication produced by the fundamental frequency is 
full-scale (or 100 per cent) and can then read the harmonic components of 
a wave directly as a fraction of the fundamental amplitude. 

The tuned amplifier in a wave analyzer is ordinarily of the resistance
tuned type.' Such an arrangement has the advantage that by the use 

I A visual display of a complete amplitude versus frequency characteristic can be 
obtained by rapidly sweeping over the frequency band involved and presenting the 
wave analyzer output on a. cathode-ray tube. See A. E. Hastings, Electronic Incli
cator for Low Audio Frequencies, Proc. [RE, vol. 35, p. 821, August, 1947. 

I See H. H. Scott, A New Type of Selective Circuit and Some Applicators, Proc. 
IRE, vol. 26, p. Z26, February, 1938; The Degencrativc Sound Analyzer, J. Acous. Soc. 
Am., vol. 11 ,  p. 225. October, 1939; Oswald G. VilIard, Jr., Tunable A-F Amplifier, 
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of negative feedback, the gain at the frequency of maximum response can 
be stabilized and made substantially independent of the value of this fre-
quency. Also, the arrangement lends itself to achieving a very wide 
tuning range, and avoids the use of audio-frequency coils, which are not 
only expensive and cum�crsome to tune over a wide range, but which in 
addition arc susceptible to pickup from stray magnetic fields. 

The bandwidth of the response characteristic of a resistance-tuned 
amplifier is a substantially constant percentage of frequency throughout . 
the tuning range. Thus the bandwidth in cycles is greater, the higher 
the frequency being selected. The selectivity obtainable depends upon 
the design of the system, but in a typical case is such as to correspond to 

In 
r-

Adjustable f- f- lfiql1ly selective 
edtenun/or Balanced amplifier /ndlcator ,,(ut (For rgnqe mIxer - (as VTVtf,f) 
control) f- f-(Fixed frequency) 

Tunable 
oscillator 

FIG. 6-10. Schematic diagram of heterodyne wave aoalyzer. 

a 3-db reduction in response at a frequency that differs by 1 per cent from 
the resonant frequency, and 35-db for a frequency differing by one octave. 

Heterodyne Wave Analyzers. A schematic diagram of a heterodyne 
wave analyzer is shown in Fig. 6-10. Here the wave to be analyzed is 
combined with a tunable local oscillator in a balanced mixer. The out
put of the mixer passes through a very highly selective multistage ampli
fier having a predetermined fixed response frequency that is somewhat 
higher than any of the frequencies contained in the unknown wave. The 
output of this selective amplifier is indicated by means of a v:lcuum-tube 
voltmeter, or equivalent instrument. In operation, the frequency of the 
local oscillator is adjusted so that the difference (or heterodyne) frequency 
produced by interacting with the desired component of the complex 
unknown wave is equal to the resonant frequency of the selective ampli
fier. Thus the component to be determined has its frequency trans
formed to the predetermined value, and is amplified and measured at this 
fixed frequency. Other frequency components present in the unknown 
wave transform to frequencies that are rejected by the selective ampli
fier. The amplitude of the unknown component is ohtained from the 
measured output by means of a suitable calibration, which can con
veniently take tbe form of adjusting the gain of the fixed-frequency 
amplifier until a calibrating signal of known amplitude gives a standard 

Electronics, vat. 22, p. 77, July, 1949; A. B. Hillan, The Pa.rallel-T Bridge Amplifier, 
J. lEE, Vot. 94, pt. 111. p. 42, Ja.nuary, 1947. 
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output when applied to the input; the calibrating signal can conveniently 
be 60 cycles. The frequency of the unknown component is determined 
from the local oscillator frequency that must be used to change the 
unknown component to the known fixed frequency. 

Two types of selective amplifiers find use in heterodyne wave analyzers. 
The first type employs a crystal filter, typically having a center frequency 
of approximately 50 kc. ' By employing two crystals in a band-pass 
arrangement, it is possible to obtain a relatively flat passband over :1. 
4-cycle range with a response about 15 db down at 5 cycles off the center 
frequency. 

An alternative frequency-selective system that also finds commercial 
use employs an ordinary resonant circuit in which the effective Q has been 

-r Inpuf 

FIG. 6-11. Method of obtaining high and controllable selectivity by the use of a 
combination of negative and positive feedback in conjunction with tuned circuit Le. 

made high and controllable by the use of negative feedback. 2 The 
method of doing this is shown in Fig. 6-11. The tuned circuit Le, 
typically resonant at 20 kc, is associated with resistors RI, R2J Ra) and 
the two-stage amplifier T'J.Ta in such a manner that at the resonant fre
quency, the negative feedback through R;R, is balanced by positive feed
back through R1LC. However, at frequencies off resonance the positive 
feedback becomes less, and there is a net negative feedback that reduces 
the output. This reduction in output is in addition to that arising from 
the ordinary selectivity of the tuned circuit Le, and so increases the effec� 
tive selectivity of the resonant circuit by reducing the response off resonance 
without changing the response at resonance. The increase in selectivity 
obtained in this way over the selectivity of the tuned circuit Le becomes 
greater the larger the positive- and negative-feedback effects that are 
balanced against each other, and so can be varied by the potentiometer 
P. A wave analyzer using four such units connected in cascade, each of 
which has a resonant frequency of 20 kc, has a selectivity that compares 

1 See L. B. Arguimbau, Wave Analysis, Gen. Rad. Expt., vol. 7, p. 12, June, 1933. 
t F. E. Terman, R. R. Buss, W. R. Hewlett, a.nd F. C. Cahill, Some Applications of 

Negative Feedback with Particular Reference to Laboratory Equipment, Proc. IRE, 
vol. 27, p. 649, October, 1939. 
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favorably with that of a band-pass crystal filter, and there is the added 
flexibility of being able to control the selectivity. 

The heterodyne wave analyzer has excellent frequency resolution, can 
be built to cover tlhe entire audio-frequency range conveniently, and by 
the use of appropriate input attenuators can cover a very wide range of 
input voltages from quite small to very large values. The chief limiting 
feature of the heterodyne wave analyzer is that the mixer introduces 
spurious cross-modulation products that cannot be depended upon to be 
less than about 60 or 70 db below the largest frequency component of the 
wave being analyzed.1 This sets a lower limit to the amplitude that can 
be measured in the presence of a large voltage of another frequency. 

Fundamental Suppression M etlwd of Distortion Measurement.' The 
rms distortion of a wave is 90nveniently defined as the effective value of 
the harmonics divided by the rms amplitude of the wave. That is, 

rms distortion = -,-v''-.::I-,-''-,+-=-I,,-3'�+i---::.I,-.2�+-,---__ 
10 

(6-11) 

where 121 13, etc., are the effective values of the various distortion com
ponents, and 10 is the effective value of the wave, including both har-
monics and fundamental. 

. 

The rms distortion can be conveniently measured by suppressing the 
fundamental-frequency component, and then measuring the part of the 
wave that remains. When this measurement is made by means of a 
thermocouple or square-wave vacuum-tube voltmeter, the effective value 
is obtained without error; however, an average-reading meter of the type 
illustrated in Fig. 1-23 will give an indication sufficiently close to the 
effective value to be satisfactory under most circumstances. Peak-read
ing diode voltmeters cannot be used without introducing a large error. 

Suppression of the fundamental can be accomplished by the use of a 
high-pass filter which is so designed that the harmonics lie in the pass
band, while the fundamental frequency is severely attenuated. An 
alternative arrangement is to employ a bridge, or a bridged-T network, 
that is balanced for the fundamental frequency but is decidedly unbal
anced for the harmonics. Examples 

'
of suitable networks are shown in 

I The problem of spurious products is treated in considerable detail by C. R. Moore 
and A. S. Curtis, An Analyzcr for the Voice Frequency Range, Bell System Tech. J., 
vol. 6, p. 217, April, 1927. 

t For further information see I. Wolff, The Alternating-current Bridge as a. Har
monic Analyzer, J. Optical Soc. Am., vol. 15, p. 163, 1927; H. M. Wagner, A Note on 
the Fundamental Suppression in Harmonic Measurements, Proc. IRE, vol. 23, p. 85, 
January, 1935; R. R. Freeland, Distortion and Noise Meter, Electronics, vol. 22, p. 86, 
January, 1949. The latter paper gives constructional details of an instrument based 
on the network of Fig. 6-J2b. 
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Fig. 6-12. The circuit arrangements at a and b, which involve coils and 
condensers, are preferably used only for fixed values of the fundamental 
frequency.l When a continuous adjustment of the fundamental fre
quency ilS desired, it is usually preferable to employ the Wien-bridge 
arrangement of Fig. 6-12c, which is seen to be equivalent to the tunable 
Wien bridge of Fig. 5-20 used to measure frequency. In those arrange-
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frequency CtCl . R,-R7 . RJ-2R4 

(cl Wien bridge 
FIG. 6-12. Typical null networks used in measuring distortion by suppression of the 
fundamental frequency. 

ments having resonant circuits, a Q of 3 will result in the harmonics being 
transmitted to the output with practically no attenuation while the funda
mental frequency is completely suppressed ; thus in Fig. 6-12b, when 
Q � 3 the second harmonic suffers only 0.5 db attenuation. The resist
ance-capacitance-tuned arrangement of Fig. 6-12c is not quite as good in 
this respect, but still the second harmonic will be attenuated by less than 
1.0 db. 

1 �n ingenious method of overcoming the disadvantage of a coil is described by J. E. 
Hayes, A New Type of Practical Distortion Meter, Proc. IRE, vol. 31, p. 112, March, 
1943, and consists in using a reactance tube to develop a variable inductance. 
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A schematic diagram illustrating a possible form of distortion meter 
utilizing the circuit of Fig. 6-12b is shown in Fig. 6-13. Here switch S is 
a.t first thrown to A, thus by-passing the attenuator, and the output 
indication is observed after condenser C and resistance R of the bridged-T 
network have been adjusted for suppression of the fundamental (which 
is indicated by minimum output). Switch S is next thrown to E, and 
the attenuation is adjusted to give the same reading as before. The 
attenuator reading is then the rrus distortion as expressed by Eq. (6-11) 
and defined in decibels. 

Distortion-measuring instruments based on the suppression · of the 
fundamental frequency are simpler, less expensive, and easier to build 
than are wave' an�lyzers. However, they give only the total distortion, 

Source of 
voltage to 

be measured 

r - - - - - - - - - - - - ------, 
I I 
I I 
I 

Atten.uator 
Bridged-:T I 

I network I �r- adjustable r- of 
O· 60db. I 

I Fig.6·12b I 
I I 
I A B I 
I 
I S 1 
I I 
I I .... _ _ _ _ _  - - - - - _ _ _ _ _ ___ .-1 

. ..... Disforfion measurlng sef 

Output 
indicator 

FIG. 6-13. Schematic diagram of a practical distortion meter based on the network 
of Fig. 6-12b. 

and not the amplitude of the individual distortion components. In par
ticular, they are useful only in dealing with a fundamental wave and its 
harmonics, and cannot be employed in situations involving two independ
ent waves which have fundamental frequencies unrelated to each other, 
and which may differ much less in frequency than do a fundamental and 
its harmonic. 

Miscellaneous Types of Wave Analyzers. A simple method of analyzing 
a complex wave is illustrated schematical1y in Fig. 6-14. I Here a search 
voltage of variable frequency is superimposed upon the voltage to be 
analyzed, and the combination is applied to a full-wave square-law 
vacuum-tube voltmeter. 2 In such an arrangement the vacuum-tube 
voltmeter will give an average deflection that depends only upon the 
effective value of the combined wave. However, when the frequency of 

1 C. C. Suits, A Thermionic Voltmeter Method for the Harmonic Analysis of Elec
trical Waves, Proc. IRE, vol. 18, p. 178, January, 1930. 

1 If care is taken to make the search voltage considerably larger than the voltage to 
be analyzed, it is permissible to use an average-reading voltmeter, such as illustrated 
in Fig. 1-23. A peak-reading vacuum-tube voltmeter is, however, to be avoided. 
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the search voltage is within a fraction of a cycle of a frequency component 
contained in the unknown wave, then pulsations (beats) are superimposed 
upon this steady deflection. These pulsations (beats) have an amplitude 
proportional to the crest amplitude of the component of the unknown 
wave that differs from the search frequency by only a fraction of a cycle. 
One can thus measure the amplitude and frequency of each component 

, , , , 
In�f En :6dcl leak 

: rEs,! + ' ..L-I..tt.!i!J;jI"f-l..-.,...l.III'I'I' · 
For balancing 
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of me fer n'-

Search 
frequency 

FIG. 6-14. Vacuum-tube-voltmeter method of analyzing waveform. 

of the unknown wave by varying the search frequency, noting the fre
quencies at which beats occur, and observing the amplitudes of these 
beats. This arrangement is simple and direct, but has the disadvantage 
that the ability to measure small components in the presence of large 
components of other frequencies is limited. 

Another method of harmonic analysis suitable for power frequencies 

FIG. 6-15. Dynamometer method of ana
lyzing wa.veform. 

and the lower audio frequencies is 
illustrated in Fig. 6-15.' Here a 
dynamometer instrument is em
ployed, through one coil of which 
is passed a current representing 
the wave to be analyzed, while 
through the other coil there is 
passed a search current of con
trollable frequency. The opera
tion of the device depends upon the 
fact that the instrument pointer 

will not be deflected unless the frequency of the search current is very 
close to the frequency of a component contained in the wave being 
analyzed. When the difference between the two frequencies is a fraction 
of a cycle per second, the pointer will pulsate at the difference frequency. 
The amplitude of pulsation is equal to 1nl., where In is the effective 
amplitude of the unknown component, and I, is the effective amplitude of 
the search current. Thus to analyze a wave Olle varies the frequency of 
the search current, notes the frequencies at which beats occur, and 

I M. G. Nicholson and William M. Pcrkins, A Simple Harmonic Analyzer, Proc. 

I RE, vol. 20, p. 734, April, 1932. 
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observes the amplitudes of these beats. The dynamometer method of 
analyzing a complex wave has the advantage of simplicity and directness. 
However, the ability of the method to measure accurately small com
ponents in the presence of large components of other frequencies is limited 
by the allowable power dissipation in the dynamometer coil. This is 
because the dissipation limits the current that can be passed through the 
coil, and hence the amplitude of the beat. The method is also limited to 
the lower audio frequencies, where dynamometer instruments operate 
satisfactorily. 

6-6. Spectrum Analyzers,! When a radio-frequency carrier wave is 
modulated, whether by telegraphic keying, by speech or music signals, 
or by radar pulses, the resulting waveform comprises not only the original 
carrier frequency- but also two groups of side-band components displaced 
in frequency above and below the carrier. The distribution of these fre
quency components, plotted as a graph of amplitude (voltage or power) 
versus frequency, is termed the spectrum. The problem of determining 
these side-band components is somewhat related to that of determining 
the frequency components of audio-frequency signals by means of the 
wave analyzer of Sec. 6-4. The frequency components now occur at 
radio frequencies, including especially the microwave region, where spec
trum analyzers have proved particularly valuable. 

As in the case of the wave analyzer, the radio-frequency spectrum 
analyzer operates on the principle of exploring the desired frequency 
region with a narrow-band-selective voltmeter or receiver. 2 There are 
two possible circuit arrangements, the onc most commonly used being 
shown in Fig. 6-16. The device provides a plot on the screen of a cathode
ray tube, portraying a graph of amplitude versus frequency. The pattern 
in Fig. 6-16 is that which would occur from a pulse-modulated magnetron 
under proper operating conditions. 

The upper portion of the block diagram in Fig. 6-16 is seen to be essen
tially that of a superheterodyne receiver, except that the local oscillator is 

1 See " Technique of Microwave Measurements " (Vol. 11 ,  Radiation Laboratory 
Series), Chap. 7, pp. 408-468, McGraw-Hill Book Company, Inc., New York, 1947; 
C. W. Oatley, Ultra-high Frequency Measurements, Jour. lEE (Radiolocalion Con
vention), vol. 93, pt. IlIA, p. 204, March-May, 1946; Everard M. Williams, Radio
frequency Spectrum Analyzers, Proc. IRE, vol. 34, p. 18, January, 1946; L. Apker, 
J. Kahnkc, E. Ta/t, and R. Watters, Wide-range Double-heterodyne Spectrum 
Analyzers, Proc. IRE, vot: 35, p. 1068, October, 1947; E. Kettlewell, W. A. Bournc, and 
C. Chilton, A 3-em R.F. Spectrometer and Mismatching Impedance Unit, J. lEE 
(Radiolocalion Conv.), vol. 93, pt. IlIA, pp. 224 (abstract), 1491, March-May, 1946. 

1 The special problems involved in measuring the radiation produced by radiotele
phone transmitters in adjacent channels are discussed by N ean Lund, Methods of 
Measuring Adjacent-band Radiation from Radio Transmitters, Proc, IBE, vol. 39, 
p. 653, June, 1951. 
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electronically ·swept back and forth between two frequency limits at a 
linear rate. At the same time, the spot on the cathode-ray tube is caused 
to move horizontally across the face of the tube in synchronism, so that 
the horizontal position is a function of the frequency of the local oscillator. 
As the spot moves horizontally, it is deflected vertically upward in pro
portion to the amplitude of the voltage delivered by the detector and 
video amplifier. The sweep-voltage waveform is usually a saw tooth, 
providing essentially zero Itflyback" time, although a sine wave could be 
used with a suitable means for phase adjustment to provide overlapping 
of the forward and return traces on the cathode-ray tube. A suitable 
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FIG. 6-16. Schematic diagram of one form of spectrum analyzer. 

local oscillator tube at microwave frequencies is the reflex klystron ; the 
frequency of such a tube is readily controlled over a small range by apply
ing the sweep voltage to the repeller electrode. At lower frequencies a 
triode oscillator can be used in conjunction with a reactance-tube modu
lator, a! even mechanical means for sweeping the frequency can be used. 1 

In order to secure proper operation of the spectrum analyzer, attention 
must be given to certain design considerations. These include the rate 
and range of the frequency sweep, together with the bandwidth and center 
frequency of the intermediate-frequency amplifier. Ideally, one would 
wish the bandwidth to be as narrow as possible, in order to provide the 
highest resolution. However, if carried to the limit, this would require a 
very low sweep speed in order to allow time to build up the voltage in the 
receiver circuits, and would also ultimately lead to unsatisfactory flicker 
of the cathode-ray image. The range of frequencies to be covered should 

1 For a compilation of several means of securing a frequency sweep, see C. B. Clark 
and F. J. Kamphoefner, Panoramic Sweep Circuits, Electronics, vol. 22, p. I l l, 
November, 1949. 
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Le as small as possible. The intermediate frequency should be chosen 
high enough to avoid the image response associated with superheterodyne 
reception. 

One of the principal applications of spectrum analyzers has been in the 
study of the radio-frequency spectrum produced in the pulse modulation 
of microwave oscillator tubes. Examination of the spectrum by an 
experienced observer facilitates a diagnosis of maladjustments of the 
system, including such things as unwanted frequency modulation. For 
the examination of a carrier that is amplitude-modulated by a succession 
of rectangular pulses, the characteristic pattern of the pulse spectrum is 
that shown in Fig. 6-16, with the envelope going through zero amplitude 
at frequency intervals above and below the carrier frequency equal to 
liT, where T is the duration in seconds of the rectangular pulse. To give 
a sufficiently complete picture of the spectrum, the frequency band pre
sented on the screen of the cathode-ray tube should be at least 61T, thus 
including at least three of these points of ' zero amplitude above and below 
the carrier. This would require a 6-Mc band for pulses of 1 .use-c duration. 
Thus is set the optimum range to be swept by the electronically tuned 
local oscillator in the analyzer, 

The rate at which this frequency range must be swept is a function of 
the pulse recurrence frequency. The analyzer presents a picture in which 
the spectrum is determined from the envelope of the succession of pulses 
that are received during the time the spots tra.vel across the screen. 
Obviously, the greatest detail will be obtained with the largest number 
of pulses received during this time. Since the pulse-recurrence frequency 
is usually predetermined, this means that the best definition occurs if the 
sweep interval is made as long as possible. Actually, if at least 50 pulses 
are present on the screen, the envelope can be determined sufficiently 
well, and hence we can say that the sweep speed should be no greater 
than one-fiftieth of the pulse-recurrence frequency. If this turns out to 
require such a low sweep speed that flicker results, it may be necessary 
to use a long-persistence cathode-ray screen. 

The bandwidth, and hence the resolution, of the analyzer is determined 
primarily by the bandwidth of the intermediate-frequency amplifier. If 
the resolution is to be adequate, there is a maximum permissible band
width, which is related to the pulse duration. The evaluation of this 
relationship is too complicated to derive here, primarily because it also 
involves the shape of the band-pass characteristic as well as the width of 
the passband between· the 3-db points, For simple intermediate-fre
quency amplifiers, however, using a large number of single-tuned stages, 
it can be shown that the bandwidth of the amplifier should be no greater 
than one-tenth of the reciprocal of the pulse duration, namely, O.l/T, If 
the bandwidth is greater than this, the envelope does not go entirely to 
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zero at the frequencies where it theoretically would with perfect pulse 
modulation. 

The final design consideration is the determination of the center fre
quency for the intermediate-frequency amplifier. Here it must be 
pointed out that the analyzer is essentially a superheterodyne receiver 
without any selectivity ahead of the mixer, and accordingly, will have an 
image response which must not appear on the screen. Thus if the total 
bandwidth presented on the screen is 6/T as suggested above, the center 
of the intermediate-frequency band should have a frequency that is at 
least 4/T. Under these conditions the image action is to superimpose on 
the presentation the side band frequencies from 5/1' to 1 1/1' cycles on 
one side of the carrier. The relative magnitude of such frequencies will 
normally be negligibly small. 

Sometimes the requirements on center frequency and bandwidth of the 
intermediate-frequency amplifier are somewhat incompatible, particu
larly in requiring an impossibly narrow bandwidth for a very high-fre
quency amplifier. Here the problem is solved by using a double super
heterodyne circuit in which the first intermediate-frequency amplifier is 
at a high frequency and determines the image spacing. This first ampli
fier is followed by the second mixer and a low-frequency, very narrow
band amplifier which determines the over-all bandwidth of the analyzer. 

There is an alternative form of the radio-frequency spectrum analyzer 
which 'provides certain advantages over that indicated in Fig. 6-16.'·2 
The arrangement in this second type is shown in Fig. 6-17. It is a form 
of a double superheterodyne, with the over-all bandwidth being deter
mined by the amplifier following the second mixer. The first local 
oscillator is not electronically swept, but is arranged to be manually 
tunable over a wide frequency range, for instance, 300 to 1,000 Mc. For 
the case shown in Fig. 6-17, where the bandwidth of the first intermediate
frequency amplifier is 20 Mc, the second mixer is presented with a 20-Mc 
portion of the original high-frequency spectrum, but moved downward in 
frequency so that it lies between 20 and 40 Mc. This spectrum, 20 Mc 
wide, is now swept with the aid of a mechanically or electronically tuned 
local oscillator associated with the sweep generator; the resolution in Fig. 
6-17 taking into account the image response of the second mixer, cor
responds to a response band 100 kc wide with a lO-kc hole in the center. 

I This analyzer is described in "Very High Frequency Techniques," Radio Research 
Laboratory Staff, p. 608, McGraw-Hill Book Company, Inc., New York, 1947. 

1 Still another method of making a spectrum analysis that finds occasional use at 
microwave frequencies, consists in loosely coupling a very high-Q cavity wavemeter 
to the wave being investigated, and observing the variation in cavity output as the 
resonant frequency of the cavity is varied. 

. 
This method lacks resolution, but requires 

little equipment. For further details see P. Andrews, A IO-cm Mechanically Swept 
Spectrometer, PrQc. lEE (Radio & Comm.), vol. 96, pt. Ill, p. 254, May, 1949 . .  

• 
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This circuit has the advantage that frequency calibration marks can be 
placed upon the cathode-ray screen, and they will not be changed by the 
frequency of the input and the tuning of the first local oscillator. In con
trast, in the spectrum analyzer of Fig. 6-16 a given sweep voltage from the 
sweep generator varies the frequency through a range that is approxi
mately proportional to the center frequency of the swept local oscillator. 
Thus the calibration in Fig. 6-16 will change whenever the center fre
quency of the local oscillator is retuned to accommodate an input signal 
of different frequency. In Fig. 6-17 is shown an auxiliary feature 
whereby a manually obtained analysis can also be obtained with the aid 
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FIG. 6-17. Schematic diagra.m of second form of spectrum analyzer. 

of a bolometer voltmeter. The A VC connection serves to increase the 
amplitude range of the manual measurement. 

The spectrum analyzer can, of course, be used for examining modulated 
signals of types other than those modulated with rectangular pulses. An 
example might be frequency ' modulation with sine waves of different 
amplitudes and different modulation frequencies. 

When dealing with pulses, a spectrum analyzer used in conjunction 
with an envelope viewer such as discussed in connection with Fig. 6-21, 
not only gives complete information regarding the pulse, but also fre
quently enables an experienced experimenter to deduce the cause of pulse 
distortion. 

S-S. Wave Analyzers for Radio Frequencies. Spectrum-analyzer 
techniques are applicable only where the various frequency components 
contained in the wave under investigation lie within a relatively narrow 
frequency band. In other cases, as, for example, in the determination of 
the' harmonic content of a radio-frequency wave, it is customary to 
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improvise a wave analyzer as illustrated in Fig. 6-18. I Here, a sample of 
the wave to be investigated is applied to the input terminals of a radio 
receiver provided with an output meter, and arranged for manual rather 
than automatic volume control. Provision is made whereby the receiver 
input terminals may be swjtc�ed to the output of a signal generator 
capable of producing a known output in the frequency range that is being 
investigated. 

The experimental procedure is as follows: Frequency components that 
are present in the wave being investigated are detected by tuning the 
receiver over the appropriate frequency range, and noting the frequencies 
at which output is indicated. The amplitude of any one of these fre-
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FIG. 6-18. Method of using a communications receiver and signal generator to form 
a system for analyzing radio-frequency waves. 

quency components is then obtained by adjusting the volume control of 
the receiver until the output indication has a convenient value. The 
receiver input terminals are then switched from the unknown wave to 
the signal generator. The frequency of the signal generator is adjusted 
to be identical with the frequency of the component under measurement; 
this is done by adjusting the signal-generator frequency to give maximum 
receiver output. Next, the amplitude of the signal-generator output is 
varied until the receiver indicates the same output as was produced by 
the wave being investigated. The amplitude of the unknown com
ponent being determined is then obviously equal to the known signal
generator output. 

When the wave under investigation has a large amplitude, it is neces
sary to place an attenuator in the input of the radio receiver as illustrated 
in Fig. 6-18, in order to pl'event overloading of the receiver input with 
consequent danger of harmonic generation and cross-modulation effects 
occurring within. the receiver. Under these conditions, the receiver 
should be adequately shielded in order to prevent direct pickup of energy 
that by-passes the attenuator. When an attenuator is used with the 
receiver, one may apply the signal-generator voltage on the input side of 

1 See Arnold Pcterson, The Communications Receiver as a Wave Anslyz�r, Gen;. 
Rad. Expt., vol. 18, January, 1944. 
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the attenuator as illustrated in Fig. 6-18; in this case the amount of 
attenuation need not be known. However, it is sometimes inconvenient 
to obtain a signal-generator output equal in amplitude to the magnitude 
of the frequency component being measured, as for example with high
power radio transmitters. One can then use a known attenuation, and 
connect the signal generator directly to the receiver input terminals 
instead of to the input of the attenuator. In this casc, the actual ampli
tude of the uukllown 115 greater than the output of the signal generator by 
the known attenuation. 

The amplitudes of the harmonics and cross-modulation terms encoun
tered in radio-frequency circuits arc usually quite small because these 
circuits generally represent highly resonant systems. Thus in analyzing 
a radio-frequency wave, one is very frequently faced with the problem of 
measuring a small harmonic component in the presence of a: very large 
fundamental-frequency component. This fact must be taken into 
account when determining the amount of voltage that it is permissible to 
apply to the receiver input in Fig. 6-18 without creating spurious fre
quency components within the receiver. In particular, if one is measur
ing small harmonics in the presence of a large fundamental, it is desirable 
that the receiver be well shielded so that energy can enter the receiver only 
at the normal input terminals; the selectivity between the input terminals 
and the first tube should also be adequate to provide considerable dis
crimination against the fundamental frequency when tuned to a harmonic. 

At frequencies in the video range, a heterodyne type of wave analyzer 
anaJogous to Fig. 6-10 is sometimes used. In some cases the fixed ampli
fier operates at a lower frequency than any frequency contained in the 
wave being investigated, and is either a low-frequency tuned system,l or 
is an audio amplifier. In other cases a double-heterodyne system is 
employed; the latter arrangement is especially suitable for determining 
frequency spectra, such as noise, that extend into the audio range.2 

6-7. Pulse Shape. Measurement of the shape and duration of rec
tangular pulses is common in many fields of activity, including radar3 and 
television," and is a problem closely related to that of observing and 

1 See A. O. Landeen, Analyzer for Complex Waves, BeU System Tech. J., vol. 6, 
p. 230, April, 1927. 

2 See Philip S. Jastram and Gor'don P. McCouch, A Video-frequency Noise-spec
trum Analyzer, Proc. IRE, vo!. 37, p. 1127, Oct.ober, 1949. 

I Oscilloscopic techniques developed specifica.lly for radar, but generally useful, are 
described in detail in "Electronic Instruments" (Vol. 21, Radiation Laboratory 
Series), Part IV, Pulse Test Equipment, pp. 573-663, McGraw-Hill Book Company, 
Inc., New York, 1948. 

' See, for instance, R. D. Kell, A. V. Bedford, and H. N. Kozanowski, A Portable 
High-frequency Square-wave Oscillograph for Television, Proc. IRE, vol. 30, p. 458. 
October, 1942; H. E. Kallman, Portable Equipment for Observing Transient Response 
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measuring transient voltages by means of the cathode-ray oscillob'l"aph, 
as described in Sec. 6-1. A general-purpose cathode-ray oscillograph can 
be used for viewing pulses if their duration is not too short, and if they 
repeat at a constant frequency,l For single pulses, or for pulses recurring 
at an irregular rate, and for accurate measurements upon pulses of very 
sbort duration, the oscilloscope must possess special features. Oscillo
scopes designed for this purpose are commonly known as synchroscopes, 
for reasons that will become apparent in the discussion that follows. 

Shape Definitions. The two most common measurements on pulses 
arc the amplz'tude, usually in volts,2 and the time duration. The latter 

r:;:=� NorLal r Ideal 
&fmplilude I reclanqu/dr 

Aclual pulse shapt: 
...-L �...,Ul S&iq 
-, 

.:100% 90% I pulse -""1 
I I 

Nise I/me 

I 
L 

(a) Pulse possessin� saq but without 
overshoot or undershoot 

NOm 
amp"N4� ! I 1 ,/00% 90% I 

fS.=:JJ¥"�mhOOf 

'-\-;;-iT.:n"dershoot R ise lime � 
(b) Pulse possessing overshoot GtnQ 

ur.dershoot but without s�g 
FIG. 6-19. Definition of terms used in describing the characteristics of a pulse. 

quantity may range from a small fraction of a microsecond to several 
milliseconds. In addition, since most electronic systems fail to transmit 
a rectangular pulse with perfect fidelity, it is usually desired to measure 
certain quantities, shown in Fig. 6-19, which have been found most useful 
in describing the waveform distortion. These quantities are the rise time, 
measured in microseconds, the Ol!ers/wot, sag! and underslwot, usually 
measured in per cent of the nominal pulse amplitude. The definition of 
rise time that is indicated in the figure, i.e., the time required to increase 
from 10 to 90 per cent amplitude, is the one most commonly used. Other 

of Television Apparatus, Proc. IRE, vol. 28, p. 351, August, 1940; R. A. Montfort and 
F. J. Somers, Measurement of the Slope and Duration of Television Synchronizing 
Impulses, ReA Rev., vol. 6, p. 370, January, 1942; H. L. Morrison, Precision Device 
for Measurement of Pulse Width and Pulse Slope, ReA Rev., vol. 8, p. 276, June 1947; 
see also footnotes, Sec. 6-1. 

J Thus see A. Easton, Measuring Pulse Characteristics, ElectroniC8, vol. 19, p. 150, 
Fcbruary, 1946. 

I Occasionally the amplitude of current pulses is required ; this is easily obtained 
by amplifying and observing the voltage drop across a small resistor inserted in the 
current path. If the addition of even a small resistance is precluded by considerations 
of damping in the test circuit, it is possible to use a small inductance; see N. Roehester 
and D. L. Stevens, The Measurement of Large Pulse Currents, Sylvania Technologist, 
vol. I, p. 17, October, 1948. 
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ways occasionally used to express rise time are to define it as (1) the 
maximum amplitude divided by the maximum rate of rise, or (2) the 
maximum �mplitude divided by the rate of rise at half amplitude.' 

Oscilloscope Chara.cteristics. In making measurements of the above 
characteristics it is apparent that calibration of the oscilloscope both in  
amplitude and in time is required. In  addition, the time base should be 
linear if the waveform is to appear in proper proportions. 

A first requirement of the oscilloscope amplifier is that the amplitude of 
the observed pulse be a lineadunction of the actual pulse voltage. This 
requires simply that the oscilloscope amplifiers be not overloaded beyond 
their linear operating range. Such overloading may easily go undetected 
because the characteristic flattening of the top of the waveform that 
accompanies overloading looks normal with rectangular pulses. The 
amplitude of the input to the oscilloscope should be made small at first, 
and then increased to the desired level ; overloading can then be detected 
by observing whether or not the height of the cathode-ray trace continues 
to increase uniformly. 

It is even more apparent that the oscilloscope amplifiers must introduce 
as little \vaveform distortion as possible ; this may be a very stringent 
requirement if an almost rectangular pulse is to be examined for distor
tion. The oscilloscope amplifiers will introduce small amounts of the 
same kinds of distortion as are shown in Fig. 6-19, and it is important 
that this added distortion be substantially less than that in the original 
waveform. Occasionally the manufacturer of an oscilloscope will specify 
the amplifier distortion in terms of the quantities of Fig. 6-19. More 
commonly, only the steady-state amplitude response is given. This is 
indirectly related to the transient performance, which can then be inferred 

. from Eq. (6-13). 
If the· rise time of the oscilloscope amplifiers is less than one-fifth of the 

rise time to be observed and measured, the rise-time distortion of the 
pulse introduced by the amplifiers can be regarded as negligible. If the 
oscilloscope amplifiers are not this fast, an approximate correction, good 
to about 10 per cent, can be made when the overshoot is small. If h is  
the pulse rise time observed on the cathode-ray tube, and t2  is  the known 
rise time of the amplifiers,' then the actual pulse rise time to of the pulse 

1 A discussion of these is given by D. G. Tucker, Bandwidth and Speed of Build-up 
as a Performance Criteria. for Pulse and Television Amplifiers, J. IEE, vol. 94, pt. Ill, 

p. 218, May, 1947. 
I For an actual measurement, tt should include the finite rise time or the test gener

ator. This combined ta is found by connecting the generator directly to the oscillo
scope and measuring the rise time on the cathode-ray tube. 

The general rule for the total rise time t of cascaded circuits is 
(E;-I2a) 
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is given by 

to = Vtl' - t,' (6-12) 

As an aid in evaluating whether or not the rise time of a given oscillo
scope is fast enough when only the bandwidth of the oscilloscope amplifier 
is specified, the following approximate relationship is helpful, 

T = 0.35 
(6-13) B 

where T is the amplifier rise time in microseconds, and B is the band
width 1 in megacycles. This relationship assumes that the transient 
response has no overshoot. If the overshoot is greater than about 5 per 
cent, the constant 0.35 should be more nearly 0.45. 

In measurement of the sag (see Fig. 6-19) of long pulses, the sag intro
duced by the oscilloscope amplifier may be important. This distortion 
is related to the low-frequency response of the amplifier, but not in a 
simple manner analogous to Eq. (6-13). There is, however, a simple rule 
for combining the effects of the sag introduced by the amplifier with that 
present in the pulse to be measured. The top of the pulse is a portion of 
an exponentially decreasing curve, but in well-designed amplifiers it 
represents only the initial portion of the exponential, and is therefore 
approximately a straight line with a negative slope. The rule is that 
these slopes add directly as a rectangular pulse passes through successive 
amplifier circuits. Therefore, if an oscilloscope amplifier is known to 
introduce a slope of a particular magnitude, then this slope is to be sub
tracted from the observed slope when a pulse is displayed on the oscillo
scope. The net slope resulting after the subtraction is that present in 
the original pulse. Amplifiers with d-c couplings do.not have this distor
tion, and may he advantageous for work with long pulses. Amplifiers 
with a-c couplings must he tested with square waves of known precision 
in order to determine their sag. 

Sweep Provisions. The viewing of ex'iremely short pulses calls for 
higher sweep speeds than are normally included in general-purpose oscill<r 
scopes. Sweep speeds of 4 or 5 in. per ",sec are common in oscilloscopes 
for pulse use, and may go as high as several hundred in. per ",sec. 

Since pulses frequently occur with large intervals between them, and 
also at intervals that do not repeat precisely, it is almost universal practice 
to use a driven (also known as tI servo," H start-stop," or "single-shot ") 
sweep. This sweep wave is a saw-tooth wave of the character shown in 
Fig. 6-20c, in which the duration of each sweep is small compared with 
the time interval between sweeps. The sweep may be initiated by the 
signal pulse itself, as in Fig. 6-20a, or may be triggered by a separate 

I Essentially, B is equal to the high-frequency limit corresponding to the frequency 
for which the amplitude response has fallen off 3 db from midrange. 
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timing or synchronizing generator, as in Fig. 6-20b. In the latter case, 
the synchronizing source also initiates the pulse generator that provides 
the pulses being observed. In either caseJ a delay provision is normally 
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included as shown, whereby the sweep is initiated prior to the advent of 
the pulsejl this permits the viewing of the entire pulse, including the 
important leading edge. 

1 Delay lines for this purpose can consist of a half dozen or more T or wo sections; 
thus see J. B. Trevor, Jr., Artificial Delay-line Design, Electronics, val. 18, p. 135, 
June, 1945. Alternatively. one can use an artificia.l line with distributed constants; 



! . 

262 EL E C T R O N I C  M E A S UR E M E N T S  [CHAP. 6 

When very fast sweeps are used, and when they are initiated by pulses 
occurring at long intervals, the average light intensity of the cathode-ray 
screen tends to be low. This can be compensated for by increasing the 
electron-beam intensity in the cathode-ray tube during the short interval 
while the sweep is in progress. During the rest of the time the electron 
beam is blanked off entirely. This result is accomplished by a " blank
ing" or " gating " circuit, and is a normal component of oscilloscopes for 
pulse work. 

Oscilloscopes which combine all of the above-mentioned sweep features, 
particularly the feature of a driven sweep which can be synchronized with 
the signal pulse, are usually designated as synchroscopes. 1 

Calibration Means. Amplitude calibrations can be provided III the 
usual way, with 60-cycle voltage, for instance. 

Accurate time caHbration is of particular importance in pulse measure
ments, especially in the dctermining of fast rise times. This is usually 
accomplished in either of two ways.2 The first of these is timing marks, 
and has already been discussed in Sec. 6-1. Of particular value are high
frequency timing marks applied as intensity modulation on the electron 
beam, preferably with square waves, thereby producing a dashed trace. 

The other approach is the use of an accurate' sweep generator. With a 
circuit such as the phantastron,3 it is possible to rely upon the calibration 
of the rate-adjustment control. The control can be labeled directly in 
units of sweep speed, for instance inches per microsecond, and thus time 
measurements can be made directly on the cathode-ray tube with a ruler. 
Although the phantastron itself can be made accurately linear to within 
about 0.2 per cent, the over-all precision of the time calibration is 
seldom better than 10 per cent, because of aging of tubes and variation 
in components. 

A very simple method is available for measuring the time duration of 
regularly repeated rectangular pulses, which requires only a communica
tion receiver with frequency coverage up to several megacycles.o4 Such a 
receiver can be connected directly to the generator of the pulses to be 

see Heinz E. Kallman, Equalized Delay Lines, Proc. IRE, vol. 34, p. 646, September, 
1946; J. P. Blewett and J. H. Rubel, Video Delay Lines, Proc. IRE, vol. 35, p. 1580, 
December, 1947; A. H. Turner, Artificial Lines for Video Distribution and Delay, 
ReA Rev., vot. 10, p. 447, December, 1949; K. H. Zimmermao, Spiral Delay Lines, 
Elec. Comm., vol. 23, p. 327, September, 1946. 

I For descriptions of several synchroscopes, sce "Electronic Instruments," op. cit., 
p. 594. Synchroscopes for very high-speed operation are described in the following: 
O. O. Kelley, A High-speed Synchroscopc, Rev. Sci. Imtrument8, vol. 21, p. 71, 
January, 1950; Pierce, loco cit. 

, See Sec. 6-8 for further details . 
• See Sec. 13-15. 
'" See Peterson, loco cU. 
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measured, and used essential1y as a spectrum analyzer. As the receiver 
is tuned across the frequency range, starting at the low end, a frequency 
component is encountered at intervals equal to the pulse-recurrence fre
quency. The amplitude of these components goes through minima at 
frequencies that are multiples of the reciprocal of the pulse duration. 
Thus if the pulse were 1 }lsee long, nulls would be encountered at J Mc, 2 
Mc, etc. Correction. factors for pulses that have other shapes, such as a. 
trapezoid, are available. L 

Another simple method for determining the time duration of rectan
gular pulses involves the uSQ of a conventional oscilloscope, together with 
a sine-wave oscillator used to provide a circular sweep.'.!: The pulse to be 
measured is passed through a shunt-R series-C differentiating circuit (see 
Sec. 13-2), giving a short positive pulse coincident with the leading edge 

-
Time-

(a) Directly viewed r",rJio� (b) Envelope of pulse 
frequency pulse after rectification 

FIG. 6-21. Methods of presenting the envelope of a pulse-modulated ra.dio-frequency 
wave. 

and a negative pulse at the trailing edge. These new pulses are applied 
to the vertical-deflection plates of the oscilloscope, and the sweep fre
quency adjusted until they are coincident; i.e., when exactly one period 
of the sweep frequency transpires between the positive and the negative 
pulses. This period is thus equal to the time duration of the original 
pulse. 

Pulse Envelope Viewers. When dealing with pulse-modulated radio
frequency waves, the actual shape of the radio-frequency envelope is 
iully as important as the shape of the pulse used to modulate the radio
frequency oscillator. When the carrier frequency is not too high, and 
the amplitude is large, one can observe this envelope shape hy applying 
the pulse-modulated radio-frequency wave directly to the vertical
deflector electrodes of a cathode-ray synchroscope, as shown in Fig. 6-21a. 
The horizontal timing wave can be synchronized with the envelope by' 
triggering the sweep with a video-frequency pulse obtained either from 
the modulating pulse, or by rectification of a portion of the radio-fre
quency wave. Direct viewing in this manner has the advantage that it 
presents the modulated pulse as it actually is, without any possibility of 

1 Ibid. 
S Easton, op. cit. Sce See. 6-1 for circula.r sweeps. 



264 E L E C TR O N I C  M E ASUR E M E N TS ICHAP. 6 

distortion by accessory equipment such as rectifiers or amplifiers ; the 
method has the disadvantage, however, that sufficient voltage must be 
available to produce reasonable vertical deflection. Furthermore, the 
carrier frequency must not be so great that the transit time of the elec
trons in passing the deflecting electrode is such a large fraction of a cycle 
that the oscilloscope has little or no sensitivity (see Fig. 6-6). This upper 
limit is typically of the order 500 to 1000 Mc with most oscilloscopes. 

When dir�ct viewing of the radio-frequency wave is not practical for 
any reason, one can rectify the pulse-modulated wave, amplify the result
ing video pulse if necessary, and apply to the vertical deflectors of a 
cathode-ray synchroscope (see Fig. 6-21b). The rectifier may be either 
a diode or a crystal; in either case it must be chosen with due regard to 
the carrier frequency involved. Great care must be taken with pulse 
amplifiers if the pulse shape is not to be altered; not only must the ampli
fier band be wide compared with the reciprocal of the pulse length, but 
also phase distortion must be small. 

Envelope viewing of a pulse shows amplitude variations which the pulse 
undergoes, but gives no information regarding any frequency modulation 
that the radio-frequency oscillations may possess. In order to obtain a 
complete understanding of the composition of a modulated radio-fre
quency pulse, it is therefore nece3Sary to combine information from 
envelope viewing with the type of information deriVlld from a spectrum 
anslyzer (see Sec. 6-5). 

6-8. Time-interval Measurements. The measurement of time inter-. 
vals, partiCUlarly short intervals as small as � 0 l'8ec, can be performed 
readily by electronic means.! Not only are such measurements often 
needed in connection with radio engineering, but th�y find wide usefulness 
in all types of instrumentation. 

Time-interval measurements are closely associated with pulse tech
niques, for the events to be timed are usually of sbort duration and can 
be converted by some means to electrical pulses. Time measurements 
involving sinusoidal quantities are essentially phase measurements, and 
are discussed in Sec. 6-9. 

The precise measurement of short time intervals has been highly 
developed in connection with radar systems, navigational systems such 
as loran, radio altimeters for aircraft, primary standards of frequency, 
and nuclear-physics instrumentation. A substantial body of literature 
exists describing the many and varied techniques which have been found 
useful. The reader is referred to these for details beyond the elementary 
principles set forth here. 

I A comprehensive treatment with applications primarily to radar and electronic 
navigation systems, will be found in " Electronic Time Measurements" (Vo!. 20, 
Radiation Laboratory Series), McGraw-HiIl Book Company, Inc., New York, 1949. 
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Oscillographic Method.. Although it is possible to construct compli
cated circuits which will measure time intervals automatically and pre
sent the result on an indicating meter, I most measurements can be made 
with the aid of a cathode-ray-tube display. Generally, a sweep is used 
that is initiated by the event or pulse which is to serve as the time refer
ence. The length or duration of this Hdriven " sweep is adjusted so that 
both of the events or pulses arc visible on the screen. If the approximate 
sweep speed is known, a rough meas-
urement of the time interval separat-
ing the two pulses can be determined 
from the linear distance separating 
the pulses on the cathode-ray tube. 

For greater accuracy, a set of fixed 
markers or indices can be super
imposed upon the cathode-ray trace. 
These markers usually have their 
origin in a sine-wave oscillator of 
accurately known frequency. The 
waveform from this oscillator is then 
modified by amplifying, clipping, and 
differentiating, until a series of sharp 
pulses is obtained as shown in Fig. 
6-22. To obtain greater precision 

Refer�nce 
pulse 

Unknown 

FIG. 6-22. Measurement of time inter-
val between two pulses with the aid 
of timing marks. 

with fixed markers, an expanded sweep can be used, which displays only 
the interval hetween the two markers that bracket the pulse. In Fig. 
6-22, the markers are shown as deflections; they could equally well be 
applied as intensity modulations, thus giving brightened spots for the 
time markers. 

Instead of fixed markers, it is possible to use a mqvable index, or cursor. 
The operator adjusts the position of the marker until it coincides with 
the observed pulse; the time interval is then given by the setting of the 
position control. The nature of the index, or cursor, can be a step, a 

1 This is particularly so when the time interval repeats at a regular recurrence fre
quency. Thus the phase-measuring system of Fig. 6-30 is essentially an arrangement 
that gives a. meter indica.tion of the time interval between two set!'! of pulses having 
regular rates of repetition. 

A method of obtaining a meter indication of a nonrepea.ting time interval, the 
beginning and end of which can be defined by electrical pulses, is described by M. E. 
Krom, Electronic Timing Test Set, BeU Labs. Recqrd, vol. '1:1, p. 176, May, 1949. In 
this system, a condenser is charged from a constant-current source during the desired 
time interval, which is then given by the final voltage built up across the condenser 
as observed on a vacuum-tube voltmeter. The constant charging current is turned on 
Md off a.t the beginning and end of the desired time interval by a. flip-flop or gate cir� 
cuit operated by the pulses associated with the two ends of the time interval. 
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notch, or a pulse, as shown in Fig. 6-23. Fundamental to the operation 
of a movable-index arrangement �s a circuit which is triggered by the 
reference pulse, and then after a time interval determined by the setting 
of a control, a second pulse is generated which provides the marker pulse. 
Two suitable circuits for this application are the delay multivibrator and 
the phantastron, which are discussed in Sec. 13-18. Each of these gives a 
sharply rising (or falling) voltage at the end of a time interval determined 

,Reference by the setting of a control voltage. 
pvlse Thus the time adjustment is made . ,Unknown 

1 ·1 'Adjust ror 
co incidence 

(oi 

by means of a Source of fixed volt-
age and a potentiometer. The 
sharp voltage transition that indi
cates the end of the interval can be 
passed through a differentiating 
circuit to give a simple pulse as in 

n Fig. 6-23c, or it can trigger a pulse 

� generator, which is used to produce 
"---,-, -,-, ----- a notch as in Fig. 6-23b. Simplest LJ Nofch IV. !ch not adj{)sted' adju:fed for of all, the delay-circuit output 

cO ;l1cidenc� voltage can be used directly to pro-
( b) 

( c )  

--f-Adjvstable timinq pulse 

duce the step of Fig. 6-23a. 
Counting Methods.' When the 

time interval to be measured is not 
too short, and can have its begin
ning and end marked by pulses, 
then counting methods are partic
ularly satisfactory. The jdea is 
that a known frequency is applied 
to a high-speed counting system 
through a gate. The gate is turned 

FIG. 6-23. Various types of adjustable 
time markers used in cathode-ray pre
sentations. on and off hy the pulses that define 
the time interval under investigation; jf this time interval repeats over and 
over, the gate is so arranged that after being open for one interval it stays 
closed until manually reset by a push button. In such a system the 
counter registers the number of cycles of the known frequency generated 
during the period the gate is open, i.e., during the time interval to be 
determined. Thus, if the known frequency is 1 Mc, then the count shows 
the time interval in microseconds with an error that will always be less 
than ± 1 J,lsec. The absolute error is less the higher the known frequency, 
and hence is limited by the maximum speed with which a dependable 
counter will operate, while the percentage accuracy will always be less the 
shorter the time interval being measured. 

1 See Sec. 5-8 for details of counting systems. 
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6-9. Measurement of Phase Difference.' Cathode-ray-tube Methods. 
A cathode-ray tube is commonly used to determine the phase difference 
between two voltages of the same frequency. Thus, if one of these 
voltages is applied to the horizontal-deflecting electrodes, while the other 
is applied to the vertical deflectors, an elliptical pattern results, the exact 
character of which depends upon the relative phase and amplitude of the 

PhQse 
difference:O· 

V1 7!B'O 
Ph(lse Phase Phase 

djfference�4S· differtnc,e",qo" difference:I35" &1 EIY�Bqg! 
Phase Phase Phase Phase 

d IHuenee' ISO· difference· 2'25· difference ",270· difference'" 31S· 

1{o \l3 f C])� cVTI 
Equo! �mphtu�es and vOf-ylnq phOlse d i fferenc.es 

EqUClI Qmplitudes $mall 't'ertlC-Q1 deflection 

B A U A 

ConstQnt ph(lse differenc.e of 450 but varYing 
amplitude on vertical deflection 

FIG. 6-24. Typical patterns produced by a cathode-ray tube when sinusoidal voltageR 
of the same frequency, but differing in phase and amplitude, are applied to the hori
zontal and vertical deflectors. 

two voltages concerned. Patterns in typical cases are shown in Fig. 6-24. 
The phase difference 8 between the two waves is gIVen by the formula 

. B 
sm 8 = + - A  (6-14) 

where A and B have the significance shown in Fig. 6-24. The quadrant 
must be worked out from the orientation of the major axis of the ellipse 
and the direction in which the spot travels. Uncertainty as to the direc-

I Excellent general discussions of the subject are given by M. Levy, Method and 
Apparatus for Measuring Phase Distortion, Elec. Commun., vol. 18, p. 206, January, 
1940; H. Nyquist and S. Brand, Measurement of Phase Distortion, Bell Syatem Tech. 
J·t vol. 9, p. 522, July, 1930. 
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tion in which the spot travels can be eliminated by shifting the phase of 
one of the deflecting voltages in a known direction and noting the effect 
on the pattern. 1 

A variation of the above procedure consists in inserting an adjustable 
phase shifter in series with onc of the deflecting plates, and then varying 
the phase shift thus introduced until the pattern on the cathode-ray tube 
becomes a line. The amount of phase shift required to accomplish this 
result then is the desired phase difference. This arrangement gives 
greater accuracy than can be obtained by the use of Eq. (6-14), since the 

(� '- /" ' - -
ta I Phase incljUl�jon 

by position of 
semic'lrcu]!:'r !:'re 

lb) Phase indication 
. by bl!:'nk spot on 
circular trace 

FIG. 6-25. Phase determination using a 
cathode-ray tube, in which the angular 
scale corresponds to position on a circular 
trace. 

phase shift introduced can usually 
be determined more accurately 
than can the dimensions of an 
elliptical pattern. 

A number of methods have been 
devised for measuring phase with 
the aid of a circular time base on 
a cathode-ray tube. Two exam
ples are illustrated in Fig. 6-25. 
In each of these cases the circular 
time base has the same frequency 
as the wave under investigation ; 

if this sweep is truly circular, then relative phase is indicated by angular 
position on the circle, one complete rotation being 3600• In Fig. 6-25a the 
voltage whose phase is to be observed is applied to the electrode controlling 
the beam intensity, and which is biased approximately to cutoff. The 
result is a pattern consisting of a semicircular arc as shown, the position of 
which is a function of phase. If the relative phase of two vohages is to be 
determined, these voltages are applied successively to the control electrode 
while leaving the sweep unchanged ; the angular shift in the position of 
the arc is then equal to the phase difference between these voltages. An 
alte[native procedure:! is to derive short pulses from a specified part of the 
waves under investigation (as the instants when the amplitudes are zero 
going positive). The bias on the control electrode is then adjusted to be 
less than cutoff, and these pulses are applied to the control electrode with 
negative polarity. The result is that each pulse momentarily interrupts 
the trace as shown in Fig. �25b, with the interruptions corresponding to 
the relative phases of the waves from which the pulses were derived. a 

1 Other methods of determining the direction of travel of the spot are described by 
E. R. Mann, A Device for Showing the Direction of Motion of the Oscillograph Spot, 
Rev. Sci. Instruments, vol. 5, p. 214, June, 1934; J. R. Hayncs, Direction of Motion of 
Oscilloscope Spot, Bell Labs. Record, vol. 14, p. 224, March, 1936. 

2 This method is due to B. D. Loughlin, Vector-response Indicator, Trans. AIEE, 
vol. 59, p. 335, June, 1940. 

a A variation of this arrangement, in which the control electrode is biased beyond 
cutoff, and the pulses are applied with positive polarity so that each pulse produces a 



SEc. 6-9j W A V E F O R M ,  P H A S E ,  A N D  T I M E  I N T E R V A L  269 

Markers indicating a reference phase may be added to the ordinary 
oscillograph presentation of a wave shape by the expedient illustrated 
schematically in Fig. 6-26. Here, pulses derived from a definite part of 
the cycle of a reference voltage (as when the voltage is passing through 
zero going positive) are applied to the control electrode of the cathode-ray 
tube with such polarity as to increase the trace intensity. Each such 
pulse then produces a bright spot on the wave being shown on the face of 
the tube, The position of these spots with respect to the wave being 
shown then gives the phase relation of this wave with respect to the 
reference wave; thus in Fig. 6-26, the 
wave shown lags the reference wave 
by approximately 45°, assuming that 
the pulse corresponds to the reference 
wave going through zero and becoming 
positive. 

Phase Determination by Voltage A d
dition. A very widely used method of 
measuring phase difference consists 
in superimposing the two voltages 
involved, and then varying the ampli
tude and phase of one of the voltages 
until the sum is zero. The details 

8;'iqhf spots produced 
by refermce pulse 

FrG. 6-26. Phase determination by 
employing' pulses derived from a. 
definite part of a reference voltage to 
brighten the cathode-ray trace and 
thereby indicate a reference-phase 
position. 

involved in carrying out this principle can take a variety of forms. 
An arrangement suitable for all except microwave frequencies is 
illustrated in Fig. 6-27.' Here the two voltages whose relative phase 
is to be determined are applied to the inputs of separate amplifier 
tubes, the plate circuits of which are common to each other. A 
vacuum-tube voltmeter indicates the sum of these two voltages as 
developed across the resistance R. A null indication' of the vacuum-

bright spot, is dcscribed by Peter G. Sulzer, Vector Voltage Indicator, Electronic8, 
vo}, 22, p. 107, June, 1949. The angula.r direction of a radial line drawn from this 
spot to the centcr of the cathode-ray screen gives the relative phase of the wave from 
which the spot was derived. 

A system in which the length of this radial can be made proportional to amplitude, 
so that the position of the spot represents both magnitude and phase of the vector cor
responding to thewa.ve, is described by E. A. Walker, A. H. Waynick, and P. G. Sulzer, 
Polar Vector Indicator, Tram. AIEE, vol. 68, pt. I, p, 154, 1949 (also Elec. Eng., 
vot. 68, p, 489, June, 1949, 

I Another arrangement that is both simple a.nd effective is described by Joseph A. 
Vanous, Single-tube Audio Phasemeter, Eledronic8, vo!. 23, p. 226, October, 1950j 
also see Y .P. Yu, Measuring Vector Relationships, Electronics, vo!. 24, p. 124, July, 
1951. 

t A modification of this procedure consist.a in dispensing with the phase shifter and 
using the vacuum-tube voltmeter to measure the amplified output under three condi
tions, (1) when both voltages are applied- to their respective tubes, (2) when the input 
is removed from tube T1, and (3) when the input is removed from Tt. Calling these 
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tube voltmeter is obtained by varying the transconductance of one of the 
tubes through bias adjustment to obtain equality of the two amplitudes, I 
while simultaneously adjusting the phase shifter to produce a phase 
difference of 180°.' 

An alternative arrangement suitable for use at microwave frequencies 
is illustrated schematically in Fig. 6-28. ',' Here samples of the two 

E, 

1 
E, 

1 

Adjustable 
phQse 

shifter-

R 

Adius/able ffor gain 
con/rol) 

To"vncuum· 
tube 
volfmeter 

Fto. ()..27. Schematic diagram showing phasc·m�asuring system that involves varying 
the phase and amplitude of one voltage until it is equal and opposite to the refcrence 
voltage. 

waves involved are obtained by means of directional couplers Dl and D2 
(or other sampling means) . The couplers are each terminated so as to be 
nonreAecting in one direction, while the unterminated ends are connected 
together through a slotted section provided with pickup probe, and an 
adjustable attenuator, as shown. The attenuator is adjusted so that the 

respective voltages E., El, Et, the phase angle 8 between the two waves is then given 
by the relation 

(6-15) 

This is the familiar equation giving the third side E. of a triangle in terms of the other 
two sides El and E2, and thc angle 8 between El and E2. This technique is described 
by E. E. Wright and G . .E. G. Graham, Measurement of Amplification and Phase 
Shift in Ampli.fiers, Wireleas Eng. and Expt. Wireless, vol. 13, p. 259, May, 1936. 

I The gain adjustment. must not vary the phase shift; hence the arrangement shown 
would be suitable only at frequencies high enough for the cathode bypass capacitor 
to be a virtually perfect short circuit. Alterna.tively, a capacitancc-<:ompensated 
voltage divider or a resistive attcnuator can be inserted in the circuit ahead of the 
phase shifter (sce Sce. 15-2). 

t A variation of this sytem is described by J. R. Ragazzini and L. A. Zadeh, A Wide
band Audio Phasemeter, Rev. Sci. lmtruments, vol. 21, p. 145, February, 1950. 

' See A. L. Samuel and C. F. Crandell, A Wave-guide Bridge for Measuring Gain 
at 4000 Mc., Proc. IRE, vol. 36, p. 1414, November, 1948 . 

• Another example of phase-measuring equipment for microwaves is described by 
Sloan D. Robertson, A Method of Measuring Phase at Microwave Frequencies, Bell 
System Tech. J., vol. 28, p. 99, January, 1949. 
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minima of the standing-wave pattern obser�ed in the slotted section are 
quite deep. The position of the minima as observed by the probe is then 
an indication of the relative phase of the two waves existing at the points 
Dl and Dt. A change in the position of the null by a distance x corre
sponds to a phase change of 360 (x/A) degrees, where A is the wavelength 
in the slotted section, in the same units as x. 

Phasemeters. A number of arrangements have been devised whereby 
the phase difference between two waves is indicated directly on a meter. 
One such arrangement is shown in Fig. 6-29. 1 Here the voltages whose 

Wave No. I _ _�rl<���Ve9A�'o�. 2�='=: 
a/reel/Dna! couplers 

Ad.iustable attelluafor� 

t I 
Terminafion Slofted section Tern;inalion 

FIo. 6-28. Phase determination at microwave frequencies by observation of the posi
tion of the minima. in a standing-wa.ve pattern that results from the combination of 
tbe two waves whose phases are to be compared. 

, 
phase difference is to be determined are applied to separate amplifier 
channels so designed and operated as to develop square-wave outputs. 
By using the same clipping level in both channels, the square waves thus 
produced not only have amplitudes independent of the strength of the 
applied voltages, but also have the same amplitude in each of the two 
channels. These two square waves are applied to the grids of separate 
Class A amplifier tubes T, and 1'" which have a common plate load 
resistance R. The output voltage developed across R is accordingly the 
algebraic sum of the two square waves, and will have a character that 
depends upon the relative phase of these square waves. Thus, if the 
voltages were originally ] 80° out of phase, the sum of the two square 
waves is zero, while jf the two voltages are in phase, their sum is a square 
wave having twice the amplitude of the square wave of an individual 
channel. Intermediate phase relations give intermediate results, in 
which the area under the wave depends upon the phase, as shown in Fig. 
6-29b. The combined output is rectified by an average-reading diode, 
such as shown in Fig. 1-23, and the resulting rectified current is indicated 
by a d-c instrument which can be calibrated directly in degrees. It will 
be noted that the indication is independent of frequency. However, 
there is an ambiguity of the phase indication with respect to 180°; thus 
180 + 30 = 210° gives the same indication as does 180 - 30 = 150°.' 

I This is due to Edward 1 .... Ginzton, "Electronic Phase-angle Meter, Electronics, 
vol. 15, p. 60, May, 1942. 

I A modification that removes this ambiguity is described by E. F. Florman and A. 
Tait, An Electronic Phascmeter, Proc. IRE, vot. 37, p. 207, February, 1949. 

• 
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Another type of phasemeter is shown schematically in Fig. 6-30.' 
Here, the two waves whose phase difference is to be determined are used 
to generate trains of positive pulses by squaring, differentiating, 'and 
rectifying, as shown. The time displacement between these pulse trains 
is a measure of the phase difference. The two pulse trains are simul
taneously fed to both grids of an Eccles-Jordan trigger circuit (often 
called flip-flop circuit). At any one time in such a circuit one tube carries 

r..,� 
..1---) ---

11 Limiting a.mplifier l F Wove ond " 
No l squ(}re·W()Ve. gener()tof'" I f-

� Averaqe-
,.e� c:A i n q  T" l§) R rectifier- - type 

Wove 
Limiting amplifier J =-

voltmeter 
No.2 ond _T e--square-weave generator" "i � 

( 0 )  Schematic circuit 

ReJof,ve phase ' O· QO' 180' 
Wove at A n_n Lro n n  0 0  n n  0 0  
Wove ,It B n n  LID n n  JL:J L n n  Lro 

Sum of A + 8  

t b )  Wove fo rms 
Fro. 6-29. Phasemcter based on the addition of square wnves. 

current while the other tube is nonconductingj moreover, each time a 
positive pulse is applied to the two grids simultaneously, the tubes inter
change functions. Thus the fraction of the time one of the tubes is 
carrying current is proportional to the time displacement of the two 
pulse trains and hence to the phase angle; a d-c meter indicating the 
average plate current of this tube can hence be calibrated to read degrees, 
independent of frequency. 

� balanced modulator arrangement such as illustrated in Fig. 6-31a 

1 See Erncst R. ruetzmer, Measuring Phase at Audio and IDtrasonic Frequencies, 
Eleclronica, vol. 22, p. 114, October, 1949. 
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Pha.semeter ba.sed on a trigger (flip-flop) circuit actuated by pulse trains. 

(a) Schematic. cirGuit 

CASE 1 
E, leods E, by 135· 

e, 
E, 

Eo 

I 
90- O· 

Phose difference 
of E ,  Md Ez 

I 

(b) Relation of-Eo to phase differenc.e 

CASE 2 CASE 3 
El leOlps Ez by 90· El leads E2 by 45· 

e, 
E, 

E 

e, E, 

(cl Vector diQgrQms 
FIG. 6-31. Balanced modulator type of phasemeter. 
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can be used as a pbasemeter.1 Here the voltages El and E2, whose 
phase difference is to be determined, are applied to two diode rectifiers in 
the manner shown. The difference Eo in the rectified output voltages 
of the two diodes is a measure of the phase difference. This output 
voltage Eo is related to phase in the general manner illustrated in Fig. 
6-31b; however, the exact quantitative relation is affected by the charac
teristics of the diode tubes and associated circuits and by the magnitudes 
of E, and E,. Accordingly, if the meter that reads Eo is to be calibrated 
in degrees, it is necessary that voltages El and E2 have preassigned 
values, and that they be sinusoidal. 

The operation of this type of phasemeter can be understood with the 
aid of the vector diagrams of Fig. 6-31c. When E, leads E, by 90° 
(case 2), equal voltages e, and e, are applied to the two diodes, the 
rectified outputs are equal, and the difference Eo = � - E': is zero. 
However, if El is now retarded in phase, then el > e2 (see case 3), and 
Eo = Eo - E': is positive by an amount that increases as the phase 
difference between El and E'l decreases. Similarly when El leads E'l by 
more than 90° (case I),  then the total voltage e, applied to diode T, is less 
than the voltage e, applied to diode T" making the difference 

Eo = E'o - E� 
in rectified outputs negative by a.n amount that is greater as the angle of 
lead of E, increasingly exceeds 90°. 

Miscellaneous Aspects of Phase Measurements. The phase difference 
between two waves is not affected by heterodyning both waves simul
taneously with the same voltage, and rectifying to convert to a new fre
quency. Thus if two waves having a frequency of 50 kc and differing 
in phase by 30° are separately mixed with 49-kc voltages that have the 
same phase, then the two lOOO-cycle difference-frequency waves produced 
by the mixers will likewise differ in phase by exactly 30°. However, to 
achieve this result the two heterodyne voltages must have identical phase; 
if they differ in phase by, say, 10°, then this difference is combined with 
the phase difference of the two waves being compared, making the 1000-
cycle waves have a phase difference of 30° + 10°. 

The fact that heterodyne action properly carried out changes frequency 
but preserves the phase relations makes it possible to devise apparatus in 
which the actual phase-difference determination is carried out at a pre
determined, convenient, fixed frequency, for which the phase shifter 

t See L. 1. Farren, Phase Detectors. Wireless Eng., vol. 23, p. 330, December, 1946; 
D. A. Alsberg and D. Leed, A Precise Direct Reading Phase and Transmission Meas
uring System for Video Frequencies, BeU System Tech. J., vol. 28. p. 221, April, 1949j 
R. H. Dishington, Diode Phase Discriminators, Proc. IRE, vol. 37, p. 1401, Decem
ber, 1949. 
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or other phase-measuring equipment is designed to operate. To measure 
phase, one then converts the waves under investigation to the predeter
mined frequency by heterodyne action by adjusting the mixer oscillator 
frequency to the value required to achieve this result. It thus is possible 
to make phase measurements over a wide frequency range, while handling 
only onc frequency in the phase-measuring equipment. l  

When the accuracy with which the phase difference is required is 
greater than the inherent accuracy of the measuring method that would 
ordinarily be used, harmonic generation may be used to increase the phase 
difference. This takes advantage of the fact that the phase difference 
between two voltages is increased in proportion to frequency multiplica
tion; thus the tenth harmonics of two voltages that differ by 0.5° will 
differ in phase by 5°. Alternatively, one can mix the (n - l)st harmonic 
of wave A with the nth harmonic of wave B; the resulting difference
frequency wave then has a phase difference with respect to wave A that is 
n times the phase difference of B with respect to A . · 

6-10. Delay Time, Phase Distortion, and Envelope Delay.' The 
phase shift that a current undergoes when being transmitted through a 
circuit is related to the time of transmission through the circuit according 
to the equation 

Phase shift (Jag) in radians = f3 = WT + n .. (6-16) 

where 'T" is called the delay time, and is expressed in seconds, w is 21r times 
the frequency, and n is an integer which represents the numbers of phase 
reversals that are inherent in the circuit involved (thus each stage of 
amplification ordinarily introduces one phase reversal).  Equation (6-16) 
comes about since a phase shift at a particular frequency may be directly 
expressed in time. Thus, a 90° phase shift of a lOOD-cycle wave cor
responds to a quarter of a cycle, or 0.00025 sec, since each cycle represents 
0.001 sec. 

When the wave applied to the input of an electrical circuit contains 
several frequency components having some particular initial phase rela-

I Phase-measuring instruments using this principle are described by Alsberg and 
Leed, loc. cit.; Levy, loc. cit.; H. T. Friis, Oscillographic Observations on the Direction 
of Propaga.tion and Fading of Short Waves, Proc. IRE, vol. 16, p. 658, May, 1928; R. 
R. Law, A New Radio-frequency Phase Meter, Rev. Sci. Instruments, vol. 4, p. 537, 
October, 1933; Bcrnard D. Loughlin, A Phase Curve Tracer for Television, Proc. IRE, 
vol. 29, p. 107, March, 1941. 

• Further discussion of the use of harmonic methods to increase the accuracy of 
phase measurements is given by R. A. Giaser, The Accurate Measurement of Relativc 
Phase, Proc. Nall. Eledronic Conj., vol. 3, p. 593, November, 1947; S. Bagno and A. 
Barnett, Cathode-ray Phasemeter, Eledronics, vol. 11, p. 24, Janua.ry, 1938. 

, For further discussion of thcse subjects sce Nyquist and Drand, loc. cit.; C. E. Lane, 
Phase Distortion in Telephone Apparatus, Bell System Tech. J., vol. 9, p. 493, July, 

1930: Levy, loco cit. 
. 
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tionship, it is necessary that the delay times of all the frequency com
ponents of the complex wave be the same jf this phase relationship is not 
to be disturbed. If the delay time T is different for the different frequency 
components, phase distortion is said to exist. In order to avoid phase 
distortion, it is apparent that the curve of phase shift as a function of 
frequency, when plotted on a linear frequency scale, must be a straight line 
passing through an integral multiple of 7r at zero frequency. 

The delay time can be obtained at any frequency by determining the 
phase shift for that frequency, and then substituting in Eq. (6-16). Typi

90· - - - - - - - - - - -

o· t=;c:�===",.,-Frequency ( l oqarithmic stale) 

vr--__ E '" 

Frequenc'l (logarithmic scale) 
FIG. 6-32. Curves showing relation 
between phase shift and delay 
time. 

cal phase-shift and delay-time curves, 
showing the relationship between the 
two, are shown in Fig. 6-32. 

The slope of the phase curve at a 
particular frequency defines a time caned 
the group delay time, or envelope delay 
time, according to the equation 

d{3 
dw = 'To (6-17) 

The envelope delay TO is important in 
dealing with modulated waves. For 
example, a carrier wave having an angu
lar velocity of Wo and modulated at a 
frequency j. = w./27r, possesses side
band components having angular veloci
ties Wo + w, and Wo - w,. When passed 

through a circuit having an envelope delay of TO seconds, the upper and 
lower side bands are then symmetrically shifted in phase in opposite direc
tion with respect to the carrier by W,TO radians. This produces a pbase 
shift in the modulation envelope of W,TO radians, where these radians are 
now radians at the modulation frequency. Thus, if the radio frequency 
side bands of an amplitude-modulated wave are shifted symmetrically 30° 
with respect to the carrier frequency, then the modulation envelope of the 
wave at the output of the circuit is likewise shifted in phase by 30°. 
After detection this envelope delay appears as a 30° phase delay of the 
modulation frequency output of the detector. 

Envelope delay can be determined in several ways.l An obvious pro
cedure is to determine the phase shift as a function of frequency, plot the 
relationship, and determine the slope of the curve about the frequency at 
which one desires the envelope delay. An alternative procedure consists 
in modulating a test signal with a modulating voltage of suitabb fre-

I Also see D. H. Ring, The Measurement of Delay Distortion in Microwave Re-. 
peaters, BeU System Tech. J., vol. 27, p. 247, April, 1948. 
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quency, and passing this modulated wave through the circuit whose 
envelope delay is to he determined. Samples of the modulated wave at 
the input and output of this circuit are separately rectified, and the phase 
difference hetween the modulation-frequency components of the two 
rectified currents is measured, and used to calculate the envelope delay. 
Still another procedure consists in applying two test voltages of slightly 
different frequency to the input of the circuit. A sample of the combined 
wave applied to the input terminals is rectified to produce a difference
frequency component, and a sample of the complex output wave is simi
larly treated. If the two difference-frequency waves derived from the 

Oufpuf 
r 

10)  
FIG. G-33. Phase-shirter arrangements operating from a single-phase source. 

input and output terminals in tms way differ in phase by an angle a<l> 
radians, then the envelope delay TO is 

a<l> 
T, � 2 .. aj 

where Ilf is the difference frequency.l 

(6-18) 

6-11. Phase Shifters. Phase-shifting devices find use in the measure
ment of phase, and also have other applications in measurement work. 
A great many arrangements for shifting phase have been devised, of 
which . few of the more common are shown in Figs. 6-33 and 6-34. At 
Fig. 6.33a, varying the resistance R from 0 to infinity causes the phase of 
the voltage Eo/) to vary continuously over a 1800 range with no change in 
amplitude.' The circuit of Fig. 6-33b employs a capacitive load in the 
plate circuit of a pentode, causing the voltage between plate and control 
grid to differ in phase by 90°. The voltage hetween the sliding contact 
on potentiometer P and ground can accordingly be varied continuously 
through a 90° range by means of tms slider ' The amplitude of this volt-

1 A modification of tbis procedure that is used to determine variations in the delay 
time of television signa.ls transmitted over coaxial and other circuits in which the 
two terminals of the system are far apart is described by O. D. Engstrom, Trans
mission Measuring System, BeU Lab. Record, vol. 24, p. 264, June, 1951. 

! This arrangement, 8Jld variations of it, are described by F. Alton Everest, Phase 
Shifting Up to 360 Degrees, Electronics, vol. 14, p. 46, November, 1941; K. Kreiel
sheimer, Pha.se Adjuster, Wireless Eng., vol. 17, p. 439, October, 1940. 

' J. P. Taylor, Catbode-ray Antenna Phasemeter, Electronics, val. 12, p. 62, April. 
1939. 
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age is not constant with varying phase shift, although it can be made the 
same at the two extreme positions if the transconductance of the tube is 
adjusted so that the amplification is exactly unity. 

The phase shifters of Fig. ()"34 employ a polyphase source of energy to 
excite them, and produce a continuous variation of phase through 3600 by 
merely rotating a pickup coil or condenser rotor. At a., a rotating mag
netic field is produced by two crossed coils carrying currents differing in 
phase by 90°. The output is derived from a pickup coil that can be 
rotated in this field. The required 90° phase shift between the two field 
coil currents is normally obtained by a resistance-capacitance phase
splitting arrangement as illustrated, although wide-band systems such as 
referred to on page 231 can be used if desired. By careful attention to 

Phase 
spl"ller r---f\�--I",::�: Crossed 

--- cods 
Rolahnq 
pickup 
coil 

Oulpu"f 
electrode 

Oulptlf 
+ 

(0) MCtgnetic. type of polyphase (bJ ElectrostOltic type of polypha,se phCJse shifter 
phase shifter 

FIG. 6-34. Phase shiftcrs involving two-phase arrangements. 

design details, an arrangement of this type will develop an output voltage, 
the magnitude of which is almost completely independent of angular posi
tion of the pickup coil, while the phase will be directly proportional to the 
angle of rotation to a high degree of accuracy.'  

An electrostatic equivalent of the crossed-coil phase shifter is shown in 
Fig. ()"34b.' Here the two pairs of segments S,S" and S,8" correspond to 
the two crossed coils of Fig. ()"34a, and are excited by voltages differing 
in phase by 90°. These four segments are placed parallel to an output 
plate electrode So. The phase of the voltage induced in the output plate 
is controlled by rotation of an appropriately shaped dielectric disk D. 

I This arrangement is essentially a radiogoniometer sJ..Ieh as is used in direction 
finding, and so involves the same design considerations. These arc discussed at some 
length by J. H. Moon, The Design of Electromagnetic Radiogoniometers for Use in 
Medium-frequency Direction Finding, J. lEE, vo!. 94, pt. Ill, p. 69, January, 1947; 
D. G. Prcssey, Radiogoniometers for High and Very-rugh-frequeney Direction Find
ing, J. lEE, vol. 95, pt. Ill, p. 210, July, 1948. 

! Design details of capacitive phase shifters of this typc, and also of corresponding 
three-pbase devices, are given in "Components Handbook" (Vol. 17, Radia.tion 
Laburatory Series), p. 288, McGraw-Uill Dook Company, Inc., New York, 1949; also 
:ree John F. Morrison, Simple Methods for Observing Current Amplitude and Phase 
ltelations in Antenna Arrays, Proc. IRE, val. 25, p. 1310, October, 1937. 
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The dielectric constant of this disk increases the coupling between the 
output electrode and the segments which are adjacent to the disk, so that 
by rotation of the disk one can control the relative contributions that each 
of the four electrodes SI, S" S3, and S, makes to the output. Thus rota
tion of the disk varies the phase of the output voltage from 0 to 360° with
out requiring moving contacts. When the disk is properly shaped, the 
output voltage will be substantially constant irrespective of the angular 
position of the dielectric djsk, while the phase of the output voltage will be 
almost exactly linearly proportional to the angle of rotation of the disk.' 

Sliding 

la} COQxial � line stretcher" 

Cb) Trombone line stretcher-

� d )  Moveable vane pho:se shlfter 

FIG. 6-35. Simple phase-shift systems applicable to cotl.xial lincs and wavcguides. 

At microwave frequencies it is possible to use methods of phase shifting 
that would not be practical at lower frequencies. Examples are shown in 
Figs. 6-35 and 6-36. The arrangement of Fig. 6-35a is termed a " line 
stretcher," and consists of a section of coaxial line that can be varied in 
length by means of a sliding arrangement as shown. The change in total 
length of the system is taken care of by means of the flexible cables in the 
system. Since the phase shift of a wave traveling along a line is propor
tional to length, an increase in length of onc wavelength corresponds to an 
added phase shift of 360°. A form of line stretcher that does not require 
the use of a flexible cable to take care of the changes in length is illus-

I In the four-segment a.rrangement illustrated in Fig. 6-34b, it is satisfactory to 
make the disk circular in shape, with its axis offset from the center of the circle by :l 
distance that is 0.53 times the disk radius. 
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trated in Fig. B-35b, and involves a trombonelike slide, the position of 
which determines the line length. l  

The phase shift of a wave transmitted through a waveguide can be 
reduced by reducing the guide dimension in the direction perpendicular to 
the electric field of the TElO mode (see Fig. 6-35c) . Such a "squeezing" 
of the wave increases the guide wavelength Aa, thus reducing the phase 
shift per unit length. An alternative arrangemenV is illustrated in Fig. 
6-35d, and consists in moving a long, thin dielectric vane laterally across 
the interior of the waveguide. This vane is oriented so that it is parallel 
to the electric field. The effect of the dielectric is accordingly to increase 

nr ___ ____ 

J[ 

o I 

A 

FIG. 6-36. Rotating-waveguide phase changer. 

the electric flux, and hence reduce the effective velocity of the wavej 
this increases the phase shift per unit length. Moving the dielectric 
vane from the edge toward the center where the electric field is more 
intense, increases the effect and thereby causes the phase sh.ift to be 
increased. The vane is preferably a material, such as polystyrene, that 
has low dielectric losses. It is customary to taper the ends of the vane in 
order to minimize reflection. 

A form of phase shifter that has found many uses in microwave work is 
shown schematically in Fig. 6-36.3 Here I is a section of circular wave
guide so modified that a .... vave polarized along the axis B has a lower phase 
velocity than a wave of the same mode polarized at right angles along axis 
A. The length of this section is such that the wave polarized along B 
undergoes a phase shift that is 90° more than the wave polarized along A.  
Now, when section I is oriented so its axis A is 45° with respect to the 

I Details of such a phase shifter are given in " Microwave Transmission Circuits" 
(Vol. 9, Radia�ion Laboratory Series), p. 478, McGraw-Hm Book Company, Inc., 
New York, 1948. 

t These waveguide arrangements are discussed further in " Microwave Transmission 
Circuits," op. cit., p. 513. 

S An excellent discussion of this arrangement and some of its practical applications 
is given by A. Gardner Fox, An Adjustable Wave-guide Phase Changer, Proc. IRE, 
vol. 35, p. 1489, December, 1947. 
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polarization E of a linearly polarized input wave, this wave has equal 
components along the axes A and B at the input to section 1 .  The wave 
that emerges from section I is accordingly circularly polarized. This 
circularly polarized wave enters section II, which is the same as I except 
that it is twice as long, and so produces a differential difference in phase 
with respect to the two components that is now 2 X 900 = 1800• It can 
be shown that when a circularly polarized wave enters such a section, the 
wave that emerges is likewise circularly polarized, but rotates in the 
opposite direction. This effect exists irrespective of the orientation of 
the axes of section n. However, it can be shown that the phase of the 
circularly polarized wave that emerges from II has a phase that is shifted 
with respect to the circularly polarized wave entering this section by an 
amount determined by the orientation of the axes of section II with 
respect to the axes of section 1. Thus, by rotating 1I one rotates the 

(a) (b) (c) 
Fm. 6-37. Methods of obtaining different pbase velocities nlong different perpendicular 
planes in 8. circula.r waveguide. 

phase of the output wave. This phase rotation in degrees is twice the 
angle of rotation of section n. Finally, the circularly polarized output 
wave emerging from section I1, with its phase shift determined by the 
orientation of the axis of Il, now enters section Ill, which is similar to 1. 
This final section converts the circularly polarized wave back to a linearly 
polarized wave that possesses a phase shift with respect to the input wave 
that is determined by the orientation of lI. 

The difference in phase velocity between 'axis A and axis B in sections I, 
II, Ill, can be achieved in a number of ways, the more common of which 
are illustrated in Fig. 6-37. At a, a low-loss dielectric slab is placed along 
axis B, as shown, thus increasing the component of electric flux along this 
axis, while having relatively little effect on the electric flux oriented along 
axis A .  A similar effect is obtained in b by the metal fins placed parallel 
to axis B as shown, which reduce the distance across the guide in this 
direction and hence increase the electric flux. In both the metal-fin and 
the dielectric-slab arrangements, the ends are tapered or notched in 
order to provide a gradual transition that minimizes discontinuities and 
the reflections that thereby result. The arrangement at Fig. 6-370 
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employs metal rods connected across the guide as shown; these act as 
inductive shunts to waves polarized in the direction of the rods, while hav
ing negligible effect on waves polarized perpendicular to the rods. This 
method is very desirable from a constructional point of view, although it 
has a somewhat narrower bandwidth over, which it is reasonably effective 
than do the systems of a and b. However, none of these three arrange
ments is highly sensitive with respect to frequency. 

6-12. Measurements on Amplitude-modulated Waves. The features 
of an amplitude-modulated wave of importance from a measurement point 
of view are the percentage modulation of the positive and negative peaks, 
and the distortion of the modulation envelope. In the case of amplitude
modulated radio transmitters, modulation .measurements are used to aid 
in adjusting the transmitter, and for monitoring purposes, particularly to 
warn of overmodulation. 

Investigation of M adulation Envelope by Rectification of M adulation Enve
lope. In investigating the amplitude modulation of a wave, it is common 
practice to rectify the wave. If the rectifier is distortionless, the output 
voltage developed by the rectifier will exactly reproduce the modulation 
envelope. It is customary to employ a diode rectifier for such purposes. 
The distortion introduced by the detector will be small if (1) the radio
frequency voltage applied to the detector is large (such as 20 volts or 
more carrier amplitude), (2) the plate-cathode resistance of the diode tube 
is very, very small compared with the diode load impedance (achieved by 
using a low-impedance tube, together with a relatively high load imped
ance), and (3) the load impedance of the diode offers the same impedance 
to modulation-frequency voltages as to d-c voltages (i.e., the a-cjd-c 
impedance ratio of the load must approach unity). If this latter require
ment is not met, the detector output will have the negative peaks clipped.l 

The rectified voltage wave produced by the diode output may be uti
lized in a number of ways. The average, or d-c, value of this voltage is a 
measure of the carrier amplitude of the wave, while the alternating com
ponent of the voltage developed across the output load impedance is a 
reproduction of the modulation-envelope variations. Thus changes in 
the d-c rectified current, such as are indicated by a d-c microammeter in 
series with the diode load impedance, signify a change in carrier ampli
tude, i.e., a " carrier shift." The relation of the positive peak amplitude 
of the rectified voltage wave, to the average, or cl-c, amplitude, indicates 
the positive peak modulation, while the relation of the trough, or mini
mum, of the rectified wave to the average amplitude determines the per
centage modulation at the negative peaks (see Fig. 6-38). A frequency 
analysis of the alternating component of the voltage developed by the 

I For discussion of this point see F. E. Terman, "Radio Engineering," 3d ed., 
pp. 502-513, McGraw-Hill Book Company, Inc., New York, 1947. 
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rectifier output represents a frequency analysis of the modulation enve
lope, and reveals the presence of distortion. A picture of the modulation 
envelope can be obtained by oscillographic observation of the voltage 
developed by the rectifier output, provided both the direct and alternating 
components of the output voltages are applied to the oscilloscope without 
change in relative magnitude. 
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FIG. 6-38. Modulated wave with equations giving positive and negative peak modula.
tion. 
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FIG. 6-39. Schematic diagram of modulation meter capable of reading positive and 
negative peak modulation. 

Equipment for accurate measurement of the positive and negative peak 
modulation is shown schematically in Fig. 6-39. 1 The radio-frequency 
wave to be investigated is rectified by diode detector T I operated as a 
linear detector with a minimum of distortion. The average value of the 
rectified output voltage gives the carrier amplitude, and is read by ·d-c 
microammeter M. The peak and trough values of modulation are 

1 For further discussion of equipment for measuring the degree of amplitude modu
lation, see Verne V. Gunsolley, A Differential Modulator Meter, ElectroniC8, vo!. 13, 
p. 18, January, 1940; H. D. McD. Ellis, Measurement of Modulation Depth, Wireless 
Eng., vol. 18, p. 99, March, 1941; F. C. Williams and A. E. Chester, A New Modula
tion Meter, Wireless Eng., vol. 15, p. 257, May, 1938; L. F. Gaudernack, Some Notes 
on the Practical Measurement of the Degree of Amplitude Modulation, Proc. lRE, 
vol. 22, p. 819, July, 1934. 
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obtained by separating the modulation-frequency component of the 
rectifier output from the d-c component, and then separately measuring 
positive and negative peaks of this wave by a diode voltmeter provided 
with a reversing switch as shown. Modulation factors for the positive 
and negative peaks are then given by a comparison of the peak voltage 
indicated by the diode voltmeter with the carrier amplitude as indicated 
by meter M. By adjusting the radio-frequency input so that the carrier 
indicated by M has a predetermined level, it is possible to make the diode 
voltmeter read percentage modulation directly. 

Investigation oJ Modulation Envelope by Direct Observation oJ the M odu
lated Wave on a Cathode-ray Tube. Information on the details of modula-

Mod. ufofer! 
wo ve 
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( 0 )  C i rcuit 

No modulation 

rl 
J. 

r-
T � 

M(pe,i!ive peek). �� 
M ( negative peok)= �� 

Posilion of line for 
no modulah'on 

( b )  Typica l .  patterns 
FIG. 6-40. A method of using a. ca.thode-ray tube to measure the degree or modulation. 

tion can be obtained by directly observing the modulated wave on a 
cathode-ray tube, without previous rectification. For example, the 
modulated wave may be applied to a resistance-capacitance phase 
splitter, and the resulting voltage components used for vertical and hori
zontal deflection. The result is a circular or elliptical pattern as shown 
in Fig. 6-40. In the absence of modulation, this pattern consists of a 
simple line; however, with modulation the magnitude of the ellipse varies 
during the modulation cycle, causing the line to widen out into a band. 
The degree of modulation for the positive and negative peaks can then be 
calculated from distances measured along any convenient radial from 
the center, as shown. It will be noted that for complete modulation on 
the negative peaks, the center of the pattern closes completely. 

When the modulating voltage is available, one may apply the mod11-
lated wave to the vertical deftectors, and use the modulating voltage to 
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produce the horizontal deHection. When the phase is adiusted so that 
there is no phase difference hetween the modulation envelope and the 
horizontal-deflecting voltage, then, in the absence of amplitude distortion, 
a trapezoid pattern with straight lines is obtained as in Fig. ()"41b. The 
degree of modulation can be readily calculated from this pattern by the 
equation given in the figure. The presence of amplitude distortion in the 
modulation envelope causes the sloping sides of the trapezoid to be curved, 
as shown in Fig. ()"41d. A phase difference between the modulation enve
lope and the sample of the modulating voltage used for horizontal deHec
tion cnuses the sides of the pattern to be curved, and in most cases also 
causes a shaded ellipse to appear along the upper and lower edges as 

Modulated 
wO've 

1 
Modulohnq 

wQVe 

( 0 )  Circuit 

m-as 

(bl  OistOl'"honless moauJotion 

9O�hdse 
shiFt 

(c,) Distortionless mo�ul(lfion with phose shift (dl Typical cases of distorted modulation 
(no phose shift) 

FIG. 6-41. Cathode-rsy-tube arrangement for observing a.mplitude modulation when 
the time a.xis is provided by the modulating voltage. 

indicated in Fig. MIC. Such a phase shift can be eliminated, when 
desired, by introducing an appropriate phase-shifting network in the hori
zontal-dellecting circuit. 

If the arrangement of Fig. 6-41 is modified so that the horizontal 
deflection is obtained by the use of a saw-tooth timing wave synchronized 
at a subharmonic of the modulation frequency, the result is as shown in 
Fig. 6-42b if the return trace is blanked out. The necessary synchroniza
tion can be obtained by injecting modulation-frequency voltage into the 
synchronizing circuits of the cathode-ray oscilloscope. Such a voltage 
may be obtained by rectification of the modulation envelope, if not other
wise conveniently available. 

6-13. Modulation Characteristics of Freqnency- and Phase-modulated 
Waves. In frequency-modulated systems, a discriminator may be used 
to obtain a d-c voltage that varies in magnitude and polarity according to 
the magnitude and direction of the frequency deviation of a wavc. The 
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output of such a discriminator accordingly reproduces the actual fre
quency modulation of the wave, and gives a result analogous to rectifying 
an amplitude-modulated wave. The discriminator used for this purpose 
must have the minimum possible distortion. The preferred arrange
ment is a counter-type discriminator such as discussed in connection with 
Fig. 5-19; the distortion of a well-designed discriminator of this type will 
be less than 0.2 per cent. 1 The audio output wave obtained from a dis
criminator can be presented on a cathode-ray oscilloscope, or subjected to 
harmonic analysis, etc., as desired. 

Nodi/la/eel ware 
1 

lmearltmmg wo Ye sYnchron 
izeda}.jubharmOn/C m .  B - A  
of" modulallon freqv€'nlY a i' A 

(a) Circuit (b) Resulting pattern 
FIG. 6-42. Modulated-wave envelope obtained by use of linear sweep circuit synchro
nized at half the modulating frequency. 

A calibration giving the discriminator output versus the frequency 
deviation of the wave under investigation can be determined by passing 
the input to thc discriminator through a limiter that fixes the level of the 
signal applied to the discriminator. The frequency of this signal is then 
varied step by step, in the absence of all modulation, and the variation in 
d-c output of the discriminator observed. In this way a relationship is 
obtained between discriminator output and the instantaneous frequency 
of the applied wave. This relationship obtained hy static measurements 
is, under all ordinary circumstances, the same as exists under dynamic 
conditions with alternating modulation.2 

The modulation index m, of a frequency-modulated wave for the case of 
sinusoidal modulation is given by the equation 

m = -,fr-,e-,q,,-ue,-:n
;-

c'fy
�

d
C'"

e,-:v_i.
.-

at_i-,-on-,( __ t.,-,f) 
I . modulating frequency (6-19) 

1 If the requirements are not too severe, it ia also possible to use a Sccley-type dis
criminator, or a ratio detector, for this purpose, provided such systems are designed 
with 8. frequency separation between peaks tha.t is much greater tha.n the frequency 
deviation to be encountered; in this way operation is confined to the central, highly 
linear portion of the discriminator characteristic. 

S The limitations of this <I quasi-steady-state " metbod arc discussed by Terman, 
op. cit., p. 499. 
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The modulation index may be directly measured by taking advantage of 
the fact that the carrier amplitude of the wave has zero amplitude when
ever the modulation index mj is such that J o(m,) = 0, where J 0 is a Bessel 
function of the zero order.1 Values of modulation index for which the 
carrier amplitude becomes zero are given in Table 6-2. 

TABLE 6-2. 

VALUES OF MODULATION INDEX FOR WHICH CARRIER WAVE HAS 
ZERO AMPLITUDE 

Order of Ca.rrier Zero 
1 
2 
3 
4 
5 
6 
m (m > 6) 

Modulation Index 
2 . 40 
5 . 52 
8 . 65 

1 1 . 79 
1 4 . 93 
18.07 
18.07 + .(m - 6) 

To use this method of determining the modulation index, one must have 
available a wave analyzer or spectrum ana]yzer for which the resolution is 
somewhat better than twice the modulation frcquency,2 In this case onc 
can adjust the analyzer equipment to respond only to the carrier, without 
any effect being produced by the presence of first-order or higher order 
side-band components. The amplitude of the audio modulating wave is 
then increased slowly, starting from zero, and the amplitudes for which the 
carrier becomes zero are noted. Since these conditions correspond to 
modulation indices as tabulated in Table 6-2, one is able to plot a curve 
showing modulating index as a function of the amplitude of the modulat
ing voltage. . 

In dealing with frequency-modulated waves, it is sometimes desirable to 
observe the spectrum of the wave. This can be done with the aid of a 
spectrum analyzer,8 as discussed in Sec. 6-5, or by a point-by-point analy
sis using a sharply tuned receiver as a wave analyzer In either case, if 
the resolution of the modulating equipment is greater than the modulating 
frequency, the amplitude of the individual frequency components of the 
wave may be observed; otherwise one obtains an envelope which at each 
point is an average of the several side-band components in the immediate 
vicinity of that point. 

1 See Murray G. Crosby, A Method of Measuring Frequency Deviation, ReA Rev., 
vol. 4, p. 473, April, 194.0. 

• 

I If the modulating frequency is so low that this degree of resolution cannot be 
obtained, then the approximate value of the modulation index can be inferred from 
the width of the spectrum of the modulated wave; sce H. P. Thomas, Measurements in 
F. M. Tra.nsmit.ter, Elcctronics, vol. 14, p. 23, Ma.y, 1941. 

• Thus see Roger J. Pieracci, A Frequency Modulat.ion Monitoring System, Proe. 

IRE, vol. 28, p. 375, August, 1940. 
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Detection of Phase Modulation in Transmitters. Phase modulation, and 
to a lesser extent, frequency modulation, often appear as undesired 
by-products in oscillators and transmitters making use of amplitude 
modulation. The presence of spurious phase or frequency modulation 
can be detected by passing the wave through a limiter to remove the 
amplitude modulation, and then applying the resulting wave that is free of 
amplitude modulation to a discriminator of some type. Any a-c com
ponent that appears in the discriminator output then represents phase or 
frequency modulation. 

When a wave is available which has exactly the same frequency as the 
carrier of the amplitude-modulated wave, and which is known to be com-
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FIG. (}"43. Detection of phase modulation accompanying amplitude modulation. 

pletely free of all modulation of any kind, the presence of spurious fre
quency or phase modulation can be detected by applying the amplitude
modulated radio-frequency wave directly to one pair of deflectors of a 
cathode-ray tube, while applying the unmodulated reference wave to the 
other deflectors. The relative phase of the two voltages is then adjusted 
so that, with no amplitude modulation, a straight line is produced. 
Amplitude modulation of one of the waves in the absence of phase shift 
then produces a pattern as shown in Fig. 6-43c. However, if a small 
amount of phase modulation is present, such as +45°, then the pattern 
i� modified, with one or more of the sides being elliptical rather than 
straight, as shown in Fig. 6-43d. In case the phase deviation is of the order 
of a cycle or more (OT, with frequency modulation, having a modulation 
index exceeding ' about 2,11') , a shaded rectangular area is produced as 
shown in Fig. 6-43 •. 



CHAPTER 7 

CHARACTERISTICS OF TRIODES, PENTODES. AND 

SIMILAR TUBES 

7-1. The Coefficients of Vacuum Tubes.' Many of the tubecharacter
istics of importance in the practical use of triode, pentode, screen-grid, 
and beam tubes can be expressed in terms of coefficients. These coeffi
cients describe the properties of the tube in the vicinity of an initial oper
ating condition, and are of three types, designated as mu factors, electrode 
resistances, and transconductances, respectively. 

The term mu factor is defined a.s the relative effect produced by voltage 
increments applied to some specified pair of tube electrodes on some speci
fied current in the tube. Thus, the mu factor 1'123 gives the effect of a 
small increment in the voltage on electrode 1 relative to an increment in 
the voltage on electrode 2, with respect to the current I a. That is, 

Mu factor 1'", � _ f1�2 ! � _ dE' 1 (7-1) Il.E1 Il* conet&nt dEl I. conatant 

where 6.E1 and 6.E2 are small increments of voltage applied to electrodes 1 
and 2, respectively, and of such proportion that when both are applied 
simultaneously the current 13 is unchanged. It will be noted that the mu 
factor is a nondimensional quantity which is defined with respect to a 
given operating condition or point on the characteristic curves of the tube. 
It will also be observed that there is a mu factor for every possible pair of 
electrodes with respect to every current in the tube, so that in general a 
number of different mu factors can be defined for any particular tube. 

The 'dynamic resistance of an electrode is the resistance offered between 
that electrode and cathode to a small increment in electrode voltage. 
Thus, when an increment of voltage 6.E produces an increment 6.1 in the 
current to the same electrode, the dynamic resistance is given by relation 

Dynamic resistance I tJ.E dE I (7-2) 
of electrode = 6.1 = dl other vOJtag88 c01l4tant 

1 Definitions of tube properties, and methods of testing tubes for many operating 
characteristics, are to be found in Standards on Electron Tubes, Proc. IRE, vol. 38, 
p. 426, April ; p. 917, AUJ!ust; and p. 1079, September, 1950, 

289 
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The dynamic resistance is expressed in ohms. It will be noted that the 
dynamic resistance is determined by the slope of the curve of electrode 
current as a function of electrode voltage; it is not the ratio whlch the 
total voltage applied to the electrode bears to the total electrode current. 
The numerical value of the dynamic resistance will in general depend upon 
tbe operating point. Each electrode in a tube (other than the cathode) 
may have a dynamic resistance defined for it. 

TranscQnductance, sometimes also called mutual conductance, (/12 
expresses the change t:.I, of current at electrode 2 produced as a result of 
applying a voltage increment aE1 to electrode 1 i that is, 

t:.I, dI' 1 Transconductance 012 = tJ.E 
= dE 1 1 other voltagei'! con.atant 

(7-3) 

The transconductance is expressed in mhos. Its numerical value depends 
upon the operating conditions of the tube, and is determined by the slope 
of the curve of current I, of electrode 2 presented as a function of the total 
voltage E l  applied to electrode 1 .  This transconductance (/12 is related to 
the mu factor Jl122 of electrodes 1 and 2 with respect to current 2, and the 
dynamic resistance T2 of electrode 2, according to the relation l 

Transconductance g12 = Jl122 
T, (7-4) 

Other coefficients in addition to mu factors, dynamic resistances, and 
transconductances can also be defined for tubes. These include par
ticularly those coefficients related to the curvature, and to the rate of 
change of curvature, of the tube characteristics i such coefficients are 
sometimes encountered when dealing with modulation (or detection) 
problems, and with cross-talk, but are not in general use. There is also 
the conversion transconductance, which is discussed in Sec. 9-8 in connec
tion with receiver measurements. 

Triade Coefficients. In the case of triode tubes, three of the possible 
coefficients are of particular importance. These are the amplification 
factor, the plate resistance, and the transconductance, designated by 
the symbols J.', Tp, and gm, respectively. 

The amplification factor of a triode is the mu factor that gives the 
relative effect produced by increments to the grid and plate voltages on 

I This ca.n be demonstrated as follows: By Eq. (7--3) Un - !lIt/!lE1• However, 
by definition of mu factor, !lE, is PIU times as cffcctive in causing a change in the cur
rent of electrode 2 as is t:..E\. Hence a change t:..E2 in the volt.age of electrode 2 will 
produce the same increment t:..I t in the current of electrode 2 fL8 is pl'oduced by t:..E I 
provided !lEt = PIU t:..E1• Thus Un = t:..[t/(t:..Et/Plu) = Plu/(t:..Et/!l12). Since by 
Eq. (7-2),  t:..Et/t:..lt - T2, then Eq. (7-4) follows at once. 
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the plate current. It is accordingly defined by the relation 

� = . - ��: If, constan� = - ��: 11, eOMtant 
(7-5) 

where subscripts b and c denote plate and control grid, respectively. I n  
the usual case where the. control-grid current is zero or negligible, the 
amplification factor of a triode is a measure of the effectiveness with which 

G 
E -

� 

the control grid shields the cathode 
from the electrostatic field of the 
plate. The triode amplification 
factor is accordingly determined by 
geometrical considerations, and is 
largely independent of the electrode 
voltages. In particulu,T, in the 
ideal case of perfect geometrical 
symmetry, the ampiification factor 

li f----. '�---,'--'if--+--.,IO t � u is absolutely independent of elec
trode voltages. In practical cases, 
lack of symmetry causes different 
portions of the tube to have differ
ent values of amplification factor. I 

-10 . -s 
Ee Grid volts 

As a result, the measured value of 
amplification factor for a given 
plate voltage tends to be lower as -15 
plate-current cutoff is approached, 

FIG. 7-1. Behavior of amplification factor 
in a typical triode tube. as shown in Fig. 7-1. This is be

cause as the control grid becomes 
more negative, those parts of the tube having the highest amplification 
factor will reach cutoff first, leaving only the lower Jl portions contri
buting to the plate current. Typical values of amplification factor he in 
the range 3 to 20; in some cases slightly lower values are encountered, 
while occasionally values as high as 50 to 100 are used. 

The plate resistance of a triode is the dynamic resistance of the plate
cathode circuit of the tube. Hence 

dE, dE, I r JI = III JI = dl b B. cOlUltant (7-6) 

For a given tube, the plate resistance depends on the operating condition, 
and is largely determined by the plate current at the operating point, 
rather than by the combination of electrode voltages used to produce this 

1 F. E. Terman and A. L. Cook, Note on the Variations in the Amplification Factor 
of Triodes, PrOf;. IRE, vo!. 18, p. 1044, June, 1930. 
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current (see Fig. 7-2a). In an idealized triodc having perfect geometrical 
symmetry and an equipotential cathode, the plate resistance is inversely 
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FIG. 7-2. Behavior of plate resistance and transconductance in a typical triade tube. 
Note that to a first approximation these quantities depend only upon the plate current, 
and are independent of the combination of electrode voltagcs that give rise to this 
current. 

proportional to the cube root of the plate current.1 Also to the extent 
that other things are equal, the triode tends to have a plate resistance 
directly proportional to the amplification factor; this results from the fact 

l This arises from the fact that according to the usual triode theory, one has for an 
idealized triode ( E.)" Jp = k E. + -;  (7-7a) 

where k is a constant depending on the tube dimensions. Solving this expression for Efl, and then differentiating with respect to lp, while considering E. and � constant, 
gives 

(7-7b) 

(7-7,) 

It will be noted that when dissymmctries are present, then the reduction in the 
value of � that occurs as cutoff is approached, causes the plate resistance to increase 
less rapidly than inversely as the cube root of the plate current. 
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that the extent to which the space charge adjacent to the cathode is 
shielded from the effect of the voltage on the platc is proportional to the 
amplification factor. Typical values of plate resistan"Ce'for small triode 
tubes are in the range of 1000 to 20,000 ohms. Values lower than 1000 
ohms are sometimes encountered in small power tubes i likewise, values 
as high as 100,000 ohms are not unusual when high-amplification-factor 
tubes are used with small plate currents. 

The transconductance of a triode is the rate of change of plate current 
with respect to change in grid voltage. Thus, if the grid voltage is 
changed by an increment flEe! the resulting plate-current change D.!]I is 
related to the transconductance gm by the equation 

aI, dI" 9 =
-

= -... flEe dEe E. corutant 
(7-8) 

From Eq. (7-4) it is noted that the transconductance of a triode is also the 
ratio of amplification factor to plate resistance, i.e., 

(7-9) 

Since the amplification factor of a triode approximates a geometrical 
constant: the transconductance and the plate resistance depend in an 
inverse way upon the operating conditions of the tube. In particular, 
for an idealized triode tube, the value of transconductance is proportional 
to the cube root of the plate current and is independent of the combina
tion of electrode voltages used to produce this current, as approximated in 
Fig. 7-2b. For tubes that are similar except for amplification factor, the 
transconductance will be approximately independent of Il. Typical 
values of transconductances of receiving-type triodes are in the range 
1000 to 10,000 J.Lmh08; smaller values occur, however, when tubes are 
operated with small plate currents. 

Coefftcients of Pentode, Beam, and Screen-grid Tubes. In tubes possess
ing a screen grid, such as pentode, beam, and screen-grid tubes, it is 
possible to define a very large number of tube coefficients. Only a few of 
these are of much practical significance, however. Most important is the ' 
transconductance gm of the control grid with respect to the plate current; 
for many purposes this constant alone is sufficient to describe the proper
ties of the tube that are of interest. It is also customary in tube manuals 
to list the plate resistance rp) and the amplification factor JJ. The latter 
is the mu factor of the control grid and plate electrodes relative to the 
plate current. 

The transconductance gm of a tube with screen-grid electrodes is only 
slightly less than the transconductance that would be obtained from the 
same tube made to operate as a triode by connecting all electrodes except 
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the control grid together to serve as a triode plate electrode. This is . 

because under ordinary operating conditions over 80 per cent of the space 
current of these tubes flows to the plate; the effect of the control grid on 
the plate current is accordingly only slightly less than in the equivalent 
triode. 

The amplification factor JJ. of tubes with screen grids is extremely high, 
often in excess of 1000. This is because under the usual operating condi
tions existing in such tubes, the plate current is substantially independent 
of plate voltage. The exact value of the amplification factor of such 
tubes also depends very considerably on the electrode voltages, and does 
not tend to be a geometrical constant, as is the JJ. of a triode, or as is Il, 
(see below). The independence of plate current with respect to plate volt
age also causes the plate resistance of tubes with screen grids to be very 
high under typical operating conditions ; thus values of plate resistance in 
excess of 1 megohm are typical for small receiving pentodes. 

Another coefficient of some importance in tubes possessing a screen 
grid is the amplification factor �'J the mu factor of the control grid relative 
to the screen grid with respect to the total space current. This quantity 
is the amplification factor of the triode tube that is formed by connecting 
the screen grid and plate together. It is a geometric constant, the same 
as the triode &mplification factor. This coefficient ". can be thought of 
.as the U cutoff " amplification factor, since the value of control-grid bias 
required to reduce the total space current to zero is - E./p,., where E. is 
the screen voltage. 

Another amplification factor of occasional importance is �:, the mu 
factor of the control grid relative to the screen grid with respect to the 
screen-grid current. Inasmuch as the ratio of screen-grid current to total 
space current under most conditions tends to have a fixed value deter
mined largely by the geometry of the tube, the amplification factor .. ; can 
usually be taken as identical with Jl •. 

'¥hen determining the effect that an impedance in the screen-grid 
circuit has on the behavior of 3D amplifier, the dynamic screen-grid resist
ance r. is of interest. This resistance behaves in the same manner as the 
plate resistance of a triode; for example, it is determined primarily by 
the screen current and not by the combination of screen- and control-grid 
voltages which produces the current. The screen resistance is typically 
of the order of five to ten times the plate resistance of the same tube 
connected as a triode. 

7-2. Determination of Tube Coefficients from Characteristic Curves, 
aud by Means of Static Increments. Graphical Method. Utilizing Charac
teristic Curves of 'Pubes. By definition the dyna.mic resistance is the 
reciprocal of the slope of the curve of eJectrode current plotted as a func
tion of electrode voltage, the slope being taken for the operating condi-
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tion of interest. Thus when the appropriate curves of tube character
istics are available, the dynamic resistance can be obtained by scaling off 
increments of current and voltage to determine slope, as illustrated in 
Fig. 7-3a for plate resistance. 

In a similar manner, the transconductance is by definition the slope of 
the curve of current of one electrode plotted as a function of the appropri
ate voltage. When such curves of tube characteristics are available, the 
transconductance can hence be obtained by scaling off increments

· 
of 

voltage and current to obtain the slope at the desired operating point. 
An example is illustrated in Fig. 7-3b for the transconductance of a triode. 

100 100 JOO 
E� Plcate volts 

(a) 
400 -)\ 

g >A---f--jL--f-IO�� 

-10 -5 
Ec. Grid volts 

(b) 

t 
il 

FIG. 7-3. Evaluation of triode plate resistance, transconductance, and amplification 
factor from the characteristic curves of the tube. 

The amplification factor can be determined by scaling off increments on 
the characteristic curves corresponding to voltage ratios required to keep 
the reference current constant. Thus, the amplification factor of a triode 
can be obtained either from a family of E,,-I p curves, as shown in Fig. 
7-3a, or a family of E�-Ip curves, as in Fig. 7-3b. When using such curves 
to determine amplification factor, one of the increments represents the 
voltage displacement of adjacent curves in the family along the horizontal 
axis, while the other increment is the difference in the fixed voltage 
assigned to the adjacent curves. 

The graphical determination of tube coefficients is often a convenient 
means of obtaining their approximate value. Tube curves are, however, 
seldom available with the accuracy and physical size required to give 
precise values of the coefficients. The method tends also to be unsatis
fact.ory for determining coefficients that are either unusually large or 
unusually small j under these conditions at least one of the slopes (or 
increments) involved becomes either too small or too large to be deter
mined with the exactness required to obtain �he coefficient with even fair 
accuracy. For this reason, it is generally unsatisfactory to determine 
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the amplification factor and plate resistance of pentodes and similar tubes 
by the use of characteristic curves. 

Determination oJ Tube Coefficients Using Experimenta.lly Produced Static 
Increments. The definitions given for tube coefficients in Eqs. (7-1) to 
(7-6) all have a form involving increments to the electrode voltages and 
currents. It is therefore possible to evaluate the tube coefficients by pro
ducing these increments experimentally. For example, the transconduc
tance of a triode or a pentode can be determined by altering the control
grid voltage a known amount tJ.Er;, and observing the resulting change 
111 p in plate current. Likewise, the amplification factor p. can be obtained 
by changing the voltage applied to the control grid by a known amount 
"E" and then determining experimentally the change "E, in plate voltage 
required to restore the original plate current. 

The accuracy of this method of determining the tuhe coefficients 
depends upon the precision with which the increments in voltage and cur
rent can be read, and the size of the increments. By making the incre
ments small they more closely approximate differentials; however, the 
smaller the change in electrode voltage or current, the more difficult it is 
to determine this change with accuracy. When only approximate results 
are required, it is customary to use relatively large increments, which are 
then ohserved as the change in readings of meters that indicate the total 
voltage and current associated with the electrodes involved. In emer
gencies, tubes may be tested in this way by the " grid-shift " method. 
This is a rough transconductance test carried out by changing the control
grid bias by a predetermined increment, and noting the change in plate 
current. A poor tube is indicated by a less than acceptable current 
change. 

Accurate results, however, require that the electrode voltages be 
changed by small increments which are metered directly without regard 
to the total voltage or current upon which the increments are super
imposed. The required experimental arrangement is illustrated in Fig. 
7-4, as applied to a triode. Here the change "E, in control-grid voltage 
is separately produced and controlled by means of battery El and 
potentiometer Pi; this increment t:..Ec thus. superimposed upon the grid 
potential is observed directly by voltmeter VI, which can be chosen to 
give substantially full-scale deflection for even a very small increment. 
An analogous arrangement involving battery E2J potentiometer P2J and 
voltmeter V 2 is shown for superimposing an accurately measurable incre
ment llE, on the plate voltage. The change "Ip in plate current pro
duced by these voltage increments is determined by associating meter M 
with an auxiliary battery Ea in series with a variable resistance R, which 
is adiusted so that the plate current passing through the meter M before 
the addition of the jncTf�mp.nts is exactly balanced by an equal and 
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opposite current supplied by Ea. In this way meter M indicates only the 
change in plate current, and by using a very sensitive meter even a very 
small increment in current can be quite accurately determined. In the 
arrangement illustrated in Fig. 7-4 it is important that the internal resist
ance of the plate-supply battery E, be small compared with the plate 
resistance of the tube, and that the resistance R be large compared with 
the resistance of meter M. 

The use of the incremental method to determine tube coefficients has 
the advantage that the equipment required is available around any com
munications laboratory. The disadvantage is that the accuracy is poor 

+ E, 

FIG. 7-4. Circuit for accu"rate measurement of increments to plate and grid voltages, 
a.nd to plate current, for the purpose of determining tube coefficients. 

unless circuit arrangements such as shown in Fig. 7-4 are used, and then 
the experimental procedure is both slow and cumbersome. 

7-3. Measurement of Tube Coefficients by Alternating Increments 
and Null Balances.l The increments of voltage and current appearing 
in Eq8. (7-1) to (7-8) can be a-c increments instead of d-c (static) incre
ments. Thus in Eq. (7-5), which defines the amplification factor of the 
triode, one could use alternating voltages !lE, and !lE, of opposite phase 
applied to the control grid and plate, respectively, and adjust their ratio 
until zero alternating current appeared in the plate circuit. This pr� 
cedure has the advantage that the increments, by being alternating, are 
not obscured hy the large d-c voltages and currents upon which they are 

I A discussion of the voltage-ratio method of measuring tube constants is given by 
W. N. Tuttle, Dynamic Measurement of Electron Tube Coefficients, Proc. IRE, 
vol. 21, p. 844, June, 1933. For further information on bridge arrangements such as 
illustrated in Figs. 7-5a, 7-8, and 7-11 see Roger W. Hickman and Frederick V. Hunt, 
The Exact Measurement of Electron-tube Coefficients, Rev. Sci. instruments, vol. 6, 
p. 268, September, 1935; much the same information is given by H. J. Reich, "Theory 
and Applications of Electron Tubes/' 2d 00., pp. 650-656, McGraw-Hill Book Com
pany, Inc., New York, 1944; also see E. L. Chaffee, "Theory of Thermionic Vacuum 
Tubes," pp. 228-241, McGraw-Hill Book Compa.ny, Inc., New York, 1933. 
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superimposed, as tends to be the case when d-c increments are employed. 
The use of alternating increments also lends itself to nuB-balance arrange
ments for determining the required relation between the increments. 
The result is high accuracy, such as is commonly associated with bridges. 
The voltage increments employed should ordinarily be in the range 0.1 
to 1.0 volts. 

Electrode Resistance (Plate Resistance). The resistance of any electrode 
of a tube, such as the plate resistance, can be determined by placing the 
unknown resistance in the X arm of an a-c bridge. 1 An example of such 
an arrangement is shown jn Fig. 7 -5a, where the connection is for the 
determination of plate resistance of a triode. The alternating voltage 
applied to the plate circuit of the tube by the bridge represents an incre
ment of voltage superposed upon the d-c plate voltage j the resistance 

(a) Bridge circuit (b) Voltage- ratio methoa 

FIG. 7-5. Circuits for measuring electrode resistance, showing application to the 
measurement of the plate resistance of a triode tube. 

measured by the bridge is the resistance which the plate circuit of the tube 
offers to this superposed alternating voltage. The variable condenser C. 
is required to balance the capacitance introduced by the plate-cathode 
capacitance of the tube. It is important that the bridge be coupled to 
the oscillator and telephone receivers through appropriately shielded 
and insulated transformers, since the bridge is at the d-c plate potential 
with respect to ground. It is also desirable that the bridge be completely 
shielded, as in Fig. 2-8b, if the electrode resistance being measured is high. 

Electrode resistance can be determined with excellent accuracy using a 
bridge in this manner. Very high plate resistances, such as values above 
1 megohm as often encountered in small pentodes, present no more diffi
culty than when measuring ordinary resistances of similar values on a 
bridge ; they can be readily obtained with precision by using a properly 
shielded bridge. The principal disadvantage of the bridge circuit for 
determining plate resistance is that the bridge must carry the d-c elec
trode current. The bridge resistances accordingly introduce a d-c 
voltage drop that varies as the bridge is adjusted to balance, and this cor-

I For negative resistances, a bridge of the type shown in Fig. 3-36 would be used. 
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respondingly changes the d-c voltage actually applied to the electrode. 
This effect can be minimized by so proportioning the bridge that RI is 
")mall, as 10 ohms; when this is done, then the resistance to the flow of the 
electrode current is small provided the primary resistance of the output 
transformer is likewise small. Another factor to keep in mind in using a 
bridge to measure electrode resistance is that unless special protection is 
provided, the bridge may be damaged by excessive current if the tube 
being tested develops a short circuit between electrodes. 

An alternative null arrangement for measuring electrode resistance is 
provided by the voltage-ratio method, illustrated in Fig. 7-5b as applied 
to . triode plate resistance. Here alternating voltages !lE! and tlE2 are 
applied as shown, and their ratio adjusted so that a null balance is 
obtained in the telephone receivers. The operation of this arrangement 
can be explained as follows: The voltage I!.E, applied to the plate elec
trode produces an incremental current IJ..I2 which flows through the 
primary of the transformer T 1. A null balance is then obtained by 
neutralizing this current in the primary of the transformer by an equal 
and opposite current produced by the voltage I!.E, acting through the 
resistance R.; then 1 

PI 
. I!.E' R  ate reSIstance = ll.E 1 • (7-10) 

Reactive current flowing through T 1 as a result of lead and plate-cathode 
tube capacitance is balanced by an equal and opposite reactive current la 
produced by quadrature voltage generator + jEa. 

The two voltages ll.E2/11.E1 must be in the same phase,2 so can be 
obtained from a transformer with insulated and shielded secondaries as 
shown in Fig. 7_6.' The ratio I!.E,jI!.E, can be controlled by attenuators 
as indicated. The reactive. current 13 in Figs. 7-5b and 7-7 must be 
exactly 900 out of phase with respect to voltages ll.El and ll.E2, and so 
can be obtained from a third secondary on the same transformer with the 
aid of a double-stator condenser; as mustrated. By meallS of the con-

I This follows from the fact that according to Eq. (7-2), r" = AE2/!:J.12• However, 
the current that neutralizes !:J.I2 has a magnitude tJ.EJ/R., and substituting this for 
6.12 gives (7-10). In making this analysis it can be assumed that the transformer TJ 
offers zero impedance to the alternating currents produced by 6.E1 and 6.E2• This is 
because a.t ba.lance the voltage drop a.cross this transformer is zero, thus giving an 
effect equivalent to short-circuiting the prima.ry in so far as the remainder of the circuit 
is concerned. 

' 

t Nega.tive resistances can be measured by reversing the polarity of one of tbese 
voltages. 

a A discussion of design details involved in this transformer, and also in TI, that 
would be helpful to anyone attempting to construct such transformers himself, is 
given on pp. 171-173 of the predecessor of this book, "Measurements in Radio 
Engineering." 

• 
.' 
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denser, the current magnitude can be continuously varied down to a 
value of zero and can be made either leading or lagging. The transformer 
Tl that connects the telephone receivers to the circuit must be fully 
shielded, as shown, in order to prevent capacitive currents from the 
transformer primary to ground from producing a voltage across the 
secondary terminals of the transformer. 

The voltage-ratio method of measuring electrode resistance has the 

Adjustable 
attenUOItor .lE, 

advantage that a very wide range 
of resistance values can be readily 
covered with good accuracy. In 
addition, by using low-resistance 
attenuators of constant impedance 
the d-c voltage drop introduced in 

77_�-IJ the plate circuit by the measuring 

IIS;-t====��±�j E3 equipment can be made not only 
I quite small, but also constant. The 

FIG. 7-6. Transformer and attenuator 
arrangement for producing the voltages 
and currents required in Figs. 7-5b, 7-7. 
and 7-10. 

disadvantage of the arrangement is 
that a special measuring unit is re· 
quired to produce the voltages llE, 
and /lE'l1 and the reactive current 13; 
also transformer T 1 is likewise special. 

However, once available, this same equipment can also be used to 
measure amplification factor and transconductance. 

Amplification Factor (Mu Factor) . Null methods of measuring ampli
fication factor (or mu factor) are illustrated in Figs. 7-7 and 7-8. In the 
voltage-ratio method of Fig. 7-7, alternating increments dEl and t:.E2 are 
applied to the respective electrodes in opposite phase. 1 The ratio of 
these increments is adjusted until the resulting alternating current pro
duced in the circuit of the reference electrode is zero as determined by a 
telephone receiver coupled into this circuit through a transf()rmer. Then 

Amplification factor (or mu factor) � ��: (7-11) 

The particular mu factor which is determined in this manner depends on 
where the voltages aEI and 1l.E2 are inserted, and where the current null 
is observed i examples for three cases are illustrated in Fig. 7-7. 

The sharpness of the null is commonly obscured by reactive current 
flowing through the primary of transformer T1• This current arises from 
the interelectrode capacitances of the tube being tested, lead capacitance, 
etc. Trouble of this type is eliminated by the reactive-current generator 

I Negative values of mu fa.ctor can be measured by making the phase the same 
instead of opposite. 
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±jEa shown, which is adjusted to  pass an equal and opposite reactive 
current 13 through the transformer primary. 

The voltages !lE, and !lE" and the adjustable reactive current 13, 
required in the voltage-ratio method of measuring mu factor, can be 
obtained from the transformer-attenuator arrangement of Fig. 7-6. To 
change from meas:ucment oC-electrode resistance to measurement of mu 
factor, it is merely necessary to switch the connections . 

I, I 
±jE 

• 

II

�----+---' 

U, 1'--OE,  

( bJ P of � pentode 

-) 
• 

II� ___ ...J 
liE, 

1' <liE, 

( 0 )  � of a trtode 

liE, 
�s� llEI 

(cl Ps of 0 pentode 
FIG. 7-7. Circuits (or measurement of mu factor by the voltage-ratio method. 

• 

The voltage-ratio method is the most satisfactory means available for 
measuring mu factor. It has good accuracy over a wide range of values, 
even for mu factors as large as 1000; the d-c voltage drop introduced into 
the tube circuits by the measuring equipment can be made small and 
independent of the adjustment of the measuring equipment (just as when 
measuring resistance) j and the sources of voltage for the various elec
trodes involved can be operated with one terminal grounded. The dis
advantage of the voltage-ratio method is the same as when it is used to 
measure resistance, viz., specially designed transformers and attenuators 
are required. 

Simple bridge arrangements for measuring amplification factor are 
shown in Fig. 7-8. Here an oscillator voltage is applied to resistances 
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R'l and RI in series. This causes alternating-voltage increments 6Ez and 
.1El having the ratio Rz/Rl to be superimposed on the two electrodes. 
The mu factor is then determined by adjusting onc of these resistances 
until a telephone receiver coupled in series with the current in the refer
ence circuit indicates a null condition. One then has 

Amplification factor � i' � �: (7-12) 

This eq-jation assumes that RI and R2 arc very much smaller than the 
dynamic resistances of the electrodes in whose circuits they arc inserted so 
that the shunting effect of the electrode resistances can be neglected . 
. The particular kind of mu factor that is measured in this way is deter
mined by the electrode circuits in which Rz and RI are inserted, and by 
the particular current which IS brought to a null condition. Typical 

. -----
'._ r r---''-j' .'.<1 

.' " . ........... ..��-. " " 

R, 

Basic 
circuit 

�" " .. -.... -. ........ --" ., 

Capacitive balance 
for capacitive 
currents 

., " --.. �-- --.. � . .  " " 

110 \ 
Mutual inductance 
balance for capacitive 
currents 

FIG. 7·8. Bridge circuits for the measurement of amplification factor of a triode. 

circuit proportions are RI = 10 ohms in ordinary cases, and RI = 1 ohm 
when very large amplification factors are being measured. 

Tube capacitance and other capacitances, such as exist between voltage 
supplies and ground, cause reactive currents to flow through the telephone 
receiver and thus prevent a sharp null balance from being obtained. This 
difficulty can be eliminated by producing a compensating reactive effect 
by means of a variable condenser or mutual inductance; such reactive 
balances are shown in Fig. 7-8. 

The bridge-circuit method of measuring amplification factor has the 
advantage that the apparatus can be constructed from equipment com
monly available in any laboratory. The method will give satisfactory 
results for amplification factors (or mu factors) of moderate value, such as 
those encountered in triodes, and for Il. in pentodes and similar tubes. 
However, the arrangement is generally unsatisfactory for measuring 
values of amplification factor in excess of 100, such as are encountered in 
pentodes and similar tubes. Under these conditions the required value of 
the ratio RdRl is so great as to make it difficult to obtain satisfactory per-
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formarrce. The bridge method of measuring amplification factor also 
has the disadvantage that it is not possible to ground the power supplies 
associated with the electrodes in series with which the resistances Rl and 
R2 are inserted. 

Null Measurement of Transconductance. The simplest and most satis
factory null method for determining transconductance is shown in Fig. 
7-9a, 1 Here the alternating current 1:112 produced in the plate circuit by 

osCllla/r;r ' 0 '  

( c '  
FIG. 7-9. Null circuits for measuring transconductancc. 

the applicat.ion of an alternating-voltage increment 6.E 1 to the control 
grid is neutralized in the primary of transformer T2 by an equal and 
opposite current produced by the voltage !J.E, acting through the variable 
resistance R.. When the telephone receivers coupled to the pJate circuit 
indicate zero alternating plate current) one has2 

1 
Transconductance = 

R, 
(7-13) 

The obscuring of balance by reactive current in the primary of T2 as a 
l'esult of grid-cathode tube capacitance and stray circuit capacitances) is 
eliminated by means of an equal and opposite reactive current ohtained 

t C. B. Aikcn and J. F. Bell, A Mutual Conductance Meter, Communication8 (N.Y.), 
vo!. 18, p. 19, September, 1938. 

t This follows from the Iact that by definition, g .. = AII/tlEt, combined with the 
fact that a.t balance Alt ... tl.EdR •. 
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by providing (,ransformer T, with a tapped secondary, and a doublc-stator 
variable condenser C as shown. 

The by-pass condenser Cl should have a reactance at the frequency of 
the oscillator that is very small compared with R" This condenser can 
be as large as several microfarads, since considerable capacitance to 
ground such as is associated with a physically large condenser does not 
affect the circuit behavior. However, with large values of tr�llsconduc
tance, R. is so low that the reactance of even 5 /If at a frequency of 1000 to 
2000 cycles is not negligible in comparison with R" Consequently for 
large transconductances; the circuit of Fig. 7-9a is preft:rauly modified as 
shown in Fig. 7-9b. Here an attenuator is placed between aE, and the 
grid of the tube, so that the voltage actually applied to the grid is reduced 
to the value aE'; A. Then 

A Transconductance � R. (7-14) 

In this way, by giving A an appropriate value such as 10 or 100, R. will be 
large even when the transc.onductance is great, and the reactance of Cl 
becomes small in comparison. The attenuator can ordinarily be a simple 
type, such as a tapped resistance as shown, and the voltage attenuation 
ratio it introduces should be a convenient multiplying value, such as 5, 
10, 20, etc. An alternative arrangement that eliminates the condenser 
Cl entirely is shown in Fig. 7-9c. This is a rearrangement of the circuit 
at a, which makes a blocking condenser unnecessary, but has the dis
advantage that the grid- and plate-voltage supplies cannot be grounded. 

The arrangements of Fig. 7-9 arc capable of measuring the transconduc
tance with accuracy over an extremely wide range of values. The cl-c 
voltage drop introduced in the plate circuit by the measuring equipment 

FIG. 7-10. Measurement of transconduct
Roce by the voltage-ratio method. 

is independent of the balance ad
j llstment, and also can be made 
small by using a transformer T2 
having a low resistance primary. 
The system can, moreover, be put 
together with parts available in 
any communication laboratory; 
thus transformers T 1 and T 2 need. 
not be specially designed, and 
need not have any shielding what
soever. Resistance R. can be a 

decade resistance box or a calibrated potentiometer, while condenser a 
can be made by combining two ordin�ry variable condensers. The power 
supplies may also have one terminal grounded except in Fig. 7-9c. 

Transconductance can also be determined as the ratio of two Yoltages, 
as illustrated in Fig. 7-10. The idea is that the alternating current aI, 
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produced in the plate circuit by the application of the alternating-voltage 
increment f1El to the control grid, is eanceled in so far as the primary of 
transformer Tl is concerned by an equal and opposite current produced by 
voltage 4.E2 acting in series with resistance R�. For this arrangementt,2 

tl.E2 1 
Transconductance = f1E I R. 

(7-15) 

The voltage-ratio method of measuring transconductance has the same 
advantages as when the method is used in determining piate resistance and 

(cd  B�sic circuit (b) Capacitive bOllonce for 
capacitive currents 

RJ 
gm =. R R 1 , 
assummg rp» R2 

(c) Mutual inductGlnce bodance 
for capacitive currents 

FIG. 7-11. Bridge circuit for measuring transconductance. 

amplification factor; i.e., the method enables one to measure a wide range 
of values with accuracy, introduces a d-c voltage drop that is small and 
also constant, and permits the power-supply systems associated \vith the 
various electrodes to be grounded. The disadvantage is that a special 
transformer Tl and associated attenuators are required; this disadvan
tage is tempered somewhat, however, by the fact that the same measuring 
unit reconnected by a proper switching arrangement will also determine 
amplification factor, and plate resistance. 

The bridge circuit of Fig. 7-11 provides another means of measuring 
transconductance.3 Here current from the oscillator produces a voltage 
drop across the resistance RI that is applied to the control grid. The 
result is an alternating component of plate current that produces a drop 

I Negative values of transconductance can be measured by reversing either AEI or 
AE2• 

2 This follows from the fact that by definition gm = A12/AEI• However, 

AE2 
AI� = - , 

R. 

and substituting this relation gives Eq. (7-15) at once. The voltages tlEI and tlE� of 
adjustable ratio are produced by the transformer-attenuator arrangement of Fig. 7-6, 
as is also the adjustable reactive current ±j13, which is for the purpose of neutralizing 
any reactive current that flows through the primary of trnr.sformcr '1'1 as a result of 
tube and circuit capacitance. 

3 This circuit, and also variations of it, are described by Chaffec, loco cit., Reich, loc. 
de., and Hickman and Hunt, loco dt. 
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across R2, which is then balanced in so far as the telephone receivers are 
concerned, by an equal and opposite voltage drop produced by the oscil
lator current flowing through resistance R3• At balance one hasl 

Transconductance R, = 
R,R, (7-16) 

Typical values of circuit constants are Rl either 100 or 1000 ohms, 
R2 = 100 ohms, Rs variable up to 100 ohms. Any reactive current flow
ing through the primary of output transformer Tl as a result of circuit 
and tube capacitances, will obscure balance; such reactive current can be 
neutralized by the capacitance balance illustrated in Fig. 7-11b, or the 
addition of a mutual inductance as in Fig. 7-11c. 

While the bridge circuit of Fig. 7-11 has in the past found considerable 
use in the measurement of transconductance, the arrangement is in every 
respect inferior to the measuring method illustrated in parts a and b of 
Fig. 7-9. The circuit required is more complicated, the power supplies 
associated with the various electrodes cannot be grounded, a shielded out

Re>difier meter 
cakbraledin fransconducfonce 

I@ 
! 
�/nserf 

111111111111 compensaHng 
res istance here 

FIG. 7-12. Direct-reading 
ance meter. 

transconduct-

put transformer is desirable, the 
d-c voltage drop introduced into 
the plate circuit is usually greater, 
and finally the accuracy is no 
better if as good. 

Direct-reading Transconduclance 
Meters. In testing tubes, use is 
frequently made of a direct-read
ing transconductance meter of the 

type illustrated in Fig. 7-12. Here the tube under test is operated with 
d-c electrode voltages corresponding to the desired condition. An alter
nating-voltage increment derived from the llD-volt 60-cycle power line 
by means of a transformer is applied to the control grid as shown. The 
resulting alternating current that flows in the plate or other electrode is 

I This can be shown as follows: Assume the oscillator current is [0; then the voltage 
t::..EI developed across RI and applied to the control grid is AE, = IJll. But 

M, g ... 
= t::.E,' 

where A12 is the alternating plate current produced by AEI• At balance the voltage 
drop Al tR2 of A12 flowing through R2 equals the drop [OR3 of the oscillator current 10 
flowing through RI. Substituting AI2 = AEIg"" and AEI = JoRl in the relation 
Al2R2 = IoR3 leads to Eq. (7-16). 

It will be noted that this dcrivation assumes that the resistance R2 is part of the 
plate resistance of the tube, and that the control-grid electrode produces no shunting 
effect across R I. Thus Eq. (7-16) is accurate only to the cxtent that R,  and R2 are 
negligible compared with the dynamic rcsistances of the respective electrodes with 
which they are associated. 
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then read by a rectifier meter coupled to this circuit by means of a trans
former. The rectifier meter is calibrated directly in transconductance 
according to the definition of Eq. (7-3). Provision, not shown in Fig. 
7-12, is usuaUy made for adjusting the voltage on the transformer to a 
standard value; this can be done by connecting the rectifier meter across 
the transformer secondary so that it temporarily serves as a voltmeter, 
and then adjusting the voltage to the required value by means of a vari
able resistance in series with the transformer primary. 

Direct-rea.ding transconductance meters of this type are particularly 
useful in the routine checking of tubes. They are convenient, simple to 
operate, and inexpensive. The accuracy is quite good provided the 
impedance that the meter inserts in the plate circuit is small compared 
with the dynamic resistance of this circuit. l The accuracy is accordingly 
excellent with pentode, beam, and similar tubes. With triodes having 
low plate resistance there is commonly an error that is by no means 
negligible, although relative results involving a comparison of different 
tubes of the same type will be significant.2 

7-4. Special Considerations in Obtaining Characteristic Curves of 
Tubes. The characteristic curves of tubes arc readily obtained with the 
aid of power supplies in which the cl-c voltage is varied by means of a 
Variac3 or equivalent device for controlling the alternating voltage 
applied to the· transformer primary. One such power supply must be 

1 This is because the transconductance indicated is given by the relation 

g. - ( )' Tp 
+ 

T ... 

where Tno is the meter impedo.nce, whereas the true value of transeonductance is plTp. 
t Accurate rcsults can still be obtained by correcting the meter reading according 

to the relation 

A�tual g .. 
_ 1 

+ r ... 
,.. 1 

+ r",i!. 
IndICated g... rp p rp (7-17) 

where r ... is the resistance introduced in the plate circuit by the meter. It will be 
noted that if resistance is added to the meter in such a manner that r ... 1 Po is maintained 
constant, thcn the correction dcpends only on the true value Polrp of the transconduct
ance being mcasured. The metcr scnle can then be arranged to include the correction 
and so directly indicate true transconductance. A transconductance meter bascd on 
this principle is described by O. J. Morelock, A Complete Direct Reading G ... Tube 
Tester, Weston Eng. Notes, vo!. 1,  p. 1, August, 1946. In the case of triodes p. is 
usually known in advance with adequate accuracy, and AA arrangement in which rno 
is adjusted to a value determined by an approximately known value of Po is quite prac
tical. With pentodc and similar tubes, however, this is not the case, and moreover 
the correcting resistance required is absurdly large; for testing such tubes an uncor
r�ted scale must be provided. 

I A Variac is an autotrnnsformer in which the turns ratio is continuously variable 
by means of a sliding contact. 
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provided for each electrode to which voltage is applied, e.g., control grid, 
screen grid, plate, etc. In order that the voltage applied to nn electrode 
will not change appreciably as the current flowing to this electrode varies 
it is desirable that these power supplies have good regulation. This can 
be achieved by the use of either hot-cathode mercury-vapor or low
impedance high-vacuum rectifier tubesJ combined with a choke-input 
type of filter system having low d-c. resistance, and designed to draw 
sufficient bleeder current to prevent the voltage from soaring at no load. 
A still better arrangement is a power supply in which the output 
voltage is regulated electronicaUy. 1  

. 

The meters for reading the voltage and current delivered to the tube 
by each power supply are preferably multirange types, as in li"igs. 1-1 and 
1-2, in order to permit a wide range of values to be determined with 
accuracy. The meter system should be fused to prevent damage as a 
result of improper manipulation of controls, or as a result of defective 
tubes that place unexpected short circuits on the system. Reversing 
switches must be provided for plate, screen, and control-grid current 
meters, and a reversing switch for the control-grid voltage supply is also 
essential so that both positive and negative voltages may be available. 
In order that a negative grid bias may not be lost as a result of a burned
out fuse, the current meter in the grid line should have its terminals 
shunted with a very high resistance, such as 1 megohm . . 

When characteristic curves of tubes are being frequently obtained it is 
desirable to assemble the power supplies and meters in a rack mounting. 
In such cases, it is also sometimes desirable that the assembly include 
equipment for measuring the �mplification factor, plate resistance, and 
transconductance of the tube. The voltage-ratio method lends itself 
most satisfactorily to this application because of its accuracy, and the 
fact that the different tube coefficients may be readily measured with 
accuracy over wide ranges of values merely by reconnecting the same 
basic equipment for the different coefficients as required. 

Cathode-ray-tube Methods. A cathode-ray-tube spot can be used to 
draw out characteristic curves of a tube. Thus consider a tube to which 
there is applied to the plate a constant voltage, while applied to the grid 
is a bias greater than cutoff upon which a GO-cycle alternating exciting 
voltage is superimposed (sec Fig. 7-13). The grid-voltage-plate-current (Eel p) characteristic for the particular plate voltage involved is then 

I Many t.ypes of volt.a.ge-regulated power supplies in common use are not satisfac
tory because they arc not capabJe of reducing the output voltage below a certain 
minimum voltage that is considerably greater than zero. Special arrangements are 
required to overcome this difficulty in regulated supply systems; thus sec Anthony 
Abate, Basic Theory and Design of Electronically Regulated Power Supplies, Proc. 
IRE, vat. 33, p. 478, July, 1945. 
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obtained by making the horizontal-deflecting voltage of the cathode-ray 
tube proportional to the total voltage applied to the control grid of the 
tube (i.e., bias plus 60-cycle voltage) ,  while making the vertical-deflecting 
voltage proportional to plate current. Similarly the Tp-Ep characteristic 
can be presented by employing a fixed control-grid bias, and then applying 
unrectified alternating voltage applied directly to the plate; in such a case 
the horizontal deflection is made proportional to the voltage between 
plate and cathode, while the vertical deflection is again derived from the 
plate current. ' 

Cathode-ray-tube methods make it possible to obtain tube character
istics for combinations o( electrode voltages that could not otherwise be 

I n put wrJ.ve 
60tycle � 
Pulse D 0 
Transient ...h--._ 

+ = = 

r--::::::3:�Calhode.ray 
tube 

'--llll--'-++Mtv-� 
FIG. 7-13. Cathode-ray-oscillogTaph circuit for obtaining tube characteristics that 
extend into the positive-grid regions of interest in Class C amplifiers and in pulse 
operation. 

sustained continuously for even a few seconds without permanent damage 
to the tube. Thus the arrangement described above makes it a simple 
matter to extend characteristics into the part of the posit,ive-grid region 
that is of such importance in Class C amplifier and linear-amplifier oper
ation, but where the dissipation is too high to permit testing by static 
means. 

In the case of pulse applications, tubes frequently reach combinations 
of control-grid and plate voltages where the instantaneous peak dissipa
tion of power is so high as to require a lower duty cycle than that obtain
able with Class C test procedures such as arc outlined abm"c. Tube 
characteristics in these regions can be ()ht:-�incd by replacing the sinusoidal 
voltage in Fig. 7-13 by short, pul,es. fiy making the tops of these pulscs 

I Cathode-ray arrangements of this gCllcrnl tyP(� have- heeD described by variou� 
individuals. In somo cnscs considerable l:omph�xit.y is inV(,lvcd, as, ror example, pm
vision for automatically adding an increment to the lix('d voll,IlKe fl.ft.cr each charnclN
istic curve is traced, 80 th�t a complete family nf curves is obt.ained rnther thaT. Il 
single curve. For example, sec Ilcury E. Wchking, Protlndng Tuhe Curves on tin 
Oscilloscope, Electronics, vnt. 20, p. 128, Nu·.ember, 194i; ,Jacoh Millrnt\n aud Sidney 
Moskowitz, Tracing Tuoo Charact-t�ristjca on a CI�tI,(lde Ray Oscilloscope, ElccirQniClf, 
vol. 14, p. 36, Mnrch, H)41; Geuffrey Boekinre:, Tracing Valve CharacfA::ristic8, Wire
le88 Eng., vol. 19, p. 556, De�cmLer, 1�)1-2. 
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rounded, or by using triangular or saw-tooth pulses, but otherwise using 
the same arrangement as in the Class C method of testing, then a satis
factory delineation of the tube characteristic is obtained that extends to 
the extreme limit of the operating condition covered. Alternatively, 
characteristics under these conditions may be obtained by one-shot 
transient methods, as, for example, by precharging a condenser to the 
desired voltage, and then connecting it by means of a thyratron to one of 
the tube electrodes in place of the pulse, and recording the results on a 
cathode-ray tube (see Fig. 7-13).' 

Oscillographic methods of recording tube characteristics are also useful 
in detecting and portraying anomalous features of tube behavior that 
would be difficult or impossible to detect from static point-by-point 
measurements. For example" in a beam tube in which there is a large 
space current) space-charge effects in the plate-screen region cause the 
plate-voltage-pi ate-current characteristic to possess discontinuities. 
Such effects can be very clearly pictured with the aid of " cathode-ray 
tube. 

I Examples of equipment based on this general idea are given by O. W. Livingston, 
Oscillographic Method of Measuring Positive Grid Characteristics, Proc. IRE, 
vot. 28, p. 267, June, 1940; H. N. Kozanowski and 1. E. Mouromtseff, Vacuum Tube 
Characteristics in the Positive Grid Region by an Oscillographic Method, Proc. 
IRE, vol. 21, p. 1082, August, 1933; J. Leferson, The Application of Direct-current 
Resona.nt-line Pulsers to the Measurement of Vacuum-tube Static Characteristics, 
Proc. IRE, vo!. 38, p. 668, June, 1950. A somewhat different approach is described 
by H. M. Wagner, Tube Characteristic Tracer Using Pulse Techniques, Electronics, 
vol. 24, p. HO, April, 1951. 



CHAPTER 8 

AMPLIFIER MEASUREMENTS 

8-1. Definition of Amplification and Gain. The most important 
characteristics of an amplifier are the amount of amplification that is 
developed, and the way in which this amplification varies with frequency. 
It is common practice to express the amplification, or gain as it is some
times called, as a ratio of voltages or powers; very frequently this ratio is 
expressed by its decibel equivalent. 

When the details of an amplifier are studied, it is found that there are 
several ways in which the amplification, or gain, can be defined. Thus 
consider the situation illustrated in Fig. 8-1a, which shows a mUltistage 
amplifier with input and -output impedances Zi and Zo) respectively. 
The amplifier is excited by a signal voltage with internal impedance Z., 
and delivers its output to a load impedance ZL. The numerical value of 
the ratio representing the amplification of this system then depends upon 
how one takes into account the impedances associated with the input and 
output terminals of the amplifier. 

V o!tag. Amplification. The simplest and commonest approach is to 
define amplification (or gain) as the ratio of the voltages at two appro
priate points in the amplifier. Thus the voltage gain of a single stage of 
amplification would be the ratio of voltages at successive grids, while the 
over-all voltage gain would be the ratio of the voltages across the output 
and input terminals. For example, if at a particular frequency in Fig. 
8-1a, E,/E, � 40, then one could say that the voltage amplification, or 
gain, between points aa· and bb in the amplifier was 40, or 32 db. 

This definition of gain as a voltage ratio is particularly convenient in 
connection with voltage amplifiers intended for use at audio frequencies, 
and also in voltage amplifiers for low or moderate radio frequencies, as, 
for example, intermediate-frequency amplifiers. In these cases, the load 
impedances at successive points in the amplifier consist of the input 
impedances supplied by the grids of the successive stages ; these imped
ances represent small capacitances which at these frequencies are associ
ated with negligible loss of power. Moreover, at Iow frequencies these 
capacitances can be considered as representing open circuits, while at 
radio frequencies they function as part of the tuning capacitances. 
Under these conditions, where the load impedances are effectively equiv-

311 
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alent to open circuits, the voltage ratio is the important thing, and the 
concept of voltage amplification is both meaningful and helpful. 

Insertion Gain. Consider the situation that would exist in Fig. 8-1a if 
Z. represented the output impedance of a telephone line, a line from a 
microphone, or a radio-frequency transmission linc, while ZL was the 
input impedance of another line. In such a system the function of the 
amplifier is to make the power in the output line ZL greater than \yould be 
the case if the two lines were connected directly together. Here onc is 

la :b le Arnp/t'fier 
,:- -- -- -- i - -- -- i ----'"'- - - -
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maximum power 

Amplifier Zo N 

Ib) O;,...ed·conneded 
arrangement 

(c) Ampl ifier with impedanc.e-matching 
network in output 

FIG. 8-1. Multistage amplifier with source of cxcitation E. and load impedance ZL, 
togcther with circuit arrangements used in tests of amplifier characteristics. 

interested in the insertion gain of the amplifier, i.e., the increase in power 
or voltage that results from the insertion of the amplifier into the system. 

The insertion gain is defined quantitatively as the ratio of the power P2 

(or voltage E,) delivered to the output load impedance ZL when the 
amplifier is inserted in the system as in Fig. 8-1a, to the power � (or 
voltage E;) that would be delivered to the load impedance if the generator 
and load were connected directly together, as in Fig. 8-1b. That is, 

I . . P, IE,I ' nsertlOn power gam = p� = IE;12 
I . It . E, nsertlOn vo age gam = E' , 

M 
. 

d f ·  . I . (P, agmtu e 0 msertlOll vo tage gam = '\j P� 

(S-la) 

(8-lb) 

(8-1e) 
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The insertion gain of an amplifier is clearly a function of the generator 
and load impedances, as well as of the actual components of the amplifier 
itself. A given amplifier will provide different values of insertion gain 
when connected to different generators, or to different loads. Thus when 
the insertion gain is specified, the generator and load impedances must 
also be specified at the same time. This is an unavoidable requirement 
and must be met squarely. It is, moreover, to be noted that the gen
erator and load impedances may actually be complex impedances, rather 
than simple resistances. In the case of complex impedances, the load 
powers must be carefully computed, taking into account the reactive as 
well as the resistive components of the impedances involved. 

Under certain circumstances the insertion voltage gain is equal to the 
voltage amplification as defined above. This is the case, for example, 
when the input and load impedances Z, and ZL of the amplifier are both 
large compared with Z. and Zo in Fig. 8-1a. This situation also exists 
in an audio-frequency amplifier, where the input impedance of the tube 
can be considered as approaching infinity, and in an intermediate-fre
quency amplifier, where the input capacitance of the tube can be regarded 
as part of the tuning capacitance that is required by the coupling circuit. 
Similar circumstances also occur in the case of a chain of identical ampli
fier stages; here the voltage amplification from the grid of one stage to the 
grid of the following stage is exactly the same as the insertion voltage 
gain possessed by the particular amplifier stage considered by itself. 

Available Power and Available Power Gain. The definition of available 
power and available gain can be explained with the aid of Fig. 8-1c. Here 
the amplifier input is supplied by a source of power having an equivalent 
voltage E. and an internal impedance Z. = R. + jX.. Next designate 
by Po the power that would be delivered by the amplifier output to a load 
impedance Z 1. matched to the output impedance Zo of the amplifier on a 
maximum-power-absorption basis with the aid of network N. This is the 
available'output power of the amplifier. The available power gain is then 

Available power gain = �: (8-2) 

Here p. is the power that would be delivered by the signal generator with 
its internal impedance Z. to a load impedance matched to Z. on a maxi
mum-power-absorption basisjl that is 

E.' P. = -
4R. 

1 Impedances are matched (or maximum transrcr of power by making the load 
impedance the conjugate QC the source impedance ; i.e.1 maximum pow�r is absorbed 
by the load when the resistance component of the load cquals the resistance component 
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This power p. is the maximum possible power that E. with its internal 
impedance Z. = R. + iX, can deliver to a load impedance, and is termed 
the available input power. 

The availahle gain depends upon the characteristics of the amplifier 
and on the signal-generator resistance R., but is independent of the load 
impedance actually associated with the amplifier output. The concept 
of available power gain is of particular use in connection with signal-to
noise-ratio considerations in amplifiers, as discussed in Sec. 8-13. 

8-2. Measurement of Amplification. Amplification (gain) is com
monly determined with the aid of unmodulated single-frequency signals 
obtained from a signal generator. Signal generators for this purpose arc 

l, -1 
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FIG. 8-2. Typical circuit arrangement for measuring voltage ga.in of an amplifier. 

described in Sec. 15-7, and consist of a shielded oscillator and attenu
stor arranged either for producing accurately known adjustable voltages, 
or alternatively for producing different voltages whose ratios are accur
ately known. 

Measurement of Voltage Gain. A typical arrangement for measuring 
the voltage gain of an amplifier is illustrated schematically in Fig. 8-2. 
Here a voltage derived from a signal generator is applied to the amplifier 
input terminals, and the resulting voltage developed across the output 
terminals is measured by means of a vacuum-tube voltmeter. The 
signal-generator voltage is adjusted so that the amplifier output voltage 
has a value which can be satisfactorily determined by the particular 
vacuum-tube voltmeter employed, and which at the same time is well 
ahove any hum or noise level and yet well helow a value that will overload 
the amplifier. The resulting output voltage is measured, and a compari-

of the source impedance, and when simultaneously the reactive component of the 
load impedance is equal in magnitUde and opposite in sign from the reactive com
ponent of the sourcc impedance. Thus in Fig. 8-lc, the generator impedance R. + 
jX. is ma.tched on a maximum power-absorption basis when the load impedance 
is R. - jX.. Under these conditions the current delivered by the generator to the 
load is E./2R., and the power P. dissipated in the load resistance is p. = E2�/4R .. 
which is Eq. (8-3). 
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son of this output voltage with the corresponding signal-generator voltage 
gives the voltage gain. 

Where the signal generator is of the type that gives output voltages 
whose relative rather than absolute values are known, the procedure is 
first to observe the signal-generator voltage that when applied to the 
amplifier input gives a convenient reference deflection on the output 
vacuum-tube voltmeter. The signal generator is next connected directly 
to the vacuum-tube voltmeter, and is reset to give the same reference 
deflection. The ratio of the two signal-generator voltages is then obvi
ously tbe voltage gain. 

In measuring voltage gain as illustrated in Fig. 8-2, it is necessary to 
give some consideration to the impedances Z. and Zi associated with the 
signal generator and the input of the amplifier, respectively. In the very 
common case where the output impedance Z. of the signal generator is 
very much less than the input impedance Z, of the amplifier, the voltage 
at the input terminals of the amplifier can be considered as being the 
open-circuit voltage developed by the signal generator; this situation will 
be commonly encountered in amplifiers for audio and video frequencies, 
or for low and moderate radio frequencies. In other situations, it is 
possible that the amplifier has been designed to operate with a particular 
value of source impedance Z., with the interest being in the voltage gain 
from the source voltage E. associated with this impedance, to the output 
voltage E, of the amplifier. In this case the signal .generator must 
accordingly have an internal impedance equal to the particular value 
called for by the amplifier, or alternatively H padding " impedances must 
be used as explained in connection with Fig. 8-7. It is also possible to 
calculate the effect of Z. and Z, on the bebavior of the system provided 
the magnitudes and phase angles of these impedances are known; how
ever, if the source impedance used in the gain measurements does not 
have the design value, feedback effects may be altered. 

The voltage gain obtained with the arrangement -of Fig. 8-2 will be 
accurate only if the vacuum-tube voltmeter does not significantly alter 
the impedance between the terminals with which it is associated. If the 
vacuum-tube voltmeter does change this impedance, the amplification will 
obviously be affected, and the results \ViII be in error. When the load 
impedance ZL across which the vacuum-tube voltmeter is shunted is low 
or moderate, no trouble is generally encountered. However, when this 
load impedance is large, as is the case in audio-frequency and in tuned 
radio-frequency voltage amplifiers, then the vacuum-tube voltmeter used 
to measure output voltage will change the characteristics of the system 
unless (1) its input impedance is extremely high in comparison with the 
impedance across which it is shunted, or (2) the input impedance of the 

. vacuum-tube voltmeter is incorporated into the load impedance ZL so 
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that the combination of vacuum-tube voltmeter and load actually present 
gives the load impedance with which the amplifier is intended to operate. 

The first of these approaches can be satisfactorily used in measuring 
the gain of audio and video voltage amplifiers, provided the vacuum-tube 
voltmeter is of the diode type, and is arranged to have low input capaci
tance as discussed on page 18. The second approach to the problem is 
commonly used in connection with tuned amplifiers. Here the input 
capacitance of the vacuum-tube voltmeter, even if small, will detune the 
circuit; however, by readjusting the tuning capacitance one can recreate 
the same conditions with the vacuum-tube voltmeter present. as exi::;t iu 
normal operation with the voltmeter removed. Alternatively, when the 
output voltage of the amplifier under test is applied to another stage of 
amplification, this stage ean have its electrode voltages I."eadjusted so that 

Amplifier 

Signal generator 
(at· Amplifier In system 

tb)Amplifier removed 
fr'Qm sy'stem 

FIG. 8-3. Measurement of insertion gain by menns of a signal generator aDd output 
voltmeter V. 

it serves as a vacuum-tube voltmeter; in this way one is able to determine 
the output voltage of tbe amplifier that is under test while not altering 
the situation under which the amplifier operates. 

Measurement of Insertion Gain. Typical methods of measuring inser
tion gain are illustrated in Figs. 8-3, 8-4, and 8-5. A choice among these 
will depend upon the frequency range, the power level, and the available 
equipment. 

Considering first the arrangement illustrated in Fig. 8-3, the signal 
generator must have a source impedance Z, equal to that with which the 
amplifier is intended to be used ; if the available signal generator does not 
meet this requirement, its output impedance can be Cl padded " out to the 
required value, as discussed in connection with Fig. 8-7. Likewise the 
load impedance ZL in combination with voltmeter V must provide the 
load impedance into which the amplifier is intended to operate. The 
measuring procedure is then as follows: The amplifier is first connected 
into the circuit as in Fig. 8-3a, and the signal-generator voltage E, 
adjusted to provide a convenient amplifier output voltage which can be 
accurately indicated by voltmeter V, and which at the same time is well 
above the hum and noise level, and yet is not sufficiently great to overload 
the amplifier. The amplifier is next I'emoved from the circuit, and tho I 
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signal generator connected directly to the load impedance as in Fig. 8-3b, 
after which the signal-generator voltage is readjusted to a value It. that 
gives the same indication on V as before. By definition, 1  the insertion 
voltage gain is then E:/ E.. It will be noted that the accuracy of the 
result is determined only by the accuracy with which the ratio E:I E. of 
the two signal-generator voltages is known; errors in the indication of 
meter V are of no significance, as this instrument merely need maintain 
constant sensitivity during the time consumed in making the measure
ment. Thus, one may use an uncalibrated crystal-detector arrangement, 
or a diode vacuum-tube voltmeter at frequencies so high that transit-time 
errors arc exceSSIve. 

At microwave frequencies it is not feasible to measure the load voltage 
directly; rather it becomes necessary to employ one of thc bolometer 
power-measuring techniques described in Sec. 2-2. A typical setup of 
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FIG. &-4. Measurement of insertion gain by mcans of signal generator, and a. bolometer 
wa.ttmeter. 

this type for measuring insertion gain is illustrated in Fig. 8-4. The 
input to the amplifier is supplied by a microwave signal generator pro
vided with an attenuator pad A of at least 10 db, as shown. This 
attenuator is for the purpose of presenting a known source impedance of 
the proper value to the amplifier input, and at the same time of ensuring 
that the signal-generator output always operates into the same load 
impedance. The output load impedance of the amplifier is supplied 
by the bolometer wattmeter in combination with an appropriate imped
ance-matching network N, such [I.S a stub tuner. This impedance-match
ing equipment enables the desired load impedance ZL to be obtaincd; ZL is 
commonly the impedance that matches the amplifier output on a maxi
mum-power-absorption basis. The measuring procedure is then analo
gous to that followed in the system in Fig. 8-3. With the amplifier con
nected in the circuit as in Fig. 8-4a, the signal-generator voltage is set at 
a value El which gives a convenient indication on the bolometer, and 
which at the same time does not overload the amplifier. The signal 
generator and associated attenuator are next connected directly to the 

1 The definition in Eq. (�lb) was stated for n. constant gcnerator voltage. It is 
equally valid and frequently more convenient to ma.iotain the output voltage constant. 
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load as in Fig. 8-4b, and the signal-generator output voltage readjusted 
to a value E'r that gives the same bolometer reading as obtained before. 
The insertion voltage gain is then by definition E:!E1• 

A variation of the procedures involving Figs. 8-3 and 8-4 consists in 
maintaining the signal-generator output constant as the connection is 
changed from a to b, and then observing the resulting change in output 
voltage (or power). This procedure is entirely satisfactory in principle, 
but is used only to a limited extent because it is generally more difficult 

Shielded 
oscillQtor 

A 
Adjusfllble 
attel'l)Qtor 

Z$ Amplifier ZL V 

ta) Amplifier .. in system 

Shielded 
oscill�tor 

A 
AdjustQble . Is 
attel"ll)atol' 

(b) Amplifier removed from system 
FIG. 8-5. McasuremcAt of insertion gain by means oC an adjustable attenuator. 

to measure voltage (or power) ratio than it is to produce voltages (or 
powers) having a known adjustable ratio. 

A third system for measuring insertion gain is illustrated in Fig. 8-5 ; 
here the signal generator of the previous arrangements is replaced by a 
weU-shielded oscillator associated with an external adjustable attenuator 
A of constant input impedance. To measure insertion gain the amplifier 
is connected into the system as at a and the attenuator adjusted until a 
convenient output is obtained. The circuit is then reconnected with the 

Z,:Rs+jXs 
Ampl ifier 
un�er test 

Siqnal Impeclance-matchinq 
qenerldor network 

Power 
me"surlnq 
equipment 

FIG. 8-6. Arrangement of apparatus for determining available power gam of an 
amplifier. 

amplifier removed, as shown at b, and the attenuator readjusted to give 
the same output indication on V as before. The difference in the attenu
ator settings obviously represents the insertion gain of the amplifier. 

The measurements described above provide only the magnitude com
ponent of the insertion voltage gain. The phase shift component is dis
cussed in Sec. 8-5. 

Measurement of Available Power Gain. The available power gain can 
be determined by the arrangement illustrated in Fig. 8-6. Here a signal 
generator which has a source impedance Z. with a known resistance 
component R. is applied to the amplifier input as shown. The amplifier 
output is then matched by network N on a maximum-power-absorption 
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basis to a load impedance supplied by the output power-measuring equip
ment, typically a bolometer. The available gain is then determined by 
adjusting the signal-generator voltage E, to a convenient amplitude, and 
observing the available power output Po. The available input power P. 
is next calculated with the aid of Eq. (8-3);t the available gain is then 
given by Eq. (8-2) as P./P,. 

Special Considera.tions Relating to Signal Generators. The signal 
generator used in measuring amplification must be well shielded, and 
must be provided with a suitable attenuator, as discussed in Chap. 15. 
The signal generator can be calibrated in terms of the absolute value of 
open-circuit voltage, the voltage developed across a matching load 
resistance, or the available power; alternatively it. can indicate relative 
output in terms of voltage, power, or decibels, relative to some arbitrary 
or perhaps unknown reference value. 

The equivalent source impedance Z. of the signal generator must be 
properly taken into account if errors are to be avoided. In some cases, 
as in the measurement of voltage amplification at short-wave and lower 
frequencies, the source impedance Z. is preferably very much lower than 
the input impedance of the amplifier under test. In other cases, the 
source impedance Z. of the signal generator must represent the impedance 
with which the amplifier system is designed to work. Thus, in an ampli
fier that receives its input from a cable of 50 ohms characteristic imped
ance, then the source impedance Z, of the signal generator shouid be 
resistiv� and have a value of 50 ohms. If the available signal generators 
do not have the required value of source impedance, one can add a series 
impedance Z: as in Fig. 8-7a if the desired impedance Z is greater than Z •. 

On the other hand, if the desired source impedance Z is less than the 
impedance Z. of the signal generator, one can shunt the output terminals 
by a suitable impedance Z: as illustrated in Fig. 8-7b. In this case it is 
to be noted that the equivalent series voltage that is effective in the 
equivalent output circuit is less than the actual voltage E., as indicated 
in Fig. 8-7b. Still another way of controlling the effective source imped
ance is to insert a fixed attenuator having 10 to 20 db attenuation in the 
signal-generator output as in Fig. 8-7c; in this arrangement the effective 
source impedance is the output impedance of the attenuator.2 

I Some signal generators are calibrated directly in available output power p. rather 
tha.n in open-circuit output volta.ge E.. In this case, the signal-generator calibration 
gives directly the power delivered by the signal generator to a load matched for 
maximum power absorption . 

. s In this situation, the equivalent open-cireuit output voltage of the combination is 

ZA E. Z. + ZA A 
where ZA is the input impedance oC the attenuator and A is the voltage ratio produced 
by the attenuation. 
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At very high frequencies, the inductance and capacitance associated 
with the leads that connect the signal generator to the amplifier under 
test will in many circumstances cause the voltage actually applied to the 
amplifier input to differ from that generated by the signal generator. It 
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(c) Output impedclnce of atfenuatol'" is 
required impeclance Z 

FW. 8-7. Mct.houl!I uf modifying and cont.rolling the equivalent source impedance Z of a 

signal generator. 
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(b) Equiv�lent circuit �t 
aa when Zs:: 20 

FIG. 8-8. Signal generator with coaxial liue of characteristic impcdance Zo for trans
mit.ting the signal-genera.t.or output voltage to t.erminals aa, t.ogether with equivalent 
output. circuit. 

is possible in this way for consid�r: ... ble error to be introduced when 
absolute rather than rclative valu('s of amplifier input voltage arc 
required. The usual method of avoiding lead errors of this character 
consists in transmitting the signal-J�enerator output to the amplifier 
input terminals by means of a coaxjal transmission line terminated in its 
characteristic impedance, as illustrate-l in Fig. 8-8. The signal generator 
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is preferably designed so that its source impedance Z. equals the charac
teristic impedance Zo of this line. The transmission line in such an 
arrangement may have any reasonable length, and in effect transfers the 
output terminals of the signal generator to the receiving end of the line. 
When viewed from the terminals aa associated with the amplifier input, 
this arrangement (assuming Z. = Zo) is equivalent to a signal generator 
having an internal impedance equal to one-half the characteristic imped
ance of the line. This is because the signal-generator system when 
viewed from terminals aa consists of the line terminating impedan<:e Zo 
shunted by the input impedance Z, of the nonresonant line. At the 
same time the equivalent output voltage of the system is equal to one
hall of the open-circuit voltage of the signal generator, assuming the line 
to be lossless. The corresponding equivalent circuit is shown in Fig. 
8-8b. 

FlO. S-9. Schematic diagram of multistage amplifier. 

8-3. Special Aspects of Gain Measurement in Multistage Amplifiers. 
Special problems are presented in the determination of the gain of an 
individual amplifier stage when this stage is one of a number of stages, 
comprising, for instance, a high-gain intermediate-frequency amplifier. 

Tbe procedure for determining the voltage amplification of an indi
vidual stage of a mUltistage amplifier can be understood with the aid of 
Fig. 8-9. A known voltage from a signal generator is first applied to the 
output lead bb of the stage under test by means of a probe that is shielded 
to minimize stray couplings which might cause regeneration. The 
signal-generator output is adjusted to a value E'. such that meter V 
indicating the amplifier output gives a convenient deflection without 
overloading the amplifier. The signal-generator leads are then tranS
ferred to aa, and the signal-generator voltage readjusted to a value E: 
that causes meter V to give the same indication as before. The voltage 
gain of this stage is then E'./E':. When the stage under test has identical 
impedances associated with its input and output circuits, as would be the 
case if it were in a chain of identical stages, the voltage !1mplification 
obtained in this way is also equal to the insertion voltage gain of the 
stage. 

This process of determining stage gain can be applied in succession to 
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all stages of a multistage amplifier. Normally one would start at the 
output end of the amplifier, and work back stage by stage toward the 
input terminals. The results obtained in this way correspond to actual 
operation, since each stage operates into its normal load impedance and 
is subject to the same regenerative actions with respect to the stages of 
higher power level as in normal operation. Also, no shunt impedances 
are introduced that change the voltage-amplification characteristics. 
The fact that the signal generator bas a low impedance compared with 
the impedance between terminals aa, bb, etc" across which it is connected 
has the effect of disabling the previous stages of the amplifier and of 
causing the signal generator to operate into what is essentially an open� 
circuit load across its terminals. 

In making amplification measurements upon individual stages of a 
multistage amplifier it is absolutely necessary that no circuits of the 
amplifier be altered, and that all stages of amplification following the 
stage under test be in operation. Otherwise, regenerative effects will be 
changed. 

The presence of regeneration in a multistage amplifier will greatly influ
ence the results of the gain measurement, irrespective of whether the 
regeneration is a direct consequence of the measuring arrangement, or is 
inherent in the functioning of the amplifier. Regeneration will modify 
the magnitude of the gain (usually will increase it), and will change 
the shape of the response curve of amplitude as a function of frequency. 

The presence of regeneration can readily be detected in the following 
manner:! A vacuum-tube voltmeter is connected to the output stage of 
the amplifier; if the amplifier is a complete receiver, the second detector 
of the receiver can serve as the voltmeter if provided with a meter to. 
indicate the d-c output current. A signal generator is then loosely 
coupled between the plate of tbe last amplifier tube and ground, by means 
of a very small series capacitance that provides a high impedance. The 
signal-generator output is then set to a large value. If there is no 
regeneration, the indication on the output meter V (see Fig. 8-9) pro
duced by the signal generator will then be uninfluenced by removing tubes 
or making other circuit changes in the stages ahead of the last one. On 
the other hand, if such actions cause a change in the vacuum-tube
voltmeter indication, then regeneration is present. The source of the 
regeneration can be readily isolated by short-circuiting the successive 
grids and plates to ground, commencing at the amplifier input. Any 
circuit where a regenerative effect is present can be identified by a change 
in voltmeter output when the short circuit is applied. 

I This technique is described by E. C. Frceland, F-M Receiver Design Problems, 
Electronics, voJ. 22, p. 107, January. 1949. 
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8-4. Use of Decibels to Express Relative Amplification. The vari
ation of amplification with frequency in amplifiers is often expressed in 
decibels referred to some arbitrary level which is taken as zero decibels. 
The significance of such curves can be understood by considering what a 
decibel means. The decibel is a unit for expressing a power ratio and is 
given by the relation 

Decibels = db 
P, = 10 log" p. (B-4a) 

The decibei has no other significance; and if it is to be used in expressing 
relative amplification, it therefore signifies power output as a function of 

� 
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FIG. 8-10. Example showing how relative amplification can be expressed in decibels. 

frequency with respect to some arbitrary reference power. Thus if the 
voltage amplification varies with frequency as shown in Fig, B-1Oa, one 
might replot this curve in decibels by assuming some arbitrary power as 
the standard. This could, for instance, be the power output obtained at 
400 cycles, The power output at any other frequency is then propor
tional to (E/E.,,)', where E is the voltage output at the frequency in 
question and E." is the output voltage at 400 cycles. Since the power 
output under these conditions is proportional to the square of the voltage, 
one can rewrite Eq. (8-4a) as follows for this particular case: 

P, ( E )' E 
db = 10 log" P = 10 log" 

E 
= 20 log" -

E 1 400 (00 (B-4b) 
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It is now possible to plot a curve giving relative amplification in terms of 
decibels as is done at Fig. 8-lOb. The significance of the decibel curve 
can be seen by considering a specific case. Thus the fact that the 
amplification in Fig. 8-10b is 5 db lower at 4.5 cycles than at 400 cycles 
means that the output power at 45 cycles is 0.316 times the power at 
400 cycles. 

From the foregoing it is seen that anything which increases or decreases 
the amplification can have its effect expressed in terms of decibels. Thus 
if one introduces an extra stage of amplification which increases the out
put voltage twenty times, then the gain in output power is 202, or 400, 
times, and this power ratio when substituted in Eq. (8-4a) is seen to 
represent a power gain of 26 db. 

It will be noted the decibel is fundamentally a power unit. It cannot 
be used to express voltage ratios except in so far as the voltage ratios are 
related to power ratios. If two voltages are applied to identical resist
ances, then the resulting powers arc, of course, proportional to the square 
of the voltages; but if the voltages are applied to different resistances, 
then it is necessary to take into account this fact if the decibel unit is to 
be employed. 

Standard power levels of 1 watt and 1 miIliwatt are finding popular 
acceptance, the latter in connection with radio receivers. Numerical 
values of decibel power ratios relative to these standard levels are desig
nated by the abbreviation dbw for the I-watt standard, and dbm for the 
1 mi1liwatt level; thus ·-10 dbm is 10 decibels below 1 milliwatt, that is, 
0.1 mi1liwatt. 

8-6. Amplifier Phase Shift. Measurement of the phase shift intro
duced by an amplifier is essentially the problem of measuring phase 
difference, as discussed in Sec. 6-9. The principal difficulty involved 
arises from the fact that the two voltage. whose relative pbase is to be 
determined will differ greatly in magnitude when the gain of the amplifier 
is large. Successful measurement under these conditions depends upon 
obtaining from the signal-generator system a reference voltage having the 
same phase as tbe voltage applied to the amplifier input, but which is 
much larger in magnitude. 

Any of the techniques described in Sec. 6-9 may be employed in the 
determination of amplifier phase shift ; a typical example is illustrated in 
Fig. 8-11a. Here the combination of a shielded oscillator and resistive 
attenuator represents a signal-generator system that applies a small 
voltage E. to the amplifier input, and simultaneously provides a much 
larger voltage E'. for phase comparison. If the attenuator is resistive, it 
will introduce no phase shift of its own, and E: will have the same phase 
as E. when the adjustable pbase shiiter is set at zero. 

The relative phase of the reference input voltage E'. and of the output 
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voltage EL is determined in Fig. 8-11a by adjusting the calibrated phase 
.hifter S until these two voltages have the same phase. The phase shift 
introduced by S is then equal in magnitude but oppesite in sign to the 
phase shift of the amplifier betwcen points 00 and bb. 

The arrangement illustrated in Fig. 8-11a is capable of determining 
phase with good accuracy provided the two voltagcs E: and EL to be com
pared have approximately the same magnitude, and also provided the 
attenuator introduces no phase shift (or a phase shift which is accurately 
known). It is not necessary that E; exactly equal EL; neither is it neces
sary that the phase shifter be of a type that has no attenuation, nor that 
it possess an attenuation that does not change with phase shift. 

The phase shift measured in Fig. 8-110 is the phase shift associated with 
the voltage amplification EL/E, betwecn points aa and bb of the amplifier. 

I I _b S • 
Shielded Phase Adjustable E, Amplifiu .© oscillator shiftero ,t_ under ftst • b • / � ':Ihodf:-nty 

E� � OSCJ//OSCbpe 

( ¥! I> E, 

Shidde.d PhClse Z osillator shiffer 

E' 
E, 

Cal Cbl 
FIG. 8-11. Schematic dia.gram of arrangement for determining the phase shift of an 
amplifier. 

It is sometimes desired to obtain the insertion phase shift. This can be 
done by first determining the phase shift "'. with the amplifier connected 
in the system as in Fig. 8-11a. Next, a determination is made of the 
phase difference rJ>2 existing between EL and E� with the amplifier and 
attenuator removed, as in Fig_ 8-11b. The insertion phase shift is then 

"'. - "" . 
8-6_ The Use of Square Waves to Detect Low-frequency Deficiencies 

of Amplifiers. Useful information regarding the characteristics of an 
audio- or video-frequency amplifier can be gained by applying a low
frequency square wave to the amplifier input and observing the shape of 
the amplifier output wave that results. Thus phase distortion at low 
frequencies causes a tilt in a square wave having a low fundamental fre
quency, as illustrated in Fig. 8-12b and c. A phase error as low as 1° 
at the fundamental frequency of the square Wave can be readily detected 
in this manner. If the response characteristic of the amplifier rises at 
low frequencies, then in the absence of phase distortion the output pro
duced by a square wave wiII have a rounded top as in Fig. 8-12dj con
versely if the low-frequency response falls, then the top of the output wave 
will be concave toward the axis as illustrated at e. When both phase 
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and amplitude response defects are simultaneously present, then the 
output wave shows both a tilt and a curved top. Square-wave tests 
of this type are extensively used to check qualitatively the Iow-fre
quency characteristics of video amplifiers used in television and similar 
applications. 1 

When square waves are used to investigate the low-frequency char
acteristics of an amplifier, it is of course important that the low-frequency 
deficiencies of the cathode-ray oscilloscope used to observe the output of 
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FIG. &-12. Effccts produced upon a square wave by amplifier imperfections for idealized 
cases. 

the amplifier under study be negligible in comparison with the deficiencies 
of the amplifier. The behavior of the cathode-ray oscilloscope in this 
regard can be determined by applying the square-wave directly to the 
oscilloscope input, and comparing the resulting wave shape with the wave 
shape of the amplifier output. If the cathode-ray oscilloscope shows 
significant but quite small amplitude or phase errors, then the true char
acteristic of the amplifier can be estimated by subtracting the tilts and 
curves produced by the oscilloscope alone from those observed in the out
put wave of the amplifier. 

J A good discussion of the response of typical video amplifiers to a square wave is 
given by P. M. Seal, Square-wave Analysis of Compensated Amplifiers, Proc. IRE, 
vo!. 37, p. 48, January, 1949. 
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8-7. Transient Response of Audio and Video Amplifiers. The 
response of an amplifier to a transient applied voltage can be completely 
formulated in terms of the response of the amplifier to a voltage having 
a shape corresponding to a step function,l A step function is illustrated 
in Fig. 8-13a; it is characterized by 
having an amplitude of zero up to a 
given time, at which instant there is 
an abrupt transition to a finite ampli
tude which is then maintained for an 
infinite time. 

The deficiencies in the response of 
an amplifier to a step function can be 
defined in terms of rise time, sag, and 
overshoot. These quantities are dis
cussed and defined in Sec. 6-7, where 
also will be found a discussion of 
means for observing the waveform of 
the response on a cathode-ray oscillo
scope. The response of a typical 
amplifier to a mathematically perfect 
step wave is illustrated in Fig. 8-13b 
and c. This response is character
ized by an initial rapid but finite rate 
of change in output, resulting in a 

( a )  Ideal step function 

(b) Amplifier' response i l lustrating 
saq Glr;'Ia finite rise time 

Cc) Amplifier response il lustratinq 
overshoot in the absence of sag 

FIG. 8-13. Ideal step function, to
gether with responses showing sag, 
overshoot, and finite rate of rise. 

definite rate of rise; thereafter the output drops off, or "sags." In some 
cases, the initial response overshoots the proper value and then settles 
back either with or without oscillation. 

The rise time is very nearly inversely proportional to the high-frequency 
limit of the amplifier. If B is the amplifier bandwidth, i.e., the frequency 
at which the response at high frequencies drops 3 db below the midrange 
response, then if the overshoot is not excessive, one find that 

Rise time, 10 to 90 ) 
� 

� 
per cent, in sec B (8-5) 

I "Vacuum Tube Amplifiers" (Vol. 18, Radiation Laboratory Series), Chap. 2, 
McGraw-HiU Book Company, Inc., New York, 1948; D. G. Tucker, Bandwidth and 
Speed of Build-up as Performance Criteria for Pulse and Television Amplifiers, J. lEE 
(Radio Sec.), vol. 94, pt. HI, p. 218, May, 1947; H. E. Kallman, R. E. Spencer, and 
C. P. Springer, Transient Response, Proc. IRE, vol. 33, p. 169, March, 1945; A. V. 
Bedford and G. L. Fredendall, Transient Response of Multistagc Video-frequency 
Amplifiers, Proc. IRE, vol. 27, p. 277, April, 1939; A. V. Bedford and G. L. Fredendall, 
Analysis, Synthesis and Evaluation of Transient Response of Television Apparatus, 
Proc. IRE, val. 30, p. 440, October, 1942; R. D. KeU, A. V. Bedford, and H. N. 
Kozanowski, A Portable High-frequency Square-wave Oscillograph for Television, 
Proc. IRE, vol. 30, p. 458, October, 1942; P. M. Seal, op. cit. 
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Here k is a constant that depends to a slight extent upon the shape of the 
gain-frequency curve, but always lies between 0.35 and 0.45; the first of 
these two values applies when the overshoot is less than 5 per cent. Sag 
depends upon the low-frequency response characteristics, and is par
ticularly adversely affected by phase distortion at low frequencies. 
Overshoot is controlled by the shape of the response band of the amplifier, 
and particularly the sharpness of the high-frcquency cutoff. A gradual 
cutoff eliminates overshoot, or at least minimizes it. 

The simplest means of producing a step function experimentally is by 
the use of square waves or pulses. A square wave can be considered as a 
succession of equally spaced, alternately positive and negative step func
tions, as illustrated in Fig. 8-14a. Similarly, a rectangular pulse may be 
regarded as an unsymmetrical square wave, and so is equivalent to a suc-

J I�F 
Ne9t1live s/ep 

tal Squore wpve and equivtltenf steps (b) Pulses aneA equivolent steps 

FIG. 8-14. Diagram illustrating how a square wave and a pulse wave represent a suc
cession of alternating positive and negative steps. 

cession of alternately positive and negative step functions with unequal 
spacing, as illustrated in Fig. 8-14b. 

Transient Response by Means of Squa.re Wo.ves. A straightforward 
method of determining the transient response of an amplifier consists in 
applying a square wave to the amplifier input and observing the wave 
shape of the output on a cathode-ray oscilloscope having an accurately 
calibrated time axis. This is equivalent to applying a succession of 
alternately positive and negative steps. 

In order to measure rise time accurately in this way the time interval 
occupied by the rise of the response to a step must be an accurately 
measurable distance along the time axis of the oscilloscope. In practice 
this requires that the time represented by a cycle of the square wave be 
not too long in comparison with the rise time of the amplifier, i.e., the 
square-wave frequency must be relatively high. Also, it is necessary that 
both the square-wave generator and the cathode-ray osciIJoscope involved 
have rise times that are much smaller than that of the amplifier under 
test, i.e., not over 0.2, and preferably less than 0.1 as great. If the rise 
times of the square-wave voltage and the cathode-ray oscilloscope are 
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small but not negligible, they can be taken into account by means of the 
correction given in Eqs. (6-12a). 

Overshoot and sag behavior can be determined similarly by scaling off 
time intervals and amplitudes from the os({illoscope pattern. In investi
gating overshoot, the time interval represented by the full length of the 
time axis must be relatively small to observe much detail in most cases 
of overshoot. In connection with sag, 
much longer time intervals are usually 
involved, and a. square-wave test signal 
of lower fundamental frequency is called 
for,l If the determination of sag is to 
be accurate, it is of course necessary 
that tbe sag of the square wave used for 
testing, and also of the oscilloscope 
amplifiers, be small compared with the 
sag of the amplifier 'under test. If the 
sag of the square-wave and the oscillo
scope is small but not negligible, then 
an approximate correction may be 
made by the following rule that when 
the sag i. small all sags add directly. 
Thus if for a given time interval the 
total observed sag is 20 per cent, but 
the sag of the square-wave test voltage 
is 3 per cent, and that of the oscilloscope 
amplifier is known to be 5 per cent, then 
the actual sag introduced by the ampli
fier in this time interval will be approxi
mately 12 per cent. 

A square-wave generator in which 
the frequency is adjustable and accu
rately known, is particularly useful for 
determining the percentage sag in a 
specified time interval, and also the 

n n n n n n  JlTLrULTLrL 
(0)  High frequency 

(b) Medium frequency 

r-------] r :J C_--,J 
(c) Low frequency 

LJime tiJr one-J 
cycle 

(d) Cathode·ray presentQtron 
Fro. 8-15. Effect upon the sag of 
decreasing the frequency of a square 
wa.ve, together with cathode-ray 
presentations in which the time base 
representing one cycle is the same for 
different frequencies. 

time of rise. With such a square-wave generator, the time measurements 
involved can be obtained in terms of the frequency of the square wave, 
without requiring calibration of the sweep voltage of the cathode-ray 
oscilloscope. Thus as the frequency of the square wave is reduced, the 
amount of sag that takes place per half cycle increases, as shown in Fig. 
8-15, because of the greater time interval represented by a half cycle of 
lower frequency. Accordingly, the time for any specified amount of sag 

I It is to be noted tha.t the " tilt " indicating a. leading low-frequency phase error in 
Fip:. 8-12b is an example of sag. 
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to occur, as for example 20 per cent, can be determined by adjusting the 
frequency until the amplitude drops off a corresponding amount by the 
end of the half cycle. The time interval in which this amount of sag 
takes place is then the time for a half cycle, or 1/210 seconds, where 10 is 
the frequency of the square wave. In carrying out a determination of 
sag time in this way J it is customary to synchronize the cathode-ra.y 
sweep with the square-wave frequency so that the length of the sweep 

t f E O.9E 

E 

(0) Square-wave frequency low enough to permit full rise 

E 

( 
(bl  Square-wave frequency high enough to limit rise to 

qO per- cent of full -value 

t 
. E 0.1 £ 1  I : �vtV\/V\AA 

(cl Square·wave frequency so hiqh that rise is limited fa 
10 per cent of full value 

FIG. 8-16. Effect or increasing the frequency of a square wave, when the rise time is not 
negligible compared with the length of time or a half cycle. 

represents the same number of cycles, irrespectiv.e of the frequency of the 
sweep. This causes the cathode-ray presentation of the situation to have 
the character illustrated in Fig. 8-15d. 

In an analogous manner, the rise time can be determined by observing 
the effect on the output wave of increasing the frequency of the square 

. wave. If the square-wave frequency is so high that the full output 
amplitude is not achieved before the end of a half cycle of the square 
wave, then the peak-to-peak amplitude is less than the value for a low
frequency square wave. This is illustrated in Fig. 8-16. When the 
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'
square-wave frequency has a value 190 such that the peak-to-peak ampli
tude is 90 per cent of the full amplitude (see Fig. 8-16b), then the time 
required for the transient voltage to rise to 90 per cent of the full ampli
tude'is 1/2/... Similarly, at the frequency 1>0 such that the peak-to-peak 
amplitude is 10 per cent of the full amplitude (see Fig. 8-16c), then the 
time required for the output to reach 10 per cent of its full value is 1/2/". 
The rise time, when defined as the time required for the amplitude to . 
rise from 10 per cent to 90 per cent of the full value, is accordingly 
1/2/90 - 1/2/". 

Transient Response by Pulse Testing. Rectangular-shaped pulses of 
short duration are frequently used to determine the transient response 
of an amplifier, as an alternative to square waves. When the signal to be 
handled by an amplifier consists of pulses, the response to a rectangular 
test pulse then gives directly the characteristics that are of greatest 
importance. Another advantage of pulse testing is that it is often possible 
to generate pulses having a short rise time and short duration more easily 
than a square wave of the same rise 
time. This is particularly the case 
when large amplitudes are desired, as 
then the average power required in a 
pulse generator can be made substan-
tially smaller than that of a square
wave genera tor. 

A typical response of an amplifier 
to a pulse is illustrated in Fig. 8-17. 
Rise time, sag, overshoot, and under
shoot can all be obtained from a 
cathode-ray presentation of the am

-=--=-::. =_ Overshoot 

Undershoot 

- - - - - - 1._-
FIG. 8-17. Typical response of an 
amplifier to an applied rectangular 
pulse, showing finite rate of rise, over
shoot, sag, and undershoot. 

plifier output by suitable calibration of the time axis. It is necessary, 
of course, that the cathode-ray oscilloscope have a rise time, sag, under
shoot, and overshoot that are small compared with those of the amplifier 
under test, as discussed in Sec. 6-7. 

The pulse used in determining the transient response of an amplifier 
must have a shape closely approximating the ideal rectangular pulse, i.e., 
the rise time, sag, overshoot, and undershoot of the pulse must be small 
compared with those of the amplifier under test. Pulses for testing pur
poses are commonly obtained from specially designed pulse generators 
that include provision for varying the length and repetition frequency of 
the pulse (see Sec. 13-7). The amplitude of the pulse applied to the 
amplifier can be controlled by a suitable attenuator. In many cases such 
an attenuator is provided as an integral part of the pulse generator, thus 
giving a pulse signal generator in which the pulse amplitude can be set to a 
known value. 
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Impulse Tests of Amplifiers and Networks.' Useful information regard
ing the characteristics of an amplifier or network can be obtained by 
n.pplying to the input a pulse that is very short compared with the rise 
time of the system under test, and then observing the resulting output 

LJ 
wave on a cathode-ray oscilloscope. 

� Il, If the length of such a test pulse is o 0 
g. !:  very small compared with the rise time - �  of the system under investigation, then ,f.j,------;TC"im-'- the shape of the response depends only E , 

<IJ - t- - on the characteristics of the system - �  , .E-� I under test, and is not affected by the 
6 §: I exact shape of this pulse. The magni-

L--i,f-jo-\--:.p-"'--�T=i�m-e tude of the response is, however, pro-
(a) Impulse response portional to the area under the pulse, 

I 
: which therefore defines the " equivalent 

� __ o�� I' 
strength" of the pulse. Such an ap-

.... plied wave is often called an impulse 
L_--+.,. ____ -=�- function. Ito Time The response of an amplifier or net-

I :,':r= 
f +- � work to an impulse unction is the time 

l�· 1:���::��e 
;�::�o:���:

s
�m�:l:e 

s:�� 
L----:it:'-,-----�T�i-m-e step response contain the same infor

(bl step WQve response mation, and one can derive the response 
FIG. 8-18. Response of a typical to a step, square wave, or pulse from 
video amplifier to a very short im- the impulse response, and vice versa. 
pulse, and corresponding response to The response of a typical video 
an ideal step function. amplifier to a very short impulse is 
shown in Fig. 8-18. Since the output waveform corresponds to the 
derivative of the step-function response, the maximum height of the 
impulse response to a pulse of given equivalent strength is proportional 
to the maximum rate of rise of the response to a square wave or pulse. 
Likewise the area2 under the impulse curve (when parts below the zero 

l E. C. Cherry, Pulse Response: A New Approach to A. C. Electric Network Theory 
and Measurement, J. lEE, vo!. 92, pt. Ill, p. 183, September, 1945; D. C. Espley; 
E. C. Cherry, and M. M. Levy, The Pulse Testing of Wide-band Networks, J. lEE, 
(Radiolocalion Con!!.), vo!. 93, pt. IlIA, p. 1176, March,May, 1946, alSo Proc. lEE 
pt. Ill, p. 186, May, 1949; M. Levy, The Impulse Response of Elcctrical Networks, 
with Spe<:ial Itefcrence to the Use of Artificial Lincs in Network Design, J. lEE, vo!. 
90, pt. IIl, p. 153, De<:ember, 1943; W. W. Ha.nsen, Transient Response of Wide
band Amplifiers, Proc. Nail. Electronics Con!., vo!. I, p. 544, 1944. 

t If this area is designated as A in units of volts timcs microseconds, then the 
quotient A/E ... is the rise time in microseconds according to one possible definition of 
rise time, where Em is the peak response to the impulse voltn.ge. The rise timc speci-
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axis are taken as negative areas) up to a time t is proportional to the ampli
tude of response to a square wave or to a pulse at time t. These relations 
are illustrated in Fig. 8-18. 

In practice, square waves or pulses are usually employed in determining 
the transient response in preference to impulses. This is because square 
waves and pulses give the shape of the response wave directly rather than 
indirectly. Also, it is often difficult to generate impulses that are short 
compared with the rise time of the system under test. However, the 
impulse method of testing is useful in that it directly determines the 
maximum rate of rise of the response to a pulse or square wave. 

8-8. Nonlinear Distortion in Audio-frequency Amplifiers. General 
Considm'ations. In an ideal amplifier, the amplified output is exactly 
proportional to the input signal i thus if the signal is a sine wave, the 
output would likewise be a sine wave. An actual amplifier, however, 
always departs to some extent from this ideal. As a result, a sine-wave 
signal will tend to produce an output that is a distorted sine wave. This 
action is termed Ilonlinear distortion, and sets a practical limit to the 
output obtainable from an amplifier. 

The principal effect of nonlinear distortion is to cause the amplified 
output to contain frequency components not present in the signal applied 
to the amplifier.l Thus when the applied signal is a sine wave, nonlinear 
distortion will cause the output to contain harmonics of this input fre
quency, particularly the second and third harmonics. Again, if the 
applied signal consists of two sine waves of different frequencies /1 and f21 
then nonlinear distortion will cause the output to contain harmonics of 
these frequencies (i.e., components having frequencies 2fl1 2f21 3fll 3f21 
etc.) ,  sum- and difference-frequency components h + h and il -

h, 
respectively, and higher order combination frequencies such as 2f1 ± /2 
and 1, ± 2f,. In practical cases the second harmonics, and the sum and 
difference frequencies, are usually most pronounced; these are sometimes 
called quadratic effects. Third harmonics, and second-order combina
tion frequencies such as 2JI ± i'l;, are termed cubic effects, and are next in 
importance. 

Additional consequences of nonlincar distortion are cross modulation 
and nonproportionaiity between amplifier input and output voltages. 

fieu in this way corresponds to the time or rise that would be required if the response 
to a pulse or squarewave (ose from zero to maximum amplitude at. a steady rate of 
rise. This definition of rise tim<! leads to a numerical result that in most cases approxi
mates quite closely to the rise time defined as the time interval between the 10 and 
90 per cent levels. 

1 Methods of analyzing the non linear distortion introduced by vacuum tubes arc 
considered at some length by F. E. Terman, " Radio Engincering/' 3d cd., pp. 268-284, 
McGraw-Hill Book Company, Inc., New York, 1947. 
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These phenomena are ordinarily of importance only in tuned amplifiers, 
and are discussed further in Sec. 8-9 . 

. The ultimate evaluation of the practical significance of nonlinear distor
tion in audio systems must be based upon listening tests. This causes the 
situation to be very complex, as the results of listening tests depend not 
only upon the nonlinear characteristics of the amplifier, but also upon the 
character of the sound being reproduced, upon the acoustics of the space 
in which the sound is observed, and on psychological factors which differ 

0-E '" 

E, 

f, 2f. 3f, 
(Cl) Harmonic. distortion 

Freq.-

t E
, 

0-
E '" 

t • � 
. .<! 

0-
E '" 

b, . 

f, fz-2f, fl-f, f:z fz+f, f2+2f, freq.-
Cb) IntermociulQtion distortion,SMPTE method 

E. 
Eo, 

fd& fb-fQ 2fa-fb fo fb 2fb-fCl Freq.-
(c) lntermodul�tjon aistortion.CCIF method. 

FIG. �19. Frcquency relations existing in harmonic and intermodulation tests of dis
tortion. 

from person to person. The result is that there is no entirely satisfactory 
method of objectively defining the nonlinear distortion introduced by an 
audio amplifier, and several different test methods are in common use. 

Harmonic Methods of Determining N onlinear Distortion. One method 
of measuring nonlinear distortion consists in applying a sine wave to the 
input of the amplifier, and observing the harmonics that are present in the 
output. The relationship of the fundamental frequency and the har
monics under such a condition is illustrated in Fig. 8-19a. In this situa
tion the distortion can be defined by the relation 
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Harmonic distortion, ) = yE,' + E,' + . . X 100 (8-6) 
per cent El 

Here E, is the amplitude of the fundamental-frequency component of the 
output, and E2, E3) etc., are the amplitudes of the harmonic components 
(see Fig. 8-19a).1 In theory, an infinite number of harmonics are possible, 
but in practice the second and third usually account for nearly all of the 
distortion that is present. 

. 

The amplitudes of the various frequency components of the output 
wave can be individually determined with the aid of a wave analyzer such 
as is described in Sec. 6-4. Alternatively, the necessary data for deter
mining the harmonic distortion can be obtained by a fundamental-sup
pression type of distortion meter, as discussed on page 247. 

The harmonic distortion of an audio-frequency amplifier will depend 
upon the frequency of the test voltage. If this frequency is more than 
half the high-frequency limit of the amplifier, the observed distortion will 
tend to be small even though nonlinear effects are present. This is 
because under these conditions the harmonics represent frequencies that 
are not fully reproduced by the amplifier output circuit. In the middle 
range of frequencies, the harmonic distortion is usually found to be largely 
independent of the exact test frequency. However, when the test 
frequency is so low as to have a value for which the amplifier response 
tends to faU off appreciably, the harmonic distortion for a given output 
voltage will commonly increase. This is because at low frequencies 
the load impedance of the amplifier output circuit ordinarily departs from 
the optimum value j in addition the amplifier does not reproduce a low fun
damental frequency as well as it does the harmonics of this low frequency. 

Intermodulation Method of Measuring Nonlinear DisliJrtion (SMPTE 
Method).2 A second method of measuring nonlinear distortion consists in 
simultaneously applying two sine-wave voltages of different frequencies to 
the amplifier input, and observing the sum, difference, and various 
combination frequencies that are produced by the nonlinearity of the 
amplifier. This approach to the problem of evaluating distortion is called 
the intermodulation method. 

1 Sometimes it is convenient to replace El in the denominator of Eq. (8-6) with Eo, 
the rms value of the output voltage lsee Eq. (6-11)], particularly when the fundamental 
suppression type of distortion analyzer is employed. The resulting effect on the 
numerical value of the distortion is significant only when the distortion is unusually 
large. 

I See John K. Hilliard, Intermodulation Testing, Electronic8, vol. 21, p. 123, July, 
1946j Distortion Tests by the Intermodulation Method, Proc. IRE, vol. 29, p. 613, 
December, 1941; George Daniel, Instrument for Intcrmodulation Measurements, 
Electrani�, vol. 21, p. 134, March, 1948; Arnold Peterson, Measurement of Non
linear Distortion, Gen. Rad. Expt, vo1. 25, March, 1951. 
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While two signal frequencies may be combined under many different 
conditions, two cases merit particular attention. In the first of these, 
a low�frequency test signal, and a high-frequency test signal of somewhat 
smaller amplitude, arc simultaneously applied to the amplifier. If nOll
linear effects are present, then the amplification that the high-frequency 
component/2 experiences will vary at the frequency /1 of the low-frequency 
signal, as illustrated in Fig. 8-20. Thus the wave of frequency f, in the 
amplifier output will be modulated at the low frequency h. The amount 
of distortion is then expressed in terms of this modulation experienced 
by the high-frequency wave, according to the r�lationl 

Intermodulation dis- } 
tortion (SMPTE method), - 100 Vm,' + m,' + . . . (8-7a) 
per cent 

Here ml is the degree of modulation that the output component of fre
quency /2 experiences at frequency il, and m2 is the corresponding modula
tion of f. at frequency 2f,. 

This particular method of employing two signals to determine nonlinear 
distortion is widely used in audio-frequency systems associated with 
sound-picture installations. It is commonly referred to as the SMPTE 
intermodulation method, since it bas been standardized by tbe Society of 
Motion Picture and Television Engineers.2 

Apparatus for determining intermodulation by the SMPTE method is 
illustrated sehematically in Fig. 8-21. Tbe system for combining the 
outputs of the two signal generators may take any one of a number of 
forms, such as a transformer with center-tapped primary, or two amplifier 

1 An alternative method of explaining this situation is to consider that the nonlillcar 
action of the amplifier produces sum and difference frequencies /I + !2  and !2 - 1" 
respectively. These frequency components, together with ft, can be thought of as 
rcpresenting side bands and a carrier, respectively, thus forming a wave of carrier 
frequency /2 modulated at the frequency /I. If the nonlinear distortion is sufficient 
also to produce second-order combina.tion frcquencies f, + 21" the modulation envel
ope then contains a component that is the second harmonic of 11, that is, the modula
tion envclope is not sinusoidal. 

The relation of these various frequency components is illustrated in Fig. 8-19b. 
In terms of them the intermoduln.tion distortion ca.n be quantitatively defined as 

Intermodulation dis- } V(UI + az)" + (b1 + bl)" + . . .  tortion (SMPTE method), = 100 
E" (8-7b) 

per cent 

Here Et, ai, at, bl, a.nd b, are the amplitudes of the various frequency components, as 
illustrated in Fig. 8-19b. Since at and at form one pair of side bands, and bJ + b, form 
a second pair, Eq. (S-7b) is an alternative form of Eq. (8-7a). 

I American Standard Method of Making Intermodulation Tests on Variable
density 16-millimeter Sound Picture Prints, J. SMPTE, vol. 46, p. 303, April, 1946. 
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tubes with separate inputs and a common output load impedance. Alter
natively, it is possible to use a two-frequency signal generator specially 
designed for intermodulation tests. 1 The network NI separates the 

NOt'! //near 
re/alion belween 
inpuf Qnd oufpuf 

Low-

Input 
I 
I 

componenf 
I 
I 

_ _ _ _ _ _ _ _  '�!I!flY". 

<1t'�I.'-fr·eq"er'cy componenf 
of �U/put wave 

�'r-"nt>ut wave 

FIG. S-20. Diagram showing how a nonlinear relationship between input and output 
will result in modulation of a high-frequency component of the input wave by the low
frequency component of this wave. 
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s,;"stem 
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I or bandpass (detector) pass 2 I fi Iter a filter I 
L _ _ _ _ _ _ _ _ _ _ _ _  � _ _ _ _ _  � 

Average reading 
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FIG. 8-21. Block diagram of apparatus (or determining intermodulation distortion by 
the SMPTE method, together with waveforms present in different parts of the system. 

high frequency f. and its side bands from the other frequency com
ponents that may be present in the amplifier output. Voltmeter V 1 meas
ures the average amplitude of this resulting modulated wave, i.e., it meas-

1 Such a signal gcncrator is described by A.P.G. Pcterson, An Audio Frequency 
Signal Generator for Non·lincar Distortion Tests, Gen. Rad-. Expt., vot 25, p. 1 ,  
August, 1950j H. H. Scott, Audible Audio Distortion, Electronics, vol. 18, p. 126, 
January, 1945. 
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ures the carrier amplitude E2 in Fig. 8-19b. The modulation component 
of the envelope is then determined by rectifying the modulated wave, 
separating the modulation-frequency component of the envelope by low
pass filter N 2, and determining the amplitude of the modulation com
ponent by voltmeter V,. It will be noted that the apparatus inside the 
dotted rectangle ih Fig. 8-21 represents a system for measuring the char
acteristics of a modulated wave. Calibration can be carried out by 
applying known voltages1 of frequencies !l and f2 to terminals aa. 

In a measuring system such as illustrated in Fig. 8-21, the usual practice 
is to make the low-frequency test signal four times as large as the high
frequency test signal applied to the system. A value of the order of 60 
to 100 cycles is' ordinarily used for the low frequency, while the high fre
quency is typically 5000 cycles or higher. l\etwork N, should have a 
bandwidth sufficient to pass second-order side bands, i.e., a cutoff fre
quency greater than 2ft ; network NI must have a corresponding band
width, i.e., a value in excess of 4ft. Voltmeter V I must be of the average
reading type; a copper-oxide rectifier instrument is quite satisfactory. 
Voltmeter V2 is ideally a square-law device, but an average-reading meter 
such as a copper-oxide rectifier instrument will give results that are 
accurate enough to meet ordinary requirements. In no case should a peak 
reading meter be used for V:, however. 

The numerical value of the intermodulation distortion determined by 
the SMPTE method depends primarily upon the nonlinearity encountered 
by the low-frequency test signal, because this signal is much the larger 
under the standard test conditions. The observed intermoduIation dis
tortion is largely independent of the value of the higher frequency 12, but 
can be expected to depend at least to some extent on the value of fl, par

ticularly when il is low enough to be in the region where the amplifier 
response is falling off. 

Intermodulation Method of Measuring Nonlinear Distortion (CC IF 
Method).' In the second method of carrying out an intermodulation test, 
the two test signals have equal amplitudes, and relatively high but slightly 
different frequencies. When nonJinear distortion is present, a difference
frequency component appears in the output and is used as a measure of the 
amount of distortion present. The situation is illustrated in Fig. 8-19c, 
where/a. and fll represent the two test frequencies of amplitudes Ea. and Ell, 
and Ed is the amplitude of the resulting difference frequency component 

I The most direct means of carrying out the calibration procedure consists in giving 
El the value to be used in the intermodulation test, and then adjusting E, with the 
aid of VI so that Et = O.lEI. The resulting deflection of VI will then correspond to 
10 per cent intermodulation distortion. 

t A good discussion of intcrmodulation tests of this type is given by H. H. Scott, 
loco cit. 
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/d.' The intermodulation distortion is expressed quantitatively by the 
relation 

Intermodulation distortion t 
� 

Ed X 100 (8-8) 
(CCIF method), per cent J E. + E. 

This form of intermodulation test has been recommended by the Inter
national Telephonic Consultative Committee, and is ordinarily referred to 
by the initials CCIF. 

Apparatus for carrying out intermodulation tests by the CCIF method 
is illustrated schematically in Fig. 8-22. The difference-frequency com
ponent Ed is separated by low-pass filter N, and indicated separately by 
voltmeter V,. The amplitudes of the test-frequency signals E. and E. 
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Fm. 8-22. Apparatus for carrying out intcrmodulation tests by the CCIF method. 

appearing in Eq. (8-7) can be determined with the aid of voltmeter V,; 
if V, is a peak-reading instrument, then the peak voltage observed at 
terminals cc·will approximate very closely the peak value of E. + E •. 
Alternatively, E. and E, can be determined individually if test voltages of 
frequenciesf(l andfb arc applied one at a time to the input terminals of the 
amplifier under test, and the resulting values observed on V 1. t In carry. 
ing out an intermodulation test by the CCIF method, the test frequencies 
f. and !. are generally centered toward the high-frequency end of the. 
response range, and sometimes are purposely placed in the region where 
the high-frequency response is beginning to fall off appreciably. The dif
ference !d = fb - fa petween the two test frequencies is commonly a 
moderately low value, such as 60 to 200 cycles. This difference frequency 
should not be so small as to be below the normal low-frequency response 

• Second-order combination frequencies Ed2 and E'dt arc also shown in Fig. 8-19c, 
and are a measure of the cubic type of distortionj however, these components can be 
detected only by .the use of a highly selective wave analyzer, and are generally not 
made use of in t.his form of intermodulation test.. 

t Both o( these procedures involve approximations as a result of (ailing to allow (or 
other frequency components that are simultaneously present at terminals cc as a 
result of distortion in the amplifier. If an cxact determination of E. and El> is desired, 
it is necessary to employ a wave analyzer with good selectivity to measure these corn· 
ponents individually. However, the approximate procedure is adequate for most 
practical applications. 
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range of the amplifier, as then the amplifier circuits tend to suppress the 
difference-frequency output. 

Values of intermodulation distortion observed by the CCIF method are 
indicative of the nonlinear distortions present in the system in the fre
quency region of f. and f,. In particular, the CCIF method is able to 
measure the consequences of the nonlinear distortion present at the upper 
frequency limit of the amplifier where the high-frequency response is 
beginning to fall off. 

The observed value of intermodulation distortion is sUbstantially inde
pendent of the exact value of the difference frequency fd = f, - f. of 
the two test signals provided this difference is a small fraction of the test 
frequencies, and provided further that fa does not fall in the frequency 
range where the amplifier response falls off substantially. 

Comparison of the Different Methods of Measuring Nonlinear Distortion. 
When the nonlinear distortion is small and not frequency-dependent, all 
three .measuring methods outlined above give equivalent results and there 
is no choice between them. That is to say, results obtained by one 
method can be converted to results of one of the other methods by the use 
of proper numerical conversion factors. Thus if a single-ended. (i.e., 
not push-pull) amplifier is tested under these conditions, and the same 
totol peak output voltage is developed by the amplifier in all three test 
conditions, then the results of Eqs. (8-7) and (8-8), respectively, will be 
3.2 and 0.5 times the value obtained from Eq. (8_6) . '  

However, when the nonlinear distortion is different at different fre
quencies, then the experimental results obtained by the three different 
methods will no longer be directly related, and the correlation with listen
ing tests will also not be identical. This is because the harmonic method 
directly observes the extent to which a sine wave of a particular frequency 
is distorted, whereas in the intermodulation method attention is directed 
to the distortion that results from the interaction of different frequencies. 
In the SMPTE intermodulation method, the emphasis is placed on the 
effects produced on the high-frequency components of the signal by strong 
low-frequency signals when nonlinear effects are present at low fre
quencies. In contrast, the CCIF method emphasizes the low-frequency 
distortion components resulting from nonlinear distortion of the higher 
frequency components of a complex signal. 

These different types of distorting action have different psychological 
effects upon a listener. Since all three actions are simultaneously present 
when a complex sound wave is being amplified, no one method ean possibly 
provide a numerical value that will correlate exactly with listening tests 
under a wide variety of conditions. In general, if a single test is to be 

I Sce W. J. Warren and W. R. Hewlett, An Analysis of the Intermodula.tion Method 
or Distortion Measurement, Proc. JRE, vo1. 36, p. 457, April, 1948. 
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made, an inten;noduiation test is usuaIJy more useful than a harmonic
distortion test. However, to obtain a reasonably complete picture of 
the nonlinear behavior of a system, it is necessary to make both types of 
intermodulation tests, and in each case to use several combinations of 
test frequencies. If a harmonic test is to be made, it should in general be 
repeated for several different fundamental frequencies, at least one of 
which should correspond to the low frequency of the intermodulation test 
by the SMPTE method. 

The level of distortion that is tolerable in audio-frequency systems 
depends on the nature of the audio sounds involved, and upon a variety 
of psycho-acoustic factors. About 1 per cent harmonic distortion can 
usually be detected by a listening test, but before harmonic distortion 
becomes serious it must be greater than about 10 per cent. Even 
larger values of harmonic distortion can be tolerated if the distortion is 
mainly at frequencies below 100 cycles or above 4000 cycles. Inter
modulation as determined by the SMPTE method cannot be detected 
until it has exceeded about 10 per cent provided the low-frequency tone is 
below 100 cycles ; however, if the low-frequency tone is of the order of 
several hundred cycles, intermodulation distortion as low as 3 to 4 per 
cent can be detected in a listening test. Intermodulation as determined 
by the CCIF method can be detected at levels of a small fraction of I per 
cent in a listening test, and becomes objectionable at a value of 3 to 4 per 
cent when the difference-frequency lies in the range 400 to 5000 cycles, 
which is where the ear is most sensitive. 

8-9. Special Considerations lnvolved in Tests of Tuned Amplifiers. 
The term " tuned amplifier" denotes an amplifier in which the load 
impedance in the plate circuit is supplied by a resonant circuit, or a com
bination of resonant circuits. A tuned amplifier is characterized by high 
gain over a limited range of frequencies, combined with a strong discrimi
nation against frequencies lying outside of this range. Tuned amplifiers 
are used for the amplification. of radio-frequency and intermediate
frequency signa.ls, and are an essential part of every radio receiver. 

The general discussion on measurement of amplifier gain and phase 
shift as given in Secs. 8-1 to 8-5 is fully applicable to tuned amplifiers as 
well as all other types of amplifiers. Also, many of the standard tests 
commonly made on radio receivers are essentialJy tests of the char
acteristics of the tuned amplifiers in the receiver. Accordingly, the 
discussion in this section will in large measure be limited to presenting a 
summary of the important features of tuned amplifier tests. Cross 
references to other portions of this book will be depended upon to provide 
many of the details. 

Gain Characteristics of Tuned A mplijiers. The most important single 
chara.cteristic of a tuned amplifier is the amplification (gain) as a function 
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of frequency. A typical example of the gain characteristic of a multistage 
tuned amplifier is given in Fig. 8-23. The features of greatest practical 
interest are the amplification at the resonant or center frequency, the 
useful bandwidth, the shape of the amplification curve in the vicinity of 

o resonance, and the discrimination 
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against frequencies differing appre
ciably from resonance (the so-called 
H off-channel selectivity "). 

The gain of an amplifier can be 
measured by the use of a signal 
generator, following one of the 
procedures outlined in Sec. B-2. 
In carrying out the measurement, 
it is necessary to be particularly 
careful that the measuring appa
ratus does not alter tbe impedance 
relations or the regeneration in 15 10 5 0 S I0 15 

Below resonance Above resonance such a way as to modify the ampli-
Kiloc'1c.1es off resonance fication. 

FrG. 8-23. Typical response cbaracter- Shape Dj Response Curve by the 
istic of a multistage tuned amplifier, Use of a Sweeping OscillatOr. The 
showing bandwidths corresponding to a. shape of the response characteristic 
reduction in response of 6 db and 60 db. 

near resonance can be obtained by 
determining the gain at a number of frequencies. Alternatively, a 
sweeping oscillator, such as discussed on page 501, may be used in con
jWlction with a cathode-ray oscillograph to give a visual presentation 
of the shape of the response curve. 

A typical test arrangement using a sweeping oscillator is shown 
schematically in Fig. B-24a. The oscillator frequency is sbown as being 
varied by a modulating voltage, which is preferably a saw-tooth wave. 
The modulating voltage is also applied to the horizontal-deflecting plates 
of the cathode-ray oscilloscope on which the amplifier characteristic is to 
be displayed. In this way the horizontal position of the spot on the 
cathode-ray screen is a function of the radio frequency applied to the 
amplifier under test, i.e., the horizontal axis can be calibrated in terms of 
frequency. 

The amplifier output may be applied directly to the vertical-deflecting 
electrode of the cathode-ray oscilloscope. This gives a pattern, such 
as illustrated in Fig. B-24b, in which the envelope represents relative 
output as a function of frequency provided -the amplitude of the radio
frequency voltage applied to the amplifier input is independent of the 
frequency. Alternatively, the amplifier output may be first applied to a 
detector, and the resulting rectified output used to produce vertical 
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deflection of the cathode-ray oscilloscope. In this case the pattern 
observed is the envelope, as shown in Fig. 8-24c. 

A calibration of the frequency scale can be obtained in several ways. 
Qualitative results may frequently be obtained from the characteristics 
of the sweeping generator. A more precise indication of frequency is 
obtained by employing markers to indicate points on the frequency scale 
that correspond exactly to frequencies that are accurately known. 

One method of providing these markers is indicated schematically in 
Fig. 8-24, and consists in loosely coupling an absorption wavemetcr to the 

Amplifier 
under 
test 

(Cl'  Test CJrrangement 

Wavemeter 

Frequency-

(bl DisplClY without detector 

I I lJYavemefer 
I frequency 

r,...equency 

(cl Display with detector 

FIG. 8-24. Sweeping-oscillator arrangement for determining shape of response char
acteristic. The particular system shown involves an absorption wavemeter that is 
used to introduce a. notch that gives a frequency marker. 

sweeping oscillator. Each time the oscillator frequency sweeps through 
the frequency at which the wavemeter is resonant, the resulting absorp
tion of enf'rgy causes the output of the sweeping generator to dip as 
shown. By tuning the wavemeter over the frequency range covered by 
the sweeping oscillator, a complete calibration of the sweep is possible. 
\Vavemeters for this purpose are sometimes provided as an integral part 
of the sweeping oscillator, particularly in the case of sweeping oscillators 
designed for the higher frequencies. 

. 

Another method of providing a frequency marker is illustrated sche
matically in Fig. 8-25. Here a very small amount of energy derived from 
the amplifier output is combined in a mixer with the output of a hetera-
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dyne wavemeter (i.e., oscillator with frequency calibration). The mixer 
output is then passed through a low-pass filter. Each time the frequency 

. of the sweeping oscillator passes through the frequency of the heterodyne 
wavemeter, the filter output delivers a pulse having a length equal to the 
time it takes the frequency of the sweeping oscillator to traverse 2/0 
cycles, where 10 is the bandwidth of the low pass filter. This pulse thus 
marks the instant when the sweeping oscillator has a frequency coinciding 
with that of the heterodyne WBvemeter. The pulse can be used as El. 
frequency marker in any one of several ways j for example, one possible 
method of employing the marker is to use it to brighten the oscilloscope 
trace, giving the result shown in Fig. 8-25. 

Bandwidth and Off-channel Selectivity. The bandwidth of a tuned 
amplifier represents the usable frequency range over which the amplifica
tion is fairly uniform. It is commonly defined as the frequency range 

I Sweepinq. [ Amplifier 
osc i llCltor under test 

t MOdulatingl 
I Hderodyn: [ voltc:tge wavemeter 
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10 control qnd--- � 
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H� f 
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(bl Presentation 

FIG. 8-25. Sweeping-oscillator system for presenting response characteristic of an 
amplifier, together with heterodyne-wavemcter system for introducing (L frequency 
marker consisting of a brightened spot. 

over which the response does not fall below the response at the center 
frequency by more than some specified value, commonly 3 db or 6 db. 

The off-channel selectivity is the ability of the tuned amplifier to 
discriminate against signals differing appreciably in frequency from the 
center frequency of the amplifier response characteristic. The com
monest means of expressing off-channel selectivity is as the ratio of the 
bandwidth of the amplifier when the amplification is 60 db less than at 
resonance, to the bandwidth of the amplifier system when the amplifica
tion is 6 db less than at resonance, as illustrated in Fig. 8-23. This 
ratio is termed the bandwidth ratio or selectivity ratio; multistage amplifiers 
will typically have a value of bandwidth ratio of the order of 2.5 to 5. 

In broadcast work, where channels are spaced 10 kc apart, there is 
particular interest in the discrimination against signals in the channel 
adjacent to the one for which the amplifier is tuned. This property is 
termed adjacenlrchannel selectivity, and can be defined as the ratio of the 
amplification at the resonant frequency of the ampliEer, to the amplifica
tion at a frequency 10 kc different from tms resonant frequency. 
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The off-channel, or the adjacent-channel, selectivity of a tuned ampli
fier is measured experimentally in the same manner as is the off-channel 
selectivity of a radio receiver (see Sec. 9-3) . That is, as the signal
generator frequency departs from resonance, the signal-generator voltage 
applied to the amplifier input is increased in such a manner as to maintain 
constant output. 

Nonlinear Diswrtion in Tuned Amplifiers (Cross Modulation and Cross
talk). The most important consequence of nonlinear distortion in tuned 
amplifiers is cross-talk (also called cross modula
tion). Other effects possible are (1)  an amplifi
cation that varies with amplitude of the signal, 
thus causing a distortion of the envelope of 
modulated waves ; (2) intermodulation between 
two strong signals lying outside of the response 
range of the amplifier which produces a distor
tion component having a frequency lying within 
the response range. Because of the narrow 
response band of tuned amplifiers, harmonics 
and sum and difference frequencies of signals 
within the response band all lie outside of the 
range of frequencies that are amplified, so are of 
little importance. 

These various consequences of nonlinear dis
tortion in tuned amplifiers are the same as the 
corresponding effects discussed in Sec. 9-5, in 
connection with radio receivers, where details as 
to measurement are given. 

8-10. Transient Response of Tuned Ampli
fiers.l When a radio-frequency voltage is sud
denly applied to a tuned amplifier, the response 
of the output builds up to a final value in the 
manner illustrated in Figs. 8-26 and 8-28. The 
transient response of the amplifier is defined as 
the envelope of this build-up curve. 

(0) Applied yoltcu)e 

(c) TrClnslent response 
t wi th overshootJ 

FIG. S-26. Typical tran
sient response of a tuned 
amplifier, showing cases 
with and without over
shoot. 

When the frequency of the applied voltage closely approximates the 
center frequency of the response band of the amplifier, as is the case in 
Fig. 8-26, the transient response is similar in character to that observed 

1 Discussions of the transient behavior that can be expected from tuned amplifiers 
under different conditions, with particular reference to the relationship between ampli
fier design and transient behavior are given in "Vacuum Tube Amplifiers," QP. oit., 
Chap. 7;  Tucker, wc. cif.; Transient Response of Tuned Circuit Cascades, Wireless 
Eng., vol. 23, p. 250, September, 1946; C. C. Eaglesficld, Carrier-frequency Amplifiers, 
Wireless Eng., vol. 22, p. 523, November, 1945, vo!. 23, p. 67. March. 1946. 
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with an audio or video amplifier. In fact, there is a one-ta-one cor
respondence between the transient behavior of an untuned amplifier, and 
the transient behavior of an amplifier having a transmission character
istic representing the low-pass analogue of the response characteristic of 
the tuned amplifier. '  Thus the transient response of the tuned amplifier 
first rises rapidly, and then settles down to the steady-state value in a 
manner that is sometimes asymptotic, and sometimes characterized by 
overshoot. The exact behavior depends upon the bandwidth of the 
amplifier, the shape of the response band, the sharpness of cutoff at the 
edge of the response band, and the phase-shift characteristic. In any 
case, the principal features of the transient characteristic can be described 
in terms of the rise time and overshoot; these have the same definition and 
significance as in the case of audio and video amplifiers (see Sec. 8-7). 

The rate at which the response of a tuned amplifier rises when a radio
frequency voltage of resonant frequency is suddenly applied is inversely 
proportional to the bandwidth, just as in the video amplifier. In fact 
Eq. (8-5) also applies to tuned amplifiers provided B is defined as the 
3-db bandwidth of the gain characteristic of the amplifier. The quantity 
k then has a value of 0.7 if the overshoot is small or zero, and up to 0.9 if 
moderate overshoot is present. 

The transient response of a tuned amplifier is ordinarily obtained with 
the aid of a radio-frequency voltage that is modulated by a square wave 
or by a rectangular pulse. The resulting amplifier output produced by 
this signal is then viewed on a cathode-ray oscilloscope employed as an 
envelope viewer (see page 263), in which the sweep voltage is synchronized 
with the modulation of the signal. Such an arrangement gives a periodic 
repetition of the transient, and permits continuous viewing. A suitable 
experimental arrangement is illustrated schematically in Fig. 8-27. The 
signal generator may be of any convenient type which can be modulated 
by a square wave or pulse. The modulation is essentially of the on-off 
type in which alternate half cycles of a square wave turn the oscillations 
on and off; in the case of pulse modulation, the wave is on only during the 
pulse. The modulation in all cases should be as nearly rectangular as 
possible. The amplifier output can be applied directly to the vertical
deflecting electrodes of the cathode-ray oscilloscope, or alternatively one 
may rectify the amplifier output and apply the rectified voltage to the 
vertical electrodes after amplification (see page 263). 

When the frequency of the square-wave modUlating voltage is adjust
able over a wide range, it is possible to determine rise time in terms of the 
frequency calibration of the square-wave generator, in analogy with Fig. 
8-16. The idea is to increase the frequency until the peak amplitude is 

1 This assumes that the bandwidth is a small fraction of the center frequency, and 
that the tuned-amplifier gain characteristic is symmctrical about the ccnter frequency_ 



SEC. 8-101 A M P L I F I E R  M E A S U R E M E N TS 347 

first reduced to 90 per cent and then to 10 per cent of full amplitude of 
response obtained under steady�state conditions. The rise time is then 
determined from the time intervals represented by the half cycles of the 
square waves involved. Alternatively, one may obtain the same informa
tion by using a pulse-modulated wave in place of the square-wave 
modulation, and varying the pulse length instead of the ",'petition 
frequency. 

Transient Response with Detuned Test Frequency. When making tests 
of the transient behavior of tuned amplifiers it is necessary to pay close 
attention to the relationship between the frequency of the test voltage 
and the center frequency of the amplifier response curve. When the test 
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FIG. 8-27. Arrangement of apparatus for obtaining transient response of a tuned 
amplifier. 

and center frequencies are approximately the same, the transient response 
has the character illustrated above in Fig. 8-26b and c, and also in Fig. 
8-28b; this can be thought of as the normal situation. However, if there 
is a difference between the test and center frequencies that is of the same 
order of magnitude or greater than the reciprocal of the rise time of the 
amplifier, then the envelope of the transient response is greatly modified 
in shape, as shown in Fig. 8-28c and d. In particular, a damped radio
frequency oscillation is present which has a frequency corresponding to 
the center frequency of the circuit. This oscillation combines with 
the applied frequency, causing the envelope amplitude to pulsate at a 
frequency equal to the difference between the center frequency of the 
circuit and the test frequency. In the particular case \vhere the test 
frequency has a value such that the steady-state response of the amplifier 
to this frequency is much less than the steady-state response to the center 
frequency, then there will initially be a large transient amplitusIe which 
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ultimately settles down to a smaller steady-state amplitude as shown in 
Fig. 8-28d. This effect is particularly prominent in multistage tuned 
amplifiers. 

Detuned operation also modifies the decay transient that occurs when 
the test voltage is suddenly removed. This decay transient is then no 
longer the mirror image of the building-up transient; in addition, its fre
quency is the center frequency of the amplification curve rather than the 

V \r� V VlIlIlJlI V 
(0 ) Applied wtlVe with rectangular modulation 

/ (b) TranSient response (no aetuninql 

( c ) Tn:m�ient response ( mo�enJfe aetunlng l 

t d l Tr-ansient response ( I a rqe oIetunrng, 
multistaqe Case) 

FIG. &-28. Transient response of a tuned amplifier to a pulse-modulated wave, 
showing the effect of detuning the applied wave from the center frequency of the 
response curve. These response curves give the envelope of the actual wave. 

frequency of the test voltage. Again, if the response to the test fre
quency is much less than the response to the center frequency, then the 
decay transient has a correspondingly larger amplitude than the steady
state response, as illustrated in Fig. 8-28d. 

All of these considerations make it important that the difference 
between the test frequency and the center frequency of the tuned amplifier 
be less than one-fifth to one-tenth of the recipror.al of the rise time of the 
amplifier if the response obtained is to represent the true transient 
response of the circuit. Test frequencies detuned by greater amounts 
from the center frequency should be used only when investigating the 
effect of detuning upon the transient response. 

Transient Response to a Sudden Change in Frequency. The transient 
respons� to a sudden change in frequency has an importance in frequency-
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modulation systems corresponding to' the importance in amplitude-" 
modulation systems of the transient response resulting from a sudden 
change in amplitude. 1 

The transient response to a sudden 
change in frequency c�n be measured in a 
manner analogous to the arrangement of 
Fig. 8-27. The only dilferences are (1) that 
the square-wave modulating voltage is ap
plied to a reactance tube that shifts the fre
quency of the signal generator output back 
and forth between two values, and (2) that 
the amplified output of the system is ap
plied to a '  frequency-modulation detector, 
the output of which is applied to the verti
cal-deBecting electrode of the cathode-ray 
oscilloscope. The transients observed in 
this way when the input wave is frequency
modulated aTe very similar in character to 
those observed when the input wave is 
amplitude-modulated. 

Use of Impulses and Slwrt Pulses. Im
pulse excitation of a tuned amplifier is ob
tained when the applied voltage is an im
pulse baving a lengtb sbort compared witb 
a half cycle of tbe center frequency. Under 
such conditions the envelope of the response 
corresponds to the impulse response of a 
video amplifier, as ·discussed in connection 
with Fig. 8-18. 

A typical example of such an impulse 
response, together with the equivalent 
envelope, is given in Fig. 8-29. It will be 
noted by comparing c and d of Fig. 8-29 
that for each value of time tll t2J etc., at 
which the envelope passes through zero 
amplitude, the equivalent sign of the 
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Cb) Shod pulse , 
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V= "  ( d )  Equivolent envelope 

(e) Transient response 

ef) Amplitude response to sine WQves 

FIG. 8-29. Response of a tuned 
amplifier to an impulse, and to a 
very short modula.ted pulse. 

envdope is reversed. The shape of the cJ;lvelope of the impulse response 
of a tuned amplifier is determined only by tbe characteristics of the 
amplifier, and is independent of the exact shape of the impUlse. As in the 
corresponding video case, the peak amplitude of the envelope of the 

1 The theory of such transients is discussed by C. C. Eaglesfield, Carrier-frequency 
Amplifiers, Wireless Eng., vol. 23, p. 96, April, 1946; H. Salinger, Transients in Fre
Iluency Modulation, Proc. IRE, vol. 3�, p. 378, August, 1942. 
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impulse response is proportional to the maximum rate of rise of the 
transient response characteristic of the amplifier; likewise, the integral of 
the envelope is the transient response (see Fig. 8-2ge). The radio-fre
quency oscillations produced by the impulse response have a frequency 
corresponding to the center frequency of the response characteristic of the 
tuned amplifier. 

An alternative, and usually more practical, means of obtaining the 
impulse behavior in a tuned amplifier, is to employ a pulse-modulated 
radio-frequency test signal, in which the length of the pulse is small com
pared with the rise time of the amplifier (see Fig. 8-29b). If the carrier 
frequency that is thus modulated approximates the center frequency of 
the amplifier response band, then the envelope of the reSUlting radio
frequency oscillations has exactly the same shape as though an impulse 
had been used. 

8-11. Measurement of Feedback Factor of Feedback Amplifiers. 
Fundamental Concepts Regarding Feedback. Under normal conditions, an 
amplifier with negative feedback behaves like any other amplifier. 
Methods described in the preceding sections for measuring steady-state 
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and transient behavior therefore 
apply equally well to amplifiers 
with negative feedback as to other 
amplifiers, l  

The presence of negative feed
back does, however, inHuence the 
characteristics possessed by the 
amplifier. Specifically, negative 
feedback reduces nonlinear dis

illustrat-
t�rtian, modifies the response as a 

FIG. �30. Schematic diagram 
ing a. feedback amplifier. 

function of frequency, minimizes 
the effect of changes in tube characteristics, reduces the gain, etc. Also, 
if negative feedback is not properly handled, it may be the cause of 
oscillation; alternatively, the possibility of oscillation may limit the 
amount of negative feedback that may be employed. 

The nature of negative feedback can be explained with the aid of Fig. 
8-30. Here an amplifier of gain A delivers an amplified output voltage 
E. when a signal E. is applied as shown. A fraction f3 of the output volt
age Eo is superimposed upon E, in such a manner as to be nominally in 
phase opposition to E.. The actual voltage E, applied to the input ter
minals of the amplifier is accordingly the difference between the applied 
signal E. and f3E,. It is this difference voltage E, � E. - f3E. that when 
amplified A times gives an amplified output voltage E,. 

1 A summarizing discussion of amplifiers incorporating negative feedback, including 
the properties and the design of sueh systems, is given by Terman, op. cit., pp. 31 1-326. 
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The effect that the presence of feed hack produces in a system such as 
illustrated in Fig. 8-30 can be expressed in terms of the quantity All. 
Thus, the voltage amplification from point a to point d is given by the 
relation 

Amplification A in the 
Amplification I = absence of feedback 
with feedback 1 - All 

Similarly the effect on nonlinear distortion is 

Distortion in the 

(8-9a) 

Distortion with I = absence of feedback 
(8-9b) 

feedback 1 - All 

In each case it will be noted that the effect of the feedback that has 
been added to the amplifier is determined by the quantity All. Measure
ment of A.8 is accordingly of fundamental importance in determining the 
properties of a system involving feedback. The quantity A.8 represents 
the transmission around the closed loop bedel in Fig. 8-30, i.e., if a voltage 
E. is applied across the input to the amplifier at point b, then the feedback 
voltage IlE, superposed on this input voltage is All times as large as E •. 

The addition of negative feedback to an amplifier always introduces the 
possibility of oscillation. This arises from the fact that although the 
feedback may be negative in the normal frequency range of the amplifier, 
phase shifts exist at high and low frequencies, and under unfavorable 
conditions can transform what was negative feedback in the normal range 
of frequencies to positive feedback at other frequencies. If this positive 
feedback is sufficiently large in magnitude, the system will then oscillate. 

To avoid all possibility of oscillation, it is necessary that the transmis
sion All around the feedback loop be less than unity when the phase of All 
becomes 1800 different from the phase corresponding to negative feedback. 
That is, no oscillations will occur if at any frequency where the negative 
feedback has changed to positive feedback, the transmission around the 
feedback loop bedel in Fig. 8-30 is less than unity. If the transmission is 
more than unity under these conditions, then a small voltage that starts 
circulating around and around the feedback loop will become progressively 
larger on each round trip, and oscillations will be established. 

The behavior of the feedback factor All is often presented in the manner 
illustrated in Fig. 8-31a, which is known as a Nyquist diagram. Here 
values of A,B for frequencies from zero to infinity are plotted on the com
plex plane. If the resulting curve does not enclose the point 1,0, then 
oscillations will not be generated;l however, the closer the curve repre-

1 This is true even when the curve representing Ap has the chara.cter illustrated in 
Fig. 8-31c, where 1,  0 is not enclosed even though A ,B  is greater than unity under 
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sented by AIi comes to the point 1,0, the nearer the system approaches an 
osciUating condition, i.e., the lower the stability. Thus, in Fig. 8-32, 
curve 1 corresponds to a relatively stable system; however, if Ap is 
increased by increasing the amplification A to give conditions correspond-
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FIG. 8-31. Feedback characteristics for various conditions. 

ing to curve 2, the system is then on the verge of oscillation. If the 
amplification is still further increased so that A,8 is represented by curve 3, 
oscillation will be present. Further, when the point 1,0 is almost but not 
quite inclosed in the AIi diagram; then the amplification of the feedback 

FIG. 8-32. Behavior of the feedback 
factor A{J as it is increased by in
creasing the amplification A. 

c o -• o 
0-E « 

Frequency 
FIG. 8-33. Amplifier characteristic show
ing response peak existing at a frequency 
where the feedback factor AfJ is positive 
and approaches unity. 

system as given by Eq. (8-9a) will show a pronounced peak in response 
at frequencies corresponding to points on the A,B curve which are close to 
the critical point, 1,0. This is illustrated in Fig. 8-33, and results from 
the fact that then 1 1  - Alii is appreciably less than unity. 

conditions corresponding to positive feedback. This special case is known as "condi
tional stability " ;  when it exists, a reduction in the amplification of the system will 
cause oscillation to start up since a reduction in 11 will reduce A{J. thereby causing 
1, 0 to be enclosed. 
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M eaSUTement of Feedback FactoT Ai1. The above discussion makes it 
apparent that the effects introduced by negative feedback can best be 
determined by making a measurement of the transmission A,8 around the 
feedback loop bedel in Fig. 8-30. It is necessary that both the magnitude 
and phase of this transmission be determined, and that the measurement 
extend from very low to very high frequencies. 

To measure the transmission A,8, one reduces the signal voltage E. in 
Fig. 8-30 to zero, opens the circuit at point x ,  applies a voltage E. to the 
amplifier input at the right-hand side of x, and observes the magnitude of 
the voltage El = i1E, that is tbereby developed to the left of x. Then 

Ai1 
= El (8-10) 

Ei 

The actual procedure for carrying out the measurement of A,8 is the same 
as would be followed in determining the magnitude and phase of voltage 
amplification, with E. being considered as the input voltage, and El = i1E. 
being regarded as the output voltage. 

In measuring the feedback factor Ai1 in this way, it is necessary that 
opening the feedback loop at x should not alter the impedance conditions 
in the system. That is, opening the loop should not affect either tbe 
amplification A of the amplifier, or the fraction {3 of the output voltage E, 
that is fed back and superimposed upon the input when the loop is closed. 

In cases where it is not possible to open the loop at the input to the main 
amplifier without disturbing the circuit characteristics excessively, it is 
permissible to open the loop at some other point. An example of this 
is shown in Fig. 8-34, where the feedback is obtained by passing the load 
current through the cathode resistor RI. In this example it would be 
more convenient to open the loop at the point a shown in the figure. The 
input voltage E, would then be supplied by a signal generator, and the out
put voltage El would be indicated by voltmeter V as shown in Fig. 8-34. 
There is also added a small capacitance C' such that C' in combination 
with the voltmeter input capacitance and the plate-ground capacitance 
Co of T 1 equals the normal shunting capacitance C that is present at a in 
Fig. 8-34a. Omission of this capacitance would result in test conditions 
at high frequencies that differ from those actually existing in the amplifier. 

8-12. Noise in Amplifiers-Fundamental Concepts. The weakest 
signal that can be usefully amplified is limited by randomly varying 
voltages and currents existing in the circuits and tubes of the amplifier. 
These voltages and currents are referred to as noise; their behavior and 
measurement are thus of fundamental importance in amplifiers which are 
to be used wi th weak signals. 

Resistance Noise. Every electrical conductor produces an irregularly 
varying voltage across its terminal as a result of the random motion of 

• 
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the free electrons in the conductor caused hy thermal action. This effect 
is referred to by such names as thermal noise, resistance noise, and J ohnson 

L------+,--------------�--�+Eb 
( a )  Normal connection 

1j , I , ."J"""$ -,-,', 
R COl g, , 

R, , 

I 
I 

Cc la 
-"'1'"--

I 
RL] : 

I Rgz I 
I 

tb) Connection for measuremtnt of AB 
FIG. S-34. Feedback amplifier in which t.l�e feedback factor Ap can be most readily 
measured by opening the amplifier at point a. 

noise. The magnitude of this noise voltage associated with a resistance is' 

Square of rms value of voltage com- } 
ponents lying between frequencies It and = e.' -:- 4kT £:' R df 
f, 
where k = Bolt.zmann's constant = 1 .374 X 10-23 joule per OK 

T = absolute temperature, OK 

(8-11a) 

R = resistance component of impedance across which the thermal 
agitation is produced (a function of frequency) 

f = frequency 
In the special case where the resistance component of the impedance is 
constant over the range of frequencies from It to f" Eq. (8-110) reduces to 
the much simpler form 

e.' = 4kTR(J, - It) = 4kTRB (8-11b) 

Here B = I, - it is the bandwidth of the noise. 
The mean-square voltage en 2 is the average value of the square of the 

randomly varying noise voltage. The length of time over which an 

I Certain types of resist-ors will have a noise voltage in excess of that given by Eqs. 
(8-9) when a direct current is passed through them. This phenomenon is discussed 
further in Sec. 14-5. 
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. averr�ge must be taken to obtain a value substantially independent of 
time depends upon the width of the band B; it is greater tbe narrower this 
band, having a value in seconds tbat is a few times the reciprocal of the 
bandwidth in cycles. 

It is important to note that Eq. (8-110) shows that the mean-square 
noise voltage e,,2 developed across a resistance is proportional to the band
width B, and is independent of the center frequency of tbe band. This 
means that the mean-square noise voltage developed across a given 
resistance in a frequency band from 1000 to 2000 cycles is exactly the 
same as the mean-square noise voltage developed in any other band of the 
same width, as for example from 1,001 ,000 to 1,002,000 cycles. The effec
tive val ue of the noise voltage en observed across a resistance is propor
tional to the square root of the bandwidth of the noise being observed. 

If the noise voltage en developed across a resistance is amplified by an 
ideal amplifier that introduces no noise itself and has a response inde
pendent of frequency, then the noise energy in the amplifier output will be 
proportional to the bandwidth B of the noise under investigation, and 
independent of the center frequency of this band. That is to say, the 
noise energy developed by a resistance is uniformly distributed over the 
frequency spectrum. Such noise is sometimes referred to as H white " 
noie:e, in analogy with the fact that white light represents a mixture of 
light of different frequencies. 

Although a given value of resistance will generate noise that is uni
formly distributed with respect to frequency, the uniform distribution 
may be modified by the circuits associated with the resistor. For exam
ple, shunting such a resistance by a capacitance will cause the noise 
voltage observed across the terminals of the resistance to decrease with 
increasing frequency. This is a result of the short-circuiting effect of the 
capacitance at the higher frequencies, and is taken into account in 
Eq. (8-11a) by the fact that the capacitance causes the resistance compo
nent of the impedance across the resistor terminals to decrease with 
increasing frequency. Thus, although a noise source will commonly 
generate noise that is uniformly distributed with frequency, the observed 
noise will vary with frequency in accordance with the transmission or 
amplification curve to which the noise originally generated is subjected I 
before . observation. . 

A resistance R and its associated noise voltage en may be represented 
by the equivalent circuit given in Fig. 8-35a. Here the noise voltage is 
repr.esented by an equivalent generator en, and the resistance R is regarded 
as being noise-free. 

It follows from the equivalent circuit of Fig. 8-350 and Eq. (8-11b), that 
if a resistance is short-circuited, the mean-square noise current in2 that 
flows through the sbort circuit has the value 



356 E L E C T R O N  l C  M E A S U R E M E N TS 

. 
Mean-square 1 = i.' = e.' = 4kTB 
noise current R'l R 

[CHAP. 8 

(8-12) 

This noise current behaves in exactly the same way as the noise voltage 
eft in so far as distribution with frequency, and the effect of bandwidth, 
are concerned. -

A concept termed available noise power is sometimes useful in dealing 
with sources of noise. The available noise power represents the noise 
power that would be delivered to the load resistance RL in the equivalent 

( 0  ) 
FJG. &-35. Equivalent circuits used in dealing with thermal noise. 

circuit of Fig. 8-35b, where RL = R, and where the equivalent noise 
voltage e. is the value given by Eq. (8-11b) for a resistance R. From this 
definition it follows that 

Available noise power 1 
from resistance R 

e.' 
= 4R = kTB (8-13) 

It will be noted that the available noise power associated with a resistance 
is independent of the magnitude of the resistance generating the noise, 
and depends only upon the bandwidth and absolute temperature. 

The concept of available noise power, although useful, is purely mathe
matical, since it assumes that the load resistance RI. does not have resist
ance noise associated with it. Thus the It available noise power " is not 
actually available to the load resistance RL, since it can be physically 
realized only if the load resistance RL is at a temperature of absolute zero. 
If the load resistance RL is at the same temperature as the resistance R, 
then thermal effects exist in both resistances R and RI., and the situation 
postulated in the definition of available noise power no longer exists. 

Tube Noise. Noise similar in character to resistance noise is also 
generated in tubes. The principal causes of tube noise include (1) 
random variations in the rate of emission of electrons from the cathode, 
termed shot effect; (2) chance variations in the division of current 
between two or more positive electrodes, termed partition noise; (3) 
induced grid noise, a result of random variations in the number of elec
trons passing adjacent to a grid; (4) gas noise, caused by random varia-
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tions, introduced by ionization, and by the resulting positive ions; and (5) 
random variations in the rate of production of secondary electrons. 

Tube noise is in general like resistance noise in many respects. It is 
distributed continuously with frequency, and can be described in terms of 
the average square of a voltage or current, or the average energy in a 
given bandwidth. Most forms of tube noise are uniformly distributed 
with frequency, so that the associated energy is proportional to the band
width and independent of the center frequency of the band in which the 
noise is observed. An exception to this is the case of induced grid noise, 
in which the energy is proportional to the square of the frequency. How
ever, over a limited frequency range, such that the bandwidth involved is 
a small fraction of the center frequency of the band, induced grid noise 
can be considered as uniformly distributed. 

SignaZ-w-noise Ratio. The ratio of signal to noise describes the extent 
to which noise is associated with the signal. This ratio can be expressed 
either as a voltage or power ratio, or by the decibel equivalent of the 
power ratio. 

The maximum possible signal-to-noise ratio that can be associated with 
a signal source having an internal resistance R occurs when the only noise 
present is that resulting from the resistance noise of R, and an open
circuit condition exists. In this case, the equivalent circuit of Fig. 8-36a 
applies, and one has, using Eq. (S-llb), 

�aximum �OSSible } _ E.
' _ E,2 81gnal-to-�Olse - e" 2 - 4kT RB 

power ratIO 

By use of Eq. (8-13) this relation can also be written in the form 

Maximum POSSible } . . 
. 

1 t '  
avaIlable sIgnal power 

SIgna - O-
t
�OJse = available noise power 

power ra 10 

(S-14a) 

(S-14b) 

Here the available signal power is the signal power E.'/4R that would be 
delivered to a load resistance RI, that matched the source resistance R on 
a maximum-power-absorption basis, i e., to a load such that RI, = R {also 
see Eq. (8-3)J. 

It is important to note that the maximum possible signal-to-noise ratio 
as given by Eqs. (8-14) is obtained only when the load is an open circuit. 
If a load resistance RL is connected across R as in Fig. S-36b, then under 
practical conditions where the temperature of RL is the sa-me as the 
temperature of R, the signal-to-noise ratio is reduced. For example, if 
RL = R, then the signal voltage across terminals aa is exactly half the 
open-circuit voltage. However, the noise voltage across these same 
terminals as given by Eq. (S-llb) is now 1/v'z times the open-circuit noise 
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voltage across R, since the equivalent resistance between terminals aa 
that produces the noise is R in parallel with RL, or R/2. The signal-to
noise power ratio is hence 0.7072 = 0.5 times the open circuit signal-to
noise ratio. Thus the addition of the matched load resistance RL has 
degraded the signal-to-noise ratio by 3 db. 

If the voltage developed across terminals aa in Fig. 8-36a is amplified, 
both the signal and noise will be amplified equally. However, practical 
amplifiers always introduce some additional noise into the system as a 
result of tube noise. Accordingly, the signal-to-noise ratio observed at 
the output terminals of an actual amplifier will always be degraded below 
the maximum possible value that can exist at the input terminals as given 

R a R a 

a a 

( al  Ibl  
Frc. 8-36. Equivalent circuits showing a signal voltage associated with thermal noise. 

by Eqs. (8-14). The extent of this reduction is expressed in terms of a 
quantity called the noise figure of the amplifier, which is defined and dis
cussed in Sec. 8-13. 

In interpreting-the significance of signal-to-noise ratios, and in measur
ing them, it is necessary to take into account the bandwidths involved. 
The signal will typically be a modulated wave, and thus will have all of 
its energy confined to a limited ba.nd of frequencies; indeed, if the signal 
is a simple sine wave, all of its energy will be confined to a single fre
quency. On the other hand, the noise power developed across a resistance 
will be proportional to the bandwidth under consideration, and if this band
width extends from zero to infinity, the noise would, in fact, be infinite, 
and the signal-to-noise ratio would always be zero. 

In practical circumstances one deals only with a limited frequency 
band, however, and it is the noise in this limited band that is of practical 
significance. In most cases the useful bandwidth is determined by the 
characteristics of the circuits involved ; thus amplifiers always have a 
limited bandwidth and will therefore develop noise power at the output 
only in a frequency range determined by the amplifier response char
acteristic. In other cases, noise lying outside of some particular fre
quency range can be ignored ; thus in audio-frequency amplifiers, noise at 
frequencies above audibility is of no significance. 

Equivalent N oi8e BarnJ.width of an Amplifier. The preceding discussion 
of signal-to-noise ratio assumes that the noise is uniformly distributed 
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over the frequency range of interest, and is either zero or can be ignored 
at frequencies outside this band, corresponding to an idealized rectangular 
characteristic such as is illustrated in Fig. 8-37 a. In actual practice, 
ho,vever, onc is confronted with noise distributed in frequency in accord
ance with a response characteristic of the type illustrated in Fig. 8-37b, 
in which the noise drops off gradually at the edge of the band rather than 
abruptly. Such a characteristic is produced either by the response curve 
of the amplifier, or by the response curve of the measuring equipments 
used in observing the noise, whichever is the factor linilting the bandwidth. 

Frequency 
(ol ldea\ rectlanqular bcmd 

I 
I I 
I I 
I- B, •. -l 

Frequency 

Ibl PradicQI response curve and 
e9uivQlent redan9uJar band 

FIo. 8-37. Ideal and actual response bands. 

If the solid curve in Fig. 8-37b represents the noise voltage as a function 
of frequency, as would be the case if it were the curve of voltage gain of an 
amplifier as a function of frequency, I then the mean-square noise voltage 
that would be observed with this response characteristic would be 

Total mean-square ) = E.' = AI r · A 2 df 
nOIse voltage 10 (8-15) 

where M is a constant, and A is the relative voltage gain of the system 
(A 2 is relative power gain). 

The rectangular response curve shown dotted in Fig. 8-37b, and having 
a response Ao equal to the maximum response of the actual curve, will 
give the same noise output as the actual system, if the bandwidth B., of 
the rectangular characteristic is 

(8-16) 

1 This response curve can be obtained by the usual procedure for measuring voltage 
gain, USUlg a sine-wave signal from a signal generator. 
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The equivalent bandwidth B" is a property of the response curve. It is 
particularly useful in interpreting and defining the effective bandwidth 
when specifying signal-to-noise ratios, and in connection with measure
ments of noise power. 

The response curve tha.t is effective in determining the equivalent 
bandwidth is the over-all response. If different parts of a multistage 
system have greatly different bandwidths, then the over-all response, and 
hence B •• , is determined primarily by the part of the system having the 
narrowest band. 

8-13. Noise Figure of Ampllfiers.' The term noise figure as applied 
to an amplifier provides a means of specifying the deterioration in the 
signal-to-noise ratio that is produced by the amplifier as a result of the 
noise ,generated by the tubes and circuits of the amplifier.' The noise 
figure is defined by the relation 

signal-to-noise power 

N ·  fi F 
ratio of ideal system 1 

Olse gure = = . . 
actual 81gnal-to-nOlse 
power ratio of output 

By the use of Eqs. (8-13) and (8-14b), this can be written as 

N '  fi ' F P./kTB .. 
QJse gure = I = . . 

actual slgnal-to-nmse 
power ratio of output 

(8-170) 

(8-17b) 

where p. is the available signal power in Eq. (8-14b). If p. is the avail
able signal power at the output, and N. is the available output noise 
power, then 

N ·  fi F 
P./kTB.. N. 

Olse gure = = P./N. = (P./P.)kTB •• (8-170) 

Here p./p. is the available power gain as defined by Eq. (8-2), for the 
center frequency of the response curve. 

In Eqs. (8-170) to (8-17c) it is implied that the equivalent bandwidths 
B .. of the noise that is involved, as defined by Eq. (8-16), are the same 
for the ideal and actual systems at both the input and output. These 

I For further discussions of noise figure sce H. Goldbcrg, Some Notes on Noise 
Figures, Proc. IRE, vol. 36, p. 1205, October, 1948; Shepard Robcrts, Some Consider
ations Governing Noise Measurements on Crystal Mixers, Proc. IRE, val. 35, p. 257, 
March, 1947; < IVacuum Tube Amplifiers," op. cit., pp. 596-604, 621-635, 695-720; 
Peter G. Suber, Noise Generator for Receiver Measurements, Electronic8, vol. 21, 
p. 96, July. 1948; D. O. North, Absolute Sensitivity of Radio Receivers, ReA Rev" 
vol. 6, p. 332, January, 1942; H. T. FIllS, Noise Figures of Receivers, Proc. IRE, val. 
32, p. 419, July. J 944. 

t Although the discussion here is directed specifically toward amplifiers, tbe con
cept of noise figures can be applied to any four-terminal system irrespective of whether 
or not amplification is involved. 
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equations are valid only if the system is linear. This means that the 
amplifier must not clip noise peaks, or compress the signal, etc. It also 
means that rectification cannot be involved, since diode rectification of a 
mixture of signal and noise will commonly change the signal-ta-noise 
ratio. In this connection, frequency translation such as carried out in a 
superheterodyne receiver does not introduce a nonlinearity as far as noise 
considerations are concerned, provided a linear relation exists between 
the input and output voltages of the frequency converter. Such a linear 
relationship is nearly always present under practical conditions. 

Noise figure can be expressed either as a ratio of powers, or in decibels. 
Thus a noise figure of 13 db means that the signal-to-noise power ratio 
actually observed at the output is twenty 
times worse than would be the case in an 
ideal system. 

An ideal system is illustrated in Fig. 
8-38. It consists of a signal source gen
erating an open-circuit voltage E. and 
having an internal resistance R, and a 
perfect amplifier that introduces no noise, 
and which has an input impedance much 
larger than R. The signal-to-noise ratio 

R 

Z» R I � e � I 
omp'  i fier 

FIG. 8-38. Schematic diagram 
showing a signal source E. of 
internal impedance R exciting 
an ideal amplifier in which the 
output power is delivered to a. 
load impedance ZL. 

in such an ideal system is given hy Eqs. (8-14). This is because the 
signal E., and the resistance noise voltage en of R, are both amplified 
equally, while no other source of noise is present. Under these conditions 
amplification does not alter the signal-to-noise ratio provided the equiva
lent bandwidth B" of the noise that is relevant is the same before and 
after amplification. 

It is important to note that the noise figure of a system involving an 
ideal amplifier will be unity only if the source impedance R associated 
with the signal E. operates into an open-circuit load. This fact was dis
cussed above in connection with Fig. 8-36. In particular, matching the 
source impedance on a maximum-power basis always causes the noise 
figure to be twice as great (that is, 3 db worse) than when the input 
impedance is infinite. 

In practice, the noise figure of an amplifier is usually determined by the 
first tube and its input circuit. This is because noise introduced by other 
tubes and circuits of the system will undergo less amplification, and so 
will he less important in the amplifier output. The only exception is 
when the amplification of the first stage is low. 

Noise Figure of Systems in Cascade. In practical work involving noise
figure problems, it is often necessary to deal with two separate amplifier 
systems in cascade, as illustrated in Fig. 8-39. To the extent that the 
individual amplifiers have identical rectangular response bands, then the 
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over-all noise figure F12 of the combined system is related to the noise 
figures F 1 and F 2 of the individual amplifiers as follows,l 

F. - 1 
F" = F, + G, (8-18) 

where G, is the available power gain of amplifier 1 in Fig. 8-39. This equa
tion assumes that the noise figure F, of amplifier 2 is the value that is appli

. cable when No. 2 is excited by a signal source having an interval resistance 
equal to the resistance that No. 2 sees when looking toward amplifier l .  

Although Eq. (8-18) is derived on the assumption that the two ampli
fiers have identical rectangular response characteristics, this equation can 
sometimes be used when the bandwidths are not the same. Thus if the 
noise bandwidth B .. of amplifier 2 as defined by Eq. (8-16) is appreciably 
less than that of No. 1, then the equivalent noise bandwidth of the over
all system is likewise B"l' If one then determines F 12 and F 2 experi
mentally and substitutes the values into Eq. (8-18), the resulting value F, 

Amp l i fier No.1 Amplifier 
No.2 

FIG. 8-39. System involving two amplifier networks in cascade. 

of the noise figure of the first amplifier will be the value for this same 
equivalent noise bandwidth B,,,. 

8-14. Measurement of Noise Figure of Amplifiers. The process of 
determining the noise figure of an amplifier consists in measuring the 
noise output that is actually present, and comparing this with the theo
retical minimum possible noise that would be present in an ideal system. 
Thus consider Fig. 8-38, in which the source exciting the input to the 
amplifier has an internal impedance R as shown. In the ideal case, the 
only noise in the system would be that resulting from the thermal voltage 
across the resistance R as amplified by the amplifier. In actual practice, 
�owever, the amplifier will contribute additional noise of its own, so that 
the noise in the amplifier output will be greater than the amplified thermal 
noise of the resistance R. 

Single-frequency and Integrated Noise Figures. In making a determina
tion of the noise figure, one must pay particular attention to the band� 
width of the system under test relative to the bandwidth of the measuring 
equipment used to evaluate the noise. For example, assume that the 
bandwidth of the measuring equipment is very much greater than that of 
the noise being measured, and that the measuring equipment has a 
response independent of frequency over this much wider range. The 

I The derivation of this relation is given by Friis, op. cit. 
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measuring equipment then determines the total noise in a frequency band 
eorresponding to the equivalent band B., of the system being tested, as 
defilled by Eq. (8-16). The noise observed under this case is called the 
integrated noise, and the noise figure derived from it is termed the inte
grated noise figure. 

Alternatively, if the bandwidth of the equipment used to measure the 
noise is very small compared with the bandwidth of the noise being 
measured, then the experimental determination indicates the noise level 
produced by the amplifier in a narrow frequency band Beq representing 
the equivalent bandwidth of the measuring equipment. Noise obtained 
in this way is called the single-frequency or incremental noise, and gives 
rise to a corresponding noise figure. The single-frequency noise figure 
thus equals the ratio of the noise energy actuaUy present in a very narrow 
frequency range, to the noise energy that would be present in the same 
frequency range of an ideal system. 

The single-frequency and integrated noise are related by the fact that 
if one observes the single-frequency noise at a succession of frequencies, 
it is possible to plot a curve of noise level as a function of frequency. The 
area under this curve then gives the total noise over the frequency band, 
and is the integrated noise; the curve itself is the response curve of the 
system. 

Measurement of Amplifier Noise Figure-Brute-foree Method. An obvi
ous means of determining the noise figure of an amplifier is to make direct 
use of Eq. (8-17e). To do this one first obtains experimentally a curve of 
relative gain as a function of frequency, and then calculates the equiv
alent bandwidth B .. using Eq. (8-16). Next, the absolute value of 
available gain at the center frequency of this response band is determined, 
as is the available output noise power No. These various numbers are 
then substituted into Eq. (8-17e). 

Although this method of determining the noise figure is straightforward, 
it is somewhat laborious: Moreover, if the noise figure is small, it is 
difficult to determine the amplifier response characteristic, available gain, 
and available output noise power, with sufficient precision to give accu
rate Tesults. The chief usefulness of the brute-force approach to the 
measurement of noise figure lies in the fact that it gives a clear picture of 
the physical significance of the noise figure; practical determinations of 
noise figure, however, are ordinarily made by other means. 

11-1 easurement of Noise Figure-N oise-generator M ethod. 1 A second 
method of measuring noise figure consists in comparing the noise actually 

1 For further discussion see H. Johnson, Coaxial Line Noise Diode, ReA Rev., vol. 8, 
p. 169, March, 1947; J. Mofiatt, A Diode Noise Generator, J. lEE (RadiolocatUm 
eonu.), vol. 93, pt. IlIA, p. 1335, March-May, 1946; <lVacuum Tube Amplifiers," 
op_ cit., pp. 701-708. 
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present with the noise produced by a noise signal generator, i.e., a cali
brated and controllable source of noise power. Consider the situation 
illustrated in Fig. 8-40a, where E .. is a generator producing a controllable 
noise voltage, and is calibrated in terms of available noise power P "'. 
This noise generator has an internal resistance R, which is also the source 
resistance with which the amplifier is intended to operate. This resist
ance generates its normal thermal voltage en as given by Eqs. (8-9) in 
addition to the noise voltage En produced by the noise generator. A 
number of types of relatively simple noise generators for use in a system 

R 

Noise qeneralor 

Ampl ifier 
under test 

(a) Noise genen"tor method 

R 

Ampl ifier 
under test 

Waffmeler for observing 
relative no ise 
oufpvf 

Walfmefer 
ror ob.servln9 

Sine-wave volfage re/alive npi,se 
from siqnnl generalor power 
(b) Single-frequency signa' generotor method 

FIG. 8-40. Schematic diagram showing arrangement of apparatus for measuring the 
noise figure by the noise-generator and the single-frequency signal-generator methods. 

of thIs type have been devised; several of the more common are described 
in Sec. 8-16. 

The measurement of noise figure now proceeds as follows: With the 
noise signal generator producing no noise (i.e., with E ... = 0), but with 
resistance R between the input terminals of the amplifier, the noise power 
in the amplifier output is observed; this corresponds to the noise-power 
output under normal conditions of operation, taking into account the 
thermal noise e ... of R and the imperfections of the system. The noise 
generator is next turned on, and its available noise power p ... is adjusted 
until the observed noise output power of the amplifier is increased to a 
value n times the noise power corresponding to the noise power when the 
signal generator is inactive. The noise figure, expressed as a power ratio, 
is then1 

1 This is derived as follows: An actual amplifier with a noise figure F gives the same 
output noise as would be obtained from an ideal noise-free amplifier having an input 
noise power of FkTB�. Hence, if an added input noise power Pro per cycle increases 
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(8-19a) 

Here P. is the available noise power per cycle of bandwidth from the 
noise generator, and is given by the calibration of this generator. The 
total noise power produced by the noise generator in an equivalent band
width Be" is P ,.B.q. Maximum accuracy is ordinarily obtained when 
n = '2, that '5, when the noise generator is adjusted so that it exactly 
doubles the output power. Under these conditions Eq. (8-19a) becomes 

F = PaR." = Pn 
kTB., kT (8-19b) 

The noise-generator method of determining the noise figure bas the 
advantage that the accuracy depends only upon the accuracy with which 
the characteristics of the noise generator are known, and on the accuracy 
with which one can observe a doubling of the noise output power. Noth
ing whatsoever need be known',about the magnitude of the amplification, 
or the shape of the response characteristic of the amplifier. This results 
from the fact that ·the amount of noise from the noise generator that 
arrives at the output of the amplifier under test is governed by the effec
tive bandwidth of the amplifier in exactly the same manDer ... "re (.he 
thermal and tube noise of the system. The result obtained is either the 
single-frequency or integrated noise figure, according to whether the

' 

ba.ndwidth of the equipment measuring the output noise is narrow or 
wide compared with tbe bandwidth of the amplifier. 

The noise signal-generator method is the most desirable method to use 
when a suitable noise signal generator is available. However, most 
available noise generators will not produce sufficient noise to determine 
with accuracy large values of noise figure, i.e., values above about 20 db. 
When the noise figure is much larger than this, the single-frequency 
signal-generator method will determine the noise figure with greater 
accuracy. These limitations of noise signal generators are discussed in 
greater detail in Sec. 8-16. 

Measurement of N aise Figure-Single-frequency Signal-genera.tor Method. 
In this method of determining noise figure, the noise generator En. of Fig. 
8-40a is replaced by a sine-wave signal generator of voltage E., and 
internal impedance R, as illustrated in Fig. 8-40b. The measuring pro
cedure is then much as before. First, with E. = 0, the noise-power out
put of the amplifier is observed. Then the frequency of the signal 

the noise of the actual system n times, then 

P .. B.q + Fk1'B.q ... nFkTBq 

Solving for F gives Eq. (8-19a). 
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generator is set to the center of the response band of the system, and the 
signal-generator voltage E. is adjusted until the power indicated by the 
output-measuring equipment is exactly twice as great as before. Under 
these conditions one has, in analogy with Eq. (B-19b), 

Noise figure = F = k:B.. (8-20) 

where P, = E,2/4R is the available power from the signal-generator 
voltage E. having an internal impedance R. 

In interpreting Eq. (8-20) careful attention must be paid to the effective 
bandwidth BC'll which must be known. This is because the signal 
generator voltage E. is a single-frequency signal, whereas the noise 
involved represents a continuous distribution of energy over a frequency 
band of equivalent width Beq, and the bandwidth no longer cancels out as 
it did when using a noise signal generator. 

'Vhen one desires to obtain the single-frequency noise figure, then the 
noise output of the amplifier is observed with measuring equipment 
having a relatively narrow bandwidth. Care must also be taken to 
adjust the frequency of the signal generator so that it lies in the center 
of this band. 

If the integrated noise figure is desired, the noise power of the amplifier 
output should be observed with measuring equipment having a much 
wider band with tban the amplifier. The equivalent over-all bandwidth 
of the system then has a value corresponding to B.o of the amplifier as 
given by Eq. (8-16). The frequency of the signal-generator volt
age E. should be set at the center frequency of the amplifier response 
characteristic. 

The use bf a single-frequency signal generator instead of a noise signal 
generator in the determination of noise figure has the disadvantage that 
one must know the equivalent bandwidth B .. in Eq. (8-20). The method 
has the advantage, however, in that single-frequency signal generators 
are more readily available than noise signal generators ; moreover single
frequency signal generators are available for the higher microwave fre
quencies, whereas there are no satisfactory noise signal generators for 
these frequencies. 

The single-frequency method of determining noise figure will have 
higher accuracy than the noise-generator method when the noise figure is 
large, as for example 30 db. This is because the maximum noise that 
can be obtained from available noise generators will give a value of n in 
Eqs. (B-19) that differs only slightly from unity when the noise figure 
is large. However, when the noise figure is small, and particularly when 
it is only a few decibels, it is generally found that the noise generator will 
give p. in Eqs. (8-19) with greater accuracy than a single-frequency si�nal 
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generator will give P. "in Eq. (8-20). This is because the calibration of 
the usual noise generator is based on the direct generation of noise by 
some natural phenomenon that follows exact mathematical laws. In 
contrast, the calibration of the single--frequency signal generator is 
obtained by starting from a relatively large reference voltage or power. 
When the noise figure is small, then p. in Eq. (8-20) is so small that large 
values of attenuation are required, as for example 100 db. Under these 
conditions an error of only 1 db in the attenuator introduces 1 db error 
in the noise figure While this is not important if the correct noise figure 
is 20 db, it is very important if the true noise figure is only 2 or 3 db. 

8-16. Special Considerations Involved in Measuring Noise Power,l 
All methods for determining the noise figure require a measurement of 
the noise output power of the system under test. Except in the brute
force method, this determination need be only relative, the requirement 
merely being that the power-measuring equipment indicate with accuracy 
the ratio of power increase when the power is roughly doubled. 

Several basic considerations are involved in the output-power deter
mination. First, since output power is proportional to the square of the 
rros voltage (or current) supplied to the measuring device, the power
measuring instrument must have a square-law characteristic if it is to be 
above question. Second, the noise power to be determined is often quite 
small. The power-measuring device must therefore be quite sensitive 
and amplification of the unknown noise before measurement is often 
required to bring the noise up to the minimum power level that can be 
determined by the more sensitive bolometer wattmeters (see page 42). 
Third, noise has a high ratio of peak to rms amplitude, so that to avoid 
errors from clipping of the peaks, the square-law characteristic must be 
maintained up to amplitudes at least three times the rIDS amplitude.2 
Fourth, the noise power fluctuates from moment to moment so that the 
device indicating the average noise power must smooth out these fluctua
tions, i.e., must have a time constant that is not too small. This time 
constant must be greater the narrower the bandwidth involved, and 
should be somewhat greater than the reciprocal of the bandwidth in 
cycles. Finally, in the single-frequency signal generator method of 
measuring noise figure, it is necessary that the measuring system also 
accurately indicate the relative power of a wave consisting of noise plus a 
sine wave. 

The most satisfactory means of observing the average value of the , 
square of the rms amplitude is by the use of a thermocouple or bolometer 

I Helprul information on this subject. is given in " Vacuum Tube Amplifiers," 011. 
cit., pp. 709-715. 

I See R. L. Bell, Linearity Range of Noise-me8.3uring Amplifiers, Wireless En{j., 
vol. 24, p. 119, April, 1947. 
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instrument. These devices give an indication exactly proportional to 
power, and their thermal inert.in is such as to give the required averaging 
effect. A square-law vacuum-tube voltmeter, or square-law crystal, is 
also satisfactory provided the noise peaks do not extend into regions 
where a true square-law characteristic is not maintained. Half-wave 
square-law, and average-reading devices, will measure the relative power 
of pure noise without error, but introduce serious errors when one desires 
the power of a wave consisting of noise plus a sine wave. Peak-reading 
instruments are generally to be avoided. 

Apparatus Arrangements. The actual details involved in determining 
relative noise power depend upon the power level of the noise being meas
ured. When the system under test possesses considerable amplification, 
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FIG. 8-41. Typical apparatus arrangements for measuring relative noise output power 
of an amplifier. 

the output noise power commonly is large enough to be determined 
directly by a thermocouple or bolometer arrangement. Powers as small 
as 10-6 watt can be readily determined in this manner with a sensitive 
bolometer (see page 46). On the other hand, it is �omeLimcs necessary 
to make noise measurements on systems having little or no amplification. 
In these cases the equipment for observing relative noise power must 
include sufficient amplification to bring the noise power under investiga
tion up to a level where it can be accurately observed. 

Typical circuit arrangements for the direct determination of relative 
noise power are illustrated in Fig. 8-41. At a the output power of the 
system under test is delivered to a coaxial transmission line. The power
measuring apparatus is then matched to the line in such a way as to pro
vide a characteristic impedance termination. UDder these conditions, all 
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the available noise power is delivered to the measuring instrument, and 
what is observed is the integrated available noise power of the amplifier 
output. An alternative arrangement for determining relative power is 
shown at b. Here a bolometer or thermocouple is placed in series with 
the tuned output circuit of the final tuned stage of the amplifier. This 
tuned circuit presents the tube with the appropriate plate load impedance, 
while the thermocouple or bolometer measures the average value of the 
square of the current flowing in the resonant circuit. Under these condi
tions the indication obtained is proportional to the average square of the 
noise voltage developed across the tuned circuit, and is therefore propor
tional to the total noise power over the equivalent bandwidth of the 
amplifier. 

The direct determination of noise power in a narrow frequency band, 
i.e., the 1 1  single-frequency " noise, requires that the measuring equipment 
respond to noise only in a narrow frequency range. This result can be 
achieved by associating the thermocouple, bolometer, or other indicating 
device with selective circuits in such a manner that only currents in a 
restricted frequency range reach the indicating device. Thus in Fig. 
8-41a, this result could be achieved by inserting a filter with a narrow 
passband in the circuits leading to the measuring equipment, as indicated. 
The bandwidth of the noise power observed will then be determined by 
the bandwidth of this frequency-selective system associated with the 
power-indicating device. 

When the noise power is too small to be determined directly, the meas
uring equipment must provide means for amplifying' as well as indicating 
the noise; such an arrangement is illustrated schematically in Fig. 8-42. 
In many cases it is convenient to use an ordinary radio receiver as the 
amplifier;2 when this is done, the second detector of the receiver is 
replaced by a suitable bolometer or thermocouple, and the automatic
volume-control system is disconnected and replaced by a manual control 
for adjusting the sensitivity to a value appropriate to the power level of 
the noise under investigation. 

The bandwidth of the noise indicated in the system of Fig. 8-42 depends 
upon the bandwidth of the amplifier being tested relative to the band
width of amplifier of the measuring equipment. As explained in connec-

1 A measuring amplifier of this: type is often called a. postampiifier. 
t The receiver may be and usually is of the superheterodyne type; the fact that there 

is a frequency conversion in such an arrangement does not alter the essential bebavior. 
which is that the receiver acta as a frequency-scleetive system that delivers an output 
representing a restricted frequency range. The fact that the noise power is actually 
measured at a frequency different from the frequency of the noise that is delivered to 
the input of the receiver is not significant; what counts is the over-all bandwidth of 
the system, including particularly that of the intermediate-frequency amplifier. 

--



370 

- . . 

ELE C T R O N I C  M E A S U R E M E N T S  

. .  � 

tion with Fig. 8-39, if the hand width of the amplifier being tested is much 
less than that of the measuring amplifier, then the measurement gives 
the integrated noise, whereas if the bandwidth of the measuring amplifier 
is much the narrower, then the measurement gives the incremental or 
single-frequency noise for the equivalent bandwidth of the measuring 
amplifier. 

When the noise-power-measuring equipment includes an amplifier, it is 
necessary to take into account the noise figure of this amplifier; otherwise 
noise generated in the measuring amplifier as a result of its own imper
fections would be incorrectly treated as though generated by the appara
tus under test. This situation is handled by considering that the system 
in Fig. 8-42 consists of two systems in series (also see Fig. 8-39). Under 
these conditions Eq. (8-18) applies. The measuring procedure consists 
in determining the noise figure F 12 of the complete system by one of the 
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FIG. 8-42. System (or measuring relative noise output of an amplifier when the noise 
output is too small to be measured directly; the measuring amplifier shown is often a 
radio receiver. 

usual methods. The noise figure F, of the measuring amplifier and the 
gain G. of the test amplifier are next separately determined. The 
results are then introduced into Eq. (S-IS) and the noise figure F. of the 
system under test is calculated. Since this calculation is essentially 
equivalent to that of taking a difference, the accuracy of the result will be 
less the greater the fraction of the total output noise power that is int.ro
duced by the measuring amplifier. When the noise to be measured is at 
very low power level, i.e., when the amplification of the amplifier under 
test is small, so that the gain G2 of the measuring amplifier must have a 
high value, then if accurate results are to be obtained the noise figure F 2 
of the measuring equipment must be small. Otherwise Fl cannot be 
accurately determined from Eq. (8-1S). 

A simple and frequently used expedient for determining with high 
accuracy when the output power has been doubled, is illustrated sche
matically in Fig. 8-43. Here the smaller value of output power is deter
mined in the usual way, and the resulting indication of the measuring 
equipment very precisely noted. Switch S is then thrown to insert an 
attenuator which introduces exactly 3 db loss, after which the power from 
the noise or single-frequency signal generator is increased to a vaIU(� that 
restores exactly the original indication of the power-measuring equipment. 
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The output power is now twice the original value, to a precision deter
n;tined only by the accuracy of tbe attenuator. Since the power indicator 
in this arrangement always operates at the same level, linearity or Rt.abH
ity of its calibration is unimportant. 

In making measurements of noise power, consideration must be given 
to the input impedance of the measuring equipment. When an absolute 
determination of noise power is inv�lved, the impedance relations must 
not be disturbed by tbe measuring equipment in a way that alters the 
noise-power output in the band of frequencies of importance in the meas
urement. · This is aceomplisbed either by making the input impedance of 
the measuring equipment so high that it can be neglected, or by using the 
impedance of the measuring equipment to supply part or all of the normal 
load impedance. 
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FIG. 8-43, Means of using an atLenuator to determine accura.tely when output power 
has been doubled. 

In most noise-figure measurements, it is merely necessary to determine 
the relative increase in output power when the noise (or single-frequency) 
signal generator is turned on. In these cases the impedance of the meas
uring equipment will not ordinarily introduce an error provided it does 
not change the relative shape of the response characteristic of the system 
under test. 

8-16. Noise Signal Generators. A noise signal generator, commonly 
referred to as simply a noise generator, is a device for producing a known 
and preferably controllable amount of noise for use as a standard of 
comparison in making noise-figure measurements. Noise generators 
make use of natural phenomena in which the noise is generated by exact 
physical laws so that the noise can be accurately calculated in terms of 
some easily measurable or known quantity. Successful noise generators 
meeting these requirements include those employing shot noise in a 
temperature-limited tube, those utilizing tbermal noise at elevated 
temperatures, and those utilizing certain types of gas discharges. 
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Diode Noise Generators. Most noise generators used in practice are 
based on the shot noise generated by a diode so operated that the plate 
current is limited by the cathode temperature. If the tube involved has a 
pure metal filament,l and if the transit time of the electrons is negligibly 
small compared with the time represented by a cycle in the frequency 
range of interest, then there is a precise relationship between the noise 
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Fro. 8-44. Circuit nrrangements for diode noise generator. 

current available from such a diode, and the d-c plate current. The 
quantitative relation is 

i.' = 2el" B" (8-21) 

where i .. 2 = mean-square noise current in bandwjdth Beq 
e = charge on the electron, coulombs 

ldc = direct current flowing between anode and cathode, amp 
Baq = equivalent bandwidth of noise involved 

A typical circuit arrangement for a noise generator of this type is 
illustrated schematically in Fig. 8-44a, and in greater detail in Fig. 8-44d. 
The latter is a shunt-feed arrangement, in which the noise current as given 
by Eq. (8-21 )  flows through a resistor R, while the plate voltage and the 

! Oxide-coated cathodes exhibit a phenomenon known as If flicker effect," as a result 
of which the total noise, particularly at the lower frequencies, is greater than shot 
noise alone. 
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filament current are supplied through the filter networks LC and L'C' 
designed to be effective in the frequency range in which the amplifier is 
being tested. These filters, together with blocking condenser Co, make 
it possible to separate the noise currents from the direct current in the 
system; they also prevent any high-frequency noise from being lost in the 
cl-c supply system, and likewise eliminate the possibility of regeneration 
occurring in a high-gain amplifier through stray couplings involving the 
power-supply circuits of the noise generator. Simple shielding is likewise 
indicated in Fig. 8-44d to provide additional insurance against stray 
coupling. 

The noise generator of Fig. 8-44a has the equivalent circuit of Fig. 8-44b 
in so far as noise at terminals aa is concerned. '  The internal resistance R 
of the equivalent noise generator should be chosen to correspond to the 
source resistance with which the amplifier under test is normally used. 
The shot effect in the diode causes a noise voltage En to be developed 
across R that corresponds to the current in of Eq. (8-21) lIowing through 
the resistance R, that is, Efl = inR; this noise is in addition to the thermal 
noise also generated in R. This H excess " noise due to the presence of the 
diode has all the properties of thermal or resistance noise except that it is 
determined hy tbe d-c plate current of the diode tube. The mean-square 
value E,,2 of the excess noise, and the available noise power P" introduced 
by the presence of the noise generator, �re then related by the equation 

E
. p E.' eI..llB" 

xcess nOIse power = ,, = 4R = 2 (8-22) 

The notation in Eq. (8-22) is the same as indicated above and as used in 
Eq. (8-21) .  

The noise figure can be determined with the aid of a diode noise 
generator by the procedure discussed in connection with Eqs. (8-19), 
using tbe value of P n given by Eq. (8-22). In making such a noise-figure 
measurement, it is customary to adjust the filament current of the diode 
until the d-c plate current I tk has a value that causes the output noise of 
the system under test to be exactly doubled when the diode is turned on. 
In this case, Eq. (8-19b) applies, and if the temperature of R is taken as 
290oK, the expression for noise figure then assumes the very simple form 

F = iT = 20hR (8-23) 

where Ide is in amperes. 

1 This equivalent circuit assumes that the radio-frequency choke system Le is fully 
effective, and that to noise currents it acts as an open circuit relative to R. The tube 
can be regarded as an open circuit since it is operated undcr temperature-limited con

ditions, where its effective plate resistance is extremely high. 
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Diode noise generators possess limitations at high frequencies as a 
result of tube capacitance, inductance and capacitance of leads, and 
transit-time effects. Careful examination of the circuit of Fig. 8-44a 
shows that resistance R is shunted by the plate-filament tube capacitance, 
and by the capacitance between leads aa. When the reactance of the 
shunting capacitance is comparable with the resistance R, then a sig
nificant part of the noise current as given by Eq. (8-21) is by-passed 
around R. The resulting error can be minimized by shunting R with an 
inductance Ll that resonates with the shunt capacitance Cl at the center 
of the frequency band of interest. Such an arrangement, illustrated in 
Fig. 8-44c, provides a very low-Q parallel resonance system because R 
normally has a low value. The bandwidth of the parallel resonant circuit 
will therefore usually be many times greater than the bandwidth of the 
amplifier under test. 
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FIG. 8-45. Schematic diagra.m of transmission-linc diode for noise generation at very 
high frequencies. 

Leads from the diode tube to the output terminals aa, and from there 
to the actual input of the amplifier under test, not only add capacitance 
to the system, but also contribute inductance as well. The result is that 
at very high frequencies partial resonance effects may arise which cause 
the noise voltage that is actually applied to the amplifier input to differ 
from the value calculated by the aid of Eq. (8-21) and Fig. (8-44b). This 
difficulty can be overcome by employing physically small tubes and by 
arrangements that minimize lead length. Commercially available diodes 
with favorable characteristics can be used satisfactorily as noise gen
erators up to several hundred megacycles. 

The limitations introduced by tube capacitance and by lead induct
ance can be largely eliminated by the use of special diodes constructed to 
represent a short length of coaxial transmission line, as shown in Fig. 
8_45.1•2 The plate electrode of such a diode serves as the outer conductor 

I Sec Johnsoll, loco cit.; uVacuum Tube Amplifiers," op. cit., p. 704; R. Kompfncr, 
J. Huttoo, E. E. Schneider, and L. A. G. Drcse!, The Transmission-line Diode as 
Noise Source at Centimetre Wavelengths, J. lEE, (Radiolocation Conv.), vo!. 93, 
pt. IlIA, p. 1436, March-May, 1946; R. W. Slinkman, Temperature-limited Noise 
Diode Design, Sylvania Tech., vo!. 2, p. 6, October, 1949. 

t An alternativc method of overcoming tubc and circuit limita.tions consists in 
generating the noise at intermediate frequency by a diode, and then shifting the fre-
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of the line, while the filament consists of one or more turns of tungsten 
wire wrapped closely around the center conductor as shown. The fila
ment is at the same radio-frequency potential as the center conductor, but 
has one end insulated therefrom to provide a circuit for the d-c heating 
current. One end of the diode is terminated in the characteristic imped
ance of the line, sometimes provided by a length of IOBsy coaxial line of 
the same characteristic impedance as that of the diode. The other end 
of the diode (or of a cable extension) serves as the output connection of 
the noise generator. In such an arrangement, the characteristic imped
ance of the line corresponds to the resistance R in Fig. 8-44a. It is 
possible to construct diode noise generators of the transmission-line type 
with negligible circuit error at frequencies as high as 3000 Mc. 

The ultimate useful upper frequency limit of diode noise generators is 
set by transit-time effects, since when the transit time is not small cooo-. 
pared with the time of a cycle, then Eq. (8-21) no longer applies.' Transit 
time can be minimized by the use of close-spaced diodes, and by taking 
advantage of the fact that large anode voltages can be employed. In this 
way it is readily possible to keep transit-time errors as low as 3 db at fre
quencies .... great as 3000 Mc. 

Diode noise generators are particularly useful in measuring noise 
figures of the order of 20 db or less. When the noise figure is much larger 
than this, the diode current required to double the output noise of the 
system under test becomes excessively large. For example, if the resist
ance R in Fig. 8-44a is 50 ohms, then the diode current for noise figures of 
10, 20, and 30 db is, respectively, 10, 100, and 1000 ma. The latter value 
is ohviously impractically large ; at an anode potential of only 100 volts, 
it corresponds to a power dissipation of 100 watts at the plate of the 
diode. 

Within its limitations, the diode noise generator is almost ideal. It is 
inexpensive, usually available, simple to use, and gives accurate results. 

Noise Generators Employing Thermal Noise at Elevated Temperatures. 
Another means of adding an accurately known amount of noise to a 
system consists in heating the input resistance. Equation (8-9) shows 
that the mean-square noise voltage (i.e., the available noise power) is 
exactly proportional to the absolute temperature of the resistance. 

A suitable circuit arrangement for a noise generator of this type is 

quency of the noise to a higher value by the use of a mixer and heterodyne oscillator. 
:For details sce Leslie A. Maxon, Measurement of Overall Noise Figure and Conver
sion Loss in Microwave Receivers, Proc. IRE, vol. 37, p. 1433, December, 1949. 

1 The error in Eq. (8-21) will, however, be less than 10 per cent if the transit time 
does not exceed about 80 electrical degrees; thus, see R. B. Fraser, Noise Spectrum 
of Temperature Limited Diode, Wireles8 Eng., vol. 26, p. 129, April. 1949. 



376 ELE C T R O N I C  M E A S U R E M E N T S  [CHAP. 8 

illustrated in Fig. 8-46.' Here resistance R is a tungsten filament in a 
vacuum that is heated by direct current transmitted through filter LC 
that isolates R from the d-c system. Noise voltage that is free of the d-c 
voltage across R is obtained with the aid of blocking condenser C,. 
Resistor R' is an adjustable compensating resistance provided for the 
purpose of maintaining constant the resistance Ro = R + R' between 
terminals aa as R changes with temperature. 

The procedure for measuring the noise figure with such an arrangement 
is analogous to the procedure involving the diode noise generator. First, 
with R at room temperature and R' adjusted to give the desired source 
resistance ROl the noise output of the amplifier under test is observed. 
Then heating current ;s passed through R and adjusted so that the 
observed noise output is increased by a convenient amount, preferably 

• 

F/lamenf 
curren t 
central R -Ro::R+R 

L-__ �� ____ �+-�� __ �-o. 7untJ.sfen flJamenf Ft'/fer . In vacu{Jm 
FIG. 8-46. Circuit arrangement for utilizing a resistance R at an eleva.ted temperature 
as a standa.rd noise generator. 

doubled, while readjusting R' to maintain Ro constant as R changes with 
temperature. The available noise power Pit introduced by the heating of R, that is, the " excess " noise, is then ( 1" R  R' ) 

p. � kB.,1', 1',Ro + Ro - 1 

where k � Boltzmann's constant, as in Eq. (8-9) 
B.q = equivalent bandwidth 
T 2 = temperature of R when hot 
T, = room temperature R, R', and Ro = resistances shown in Fig. 8-46 

(8-24) 

The noise figure is obtained by substituting the value of P. into Eq. 
(8-19a). 

In carrying out the above determination, a calibration giving the rela
tionship between filament current and temperature for any particular 
resistor can be obtained by the aid of an optical pyrometer, or by observ
ing the variation of R as a function of filament current, and utilizing the 
known relationship between temperature and resistance of tungsten. 

I Another possible way to use a hea.ted resistance as a noise source is to stretch it 
across a waveguide in place of the fluorescent lamp in Fig. 8-4.7a. 
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The use of thermal noise at elevated temperatures to provide known 
values of noise suffers from two ·fundamental limitations. First, the 
method is awkward to apply experimentally; second, the method is only 
suitable for the accurate measurement of noise figures of the order of 
10 db or less. Noise generators using thermal noise at elevated tempera
tUres find their principal usefulness as a check against other methods. 1  

Noise Generators Employing a Gas Discharge. 2 If an electrical dis
charge takes place in a gas at low pressure, where the resultant light 
energy is principally monochromatic at a wavelength Xm, noise is pro
duced that is uniformly distributed over the radio-frequency spectrum. 
This noise acts like resistance noise corresponding to a temperature T 
that is related to the wavelength Am by Wien's displacement law, viz., 

AmT = 0.289 cm oK (8-25) 

For mercury vapor, radiating at a wavelength of 2530.52 X 10-8 cm, the 
corresponding temperature is 11,394°K. 

The ordinary household fluorescent lamp contains mercury vapor, and 
therefore acts as a source of thermal noise having a temperature of 
l1,394°K. This is true irrespective· of the col or of the light from the 
lamp, or the current passing through it, or the geometrical dimensions 
of the lamp, since this result depEnds only on the fact that all fluorescent 
lamps contain mercury vapor. 

A fluorescent-lamp noise generator is a particularly convenient noise 
source for use with waveguides. The lamp can be inserted through the 
waveguide, using metal tubes at the openings of the guide that have a 
small diameter such that these tubes function as waveguides beyond cut
off (see Fig. 8-47a) j in this way noise energy cannot leak either into or 
out of the waveguide. This arrangement also keeps the metal electrodes 
of the lamp away from the fields inside the waveguide, thereby insuring 
that noise produced at the electrodes does not enter the guide. 

The lamp shunts an admittance across the waveguide that has both 
susceptance and conductance components. An impedance match to the 
waveguide can be achieved by means of a tuning stub and tuning screw, 
as illustrated in Fig. 8-47a, and by varying the direct current to control 
the conductance that the discharge shunts across the waveguide. The 
magnitude of the direct current, however, has relatively little effect upon 
the susceptance component. The adjustments required to obtain an 
impedance match at any desired frequency can be obtained by using the 

1 For example, see· E. H. Ullrich and D. C. Rogers, An Absolute Method or Mcasure� 
mentaf Receiver Noise Factor, J. lEE (Radiolocalion Conv.), vol. 93, pt. IIlA, p. 1347, 
March-May, 1946. 

' W. W. Mumford, A Broad�band Microwave Noise Source, Bell System 7'ech. J., 
voL 28, p. 608, October, 1949. 
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noise generator and its associated waveguide as the load on a slotted 
section, and then adjusting for minimum standing-wave ratio. Once an 
impedance match has been achieved between the fluorescent lamp and 
the guide, any desired length of waveguide may be inserted between the 
noise generator and the amplifier under test, provided only that the 
length is short enough so that the waveguide can be assumed to have 
zero attenuation. 

= 

Adjustable Sill! circuli 

Tun/nq screw 

Fluorescenl" 

( /,,�p 
lop vIew 

\ Mounlmq r/�nge 
Flap alfenuafor 

(optional) 

-D� ___ �@� ______ ---,
S i d e V I e w  

( b )  
FIG. 8-47. Arrangements for utilizing a fluorescent lamp as a standard noise generator. 

Because of the necessity of matching the gas-discharge tube to the 
waveguide, a noise generator of this type has a limited bandwidth. How
ever, the shunting conductance is relatively low J so that the bandwidth of 
the equivalent noise-generator impedance is large, as for example 500 Mc 
at a center frequency of 4000 Mc, for a typical case.l 

When the gas noise generator is matched to its waveguide, the available 
noise power associated with the open end of the guide will be kT 2Beq 
where B" is the equivalent bandwidth involved, and T, is 1l,394°K. 
When the fluorescent lamp is turned off, and the waveguide readjusted to 
give refiectionless termination, the available noise power is kT IBeq where 

1 The sensitivity of the 8usceptance adjustment to frequency can be minimized or 
eliminated by arranging the gas-discharge tube as illustrated in Fig. B-47b. Here the 
gas tube serves as a form of tapered and distrjbuted load, and the conductance neces
sary to match the waveguide impedance can then be realized by varying the direct 
current through the gas tube. 
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T 1 is room temperature. The available " excess " noise power P n intrcr 
duced by the fluorescent lamp is hence 

p. � kil.,(T, - T,) (8-26) 

This is the value of P. to be used in Eqs. (8-19). 
The available " excess " noise power obtainable from a noise generator 

of the gas-discharge type can be controlled by inserting an adjustabl� 
attenuator in the waveguide that leads from the gas tube to the equipment 
under test, as illustrated in Fig. 8-470.. This attenuator may be cali
brated at relatively high power levels by the use of bolometer techniques. 
The value of p. to be substituted in Eqs. (8-19) then becomes the value of 
p. given by Eq. (8-26) as reduced by the attenuator. 

Noise generators of the gas,discharge type find their principal useful
ness at microwave frequencies, where diode noise generators cannot be 
used because of transit-time and circuit difficulties. They permit the 
accurate determination of noise figures of microwave amplifiers and 
receivers up to 15 or 20 db. When the noise figure is larger than this, 
the amount of If excess " noise that is introduced by the gas discharge 
represents such a small percentage increase over the noise normally 
present, as to prevent accurate determination of the noise figure. 

Uncalibraled Noise Generators. Noise generators are sometimes used 
in which the noise cannot be determined by calculation, but rather is 
obtained by calibration against another type of noise generator, or 
against a single-frequency signal generator. An example of such a 
device is a crystal detector through which is passed a direct current.1 
This arrangement generates "white " noise having a magnitude that is in 
excess of the thermal noise associated with the crystal resistance, and can 
be controlled by varying the direct current. Other examples of uncali
hrated noise generators are high-gain photomultiplier tubes, and klystron 
tubes operated in a non oscillating condition. 2 

1 Further information is given by "Technique of Microwave Measurements U (vol. 
:u of Radiation Laboratory Series), pp. 278-281, McGraw-Hill Book Company, Inc., 
�ew York, 1947. 

1 Thus see "Technique of Microwave Measurements," op. cit., pp. 274-278. 



CHAPTER 9 

RECEIVER MEASUREMENTS 

9-1. Basic Considerations. The radio receiver has several distinct 
functions to perform. Briefly, it must accept a very small signal voltage 
provided by the receiving antenna, and must amplify this signal to a 
sufficiently high level so that visual or aural reproduction is possible. 
Further, it should amplify only one desired signal, and reject all others. 
Moreover, a detector must be incorporated which extracts from the 
modulated waves, as originally transmitted, the desired information, so 
that it can be presented by some means, such as a loudspeaker or tele
vision picture tube. This final output of the receiver must represent the 
original modulation with as little frequency and noulinear distortion as 
possible. In the sections to follow, various types of measurements are 
outlined, whereby the effectiveness of a given receiver in performing these 
functions can be evaluated. 

Because of the large number of variabies involved, standardization is 
required in receiver measurements so that results obtained in different 
laboratories can be compared on a common basis. Industry standards 
for entertainment receivers have been provided in the United States by 
the Institute of Radio Engineers since 1930, with appropriate revisions 
from time to time as technical advances have made it necessary. These 
IRE standards are so widely used that much of what is to be said in this 
chapter is conditioned by them.' 

A typical laboratory arrangement for determining the characteristics of 
a radio receiver is depicted in Fig. 9-1. Here a standard signal generator 
is connected to the input terminal of the receiver in series with an imped-

1 The standards of particular importance are the following: IRE Standards on Radio 
Receivers; " Methods of Testing Amplitude-modulation Broadcast Receivers," 1948; 
" Methods of Testing Frequency-modulation Receivcrs,1! 1947, and Supplement, Proc. 
IRE, vo!. 37, p. 1376, December, 1949; " Methods of Testing Television Receivers," 
1948; C< Methods of Testing Television Signal Levels, Resolution, and Timing of 
Video Switching Systems," Proc. IRE, vo!. 38, p. 551, May, 1950. 

An excellent over-all discussion of methods for determining the performance of 
receivcrs covering the frequency range 30 to 30,000 kc is given by W. J. Bray and 
W. R. H. Lowry, The Testing of Communication-type Radio Receivers, J. lEE 
(Radiocommunication Con".), vol. 94, pt. IlIA, p. 313, March-April, 1947 j vol. 95, 
pt. Ill, p. 271, July, 1948. 

380 
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ance, termed a It dummy antenna, "  that in association with the internal 
impedance of the signal generator simulates the impedance of a typical 
antenna (see Sec. 9-10). The standard signal generator is a well-shielded 
oscillator that is equipped with an attenuator for developing a variable 
and known output voltage, as discussed in Sec. 15-7. 

The output power of a sound receiver is measured on an objective basis 
by replacing the loudspeaker with a resistance equal to the loudspeaker 
impedance at 400 cycles. The output power is then measured by means 
of a voltmeter connected across this load. In the picture section of a 
television receiver, the output is measured as the voltage at the control 
electrode of the cathode-ray picture tube. 

Signol  0 H Dummy, f-� o . 

SP� "ntenn� 
gener�to,. Receiver 

• 
Dummy load 

.L '<2) 0 is�ortjon 
�naly2er 

. 
FIG. 9-1. TYPical arrangement of equipment for laboratory measurement of the per
formance of a radio receiver that is intended to be used with a separate antenna. 

9-2. Sensitivity. As the term implies, the sensitivity of a radio receiver 
is a measure of the ability to receive weak signals. In this regard, the 
receiver functions very much like an ordinary amplifier, except of course 
that the input signals are at radio frequencies, whereas the output com
prises audio or video frequencies. 

The sensitivity of a ractio receiver (sometimes called maximum sensi
tivity) is defined quantitatively as the input carrier voltage with standard 
modulation' that must be supplied by the signal generator in Fig. 9-1 in 
order to develop a standard value of test output with all volume or gain 
controls set at maximum.2 For a receiver capable of developing an out
put of at least 1 watt of undistorted power, the standard test output is 
0.5 watt, and is thus a figure well below the value where non linear distor
tion limits the output. For a receiver in the 0.1- to I-watt bracket, the 

1 For amplitude-modulation broadcast receivers the standard is 30 per cent modula
tion at 400 cycles; for frequency-modulation broadcast receivers it is 22.5 kc deviation 
(30 per Cent of 75 kc maximum) at 400 cycles. For the sound section (frequency 
modulation) of 6-Mc black-and-white television receivers 7.5 kc deviation (30 per cent 
of 25 kc maximum) at 400 cycles is considered standard, while for the picture section, 
modulation having the waveform of Fig. 9-2 is used (corresponding to a medium-gray 
uniform field), or alternatively, 30 per cent amplitude modulation with a 400-cycle 
sine wave is permissible. 

! For the picture section of the television receiver, the contrast control is set to a 
maximum. 
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standard test output is 0.05 watt; for automobile receivers the normal test 
output is considerably higher, namely, 1.0 watt. For the television pic
tUre channel, 20 volts peak to peak at the picture-tube control electrode 
is the standard. 

The sensitivity can be expressed in microvoJts, or in the equivalent 
decibels below 1 volt (i.e., a sensitivity of 2 /LV corresponds to 114 db 

Synchronizinq pulse /evel 100- - - - - -fi - - - - - - - - - - -[1 - - - - -

� oneline--n 
-" lS .fJf?E"- r-I I L- - - - - - - - - r- L- ----" 
� v 

� _"G"ra",y,-, ... 31.5 • v � IS _1'Y..h!je�tlYel _ _ _ _ _ _ _ _ _ _ _ - - - -

0-
O------�-----

Time -
FIG. 9-2. Modulation waveform suitable for a signal generator that is to be used in 
testing the picture section of a. television receiver; this wave shape will give a uniform 
gray background. 
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FIG. 9-3. Typical sensitivity and selectanee curves of a standard broadcast receiver. 

below 1 volt) . 1  Alternatively, the sensitivity can be expressed in terms 
of the available power at terminals aa in Fig. 9-1, usually in decibels below 
1 mw (dbm). A typical sensitivity curve is shown in Fig. 9-3. 

At the higher radio frequencies, where noise generated within the 
receiver determines the weakest signal that is usable, the practical per-

1 Receivers with loop antennas are an exception. As explained in Sec. 9-10, the 
sensitivity of such receivers is taken as the field strength required to develop the 
standard output. 
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formance of the receiver is affected by both the sensitivity as defined 
above, and the noise figure (see Sec. 9-11). Thus, if the receiver gain is 
sufficient to make the noise in the output objectionabJy large in compari
son with the standard test output, then a further increase in the receiver 
sensitivity does not increase its usefulness in receiving weak signals. 1 

9-3. Selectivity. Amplitude-modulation Receivers. A radio receiver, 
if it is to be useful, must H select " the signal to which it is tuned, and 
reject signals of other frequencies. Selectivity is expressed in the form of 
a curve that gives the carrier signal strength with standard modulation 
that is required to produce the standard test output, plotted as a function 
of cycles off resonance of the test signal. Very commonly the carrier 
signal strength at the resonant frequency of the receiver is used as a refer
ence, as illustrated in Fig. 9-4. The reciprocal of such a selectivity curve 
represents the response as a function of frequency. 

The usual experimental procedure for obtaining a selectivity curve is as 
follows : With the apparatus arranged as in Fig. 9-1, the receiver is tuned 
to the desired frequency, and the 
manual volume control is set for 
maximum volume.2 The signal
generator frequency is then set at 
the resonant frequency of the 
receiver, standard modulation is 
applied, and the carrier output of 
the signal generator varied until 
the standard test out.put is ob
tained. Without changing the 
tuning of the receiver, the signal 
generator is then set at a succes
sion of frequencies, above and 
below the frequency to which the 
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FIG. 9-4. Typical selectivity curve of a 
broadcast receiver. 

receiver is tuned. At each new frequency, the signal-generator voltage 
applied to the receiver input is adjusted to give the standard test out
put from the receiver. The resulting data are then plotted as shown in 
Fig. 9-4. 

The discrimination that a receiver possesses against signals differing 
from the frequency to which the receiver is tuned by amounts correspond-

1 Further discussion of this point, and a. Ruggested "combined sensitivity figure," is 
given by Joseph M. Pettit, Specification And Measurement of Receiver Sensitivity 
at the Higher Frequencies, Proc. IRE, vol. 35, p. 302, March, 1947. 

2 If the automatic-volume-control system has a selectivity that differs from the 
selectivity at the input to the seeond detector, then the AVe voltage should be held 
constant at the value obtained when the signal-generator frequency is at the "on
t\ClC 11 value. 
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ing to one and two channels, is termed the adjacent-channel attenuation, 
and the second-channel attenuation, respectively. In the case of signals 
in the standard 540- to l600-Mc broadcast band, this represents carrier 
frequencies differing from the resonant frequency of the receiver by 10 
and 20 kc, respectively ; in the case of frequency-module.tion receivers 
where the channels are spaced 200 kc, it means frequencies differing from 
the resonant frequency by 200 and 400 kc, respectively . 
. In specifying the adjacent-channel attenuation, and the second-channel 
attenuation, it is customary to take the geometric mean values of attenua
tion for the corresponding channels on the higher and lower frequency 
sides of the selectivity curve. The resulting value can then be presented 
as shown in Fig. 9-3, as a function of the frequency to which the receiver 
is tuned. 

The discrimination against signals an integral number of channels off 
tune is sometimes called selectance. Thus in broadcast receivers for the 
standard band, the attenuation suffered by a signal having a carrier 
differing by 20 kc from the desired carrier, i.e'l the second-channel attenu
ation, is also called the second-channel selectance. 

Freq1tency-mod'u,lation Receivers. In frequency-modulation receivers, 
the normal behavior of the limiters, together with the characteristics of 
frequency modulation, makes it rather pointless to measure a selectivity 
characteristic of a receiver unless there is present at all times a signal of 
the frequency to which the receiver is tuned. Selectivity curves of fre
quency-modulation receivers are accordingly always obtained by simul
taneously applying voltages from two signal generators to the receiver 
input in the manner discussed in connection with Fig. 9-19. The first 
signal generator, which is unmodulated, represents the desired signal ; it is 
adjusted to the frequency to which the receiver is tuned, and is set to some 
arbitrary carrier level. The second signal generator is subjected to the 
standard test modulation, and represents an interfering signal. It is set 
at progressively increasing frequencies off resonance, and at each fre
quency its amplitude is adjusted until the standard test output is obtained. 
The resulting curve of carrier amplitude required from the second genera-. 
tor, as a function of cycles off resonance, can then be plotted to give a 
selectivity curve similar to that of Fig. 9-4. 

The shape of the selectivity curve obtained by the above procedure will 
depend somewhat upon the amplitude of the unmodulated carrier applied 
to the system by the signal gcnerator adjusted to the resonant frequency 
of the receiver and representing the " desired JJ carrier. A further compli
cating factor, ordinarily not present when determining selectivity of 
amplitude-modulation receivers, is that the shape of the selectivity curve 
of a frequency-modulation receiver also depends upon the amplitude 
selected for the standard test output. Thus a complete picture of the 
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selectivity characteristics of a frequency-modulation receIver requires 
that many curves be obtained. 

Because of this situation, combined with the fact that the j j  capture 
effect " usually makes unimportant any signals that differ from the reso
nant frequency of the receiver by more than two channel spacings, it is 
common practice to present the selectivity of frequency-modulation 
receiv�rs in terms of adjacent-channel and second-channel attenuation or 
selectance curves. Typical results of this type are shown in Fig. 9-5; 
The failure of the interfering signal output in these curves to be propor
tional to the strength of the input value of the interfering signal results 
from the action of the limiter and automatic-volume-control systems. 
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.:! E .::! 0 f--_+--+--I_�_+�-+��I_�-+ � e� c �  • 
• - V "'IS C �  < E g � -201----+--+-;1-1---1-+ O N  0 
.::: g-� ..n . .: .?: �.£ � -40 f--_+--*---¥--c � -
. _ . - E -s�-.E- � � 
6 ·�·�-6 q6ho��I�40�-�12�0��IOhO��8�0���60L-��40�-�2JO 

Interferinq siqnOlI input in decibels below one WOItt 
FIG. 9-5. Typical adjacent-channel sclcctance curves of a frequency-modulation 
broadcast receiver. 

9-4. Fidelity. The term fidelity is used to denote the manner in which 
the output of n. radio receiver depends on the modulation frequency. I 
The electric fidelity denotes the fidelity of the receiver up to the loud
speaker, but does not take into account the effectiveness with which the 
electric output of the receiver is transformed into sound output. The 
acoustic fidelity shows the manner in which the acoustic or sound output 
of a radio receiver depends upon the modulation frequency, and differs 
from the electric fidelity by taking into account the characteristics of the 
loud speaker. 

The electric fidelity of amplitude-modulation and frequency-modula
tion receivers, and of the sound section of television receivers, is deter
mined with the aid of apparatus arranged as in Fig. 9-1. The loudspeaker 
is ordinarily replaced by a resistance corresponding to the voice-coil 

1 In a broader sense, fidelity can be regarded as representing the faithfulness with 
which the receiver reproduces the intelligence modula.ted upon the radio wave that is 
being received. In this case it would include nonlinear or amplitude distortion as well 
as frequency distortion. However, in terms of the formally recognized standards, 
fidelity denotes the variation of response with modulation frequency. 
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impedance at 400 cycles j alternatively one may consider the electric out
put to be the voltage developed across the voice coil of the loudspeaker. 
The carrier frequency of the signal generator is adjusted to resonance with 
the receiver, standard 40()....cycle modulation is applied, the signal-gene· 
rator carrier level is set at a convenient arbitrary level, and the manual 
volume control of the receiver is adjusted to give the standard test output. 
The modulation frequency is then varied over the audio range, while 
keeping the degree of modulation constant. The fidelity is then presented 
as the output relative to the 400-cycle output, plotted as a function of 
frequency, as shown in Fig. 9-6. 
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FIG. 9-6. Electric fidelity of a typical amplitude-modulated broadcast receiver. 

Acoustic fidelity is obtained in the same way as electric fidelity, except 
that the determination of the receiver output is a problem in acoustic 
measurements. The acoustic fidelity includes all the characteristics of 
the receiver, including the loudspeaker itself. Accordingly, it may at first 
he thought to be the only test of significance; yet it suffers from the diffi
culty of standardization. Ideally, the receiver should be located in an 
acoustic environment identical with that where it will ultimately be used 
by the listener. This involves many factors such as size of room, location 
of the receiver in the room, location of the listener, and the acoustic char
acteristics of all the furnishings. Clearly, it is more difficult to standard
ize on such surroundings, although an attempt has been made. l  

The electric fidelity of the picture channel of a television receiver is 
determined in the same way as the electric fidelity of an amplitude-modu-

t "Standards on Electroacoustics: Definitions of Terms, Letter and Graphical 
Symbols, Method of Testing Loud Speakers, 1938," Institute oC Radio Engineers, 
New York; for additional information also see Harold A. Wheeler and Vernon E. 
Wbitman, Acoustic Testing of High Fidelity Receivers, Proc. IRE, vol. 23, p. 610, 
June, 1935; Stuart Ballantine, High Quality Radio Broadcast Transmission and 
Reception, Proc. IRE, vol. 23, p. 618, June, 1935. 
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lated receiver. The only differences are the wider range of modulation 
frequencies involved, and the fact that the reference test output is stand
ardized as 10 volts peak at 100 kc. Thus to measure electric fidelity, the 
signal generator is modula.ted 30 per cent with a sine wave, and then the 
variation of voltage a.t the picture tube is observed as a function of the 
modulating frequency as this frequency is varied from 30 cycles to 
5,000,000 cycles. This measurement is commonly carried out in the 
absence of synchronizing and blanking signals. 

The phase shift of the output wave as a function of the modulating fre
quency can be measured by connecting the signal-generator modulating 
voltage to the vertical-deflection terminals of a wide-band cathode-ray 
oscilloscope, and connecting the sine-wave output voltage developed at 
the control grid of the picture tube to the horizontal-deflection terminals . .  
If the vertical and horizontal oscilloscope amplifiers then have identical 
phase characteristics, the resul�ing Lissajous figures give the phase shift, 
as discussed in connection with Fig, 6-24, 

The characteristic of a television receiYer that is most directly related 
to the electric fidelity of the picture ch'annel is the transient response, In 
contrast, the amplitude and phase fidelity represent an indirect means of 
determining the extent to which the receiving system will satisfactorily 
reproduce the'transients that compose the video modulation possessed by 
the signal. The transient response of a receiver is determined by employ
ing a standard signal generator with square-wave or pulse modulation, 
and then observing the output of the receiver on a wide-band oscilloscope 
in which the sweep circuit is synchronized with the modulating voltage of 
the signal generator, as discussed in Sec. 8-10. It is to be noted that the 
transient response will be affected by, the nonlinear distortion of the sys
tem, as well as by the amplitude and phase characteristics of the receiver, 

Visual fidelity tests in a television receiver correspond to acoustic 
fidelity tests of a sound receiver, only there are many more things to 
measure. These include resolution, i,e., the ability to distinguish between 
closely spaced black-and-white segments ; contrast range between white 
and black portions of the picture; geometric distortion of the picture ; 
focus; and the imperfections of synchronizing and interlace. Most of 
these characteristics can be observed by applying to the input of the 
receiver a signal modulated by the standard resolution chart, and observ
ing on the face of the picture tube the extent to which the receiver repro
duces the detailed features of the chart, l  

I This meuurement requires a. complicated pattern generator. A rough test can be 
lnade by using an auxiliary television receiver oC high video fidelity which is tuned to 
a local television station during those hOUTS when a. test pattern is being broadcast. 
The video output of t.his receiver, including synchronizing and blanking signals, is 
then used to modulate thc standard signal generator, 
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9-5. Nonlinear Distortion in Radio Receivers. Nonlinear or harmonic 
distortion occurs in a radio receiver when the receiver output contains 
frequency components not present in the modulation envelope of the 
input signal. The most important cause of such distortion is usually 
overloading of the audio or video amplifier of the receiver. In amplitude
modulation receivers, the diode second detector also ordinarily introduces 
distortion as a result of " clipping 11 when the degree of modulation 
approaches 100 per cent; this can be quite serious if the detector is not 
properly designed.' 

The radio-frequency portions of the receiver will also introduce nOD
linear distortion if the amplification depends upon signal amplitude.; in 
this case the peaks of a modulated wave will not be amplified the same 
amount as the troughs, with resulting distortion of the modulation enve
lope. However, nonlinear distortion from this cause is seldom encoun
tered in significant amount in practical receivers. 

N onlinear or barmonic distortion is determined by applying to the 
receiver input a signal from a signal generator which possesses sine-wave 
modulation, and then observing the resulting distortion present in the 
audio- or video-frequency output of the receiver by the means discussed 
in Secs. 6-4 and 6-6. In the case of broadcast rcceivers, 400-cycle modu
lation is very commonly used ; it is possible to employ other modulation 
frequencies, however, and in fact two modulation frequencies may simul
taneously be applied to the carrier of the input signal to provide a test of 
intermodulation distortion. Distortion tests should be repeated with 
different degrees of modulation of the test signal, including particularly 
100 per cent modulation, since cert.ain types of distortion, notably detec
tor clipping, depend upon thc degree of modulation. The results of a 
harmonic-distortion test will also depend upon the output power. They 
may likewise be affected by the setting of the manual volume control, by 
the carrier amplitude of the input signal, and by the modulation frequency. 
Thus it is necessary carefully to record all test conditions if the results 
are to have significance, and also to determine distortion under a variety 
of conditions. 

It is customary to consider that the rated value of maximum output 
power which a radio receiver can deliver is the power for which the total 
harmonic distortion, as defined by Eq. (8-6), is 10 per cent. If the degree 
of modulation is not so high as to cause detector clipping, this distortion 
will normally arise almost entirely in the final power stage of the output 
amplifier of the receiver. 

9-6. Tests for Spurious Responses, Including Cross Modulation. 
Receivers very commonly will respond in undesired ways to very strong 

I For further discussion of diode deteetor clipping see F. E. Terman. "Radio Engi
neering," 3d ed., pp. 502-513, McGraw-Hill Book Company, Inc., New York. 1947. 
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signals. Some types of such spurious responses arise with only one strong 
signal present, while other types require the simultaneous presence of two 
or more strong signals. 

Spurious Responses Arising from a Single Signal. The most important 
spurious response of this type is the response to the image frequency in a 
superheterodyne receiver. This is measured by adjusting the signal 
generator to the image frequency, 1 and with standard modulation applied, 
increasing the signal-generator output until one obtains either the stand
ard test output from the receiver, or the largest output that is possible. 
Without changing the receiver adjustment, the signal generator is then 
set at the frequency to which the receiver is tuned, and the signal-gener
ator voltage adjusted to develop the same receiver output as before. The 
ratio of the signal-generator voltages for these two situations is then 
referred to as the image ratio. In a good receiver the image ratio will be 
60 db or more. 

Another important spurious-response frequency in a superheterodyne 
receiver arises from the possibility that signals of intermediate frequency 
may be able to produce output in the receiver. The magnitude of this 
spurious response can be determined with the aid of a signal generator 
adjusted first to the intermediate frequency, and then to the frequency 
to which the receiver is tuned, and comparing the two input signals 
required to produce the same output. 

Still other spurious-response frequencies are possible. Their existence 
may be searched for by setting the receiver successively to a number of 
frequencies over the band, and for each setting tuning the signal generator 
through a wide frequency range while maintaining the signal-generator 
output at a high value, such as 1 volt. When a spurious response is 
noted, its relative magnitude may he defined in the same way as the 
image response. 

In superheterodyne receivers receiving only a single unmodulated 
carrier frequency, a. whistle whose pitch varies rapidly with tuning will 
sometimes be observed. This is the result of interaction between various 
parts of the receiver, and most frequently occurs when the receiver carrier 
frequency approximates a harmonic of the intermediate frequency. The 
existence of such If whistle modulation 11 can be investigated in the same 
manner as one would search for other spurious responses, except that an 
unmodulated carrier is used. The whistle modulation can be expressed 
quantitatively by adjusting the pitch of the whistle to 400 cycles, and 
measuring the amplitude of the resulting 400-cycle output voltage pro
duced in the receiver. The whistle modulation is then the percentage 

I The image frequency will differ by twice the intermediate frequency from the 
frequency to which the receiver is tuned. The image frequency will be higher than 
the receiver frequency in the usual case where the local oscillator frequency is higher 
than the receiver frequency. 
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modulation at 400 cycles that applied to the unmodulated test voltage 
would produce the same receiver output as is caused by the whistle. 

Cross-talk and Other Forms of Two-signal Spurious Responses. Various 
forms of spurious responses can arise when two signals of different fre
quencies are simultaneously applied to a receiver. The most important 
of these is termed cross-to,lk, and is heard under the following circum
stances : The receiver is tuned to a " desired J J signal which is so strong as 
to cause the automatic-volume-control system to reduce the gain of the 
receiver to a low value. At the same time, a strong If unwanted " signal 
operating on a frequency not greatly different from that of the desired 
frequency is simultaneously present. During the intervals when the 
carrier wave of the desired station is unmodulated, then the modulation 
of the unwanted signal is heard, but if the desired signal is turned off the 
interference from the unwanted signal disappears. Such cross-talk is 
caused by the unwanted signal modulating the carrier wave of the desired 
signal i it is introduced by third-order curvature in the first one or two 
tubes of the recei\'er.1 

The magnitude of such cross-talk can be determined qua.ntitatively by 
simultaneously applying output from two signal generators to the receiver 
input,2 The first, or desired, signal is tuned to resonance with the 
receiver, and its carrier amplitude is set at an appropriate level. The 
manual volume control of the receiver is adjusted to give standard test 
output when the signal is modulated 30 per cent at 400 cycles, after which 
the modulation is switched off. An unwanted, or interfering, signal from 
the second generator is then turned on, and is applied to the receiver input 
in addition to the desired signal carrier, which remains unchanged. This 
interfering carrier i� modulated 30 per cent at 400 cycles, and is tuned 
through a wide frequency range while readjusting its carrier amplitude as 
required to give an arbitrarily chosen value of interference output, com
monly 30 dh less than the standard test output for the desired signal. 
The results are then plotted in curves giving the unwanted carrier 
strength as a function of the difference in frequency between the inter
fering and the desired signals. Typical results are given in Fig. 9-7. 

The results of a cross-talk test can also be expressed in terms of the 
cross-talk factor, which is defined as3 

degree of unwanted modulation 

Cross-talk factor 
produced on 1 1  desired" carrier 

= 
degree of modulation of umvanted 
carner 

1 The quantita.tive relations involvcd in this form of cross-talk a.re given by Terman, 
op. cit., pp. 277-284, 354. 

1 Techniques whereby the outputs of two signal generators ma.y be simultaneously 
impressed on the input of a single receiver are described in connection with Fig, 9-19. 

a For further discussion see Terman, op. cit., p. 355, 
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The cross-talk factor can be readily determined from the two-signal
generator test described above. First, with the desired signal unmodu
lated, the output at the modulation frequency of the unwanted signal is 
observed for a known degree of modulation of the unwanted signal. Then 
the modulation on the latter signal is turned off, the desired signal is 
modula;ted at the same frequency as was the unwanted signal, and this 
degree of modulation is adjusted to give the same modulation-frequency 
output amplitude as before, This last degree of modulation is the 
numerator of Eq, (9-1), and its ratio to the known degree of modulation 
of the unwanted signal is then the cross-talk factor, 

Two signals can also interact in other ways to produce spurious 
responses. Thus if the difference between the frequencies of two signals 
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FIO. 9-7. Typical result of a cross-talk interference test of an amplitude-modulated 
broadcast receiver. 

lies in the tuning range of the receiver, a spurious response at the differ
ence frequency can result. For example, if signals having frequencies of 
1400 and 600 kc are simultaneously applied to a receiver tuned to 800 kc, 
then if tl\ese signals are strong enough to overload the first tube of the 
receiver, a. difference frequency of 800 kc is produced to which the 
receiver responds. Again the combination of a desired and an unwanted 
signal simultaneously applied to a receiver can in some cases result in a 
whistle that will disappear if the unwanted signal is turned off, Such 
spurious responses can be sought, and also measured, by obvious applica
tions of the two-signal-generator techniques described above. 

9-7. Miscellaneous Tests on Frequency-modulation Receivers. Devi
ation Sensitivity. The deviation sensitivity is a measure of the adequacy 
of the audio gain of the frequency-modulation receiver. A voltage from a 
signal generator is applied to the receiver input in series with a 300-ohm 
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resistance representing the standard dummy antenna, and the carrier 
level of this input signal is adjusted to a standard value, typically UOO �v. 
With the manual volume control set at maximum, the frequency devia
tion is then adjusted so that the receiver delivers the standard test output. 
The resulting frequency deviation expressed either in kilocycles, or as a 
percentage of maximum rated deviation, is termed the deviation sensi
tivity. Clearly, if the audio gain is Iow a larger deviation will be required 
to give the standard test output; hence the lower the deviation sensitivity 
the better the receiver. 

Quieting-signa.l Sensitivity. The quieting-signal sensitivity is the 
smallest unmodulated carrier voltage which when appJied to the receiver 
through the standard 3OO-ohm dummy antenna reduces the noise output 
of the receiver to a value of 30 db below the receiver output ohtained when 
the standard test modulation is applied to the same input signal. It is 
expressed either in microvoIts, or in decibels below 1 watt. When the 
carrier ,amplitude of a signal is less than the value corresponding to the 
quieting-signal sensitivity, the noise present in the receiver output will be 
objectionable during pauses in modulation when the receiver noise is not 
masked by modulation. 

AmpTitude-modulation Suppression. The extent to which the output of 
a frequency-modulation receiver is unaffected by amplitude modulation is 
determined by a test in which the signal-generator output is simultane
ously amplitude- and frequency-modulated. In a typical arrangement, 
the frequency modulation is at a lOOO-cycle rate with a deviation of 30 per 
cent of maximum rated deviation, and the receiver volume control is 
adjusted to produce standard test output. The input signal is then addi
tionally amplitude-modulated at 400 cycles to 30 per cent modulation. 
The intensity of the output at 400 cycles is a measure of the response to 
amplitude modulation, and the amplitude suppression can be defined as 
the ratio of the 4oo-cycle output to the standard IOoo-cycle output. 
Since the amplitude suppression will depend upon the amplitude of the 
input carrier voltage, this test should be carried out with several values of 
input signals. 

If a signal generator capable of being simultaneously amplitude- and 
frequency-modulated is not available, two signal generators may be used, 
one amplitude-modulated and one frequency-modulated. The signal. 
from these two generators are then simultaneously impressed on the 
receiver, and precautions are taken so that the beat note between the two 
carriers does not contribute to the observed output at either 400 or IOoo 
cycles. 

In tests of amplitude-modulation suppression, it is partiCUlarly impor
tant that any signal generato,' that is amplitude-modulated be free from 
incidental frequency modulation. 
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C()-channel Interference. In a frequency-modulation system, an inter
fering signal having the same carrier frequency as the desired signal will 
tend to be suppressed when the desired signal is stronger, and will in turn 
suppress the desired signal if the undesired carrier is the stronger. This 
action results from the inherent effects of the detector, limiter, and auto
matic-volume-control system. 

The co-channel interference that remains can be determined by the use 
of two signal generators that are simultaneously applied to the receiver. 
First, the desired signal generator is subjected to standard modulation, 
and is set at an arbitrarily chosen amplitude. The audio-frequency out
put of the receiver is then adjusted to the standard test value by means 
of the volume control, after which the modulation on the desired signal 
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FIG. 9-8. Typical results of a co-chaonel interference test of a frequency-modulation 
broadcast receiver. 

is removed. The interfering signal is next turned on and frequency
modulated with the standard test modulation. The co-channel inter
ference is then the reSUlting receiver output caused by the presence of the 
modulated interfering signal. The test should be repeated at each of 
several level. for the desired signal. 

The results of the co-channel-interference test may be plotted as illus
trated in Fig. 9-8. The c(}-channel interference may also be expressed as 
the interfering signal input in decibels below the desired signal input, 
which produces an undesired output that is 30 db below the output that 
rcsults when the desired signal has standard test modulation. 

The extent to which the interfering signal will suppress the desired sig
nal is termed the masking interference. It is obtained by rearranging the 
test conditions so that the desired signal possesses standa.rd modulation, 
while the interfering signal is left unmodulated. The output of the 
receiver is then observed as the level of the interfering signal is increased. 
The results are plotted in the same way as the co-channel interference, 
except that the ordinates now give the desired output. 
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Tuning Characteristic. The tuning characteristic denotes the varia
tion in audio output as the receiver is tuned through a signal. 

In practice, this characteristic is more easily determined by varying the 
signal-generator frequency, than by varying the receiver tuning, since 
the signal generator usually has a better frequency calibration than does 
the receiver. The tuning characteristic is hence obtained by tuning the 
signal generator to resonance with the receiver, setting the amplitude of 
the input signal at Borne appropriate reference value, and adjusting the 
volume control of the receiver to give standard test output when the 
standard signal generator has standard modulation. The receiver output 
is then observed as the freqiLency of the signal generator is detuned to 
each side of the receiver frequency 1 while keeping the signal-generator 
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FIG. 9-9. Typical tuning chara�teri8tics taken on a frequency-modulation receiver 
designed for 75 kc devia.tion. 

output constant. The results are presented in curves such as shown in 
Fig. 9-9. The test must be repeated for different values of input signal, 
since as shown in Fig. 9-9, the tuning characteristic will depend consider
ably upon signal level. 

The tuning characteristic is of particular importance in frequency
modulation receivers, since such receivers sometimes have spurious output 
responses adjacent to the correct tuning point. This effect arises from 
the nature of the frequency-modulation detector, and tends to be more 
pronounced when the input signal is large. 

9-So· Miscellaneous Receiver Tests. Automatic Volume Control. 
Most radio receivers are provided with some form of automatic volume 
control (also called automatic gain control) to reduce the extreme ranges 
of receiver audio output that would result if the output were directly pro
portional to the signal strength at the antenna . 

. The standard procedure for evaluating the effectiveness of the auto
matic-volume-control system is to apply to the antenna terminals a signal 
with standard modulation, that is, 30 per cent at 400 cycles, and a carrier 
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amplitude corresponding to a typical signal level, such as 5000 p.V for an 
amplitude-modulation broadcast receiver, or 1100 p.v for a frequency
modulation or television receiver. The manual volume control of the 
receiver is then adjusted to provide the standard test output. With this 
manual setting left fixed, the carrier level at the receiver input is varied 
over a large range, usually from 1 JJ.V to 1 volt. The relative receiver 
output power is then observed, and plotted as a curve giving receiver 
output in decibels as a function of carrier input level, also in decibels. In 
some cases it is desirable to repeat the test with several degrees of modula
tion. Typical results are shown in Fig. 9-10; the flatter the curve the 
better the automatic-volume-control system. 
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FIG. 9-10. Cha.racteristics of a typical automatic-volume-control system used in an 
amplitude-modulation broadcast receiver. 

Radiation from Receivers.l A radio receiver, and especially a television 
receiver, can radiate radio-frequency power which may cause interference 

. in similar nearby receivers, or even receivers operating in an entirely 
different frequency range. In many circumstances it is necessary that 
such radiated power be an absolute minimum, or at least within an 
acceptable standard limit. 

A radio receiver ordinarily contains a number of sources of ra.dio
frequency power. The most obvious is the loca.l oscillator in a super
heterodyne receiver ; in addition, harmonics of the local oscillator are 
present in the output of the converter. Also the power level of the inter
mediate-frequency energy at the second detector is often appreciable, and 
the output circuits of the second detector contain harmonics of the 

I For additional information see G. J. McDonald and D. A. Thorn, Radiation from 
Receivers, J. lEE (Radiocomm. Cmtv.), vo!' 94, pt. IlIA, p. 437,�Ma.rch-April, 1947; 
C. G. Seright, Open-field Test Fa.cilities for Measurement of Incidental Receiver Radi
ation, RCA Review, vot. 12, p. 45, March, 1951; Standards on Radio Receivers: Open 
Field Method of Measurement of Spurious Radia.tion from Frequency Modulation 
and Televil5ion Broadcast Receivers, 1951, Proc. IRE, vo!. 39, p. 803, July, 1951. 
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intermediate frequency that have appreciable amplitude. Finally, tele
vision receivers contain additional sources of energy; thus harmonics of 
the saw-tooth wave used to produce the horizontal deflection are dis
tributed through the radio-frequency spectrum, the video signal itself 
contains frequencies up to 4.5 Mc, and in some television receivers a 
radio-frequency oscillator is used to generate the high anode voltage for 
the picture tube. 

There are three principal mechanisms by which a receiver may radiate 
energy. The most obvious and probably the most harmful is radiation by 
the receiving antenna. , When appreciable, this action can be easily 
evaluated by connecting a sensitive radio-frequency vacuum-tube volt
meter or a receiver across the antenna terminals in parallel with the 
standard dummy antenna (assuming the voltmeter or receiver input 
impedance to be very high). In the case of a receiver having a built-in 
loop antenna, it is necessary to mea�ure the field strength produced some 
distance away, commonly taken to be 100 ft, by methods described in 
Chap. 11 .  The measurement should be made in an open field or on a 
flat roof, where nearby objects will not influence the measurement. 
Alternatively, one may determine the equivalent voltage causing the 
radiation by substituting for the radiating receiver a signal generator that 
applies a voltage to the antenna that is causing the radiation, and adjust
ing this voltage to give the same radiated field as does the receiver.l 

A second way for radiation to occur is as a result of unshielded electro
static or electromagnetic fields associated with the receiver chassis or 
receiver components. While this effect is normally not very great in 
magnitude, it can cause trouble in nearby equipment. The amount of 
such radiation can be evaluated by disconnecting the antenna and replac
ing it by a noninductive resistor of appropriate magnitude. The receiver 
is then placed at some standard height above the ground, and operated 
from a self-contained power supply (or from a power line that is isolated 
by proper shielding and filtering). The resulting radiation is measured 
using field-strength measuring equipment. 

The third way in which power can he radiated from a receiver is 
through radio-frequency current flowing in the power-supply cord, and in 
particular, current resulting from voltages generated between this cord 
and ground. These voltages can be measured with a vacuum-tube volt
meter, or a receiver, using appropriate coupling means to filter out the 

1 In the case of high-frequency receivers in which the input terminals are balanced 
with respect to ground, it is necessary to investigate thc way or ways in which antenna 
radiation is being produced. This is because the radiation can r�sult from either (1) a 
voltage existing between the two wires of the antenna transmission line, or (2) a volt
age existing between ground and the transmission line, considering the two wires of 
the latter as being in parallel to form one side of the circuit. 
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60-cycle voltage. Alternatively, one may replace the receiver by a signal 
generator, and specify the power-line radiation in terms of the signal
generator voltage that must be applied to the power line to produce the 
same radiation as does the receiver that is involved. 

The maximum radiation that can be permitted from a receiver depends 
upon circumstances. In the case of naval vessels, where radiation must 
be kept low in order to minimize interference between the many receivers 
used on the same ship, and also for security reasons, a typical standard 
is a radiated field not to exceed 0.1 J.'V per m at 1 mile, or a radiated power 
not to exceed 400 X 10-12 watt. 

Hum Measurement. Hum is a tone having a 60-cycle fundamental that 
is produced as a result of the action of alternating power-frequency 
currents. Hum may be introduced directly into the audio-frequency sys
tem of a receiver as a result of inadequate filtering of the plate-supply 
system, by stray coupling, or by alternating currents used in filaments 
and heaters of tubes. Alternatively, hum can appear in a receiver output 
as a result of modulation by hum voltages or fields of a radio-frequency 
signal present in the intermediate-frequency, converter, and radio-fre
quency stages of the receiver. 

The hum voltages present in the receiver output can be observed by 
employing either a harmonic analyzer or an rms (square-law) measuring 
instrument. The results obtained will usually depend upon the setting 
of the manual volume control, and may be affected by the presence or 
absence of a radio-frequency signal. 

Amplification of Individual Stages and Sections of Radio Receivers. 
The sensitivity of a receiver, defined in terms of the input power required 
to give a standard test output, is determined by the over-all amplification 
of the receiver. It is therefore sometimes desirable to measure the 
amplification of individual sections of the receiver in order to determine 
how each contributes to the total gain. 

This can be done by the same method used to obtain the gain of indi
vidual stages of a multistage amplifier, as discussed in connection with 
Fig_ 8-9. That is, a signal-generator voltage of suitable frequency is 
applied at successive points a, b, c, d, etc., in Fig. 9-11, with the amplitude 
in each case adjusted so that the same audio-frequency output is obtained 
at all times. l  The ratio of the voltage associated with any two particular 
points then gives the voltage amplification of the portion of the receiver 
lying between these two test points. Thus, the ratio of the intermediate
frequency carrier voltage with standard modulation that is applied to the 
control grid of the first intermediate-frequency amplifier stage, to the 

1 Note that the signal-generator frequency cha.nges from signal to intermediate 
frequency on the two sides of the converter, and from intermediate to audio (modula
tion) frequency at the second detector. 
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radio-frequency carrier voltage with standard modulation that must be 
applied to the signal grid of the converter to give the same receiver output, 
is the conversion gain of the converter. As in the corresponding multi
stage-amplifier case (see page 321), measurements made in this way give 
results that are very close to the actual gain existing in the receiver, 
including regenerative effects. Results .s:howing the voltage gain of dif
ferent parts of a typical receiver are given in Fig. 9-11 for a representative 
case when receiving a moderately weak signal. 

An alternative method of investigating the gain of individual parts of a 
receiver consists in applying a modulated test signal to the receiver, 
and observing the relative voltage at successive points in the receiver by 
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FIG. 9-11. Schematic diagram of a receiver, showing points at which a signal genera
tor would be connected to determine the amplification of individual sections of the 
receiver. Typical values of voltage gain are shown for various sections of the receiver. 
for conditions corresponding to a moderately weak signal. 

the use of a vacuum-tube voltmeter having such a high input impedance as 
not to alter the amplification appreciably" In the audio-frequency sec
tion of the receiver, a conventional type of vacuum-tube voltmeter can be 
used, measuring voltages with respect to ground. The vol tmeter is 
moveq from point to point, starting from the loudspeaker and working 
backward toward the detector output. The voltages in the radio-fre
quency portion of the receiver can be observed with the aid of an amplifier
detector type of vacuum-tube voltmeter, typically employing one s.tage of 
tuned radi<rfrequency amplification. In order that such a measuring 
system will not alter the characteristics of the receiver, it is connected to 
the point in the receiver at which the relative voltage is to be observed 
by the use of an extremely small series capacitance. As the point of 
connection is moved, the signal-generator input to the receiver is read-

1 It is also possible to use an untuned-crystal-<letector and high-gain audio-amplifier 
combination in place of the tuned amplifier. Such an arrangement is capable of 
obscrving·signal levels of less than 1 mv, and has the advantage of being un tuned. 
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justed to maintain a. constant indication in the vacuum-tube voltmeter. 
The gain between any two points in the receiver is then taken as the ratio 
of the signal-generator voltages required to maintain the constant reading 
of the vacuum-tube voltmeter. Where the frequency of the signal 
changes, as when one is determining the gain from a point in the radio
frequency section to a point in the intermediate-frequency section of a 
receiver, it is necessary to retune, and also perhaps change tuning coils in 
the vacuum-tube voltmeter. In this case, the relative sensitivity of 
the vacuum-tube voltmeter at the two frequencies involved can be 
determined by means of the signal generator, and allowed for ill the 
resulting calculations. This method of investigating the characteristics 
of a radio receiver is widely used in servicing equipment. It gives a good 
general idea of the receiver behavior, although it does not accurately 
take into account regeneration that may be present in the intermediate
frequency and radi(�.frequency sections. 

In determining the gain of individual parts of a receiver, it is necessary 
to disconnect the automatic-volume-control lead from the second detector 
circuit, and connect it to a source of fixed voltage so chosen as to cor
respond to the A VC voltage that would be appropriate for the condition 
under which the receiver gain is being investigated. Thus with weak 
signals, a small negative A VC voltage would be employed, while strong 
signals would correspond to a large negative voltage. 

9-9. Requirements for Signal Generators. A detailed discussion of 
signal generators will be found in Chap. 15. However, it is desirable here 
to emphasize those features which are particularly important in the testing 
of radio receivers. 

The principal objective of the signal generator is to develop at its out
put terminals an adjustable and accurately known voltage, ranging from 
approximately 1 volt to between 1 and 10 �v. It is important that the sig
nal generator be sufficiently well shielded so that stray voltages introduced 
into the receiver by leakage from the signal generator are small compared 
with the voltage developed at the output terminals of the signal generator. 

In general, it is desirable that the output impedance of the signal gen
erator be low. This is because the impedance must commonly be modi
fied by the addition of " dummy antenna in the output circuit (see Sec. 
9-10), and this is somewhat more easily done if the signal generator has 
a low output impeda.nce . .  

The type of modulation must, of course, be appropria.te to the receiver 
being tested, e.g., amplitude modulation for a conventional broadcast 
receiver, and frequency modulation for the sound section of television 
receivers. The modulation capability of a signal generator for testing 
the picture section of a television receiver depends upon whether the 
measurement requirements are simple or complex. 
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The picture section of television receivers utilizes amplitude modula
tion, and a sine-wave modulated signal at 400 cycles and 30 per cent 
modulation can be used for a sensitivity test. A more realistic signal 
involves a modulation waveform of the type shown in Fig. 9-2, simulating 
a medium-gray uniform field, together with blanking and synchronizing 
pulses. For a complete test of visual fidelity, with sufficient detail and 
accuracy to meet the requirements of a television-receiver manufacturer, 
a signal generator is used which provides an actual picture of the so-called 
resolution chart. This chart consists of a pattern of white, gray, and 
black bars and wedges well dispersed over the pattern 80 that many 
aspects of the receiver performance can be tested, such as resolution, 
range of shade, contrast, etc. Such a pattern generator is costly and 
complex; it is too specialized to be described here. 

9-10. Signal-generator Connections Involving Du=y Antennas and 
Loop Antennas. An important aspect of receiver measurement concerns 

Dummy antenna 
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FIG. 9-12 "Dummy" antenna that has been standardized for broadcast receivers. 

the manner in which the standard signal is introduced into the receiver. 
Two types of receivers need to be considered, those having built-in loop 
antennas, and those having a terminal (or terminals) to which an external 
antenna is connected. 

Receivers Using Externa! Antenna.-Dummy Antennas. In testing a 
receiver intended to be used with an external antenna, the signal generator 
is connected to the receiver through a series impedance or dummy antenna 
88 illustrated in Fig. 9-1. This series impedance is chosen so that when 
supplemented by the internal impedance of the signal generator, the total 
impedance that is connected between the receiver input terminals repre-
sents the impedance of a typical antenna. 

. 

In some cases the dummy antenna has been standardized. Thus the 
standard antenna used in testing amplitude-modulation broadcast receiv
ers in the frequency range 540 to 23,000 kc is shown in Fig. 9-12. The 
impedance characteristic of this antenna is shown in Fig. 9-13. In the 
standard broadcast frequency range 540 to 1600 kc, such an antenna simu
lates a single-wire antenna baving an effective height of 4 m; at very high 
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frequencies it approximates a 400-ohm transmission line,1 The use of a 
dummy antenna in the manner shown in Fig. 9-12 results in an open
circuit voltage at the receiver input 2000 
terminals equal to the signal-gener-
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ator open-circuit voltage! and an 
equivalent source impedance equal 
to the sum of the impedance of the 
dummy antenna plus the internal 
impedance of the signal generator. 
Most signal generators designed 
for testing of broadcast receivers 
have an output impedance of 10 
ohms or less, and thus the over-all 
impedance of the system is essen
tially that of the dummy antenna. 
The dummy antenna ensures that 
the measurements take into ac
count the effectiveness with which 
the receiver would utilize energy 
available from a typical antenna. 

FIG. 9-13. Impedance characteristic of 
the dummy antenna of Fig. 9-12. 

At frequencies higher than the 500- to J600-kc broadcast band, the 
antenna is usually connected to the receiver by means of a transmi��ion 
line. The antenna is then almost always designed so that its impedance 
matches approximately the characteristic impedance of the transmission 
line. As a result, the energy source exciting the receiver then consists 
of a voltage in series with a resistance equal to the characteristic imped
ance (usually resistive) of the transmission line. The antenna-to-receiver 
line is usually standardized for the various classes of service; for instance, 
for television and frequency-modulation broadcast receiver systems, a 
parallel-wire balanced transmission line of 300 ohms characteristic 
impedance is used. In this case the signal generator can be connected to 
the receiver input as shown in Fig. 9-14.2 At stiU higher frequencies it is 
customary to use a coaxial transmission line, typically having a character
istic impedance of 50 ohms resistance. The outer terminal of the coaxial 

1 The design of a dummy antenna simulating a half-wave dipole can be readily car
ried out by the use of curves given by Hans Snlinger, A Dummy Dipole Network, 
Proc. IRE, vol. 32, p. 115, February, 1944. 

S When the signal-generator output is unbalanced as at a, then the system is no 
longer perfectly balanced to ground. However, the impedance of the ground return 
circuit is so high as to introduce negligible error provided the distance involved is not 
such as to give half-wave resonance. For further discussion on the problem of how 
to use a signal generator with unbalanced output to test a receiver with balanced 
input see John A. Rankin, Receiver Input Connections for U-H-F Measurements, 
ReA Rev., vo!. 6, p. 473, April, 1942. 
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liue is grounded, and the resulting signal-generator connections are as 
shown in Fig. 9-15. 

SignaL-generator Arrangements for Receivers with Loop A ntennas. I 
When the receiver has a built-in loop antenna, it is not feasible to connect 

{JstJ-R,! 
ISOIl i6 p- . Lz��n.t:celVer 

--�-51G'nOll .". Dummy Bakmced inpuf 
genellltor antennOl transFormar 

(0) Unoolcanced siqnAI g:enel'"OItor output 

9tRs 
1Es ... 
*E, ... I V  

,.R, 
1JI1..� /So-t 

Dummy 
antenna 

h=-Receiver 

(b) Balanced si9nOll genarator output 

FIG. 9-14. Methods of connecting a signal generator to h receiver in which the input 
is balanced with respect to ground. 

the signal generator directly to the receiver. The loop usually supplies 
the inductance of the tuned circuit of the input stage, and hence call
not be disconnected; nor can it be shunted by the signal generator. 
Instead, the signal generator is inductively coupled to the loop; and the 

.., . -�=l=����� Receiver SIgnal R � 
gen ero.tor s 

L.. -)1--' _ 

Es 'V Dummy -:- L����-' 
antenno 

FIO. 9-15. Signal-generator connections for a. receivi.ng system designed to employ a 
5O-ohm coaxial-line input. 

input to the receiver is expressed in terms of the average strength of the 
induction field at the receiver loop a.ntenna. 

There are two convenient ways of generating an induction field of 
known strength. One of these is to use the signal generator to excite a 
loop, as shown in Fig. 9-16. The signal-generator and receiver loops 

I For further details see IRE Standards on Radio Receivers: •• Methods of Testing 
Amplitude-modulation Broadcast. Receivers," 1948; W. O. Swinyatd, Measurement of 
Loop Antenna Receivers, Proc. IRE. vol. 29, p. 382, July. 1941. 
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should be of about the same size; their separation should be at least twice 
the diameter of either loop, yet small compared with a wavelength. The 
distance to surrounding objects (with the exception of the receiver 
chassis, which is normally left in place) should be several times the separa
tion of the two loops. If the self-resonant frequency of the signal-gell
crator loop is very high compared with the operating frequency, so that 

Signal 
q enerator 

Q-/U.-.:::-':::_ _ _ 

Siqnod qenerOltor 
loop 

Receiver 
with"built·jn 

l- loop O!1')tenna 

FIG. 9-16. Arrangement involving a signal generator and a loop, for generating an 
induction field of known strength. 

capacitive currents are negligible, then the field strcngth produced by the 
signal-generator loop is 

E = 47.15Nd'I 
D' (9-2) 

where E = equivalent electric field strength, yolts per ID at center of 
receiver loop 

N - number of tUrns in signal-generator loop 
d - diameter of signal-generator loop, m 
I - CUlT�nt in signal-generator loop, amp 

D = distance from center of signal-generator loop to periphery of 
receiver loop. 

The current I corresponding to large values of field strength can be 
measured directly by means of a thermocouple. This gives a relation 
between I and the voltage setting of the signal generator which can then 
be used to obtain I when the value is too small to measure directly. 
Alternatively, one can measure or calculate the inductance .(or reactance) 
of the signal-generator loop, and then obtain the loop current I as the 
signal-generator voltage divided by the loop reactance. Still another 
possibility of determining I that finds extensive practical use is illus
trated in Fig. 9-17a. Here a low-impedance loop is connected to the 
signal genera�or through a relatively high series resistance RI, as for 
example 400 ohms. To a fair approximation the loop current I is then 
the signal-generator voltage divided by R, + R.; still higher accuracy can 
be obtained by calculating the inductance of the loop and allowing for 
it in computing lO_ The loop in Fig. 9-17a can be connected to the 

*' By properly selecting the dimensions of the loop and the series resi8tance in such 
an arrangement, it i8 posaihle to achieve a simple relationship between volts per meter 
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signal generator through a coaxial line as shown in Fig. 9-17b. Here 
resistance Ro is so chosen that Ro and R in parallel equal the characteristic 
impedance of the line. Under these conditions the current I in the loop 
can be calculated by assuming that the voltage developed by the standard 

-= 
Sfetndard signal � } generafor. 

[ . �  R,  - � 
Es 0'

Rs I 1 Low .impedtt"t4 
loop 

(al Low-impeacmce loop fed throutjh � series resisn,.nce 

Slijnal 
gen�r()flor 

c5h/e/ded 
loop 

(b. Low-impedance shielded loop fed from Q COGl.xiClI 
line Md series resistance 

R,  
'21'3W 

(c) Equivalent circuit of {bJ,ossuming 
Rs:SO and thcd loop jmped�nce is small 

FIG. 9-17. Arrangements commonly employed for utilizing a signal generator to pro� 
duce a known current in a loop; in these arrangements, the loop inductance is small, 
and the resistance RI is considerably larger than the loop reactance. 

signal generator across a load impedance equal to the characteristic 
impedance of the line is applied to the loop in series with the resistance 
RI, as shown in Fig. 9-17c, where RI equals R plus the resistance formed 
by Ro in parallel with tbe characteristic impedance of the line. 

at some convenient test distance (as 24 in.), and the open-circuit voltage developed by 
the signal generator. For details see IRE Standards on Radio Receivcrs, " Mcthod.Cl" 
of Testing Amplitude-modulation Broadcast Receivers," 1948, p. 20. 
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An alternative arrangement for generating a standard field, that is 
particularly appropriate where the measurement is to be made in a 
shielded room, is illustrated in Fig. 9-18. Hero a wire traverses the 
shielded room near the ceiling, midway between the two walls, as shown, 
and acts as the inner conductor of a coaxial transmission line. The outer 
conductor of this line consists of the walls, floor, and ceiling of the shielded 
room. The signal generator is connected in series with one end of the 
transmission line as indicated, and the opposite end is terminated in the 

r"s7iq-n-.:-, -, Insu/tJf/or _ _  Ce///ng __ -.!."!!:!./afo,. 
geMerodor r. de 

I I I I 
I I I I I L_ 

I n1r.e 
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I I Receiver 

� Grm/1oop f hL[lT 
Cenf<r-i 

R. 

line ' I ! Shri:��'d I 
..J!.E!'c.+ _ _

_ _ _  ...I 
FIG. 9-18. Method of generating an induction field of known strength in a shielded 
room. 

characteristic impedance of the line. The terminating impedance can be 
computed, l  or alternatively it can be adjusted by standing-wave observa
tions. The signal generator can conveniently be located outside the 
shielded room, thus minimizing the difficulties from leakage fields that 
tend to be troublesome when testing loop-antenna receivers. 

The average field strength at the center of a square loop antenna 
situated directly below the wire as shown in Fig. 9-18, is given approxi
mately by the following relations (where the wire is relatively close to the 
ceiling) : 

69E. 
E - ....,-,;:'-'-;-'n-c h(R. + Ro) 

I (d + h)(2d, + d - h)(2d, - d + h)(2d, + 2d, - d - h) (9-4) oglO (d h)(2d, + d + h)(2d, d h)(2d, + 2d, d + h) 

The formula is 

Characteristic impedance _ 138 loglO 4d� a 
where dl1 is the distance to ·the ceilingl and a is the diameter of the wire. 

(9-3) 
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where E is the average field strength around the loop perimeter in volts per 
meter, and the remaining notation is as shown in Fig. 9-18, with distances 
being expressed in meters, The receiver loop 'should be placed midway 
between the sides of the room, In this way the discontinuities introduced 
by the two ends of the line because the line is not infinite in extent, ,,�ll 
exactly cancel out, 
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FIG. 9-19. Methods of simultaneously applying outputs from two signal generators to 
:l radio receiver utilizing an externnl antenna. 

Two-generator Tests. In some tests made on receivers it is necessary to 
connect two signal generators to the receiver input to represent, respec
tively, the desired signa.l and an interfering signal. This must be done so 
that the equivalent circuit a8 viewed from the receiver tenninals consists 
of signal-generator voltages that act in series with each other, and are in 
series with an equivalent output impedance corresponding to the stand
ard dummy antenna. 

There are three principal ways of accomplishing this result. These 
are illustrated in Fig. 9-19 for the case of a receiver using an external 
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antenna, and one example is shown in Fig. 9-20 for a loop-antenna situa
tion. At a and b in Fig. 9-19 the t,�o signal generators are in parallel, so 
each can have one terminal grounded. However, to the receiver input 
terminals, the system behaves as shown by the equivalent circuit, in 
which the effective impedance seen by the receiver input terminals is half 
the impedance of the individual dummy antenna, l and the equivalent sig
nal-generator voltages that are effectively in series with this impedance are 
one-half of the voltages actually developed by the individual signal gener
ators on open circuit. The arrangement of Fig. 9-19c has the advantage 

� S1� , 

SO-ohm cables 

E" E 50 = z SO-+Rs 
'V,)--'VWv---' J90Jl 

(b)  Equivalent circuit, (xs5uming loop 
lal Ac.tLJal circuit imped(mce is smc:rlf 

FIG. 9-20. Method of simultaneously applying the output of two signal generators to 
a low-impedance loop for producing an induction field of known strength for testing 
receivers with built-in loop antennas. 

that the normal standard dummy antenna can be used, but care must be 
taken to ensure that the stray capacitance Cl between the chassis of signal 
generator No. 1 and ground represents a very high reactance compared 
with the output impedance R. of generator No. 2 at the frequency of 
operation. If this condition is not met, the equivalent open-circuit volt
age of generator No. 2 will be in error by the amount of the voltage
divider action of the internal impedance of No. 2 and the capacitance Cl. 
The transformer connection of Fig. 9-19d is useful when the frequency 
range involved is sufficiently limited so that it can be handled by a single 
transformeri otherwise the arrangement becomes cumbersome. 

The two-generator connection for testing of loop receivers shown in 
Fig. 9-20 is the analogue of Fig. 9-19a as applied to the single-loop circuit 
of Fig. 9-17b. 

1 Each circuit element in the individual dummy antenna must therefore have twice 
the impedance of the corresponding circuit element in the standard dummy antenna 
desired in the equivalent circuit. 
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9-11. Noise in Receivers. The output of a sensitive radio receiver 
always contains a certain amount of noise. Some of this noise may be 
randomly varying electromagnetic waves, or If static 11 received by the 
antenna. The remaining noise arises in the tubes and circuits of the 
receiver;1 it can be evaluated either in terms of the receiver noise figure, 01' 
the equivalent noise side-band input (ENS!) . 

Receiver Noise Figure. The noise figure of a receiver indicates the close
ness with which the noise actually present approaches the noise that 
would be present in an ideal system of the same equivalent bandwidth. 
The noise figure of a receiver is the noise figure of the tuned amplifier 
system of the receiver, since noise produced by the second detector and 
the audio system will be negligible in comparison with the amplified noise 
originating in the tuned system. This means that the entire discussion of 
noise in amplifiers given in Secs. 8-12 to 8-15 applies without change when 
considering noise in receivers.2 The fact that the converter of a receiver 
shifts the frequency of the noise does not change the situation in any 
significant manner; it merely causes the output noise band to lie in a dif
ferent place in the frequency spectrum from the input noise. The same 
concepts of equivalent bandwidth, output noise power, noise figure, etc., 
still apply. 

The procedure for measuring the noise figure of a receiver is similar 
to that outlined in Sec. 8-14 in connection with amplifiers; either the 
noise-generator or the single-frequency signal-generator method may be 
used. The source impedance that should be associated with the receiver 
input terminals is supplied by a dummy antenna. The noise output of the 
receiver is measured at the final stage of intermediate-frequency amplifica
tion either by entering this stage in the manner illustrated in Fig. 8-41, or 
alternatively by connecting a square-law vacuum-tube voltmeter across 

1 An extensive discussion of the sources of noise that exist within a. radio receiver is 
given by E. W. Herold, An Analysis of the Signal-to-noise Ratio of Ultra-high-fre
quency Receivers, ReA Rev., vol. 6, p. 302, January. 1942. 

I The only exception is when the receiver has no image rejection. In this case the 
noise figure of the receiver is 3 db worse than it would be for a receiver with complete 
image rejection, but otherwise the same. Thc reason is that without image rejection 
the noise power in the image band appears in the receiver output along with the noise 
power in the signal band, thereby doubling the output noise over the value for image 
suppression. The single-frequency signal-generator method of measuring noise figure 
will give the correct value irrespective of the degree of inlage suppression, or lack 
thereof. In contrast, the noise figure obtained by use of the noise-generator 
method is the value that would apply if the image suppression were complete, and 
this result is still obtained even if there is no image suppression. The rea.son is that 
unlike the single-frequency signal generator, the noise signal generator delivers power 
to the receiver at the image frequency as well as at the signal frequency. Thus if no 
image suppression is present, the true noise fipure is 3 db worse than the experimental value 
obtained by the use of a noise signal generator. 
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the final tuned circuit to indicate the relative noise power at this point.' 
The automatic volume control must be disconnected from the second 
detector and held at a fixed potential corresponding to the conditions for 
which the noise figure is desired; thus to obtain the noise figure under con
ditions of maximum sensitivity, the A VC bus would be returned to a 
potential that is only slightly negative. 

In practice, the value of the noise figure possessed by a receiver is 
ordinarily determined by the noise generated in the input circuits and the 
first tube of the receiver, because this noise is amplified more than is the 
noise contributed by subsequent circuits and tubes. Only in cases where 
the first tube introduces very little amplification will the second tube and 
its input circuit have significant effect on the noise figure. 

The receiver noise figure is of considerable practical importance in the 
case of receivers operating at frequencies of the order of 30 Mc and higher. 
At lower frequencies, the practical factor that determines the weakest 
signal that can be received is ordinarily static noise rather than receiver 
noise. In contrast, in microwave receivers, and to a lesser extent in the 
ultra-high-frequency band, the weakest signal that is usable is determined 
in practice by receiver noise, and any improvement in the noise figure of 
the receiver will give a corresponding improvement in useful sensitivity. 

Receiver Noisiness-Equivalent Noise Side-band Input (ENS!). The 
noise figure represents the merit of the actual receiver as compared with 
an ideal receiving system having the minimum possible noise. However, 
it does not give the signal-to-noise ratio of the receiver output after 
detection and audio (or video) amplification. This information is 
obtained from a test that determines the equivalent noise side-band input, 
often referred to by the letters ENS!. 

The ENS! test is made by first applying to the receiver an unmodulated 
carrier obtained from a signal generator, and observing the noise output 
p .. that is present in the audio (or video) system, using a square-law 
indicating device, preferably a thermocouple instrument. Modulation at 
400 cycles is then applied to the carrier, and the degree of modulation m 
increased until the 400-cycle output of the receiver has a value P, that 
approximates the noise power P .. previously observed.2 The equivalent 

I When t.he noise figure is determined wit.h the aid of a standard noise generator, 
satisfactory results can be obtained by using the second detector of the receiver as 8. 
vacuum-t.ube voltmeter for observing the relative out.put noise power. This is per
missible beeause alt.hough such a detector is a peak device, it will still give a fairly 
depcndnble comparison of the relative mo.gnitudes of noiae power. However, thc 
second detector should never be used for this purpose when the noise figure is deter
mined by t.he single-frequency signal-generator method, as then' large a.nd uncertain 
errors will almost certainly be presen t.. 

2 Instead of measuring the 400-cyclc out.put. directly, one can use a square-law 
device to observe P. + P .. , ar.d then obtain P. by subtracting p .. from P. + P ... 
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noise side-band input voltage E. is then given by the relation 

E. = mE, ��: (9-5) 

where E, is the amplitude of the carrier wave supplied by the signal gen
erator and m is the degree of modulation of this wave. In making this 
measurement, it is necessary that the unmodulated carrier amplitude E. 
be at least three and preferably ten times the equivalent noise side-band 
input voltage as given by Eq. (9-5). When this is the case, the ENS! 
value obtained is determined only by the product mE" and is relatively 
independent of the actual carrier voltage E., or the percentage modulation 
m used in the test.'  However, the value of ENS! that is observed may 
depend upon the voltage of the A VC bus, which should accordingly be dis
connected from the second detector, and held at a fixed negative value 
appropriate for the occasion. 

The Bignal-t�noise voltage ratio at the receiver output can be expressed 
in terms of Enl according to the relation 

u"oEo Signal-to-noi�e voltage ratio = 

E. 
(9-6) 

Here Eo and mo are the carrier amplitude and degree of modulation, 
respectively, of the signal supplied to the receiver input for which the 
signal-to-noise ratio is desired. 

1 In making the ENS! test, care must be ta.ken to ensure that power-frequency 
(hum) components present are eliminated from the output by use of a suitable high
pass filter. 



CHAPTER 10 

ANTENNAS 

10-1. Antenna Measurements. General Considerations, l Measure
ments are made on antennas for the purpose of obtaining design data, and 
in order to determine the performance of completed antenna systems. 
The principal types of measurements made for these purposes are (1) the 
determination of the impedance of the antenna, (2) the field pattern of 
the antenna, and (3) the power gain of the antenna. In some cases it is 
also helpful to investigate the current distribution on the radiating ele
ments of the antenna. With microwave antennas used to illuminate 
reflectors and lenses, the contours of constant phase of the radiated field ill 
the vicinity of an antenna are also important. 

The detailed procedures used in measuring the characteristics of an 
antenna are determined very greatly by the frequency involved. Thus, 
at microwave frequencies the loss resistance associated with the antenna is 
commonly so small as to be negligible compared with the radiation resist
ance, the field pattern is commonly highly directional, the anterUla js 
physically small, ground effects are often quite negligible, etc. In con
trast, at lower radio frequencies the loss resistance of the antenna is often 
comparable with or even larger than the radiation resistance, the field 
pattern is only slightly to moderately directional, the antennas are gen
erally physically large and fixed in position, and the ground is usually an 
essential part of the radiating system. 

Reciprocal Relations between Transmitting and Receiving Properties oJ 
Antennas. The properties of an antenna when used to abstract energy 
from a passing radio wave are closely related to the corresponding proper
ties of the same antenna when acting as a radiator. For example, when a 
receiving antenna is subjected to the action of a plane radio wave it 
abstract. energy from this wave and will deliver power to a load imped
ance. In so far as the load impedance is concerned, such a receiving 
antenna acts as an equivalent generator having an internal voltage E 

1 Much useful information relating to antenna mea.sun-ments, with particular refce. 
ence to microwa.ve antennae, is to be found in "Microwave Antenna Theory a.nd 
Design" (Vol. 12, Radiation Laboratory Series), Chaps. 15, 16, McGraw-HiIl Book 
Company, Inc., New York, 1949; "Technique of Microwave Measurements" (Vol. 11, 
Radiation Laboratory Series), Chap. 15, McGraw-Hill Book Company, Inc., New 
York, 1947. 

411 
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determined by the characteristics of the antenna and the strength of the 
radio wave, and possessing an internal impedance Za) as illustrated in 
Fig. IO-lb. This equivalent impedance of the receiving antenna is 
exactly the same impedance that the antenna presents when acting as a 
transmitting antenna excited from the same terminals aa, as in Fig. IO-Ie. 
Similarly, the field pattern that an antenna possesses when radiating 
energy corresponds exactly to the pattern giving the relative sensitivity of 
the antenna to similarly polarized plane radio waves arriving from differ
ent d.irections. 

These reciprocal relations between the transmitting and receiving 
properties of antennas are extremely usefuL They make it possible to 
deduce the characteristics of an antenna from either receiving or transmit
ting tests, whichever are most convenient. 

{olAciuol Qntenna 

Equ/i-olenf 
/nduced ..... "V 
vO!ltJge 

• 

Load I impedance 
(�uiver 

Zl input) 

(b) Equivalent circuit for receiving 

, 
Z } Equivalent T circuifof 

tnmsmlfkr '"" 
• 

(c) Equivalent circuit for 
transmitting 

FIG. 10-1. The equivalent; circuit. of an antenna when transmitting and when receiving. 

The reciprocal relations between the transmitting and receiving prop
erties of an antenna are incorporated in several theorems, the most 
important of which was first formulated by Rayleigh, and extended to 
include radio communication by John R. Carson. 1  It is to the effect that 
if an electromotive force E inserted in antenna 1 causes a current I to flow 
at a certain point in a second antenna 2, then the voltage E applied at this 
point in the second antenna will produce the same current I (both in magni
tude and phase) at the point in antenna 1 where the voltage E was originally 
applied. The Rayleigh-Carson theorem fails to be true only when the 
radio wave is appreciably affected by an ionized medium in the presence of 
a magnetic field, and so holds for all conditions except short-wave trans
mission over long distance. 

10-2. Antenna Impedance. One of the most important properties of 
an antenna is the impedance that it offers to an applied voltage. The 
resistance component of this impedance is equal to the sum of the radia
tion resistance and the loss resistance. In many cases the loss resistance 
is negligible, as for example in practically all microwave antenna systems, 

1 John R. Carson, Reciprocal Theorems in Radio Communication, PrQc. IRE, 
vel. 17, p. 952, June, 1929. 
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in short-wave directional arrays, broadcast-tower antennas, etc. Under 
these conditions the resistance component of the antenna impedance can 
tc considered as being the radiation resistance, and the power that is 
dissipated in this resistance by a current in the antenna is the radiated 
power. The reactive component of the antenna impedance indicates the 
nature of the resonance existing in the antenna; thus if the reactive com
ponent is zero the antenna is in resonance, while inductive and capacitive 
reactive components indicate that the frequency is on one or the other 
side of resonance. 

A knowledge of the resistive and reactive components of the impedance 
of an antenna provides the data required to design a network to match the 
antenna impedance to a generator. For example, if an antenna with an 
impedance Ra + jXa is to be matched to a coaxial cable having a char
acteristic impedance Ro, then the matching network must transform the 
impedance Ro + jXa to a value Ro. The variation of the resistive and 
reactive components of the antenna impedance with frequency defines the 
problem involved in matching the antenna impedance to a generator over 
a band of frequencies. When such data are available over a frequency 
range, it then becomes possible to determine by calculation the frequency 
range over which a given compensating and impedance-matching system 
will match the antenna impedance to the generator to any desired degree 
of tolerance. 

The impedance of an antenna system is determined in the same way as 
is any other impedance. At ultra-high frequencies and with microwaves, 
standing-wave arrangements (see Sec. 4-7) are normally used. At lower 
frequencies one can employ a radio-frequency bridge, a Q meter, or the 
substitution method (see Chap. 3) . '  No special precautions need be 
taken because the impedance being determined is an antenna, other than 
the fact that since the antenna radiates power, it is often necessary to take 
somewhat more than average care in shielding the measuring equipment. 

The impedance of an antenna will depend upon the point in the antenna 
system at which the impedance is measured. The impedance will also be 
affected by the presence of neigh boring objects, such as other antennas, 
guy wires, buildings, obstacles, etc. The effect of such objects is par
ticularly important in the case of directional antennas which are rotated, 
since they can cause the impedance to depend upon the orientation. 

Impedance is always measured in practice by exciting the antenna, i.e., 
by using it as a transmitting device. While it would be possible to meas
ure impedance with the antenna operating as a receiving antenna, this is 

1 Impedance measurements of broadcast antennas are discussed by W. A. Fiteh 
and W. S. Duttera, Measurement of Broad�ast Coverage and Antenna Performance, 
ReA Rev., vot. 3, p. 340, January, 1939; D. B. Sinc1air, Impedance of Broadcast 
Antennas, Communications (N.Y.), voL 19, p. 5, June-July, 1 939. 
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experimentally much more difficult, and by the reciprocity theorem gives 
the same results as for the transmitting case. 

Mutual Impedance between Antennas. Two antennas placed close to 
each other act as coupled circuits. Thus if only one of the antennas is 
excited, a current is induced in the second antenna. Also, the induced 
current in this second antenna induces a back voltage in the first antenna, 
thus modifying the equivalent impedance of the first antenna. The quan
titative relation that exists under these circumstances can be represented 
by the simultaneous equations 

E l  = I1Zll + lZZ12 
0 =  11Z12 + lzZ22 

where El = voltage applied to antenna 1 
J 1 = current flowing in antenna 1 
12 = current flowing in antenna 2 

(IO-Ia) 
(10-1 b) 

Zu = self-impedance of antenna 1 (i.e., impedance with antenna 2 
removed) 

Z22 = self-impedance of antenna 2 
Z12 = mutual impedance between antennas 1 and 2 

The actual impedance Z of antenna 1 in the presence of antenna 2 is 
Z � E,fI" and by simultaneous solution of Eqs. (10-1) i. 

(10-2) 

The mutual impedance Z12 can be determined experimentally by the fol
lowing procedure : First the impedance of antenna 1 is measured with 
antenna 2 present under the conditions for which the mutual impedance is 
desired; this i. the impedance Z represented by Eq. (10-2). Next the 
self-impedance Zn of antenna 1 is measured by open-circuiting antenna 2 
or otherwise arranging matters so that antenna 2 carries negligible current. 
Finally, the self-impedance Z22 of antenna 2 is measured in like manner by 
open-circuiting or otherwise rlisabling antenna 1. Substituting these 
values of Z, Zl1, and Z" in Eq. (10-2) makes it possible to calculate the 
mutual impedance Z 12. 

Equation (10-2) i. completely analogous to the corresponding equation 
for an ordinary inductively coupled circuit. Such an arrangement, with 
primary and secondary circuit impedances Z" and Z., respectively, and 
mutual inductance M offers an impedance at the primary terminals that is 

(
. 

M)' Input imped .. nce � Zp - J"'
Z. 

(10-3) 

Thus the antenna mutual impedance Z12 corresponds to jwM, while the 
1/ coupled impedance " in the antenna case is - Z122/Z22. Jt is to be note<i, 
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however, that in the case of coupled antennas, the mutual impedance Z12 
will commonly have both resistive and reactive components. 

10-3. Field Pattern of Antennas. The field pattern of an antenna, 
also often referred to as the directional characteristic, can be defined for a. 
transmitting antenna as the relative radiation that the antenna produces 
in different directions. In the case of a receiving antenna, the field 
pattern· represents the relative response of the antenna to radio waves 
arriving from different directions. In accordance with the reciprocity 
theorem, the field pattern of a given antenna is the same when receiving 
as when transmitting, provided the waves transmitted and received have 
the same polarization. 

The field pattern may be expressed in terms of relative voltage, relative 
power, or decibels referred to some convenient reference level. When it is 

Rela� firld slrcnqfh 
IQ' 

FIG. 10-2. 

1.0 
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DifTerent methods or representing the same directional pattern. 

desired to portray the details of the pattern in directions where the radia
tion is low, decibels are advantageous. In contrast, plotting the pattern 
in terms of relative power suppresses the details of side lobes. The com
mon method of using relative field strength (voltage) is intermediate 
between these extremes. Directional patterns are most frequently 
plotted on polar paper; however, rectangular coordinates are preferable 
when it is desired to show the details of the minor lobes. Examples of a 
directional pattern represented in various ways are shown in Fig. 10-2. 

A typical procedure for obtaining the field pattern is to radiate power 
from the antenna under test, and then to observe the relative strength 
of the field (or power) produced in different directions, using simple 
field-strength measuring equipment (see Sec. 1 1-6) that can be moved 
about relative to the transmitting antenna under teat. A variation some
times possible consists in mounting the field-strength measuring equip
ment at a fixed location, and rotating the transmitting antenna under test 
to change its relative orientation. An alternative procedure is to employ 
the antenna under test as a receiving antenna, which is then excited by 
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waves generated by a small transmitting system. Relative direction may 
be changed either by moving the transmitting system about the receiving 
antenna, or by rotating the receiving antenna. According to the reci
procity theorem, it makes no difference whether the antenna under test 
acts as a receiving or radiating device i the field patterns obtained from the 
two methods will be identical provided onc is concerned with waves 
having the same polarization in both cases. 

The experimental determination of a complete pattern giving the rela
tive radiation for all directions in space, requir�s the recording of an 
enormous number of experimental points. There is, moreover, no really 
satisfactory graphical method of presenting a complete directional pattern 
except by the use of three-dimensional solid figures.' The usual procedure 
consists in showing the radiation as a function of azimuth angle cl> for dif
ferent values of the vertical angle 8, or conversely showing the radiation 
in a vertical plane for a succession of azimuth angles. 

In the case of highly directional antenna systems, it is sufficient for 
most practical purposes to obtain directional patterns only (1) for a 
plane containing the axis of the main lobe and also parallel to the plane 
of polarization of the electric field, and (2) for the plane containing the 
axis of the main lobe but at right angles to the electric field. From these 
patterns, termed the E and H patterns, respectively, one ohtains directly 
the information that is ordinarily of most practical importance. In some 
cases, it may be desirable in addition �o obtain the corresponding pattcrn 
for the two mutually perpendicular planes oriented 45° with respect to the 
E and H planes, and intersecting at thc axis of the main lobe. ]n the case 
of highly directional beams, the most important characteristics are the 
shape and width of the main lobe, and the magnitude and direction of the 
principal side lobes. 

In dealing with field patterns it is necessary to take into account the 
polarization of the radiation from the antenna. Ordinarily there is a 
well-defined plane of polarization, and unless otherwise stated it is implied 
that the pattern is for components polarized in this way. However, in 
some cases the plane of polarization of the radiated field varies signifi
cantly with direction. An example is provided by a rhombic antenna 
having its plane parallel to the ground. Here the dominant radiation is 
horizontally polarized; however, in certain directions there is also an 
appreciable component that is vertically polarized, and the field pattern of 
this vertically polarized component differs appreciably from the pattern 
for the horizontally polarized component of radiation. Again, in the case 
of a parabola, the radiation commonly contains a component polarized 

l The only exception to this is where circular symmetry exists, as for example in the 
case of a single vertical radiator. It can then be assumed that the radiation at any 
particular vertical angle is the same in all azimuth direction�. 
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I ·  at right angles to the polarization of the principal component of radiation. 
This 1 1  cross-polarized " component is particularly prominent in side lobes 
located in planes differing by ±45° from the principal plane of polariza
tion. A complete directional pattern accordingly should indicate not 
only the magnitude of the fields radiated in all directions in space, but 
also the polarization of these fields. 

When an antenna is used for reception, the relationship between the 
polarization of the wave being received, and the polarization of the wave 
which the antenna wOl}-ld radiate in the particular direction, is especially 
important. This is because the antenna responds only to that component 
of the radio wave that is polarized in the direction of the antenna polariza
tion defined on the basis of the transmitted wave. Thus if the wave 
being received is vertically polarized, the field pattern that is effective in 
the reception of this wave is the pattern of the transmitting antenna. for 
the vertically polarized component of the radiation. However, if at the 
same time this antenna is subjected to another wave that is horizontally 
polarized, its directional pattern for this second wave will be the field 
pattern for the horizontally polarized component of the radiation. 

10-4. Spacing Required When Making Measurements of Antenna 
Field Patterns.l When making measurements of field patterns of an 
antenna, the spacing bet\veen the transmitting and receiving antennas 
involved must not be too smalL Otherwise effects are introduced that 
prevent the experimental results from being representative of the actual 
performance of the antenna system at large distances. 

The minimum permissible spacing between the two antennas involved 
in a measurement must be such that the induction field at the separation 
distance is negligible as compared with the radiation field. Separations 
of two to three wavelengths are adequate to achieve this result when the 
antennas are small, and this is the minimum separation that is permissible 
under any conditions. At the lower radio frequencies, this represents a 
considerable distance. Thus measurements of the field radiated by a 
broadcast antenna operating at a wavelength of 500 m should be made 
not much closer than 1 mile to the transmitting antenna. Correspond
ingly, at a wavelength of 5000 m the minimum distance for making field
pattern measurements approaches 10 miles. 

When at least one of the antennas involved in the measurement is not 
physically small compared with a wavelength then additional effects are 
present that require even greater spacing. Under these conditions 

1 For further information, and in particular for supporting theoretical analyses, see 
"Technique of Microwave Measurements," op. cit., pp. 000-005; " Microwave Antenna 
Theory and Design," op. cit., pp. 574-576, 587-592i C. C. Cutler, A. P. King, and W. 
E. Kock, Microwave Antenna Measurements, Proc. IRE, voL 35, p.  1462, Decemher. 
1947. 
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the principal errors that result from inadequate spacing are (1) phase 
errors, (2) amplitude errors, and (3) errors from interaction. 

The phase error that results when one of the antennas is physically 
large and the spacing is too small, can he understood with the aid of 
Fig. 10-3. In this illustration one of the antennas involved, normally 
the one being tested, has an aperture1 D that is relatively large, whereas 
the other antenna is considered as being physically small. If the distance 
between the two antennas is very great, waves originating from the small 
antenna will have a plane wavefront by the time they reach the large 
antenna, .and the phase of the radiation will be everywhere the same 

't""'"" over the aperture D. However, if ��:- 1 '1 the dista.nce between the two an-
__ tennas is made small, as in Fig. 10-3, 

_ _ _ 'fI.,L- \ 
_ _ - then there is an appreciable differ-

",-- . ence in the distance R from the smalI s,e-":' ......... ......... - - - R ---
J
O antenna to the center of the large 

rdd;�/inq - ....... ......... I antenna, and the distance R' to the 
(Jm/enna ......... ......... I edge of this antenna. As a result, 

�.;.. the phase of the radiation is not uni-large 
anknna form over the surface of the large 

FIG. 10-3. Geomet.ry involved in a. sys- antenna, being increasingly lagging 
tem consisting of 8. small radiat.ing as one moves from the center to the 
antenna and a receiving antenna with edge of aperture DJ in proportion to 
large aperture. h '  d t . e increasmg istance from the 
smsH radiator as one approaches the edge. The reSUlting error in 
received power arising from inadequate range will be negligible for the 
case of one small antenna, only if the distance R satisfies the relation 

R > 2D' 
- A (10-4) 

where ).. is the wavelength, and D is the maximum aperture dimension of 
the large antenna. All lengths must be expressed in the same units. If 
the spacing is less than called for by Eq. (10-4), the relative field strength 
observed in different directions will in general differ from the field pattern 
observed at greater distances. 

An indication of the significance of the criterion represented by Eq. 
(10-4) is given by the fact that the power received by an antenna with a 
circular aperture of diameter D will be 5 per cent (0.21 db) in error when 
the distance is half that given by Eq. (10-4). The condition repre-

1 The term Uapcrturc " is commonly used in connection with directional antennas, 
such M horns, parabolas, ma.ttresses, etc., to denote an over-a.ll dimension. Thus an 
aperture of 5 wavelengths denotes an antenna thA.t is 5 wavelengths across. 
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sented by Eq. (10-4) corresponds to a maximum permissible difference 
!!.R � R' - R in distance of A/l6 (see Fig. 10-3). 

Amplitude error can occur when both of the antennas involved in the 
test setup have directional characteristics. Thus consider the case illus
trated in Fig. 10-4, where the transmitting antenna has a directional 
pattern as shown. The intensity of radiation from the transmitting 
antenna is seen to be appreciably less toward the edge of the large receiv
ing antenna than it is toward the center of this antenna. The result is 
that the received power is less than if the field intensity did not drop off at 
the edges of the receiving antenna. The smaller the spacing between the 
an

,
tennas, the greater will be this effect, as a smaller spacing causes a 

r - - - -- 1 ,... / - \ d ��----« ---4I---- R ------� D l " " ' -�- - ;' 

J 
7ransmilfinq Rece/vinq 
anfenna antenna 

FIG. 10-4. Closely spaced transmitting and receiving antennas having large apertures, 
showing how with inadequate spacing the directivity of the transmitting antenna can 
be sufficiently great to cause the amplitude of power radiated toward the receiving 
antenna. to vary from the center to the edge of the receiving antenna. 

given receiving antenna to subtend a larger angle Q, 'and the variation in 
field intensity over the aperture becomes greater. On the basis of 
reasonable but rather rough assumptions, it can be demonstrated that if 
the error in received power is to be not greater than 0.25 db (6 per cent), 
then the spacing R between antennas must satisfy the relation 

R > (D + d)' 
- A 

(10-5) 

where D and d are the apertures of the two antennas involved in the 
measurement (see Fig. 10-4). When the smaller aperture d is larger than 
0.414D, then the minimum spacing called for by Eq. (10-5) is greater than 
specified by Eq. (10-4) ; under these conditions the minimum permissible 
spacing is determined by amplitude rather than phase variation over the 
aperture, and Eq. (10-5) must be used. With values of d smaller than 
0.414D, the phase variation determines the minimum spacing, and Eq. 
(10-4) applies. 



420 E L E C T R O N I C  M EA S U R E M E N T S  [CHAr. 10 

Interaction occurs between transmitting and receiving antennas when 
both have large apertures and the spacing between them is small. Thus 
in Fig. 10-4 an appreciable amount of the power radiated from the trans� 
mitting antenna is intercepted by the aperture of the receiving antenna. 
A portion of this received power is scattered (i.e., reradiated) by the 
receiving antenna. Some of the scattered power is intercepted by the 
transmitting antenna, and a portion of this is in turn reradiated toward 
the receiving system, and so on. Since this interaction is not present 
when the spacing is large, it introduces an erroneous element in the per
formance wh'en the spacing is inadequate. A rough analysis shows that 
if the minimum spacing satisfies Eq. (10-5) the interaction effect is 
negligible and that it will ordinarily be small even when the less severe 
requirement represented by Eq. (10-4) is met.l 

From . . Antenna oset/lalor ._.1. J�ul 
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FIG. 10-5. Experimental arrangement for measuring the field pattcrn of a microwave 
antenna of low directivity. 

10-6. Field-pattern Measurement at Microwave Frequencies.2 In 
measuring the field pattern of microwave antennas a distinction must be 
made between large antennas that are highly directional, and antennas 
that possess only a nominal amount of directivity. Examples of the lat
ter are a dipole with small reflector, a short horn having an aperture of one 
wavelength or less, etc. Such antennas are used to illuminate parabolic 
reflectors and lenses, and are therefore of very considerable importance. 
The most important feature of the directional pattern of antennas of this 
class is the character of the main lobe; the finer details of the side-lobe 
structure are usually of relatively little practical importance. 

Antennas with Moderate Directivity. A typical experimental setup for 
measuring the field pattern of a microwave antenna of nominal directivity 
is illustrated in Fig. 10-5. Here the antenna under test, shown as a 

t See "Technique of Microwave Measuremcnts," op. cil., p. 909; or " Microwave 
Antenna Theory and Design," op. cil., pp. 587-592. 

t For further general discussion of this subject see "Very High Frcqucncy 
Techniqucs," Vol. 1, pp. 46-52, McGraw-Hill Book Company, Inc., New York, 1947; 
"Microwave Antenna Theory a.nd Design," op. cit., pp. 557-580, 593-613. 
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small horn, serves as a transmitting antenna excited from a reflex klystron 
that is square-wave-modulated in order to provide amplitude modulation 
without frequency modulation. Radiation from this transmitting 
antenna is picked up by a small receiving antenna, shown in Fig. 10-5 as 
a. horn, which can be rotated about the transmitting antenna at a fixed 
distance of 10 or more wavelengths by means of a radius arID centered at 
the position of the transmitting antenna, as illustrated. The energy 
absorbed by the receiving antenna is delivered to a detector consisting of a 
current-biased bolometer of the type discussed in connection with Fig. 
2-8. The modulation-frequency output of the bolometer is amplified, 
and then measured by a vacuum-tube voltmeter. A bolometer operated 
in this way acts as a square-Jaw device, giving an output voltage that is 
proportional to the power dissipated in the bolometer element.1 

The polarization of the radiated field can be determined in Fig. 10-5, 
by arranging so that the pickup horn can be rotated about its axis. The 
adjustment corresponding to maximum response of the bolometer then 
corresponds to the angle of polarization. While the apparatus shown in 
Fig. 10-5 measures the pattern only in a single plane, which with the 
transmitting-horn orientation shown in Fig. 10-5 is the Il, or magnetic, 
plane, the field pattern in other planes can be obtained merely by rotating 
the two horn antennas appropriately about their axes. Thus the pattern 
in the electric plane would be obtained by rotating both transmitting 
and receiving antennas through 900 from their orientation shown in 
Fig. 10-5 before carrying out the measurement. 

In setting up the apparatus of Fig. 10-5 care must be taken to prevent 
reflected waves of appreciable amplitude from reaching the receiving horn. 
Thus the measurements should be made in an open space, free of walls or 
neigh boring objects that might reflect appreciable amounts of energy. 
In addition, it is also often desirable to cover the supporting structure 
of the receiving antenna with material that absorbs rather than reflects 
radio waves. It is also helpful if the receiving antenna has a moderate 
amount of directivity, such as possessed by the small horn in Fig. 
10-5, since this helps discriminate against reflections coming from side 
directions. , 

Highly Directional Systems. Consider next the case of a microwave 
antenna having a large aperture and resulting high directivity, such as a 
parabolic reflector or a lens-antenna arrangement. The large aperture in 
such a case makes the minimum permissible distance between antennas 
relatively large. For example, if the antenna under test has an aperture 
of 10 ft and is operated at a wavelength of 3 cm, the minimum permissible 
spacing on the basis of Eq. (10-5) is approximately 4000 ft if the second 

I A crystal detector could be used, but has the disadvantage that it follows a square 
Ia.w with less ccrtainty than does 8. bolometer. 
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antenna used in making the test likewise has an aperture of 10 ft. Also, 
with highly directional antenna systems of this type, one not only is 
interested in the general character of the main lobe, but also commonly 
desireI:J tu know det.a.ils of the side-lobe characteristics such as the maxi
mum amplitude and location of each of the more important minor lobes. 

In view of these considerations, a typical arrangement for obtaining 
the field pattern of a high-gain microwave antenna takes the form 
illustrated in Fig. 10-6. Here the antenna under test, and an auxiliary 
antenna, are located Oll. towers spaced an appropriate distance apart over 
flat unobstructed terrain. The auxiliary antenna is preferably highly 
directional, and its main lobe is pointed directly toward the antenna 
under test. A directional pattern is obtained by transmitting from one 
of these antennas to the other, rotating the test antenna, and observing 
the received power as a function of azimuth angle. By tilting the antenna 

h, 
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FIG. 10-6. Experimental arrangement for determining the field pattern of a highly 
directional antenna having a wide aperture. 

under test so that it is pointed upward at an angle instel1d of horizontally, 
one can determine the azimuth distribution of field strength at any desired 
vertical angle. When making these measurements, it is essential that the 
site be free of reflecting objects, particularly buildings. Such objects 
can readily cause the side-lobe structure that is observed to be quite 
different from the true characteristic. The use of a highly directional 
auxiliary antenna is of considerable a81Sistance in minimizing the undesir
able consequences of spurious reflections. 

In an arrangement such as is illustrated in F'ig. 10-6, errors may 8ollSo 
result from ground reflections unless particular care is taken. In the 
presence of the ground, energy may travel not only directly between the 
two antennas, it may also travel along a path involving a ground reflectionJ 
as illustrated. The magnitude of the resultant field at the receiving 
antenna is the vector sum of these two component waves. The phase with 
which the direct and ground-reflected waves combine depends upon the 
difference in lengths of the two paths, with the result that for a ground
reflection coefficient that has an absolute value of unity, one has1 

I Proof for this rclntion can be found in many places; thus sec F. E. Terman, 
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where Eo = strength of direct wave at unit distance 

423 

(10-6) 

�o = field strength of direct wave at the receiving point in the 
absence of a ground-reflected wave 

h. = height of transmitting antenna 
h, = height of receiving point 
d = distance 
A = wavelength 

The variation of field strength with the height h, of the receiving point 
is shown in Fig. 10-7 for two values of transmitter height h., for a typical 
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FIG. 10-7. Typical curves showing variation of field strength as a. Cunction oC height 
above ground, for the case of unity reflection coefficient at the ground. 

case calculated by Eq. (10-6). It is apparent that if the receiver antenna 
has an appreciable aperture width in the vertical direction, the ground
reflected wave will cause the field intensity to vary over the aperture, 
with resulting errors being introduced. 

This effect can be minimized in several ways. One method is to relate 
the height of the auxiliary antenna above ground with the directional 
characteristic of this a.uxiliary antenna, so that for the spacing used in the 
test, the auxiliary antenna has a nuH in its field pattern in the direction of 

"Radio Engineering," 3d ed., p. 615, McGraw-HilI Book Company, Inc., New York, 
1947. 

In the special case where the distance is 80 great in relation to heights and distance 
that Zrrh.h,/).d is less than about 0.3, then onc ca.n assume that the sine of the a.ngle 
ca.n be replaced by the angle, and Eq. (10-6) becomes 

Field strength at } 
receiving point 

E 
4Th.h, - o � (10-7) 
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the ground-reflected wave, as illustrated in Fig. 10-8. In this way no 
transmission of energy can take place between the two antennas by way 
of the ground. 

A second method of attacking the problem is to adjust the heights of the 
two antennas so that the auxiliary (receiving) antenna is in the region 
where the direct and ground-reflected waves add in phase to produce a 
maXImum. Figure 10-7 shows that in the region of such a maximum (as 

Anlenn(1 under 
tesf 

FIG. 10-8. Elimination of the ground-reflected wave by means of an antenna null in 
the direction of the ground-reflected wave. 

for hr = 6 m), the variation of intensity over a given vertical distance is a 
mlnImum. When this procedure is used, best results arc obtained when 
the transmitting antenna is as close to the ground as possible. This 
increases the height at which the receiving antenna must be placed, but 
has the advantage that the amount of variation of field intensity over a 
given aperture distance is thereby reduced, as illustrated by comparing 
the solid and dotted curves in Fig. 10-7. 

Auxiliary 
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FIG. 10-9. The elimination oC ground reBection by means of a fence. 

Finally one may eliminate th'i ground-reflected wave entirely by using a 
straight diflraction edge placed perpendicular to the transmission path 
between the antennas, and made high enough to shield the antennas from 
ground-reflected waves. This is illustrated in Fig. 10-9, where the dif
fraction edge may consist of a wire fence of fine mesh. In such a system, 
diffraction effects from the top of the fence will be negligible if the antenna 
heights are now made such that the difference in lengths of the paths r 
and T' in Fig. 10-9 is many wavelengths ; the system then behaves as 



SEC. 10.51 A N T E N N A S  425 

though there were no ground and no fence present, l  When the surface 
of the ground is rough and not level, it may be desirable to employ 
several fences. 

The oscillator power used to excite the transmitting antenna, and the 
sensitivity of the detector used with the receiving antenna, must be 
properly coordinated to obtain satisfactory results when testing antennas 
of high directivity. With the minimum permissible spacing, and an 
auxiliary antenna baving an aperture equal to that of the antenna under 
test, the power absorbed by the receiving antenna is typically about 20 
db less than the total power radiated from the transmitting antenna. 
This represents the maximum possible power that is available at the 
receiving antenna; if the spacing is greater than the minimum permissible 
value, or if the auxiliary antenna has a smaller aperture than the antenna 
under test, then the maximum power available to the receiver is cor
respondingly less. The field-pattern measuring system must hence be 
designed on the assumption that the maximum power available at the 
receiving point will range between 20 and 40 db less than the oscillator 
power supplied to the transmitting antenna. In addition, the receiving 
equipment must have a dynamic range of about 30 db if the side-lobe 
structure is to be obtained with a reasonable amount of detail. Thus the 
receiving equipment should be able to record a minimum power of the 
order of 70 db less than the oscillator power. 

If a bolometer is used for the receiving detector, an average transmit
ting power of the order of 10 watts or more is commonly desirable. This 
can be conveniently obtained at frequencies of 3000 Mc and higher by 
means of a magnetron, a power klystron, or a power traveling-wave tube. 
At frequencies below about 2500 Mc, close-spaced triodes may be 
employed. When the transmitted power is obtained from a reflex kly
stron, or when the space attenuation is large, then a superheterodyne 
receiver with radio-frequency or intermediate-frequency attenuator and 
output-indicating meter must be used. The receiving equipment uncler 
these conditions is the same as that employed in measuring field strength, 
and is discussed in Chap. 11 .  

When many directional patterns are to  be taken it is desirable to 
employ equipment that will automatically record the intensity of the 
received signal in the test setup on a piece of paper which is moved in 
synchronism with the rotation of the antenna. Such equipment is rela
tively complicated and its construction involves considerable effort; how
ever, when once built and in working order the labor required to obtain an 
antenna pattern becomes only a small fraction of the effort. required when 

1 AJJ the difference r' - r in path lengths increases, the diffraction field may be 
obtained from diffraction theory, and follows Cornu's spiral; sce Cutler, King, and 
Kock, op. cit 
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manual recording is employed. The actual details of the automatic 
recording equipment may take a wide variety of forms, and typical 
examples are discussed in the literature.1 

10-6. Phase Front and the Center of Phase in Microwave Antennas.' 
In a radio wave, a surface so chosen that the wave has the same phase 
everywhere in this surface is termed the phase front. In microwave 

ParabolIc 
re f'/ecfor -

FIG. 10-10. A small horn ilntenn!l. illuminating a parabolic reflector, showing sphericnl 
contours of constant phase. 

antenna systems the phase front has an important role in design. COll

sider for example the situation illustrated in Fig. 10-10, which shows a 
parabolic reflector illuminated by radiation from a small horn antenna. 
In the ideal case the phase front of the radiation produced by the horn 
will consist of concentric spherical surfaces. The center P of these 
/Surfaces is termed the center of phase, and for proper operation, the focus 
of the parabolic reflector in Fig. 10-10 should coincide with P. In prac

tical circumst
'
ances it is quite possible, however, that the phase front will 

) For example see " Microwa.ve Antenna Theory and Design," op. cit., pp. 609-613; 
H. LeCaine and M. Katchky, Microwave Antenna Beam Evaluator, Electronics, 
vot. 20, p. 116, August, 1947; O. H. Schmitt and W. P. Peyser, Aircraft Antenna Pat
tern Plotter, Electronics, vol. 20, p. 88, 1947; J. Dyson and B. A. C. Tucker, An Auto
matic Contour Plotter for the Investigation of Radiation Patterns of Directive 
Antennae, J. lEE (Radiolocation Conv.), vot. 93, pt. IlIA, p. 1403, March-May, 1946. 

2 For further discussion see " Technique of Microwave Measurements," op. cit., 
pp. 915-922; " Microwa.ve Antenna Theory and Design," op. cit., pp. 564-572; Cutler, 
King, and Kock, loco cii. 
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not be a spherical surface; in this case the center of phase is different for 
different parts of the phase front, as shown in Fig. 10-11.  The parabola 
or lens will then not be properly illuminated by the antenna. Thus a 
knowledge of the phase front makes it possible to determine whether or 

Actual contours 
of conskmf phlue 

Ideal spherical 
Ph? Tron\ 
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" 

r '/ 
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/ 
FIo. 10-11. Small antenna with nODspherical contours of constant phase. 

not a. distinct center of phase is present, and exactly where the center of 
phase is located in case one does exist. Moreover, if the phase front has 
an unsatisfactory characteristic, a knowledge of its configuration will aid 
the designer in determining how the radiating antenna should be modified. 
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FIG. 10-12. Schematic diagram of apparatus for determining contours of constant 
phase. 

Typical apparatus for determining the surfaces of constant phase of a 
microwave antenna of small aperture is shown in Fig. 10-12. Here power 
from a square-wave-modulated reflex klystron oscillator is radiated from 
the antenna under test, which is shown as a horn. A reference sample of 
the energy supplied to the radiating antenna is tapped off by a directional 
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coupler as illustrated, and delivered to a crystal detector. The radio
frequency energy picked up by an exploring antenna, shown as a dipole in 
Fig. 10-12, is also delivered to the same detector through a flexible trans
mission system of constant length, such as a coaxial cable. The ampli
tudes of the two signals thus combined in the mixer arc preferably 
approximately equal ; this can be achieved by placing an adjustable 
attenuator in one of the radio-frequency circuits as shown. The crystal 
output will then depend on the relative phases of the two sources of 
energy that are combined, with minimum output corresponding to phase 
opposition. The manipulation consists in moving the pickup antenna 
back and forth about the radiating antenna to determine a surface over 
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FIG. 10-13. Schematic diagram of equipment for determining phase contours, using 
an arrangement involving a phase shifter. 

which the mixer output is always a minimum (or always a maximum) . 1  
The surface defined in this way obviously has everywhere the same phase 
relative to the reference phase derived directly from the oscillator, pro
vided only that the electrical length of the transmission system from the 
pickup antenna to the mixer is kept constant as the pickup antenna is 
moved about. 

A slightly different form of apparatus for determining the phase front is 
illustrated schematically in Fig. 10-13, Here the pickup antenna is con
strained to move along a predetermined circular arc. Energy from the 
pickup antenna is combined in a crystal detector with a reference signal 
derived from the oscillator exciting the radiating antenna! as before. 
However, some form of adjustable phase shifter is introduced in one of 

I Equipment for carrying out this procedure automatically and plotting the results 
on a. pieee of paper is described by H. Jams, Phase-front Plotter fOT Centimeter 
Waves, ReA Rev., vol. 8, p. 270, June, 1947. 
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tbe radio-frequency circuits to control the relative pbase with which the 
two voltages combine at the detector. Any form of phase shifter can 
be used, although a common arrangement makes use of a slotted line with 
sliding probe to control the point at which the two Sources of radi(}-fre
quency energy come together, as shown in Fig. 10-13. To determine a 
surface of constant phase, the pickup antenna is moved about along its 
circular arc while keeping the phase shifter adjusted to give minimum 
(or maximum) output of the crystal detector. In this way one deter
mines the va·riation in phase of the radiation field that exists along the 
circular arc. From this variation, the surface of constant phase can be 
readily determined from the fact that a phase shift of a degrees cor
responds to a distance in space of X(aj3600), where X is the wavelength. 

It will be noted that the process of determining a phase front is essen
tially that of comparing the phase of the energy derived from the pickup 
antenna against a reference phase derived directly from the oscillator 
that excites the antenna. Thus the determination of the phase front is 
essentially a phase determination, such as discussed in Sec. 6-9, but 
modified in accordance with the special circumstances involved. 

The accuracy obtainable in phase-front measurements is quite good 
provided the apparatus is properly designed and operated. In particular, 
movement of the pickup antenna (and of the probe in Fig. 10-13) must 
not introduce changes in the electrical length of the associated transmis
sion system. Also, if the attenuator is of a type that introduces a phase 
shift that varies with the attenuation, then the attenuator setting must 
be left unchanged as a surface of constant phase is traced out. 

The determination of a complete surface of constant phase requires a 
great many individual measurements, just as does the determination of a 
complete directional pattern. However, for nearly all practical pur
poses it is sufficient to determine the lines of constant phase in two 
mutually perpendicular planes, which are normally chosen as the electric, 
or E, plane, and the magnetic, or H, plane. To the extent that these par
ticular contours both have the same center of curvature, then it is usually 
safe to assume that the entire surface of constant phase has a single 
definite center of phase. 

The usefulness of the phase-front concept is not limited to exploration 
of the fields about a small antenna used to illuminate a parabola or lens. 
Thus helpful information about the functioning of a large horn, a parab
ola, or a lens, can be obtained by determining the surfaces of constant 
phase in the vicinity of the aperture. It is possible in this way to detect 
defects in the functioning of the system such as could arise from failure of 
the reflecting surface to have the required parabolic contour, improper 
design of a lens, incorrect positioning of the antenna that illuminates the 
lens or parabola, etc. 
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10-7. Field Patterns at Lower Radio Frequencies. At frequencies well 
below the microwave range, the antennas ordinarily used arc fixed struc
tures, and are often of considerable physical size. The prohlem of 
determining the field pattern is then much different from that at very 
high frequencies. In particular, these antennas have much simpler and 
less directive patterns than do many microwave systems, so that less 
experimental information is needed to define the character of the pattern. 

A typical experimental procedure for pattern determination at the 
lower frequencies is to excite the antenna under test so that it radiates 
power. The resulting radiation field about the antenna is then explored 
with the aid of portable field-strength measuring equipment, such as 
described in Chap. H .  This equipment consists of a small portable 
antenna, a receiver provided with an output indicator, and suitable cali
brating means. The receiver sensitivity that is required depends upon 
the transmitter power, distance, power gain of antenna, etc. Depending 
upon the circumstances, the receiver may range from a simple system 
such as described in Sec. 11-6, to a highly sensitive superheterodyne 
receiver. The antenna is commonly a short dipole or half-wave doublet 
in the case of the higher frequencies, and a loop antenna at broadcast and 
lower frequencies. An alternative measuring procedure consists in 
employing a portable standard field generator 1 such as discussed in Sec. 
11-4, to illuminate the antenna under test, which is then used as a receh'
ing antenna. The voltage, current, or power induced in this antenna is 
then observed as the orientation of the field generator with respect to 
the antenna is changed. 

The field pattern in the horizontal plane is obtained by moving the 
portable equipment about the antenna under test. The distance is 
preferably kept constant, but when practical problems arising from roads, 
etc., make .this impossible, a correction can be made for varying distance. 
In the case of free-space propagation, or ground-wave propagation where 
the H numerical distance" is not large,l the field strength can be con
sidered to be inversely proportional to distance. At very high fre
quencies, where one must consider a direct wave and a ground-reflected 
wave, as in Fig. 10-6, ' then the situation can be quite complicated, as 
indicated by Eq. (10-6). However, when the distance is great enough so 
that Eq. (10-7) applies, the field strength is then inversely proportional to 
the square of the distance provided the distance is small enough so that 
the curvature of the earth may be neglected. 

Determination of the directional pattern in a vertical plane, of antennas 

1 In the theory of ground-wa.ve propa.gation the natural unit of distance is the 
IInumerical distance," which is determined by the ground constants, the frequcncy, 
and the actual distance in wavelengths, a.s given in Fig. 11-17. For further discus
sion see Terman, op. cit., p. 611. 
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operating at frequencies lower than the microwave range ia a difficult 
problem. The vertical pattern under conditions of actual use is com
monly very greatly affected by the presence of the ground, and so cannot 
be determined by tilting the antenna being tested, even in cases where 
this would be physically possible. It then becomes necessary to mount 
portable equipment in an airplane if the field pattern is to be explored at 
appreciable angles of elevation. This introduces such problems as the 
determination of the exact position of the airplane with respect to the 
test antenna when a measurement is being made, etc. As a result, field 
patterns in the vertical plane are commonly inferred on the basis of 
theoretical calculation rather than being obtained by actual measurement, 
when dealing with antennas in this frequency range. 
At the radio frequencies lower than the microwave range, the effects 

arising from the ground commonly must be understood and properly 
allowed for jn interpreting the experimental results. Thus at broadcast 
and lower frequencies, the field adjacent to the earth can be considered 
as vertically polarized,l since any horizontally polarized component that 
might be present in free space is almost completely canceled near the 
surface of the earth because the earth is ·conducting, and because any 
reasonable height above earth is only a small fraction of a wavelength. 
In addition, the antenna structures used at these frequencies are normally 
inherently vertically polarized, so that little or no horizontally polarized 
component is radiated by them anyway. 
Under these conditions, one has a vertically polarized ground wave 

adjacent to the ground, the behavior of which is extensively described in 
the literature.2 At moderate distances, such tha.t the numerical distance 
does not exceed 1 or 2, the field at the surface of the earth is inversely 
proportional to distance, while at large numerical distances, of the order 
of 10 or greater, the field strength is inversely proportional to the square 
of the distance. Also, the strength of this vertically polarized ground 
wave is independent of height above ground provided the height does 
not exceed a small fraction of a wavelength. This is important, since 
it means that the experimental resu1ts obtained at broadcast and lower 
frequencie� will be independent of whether the measuring equipment is, 
for example, 2 ft or 4 ft above the earth. At heights of the order of a few 
wavelengths this independence of field strength with respect to height .can 
no longer be depended upon, and at still greater heights corresponding to 
a reasonable angle above the horizon, the field strength varies with height 
in accordance with the vertical field pattern of the transmitting antenna, 

I This does not consider the tilt component (see Sec. 1 1-7), which arises from ground 
losses and can be considered as a horizontally polarized component traveling directly 
downward, with the electric vector parallel to the direetion to the transmitter. 

t See Terman, op. cit., p. 611 j also see Fig. 11-17. 
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as modified close to the earth by ground-wave propagation losses in the 
earth. 

In contrast, at frequencies above about 30 Mc, such as are used in fre
quency-modulation broadcasting, television, etc., the ground wave 
attenuates to a negligible value in a very short distance. One must 
accordingly then deal with a direct wave and a ground-reflected wave, as 
illustrated in Fig. 10-6. In making field-strength measurements in the 
horizontal plane under these conditions, it is accordingly necessary to 
take care that the antenna of the portable measuring equipment is kept 
at constant height above the ground. Because of the complicated nature 
of the correction with distance, it is also desirable that the distance be 
kept substantially constant throughout a measurement. 

A further complicating factor in making measurements at these fre
quencies is introduced by the possibility that the reflection coefficient at 
the surface of the ground may affect the experimental results. Under 
conditions of glancing incidence at the surface of the ground, where Eq. 
(10-7) applies, then if the ground surface is reasonably lIat and clear it is 
normally safe to assume that the coefficient of reflection approximates 
unity, independently of the exact ground constants. However, if the 
combination of distance and antenna heights is such that the angle of 
incidence of the ground-reflected wave at the surface of the earth is not 
glancing, then the observed field strength (and hence pattern) will be 
modified by an amount that is determined by the reflection coefficient. 
If the reflection coefficient is different in different azimuth directions from 
the antenna under test, then errors will be introduced if the field pattern 
is obtained by exploring the field produced in various directions, even 
though the portable antenna is kept at a fixed height and the spacing is 
constant. To eliminate this error, the distance between antennas can be 
increased until the reflection coefficient approximates unity irrespective 
of ground constants. Alternatively, both antennas can be located at 
fixed positions, with provision being made to rotate the antenna under 
test; in this way an azimuth pattern can be obtained without changing the 
point of reflection, and hence without changing the reflection coefficient. 

At frequencies between about 30 Mc and 2000 kc, an intermediate 
situation exists with respect to determination of antenna patterns. Here, 
with vertically polarized antennas it is found that at distances correspond
ing to the minimum distance at which it is permissible to make measure
ments of field patterns, a ground wave of considerable strength is present. 
Under these conditions a field pattern in the horizontal plane may be 
obtained by using portable equipment to measure the strength of the • 
ground wave as a function of azimuth direction ; the results so obtained 
are not critical with respect to small variations in height of the portable 
antenna above ground. However, when horizontally polarized waves are 
involved, as is the case with most directional antenna syst.ems designed 
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for operation at these frequencies, the ground wave dies out so quickly 
with distance as to be of negligible consequence. The situation is then 
the same as at higher frequencies, except that the height above ground in 
relationship to wavelength is so small, that in the immediate vicinity of 
the ground one can assume that Eq. (10-7) applies. The field strength is 
then proportional to the height of the portable antenna above ground, 
which must be kept constant. 

10-8. Power Gain of Antennas. The term gain as applied to an 
[lntenns system is a measure of the directivity of the field pattern of the 
I\ctual antenna as compared with the field pattern of an isotropic radi
ator.'  Quantitatively, the gain is the ratio of the power that must be radi
ated by the isotropic antenna to deliver a particular field strength in the 
desired direction, to the power that must be radiated by the actual antenna to 
obtain the same field strength in the same direction.2 

Determination of Power Gain from Field Pattern. When a complete 
field pattern is available, it is possible to determine gain by calculation. 
The idea is to imagine that the antenna is at the center of a large sphere 
(or hemisphere in the case where the earth is present). The radiated 
power passing through each unit area of the spherical surface is then; 

P . . 8' 
ower III watts per umt area = 1201r 

(10-8) 

where e is the field strength in volts per unit length. The total radiated 
power represented by this field configuration is obtained by integration 

' 

over the entire spherical surface. The power gain is obtained by com
parison with the power associated with an isotropic radiator, and is4,s 

I An isotropic radiator is an antenna that radiates uniformly in all directions. 
Although it ea.n be theoretically shown that such a radiator cannot exist, this fact 
need not introduce any confusion since such a radiator can be readily imagined. 

2 This definition of gain is on the basis of power actually radiated. Alternatively, 
one can define gain as the ratio of power that must be supplied to an ideal lossless 
isotropic radiator to develop 8. particular field strength in a given direction, to the 
power that must be supplied to the actual antenna to develop the same field str<>ngth 
in this direction. Since the power radiated by the actual antenna is less than the 
power supplied to it, by the amount of the power dissipated in the antenna loss resist
ance, this definition in terms of power supplied leads to s lower value of gain unless the 
loss resistance is negligible compared with the radiation resistance. This approxima
tion is realized in all ordinary microwave antenna systems, for most practical trans
mitting antennas for broadcast and higher frequencies, and for properly matched 
receiving antenntlS involving half-wave dipoles, or more elaborate arrangements . 

• For derivation, see Terman, op. cit., p. 693 . 
• In the case where the earth is present, the integration with respect to 9 in Eq. (10-9) 

is carried out between the limit-s 9 - 0 and 9 - - r/2. The quantity used in the 
denominator of Eq. (10-9) is then twicc the value of the integral obtained for these 
limits. 

& This r('\ation is d(',·ivf'o R.S follows: Tf thl' sphf're has a r:1.diH� Tt then the isotropic 
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P . p, G 4.-80' 
ower gam = p = = fO !c" . , 8' sm O dO d</> -. 0 

lCKAP. 10 

(10-9) 

where 80 is the value of 8 in the desired direction, and the space coordi
nates are as shown in Fig. 10-14. 

The usefulness of Eq. (10-9) is limited by the fact that except for the 
very simplest types of antennas, the double integral must be evaluated by 

)( 

2 
graphical methods. This is true even when 
the field pattern can be expressed by an 
equation, since except for the two or three 
of the simplest cases that can be imaged, 
the mathematical manipUlations called for 
become extremely difficult at best, and in 
many instances there is no known method 

A;::-:�r+----Y of carrying out the indicated integration 

/-�"�, .... �I I mathematically. 
if> 'V- The graphical integration of the antenna 

field pattern indicated in Eq. (10-9) can be 

FlO. 10-14. Coordina.te--eystem systematically carried out by the following 
procedure: First, the average effective field 
strength at the spherical surface is deter

notation. 

mined as a function of angle of elevation. This average effective field 
strength for any given angle of elevation is defined as the strength of the 
field that, if constant as one rotates about the vertical axis, would repre
sent the same total energy as does the actual field distribution for that 
vertical angle. In the usual case where the radiated field varies with the 
azimuth angle </>, the average effective field strength at a given vertical 
angle 0 is obtained by plotting the actual distribution of field strength at 

radiator has a. surface a.rea. 4...,.1 and since it radiates &ol/12Ox- watts through each 
unit. area. of the surface, the power PI radiated by the isotropic antenna is 

PI - hrt X (&0'/12(}"-) watts. 

The power UP, radia.ted by the actual antenna through an elementary surface area. dA 
is (SI/I2Or)dA. However, in terms of the coordinate system of Fig. 10-14, 

80 that 

or 

dA .,. (r d8)(r dq, sin 8) - rt sin 8 dO dq" 

s· clP. - -- rl sin 8 d8 dq, 
120. 

P. - - r! E1 sin 8 de dl/! 
1 fO !c" 120.. -... 0 

Equation (10-9) fol1ows by no ling that by definition G - PI/Pr. 
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this vertical angle on polar paper as a function of azimuth, as in Fig. 
10-15. The radius of the circle (shown dotted in Fig. 10-15) that 
encloses the same area as does this actual pattern, is then the average 
effective field strength of the pattern for the particular vertical angle 
involved. Second, this average effective field strength is plotted on polar 
paper as a function of elevation angle 8, from 8 = 0 to 8 = 90° and the 
resulting curve is multiplied by v' sin 8 (see dotted and solid curves in 
Fig. 10-16). This multiplication takes into account the fact that on 
approaching the vertical (8 = 0) the length of the strip of angular width 
d8 that is swept through in traveling about the axis Z through a 360° 
variation in the azimuth angle q, is proportional to sin 8 (see Fig. 10-14). 

IAcfua/ fieid paUern , 
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, .. { , . ' I .., , " ' 

Average / - -
of ef'f'ecf/ve 
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I Circle of equi-../ volenf or�a 
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FIG. 10-15. Determination of average 
effective field strength from 8. curve of 
actual field strength plotted on polar 
paper. 

e "  AverCl� effr:l/'ve / fi"ld \\ 
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F1G. 10-16. Comparison of total 
power radiated from the actual 
antenna, with the corresponding 
power that would be radiated by 
an isotropic radiator producing 
the same field in the desired 
direction. 

The square-root sign is necessary because the area under a curve plotted 
in polar form is proportional to the square of the radius vector i in this 
way the area under the curve of field strength as a function of 8 is weighted 
by the factor sin O. Finally, the area under this curve, which is propor
tional to the total radiated power, is compared with the corresponding 
a.rea for an isotropic radiator. This isotropic case corresponds to the 
dashed curve in Fig. 10-16 in which the radius vector has the value 
S, v' sin 8, where 8, is the field strength of the actual pattern in the desired 
direction, expressed in the same units as the a.verage effective field 
strength referred to above. It is to be noted that in general S, will be 
larger than the maximum value of the average effective field; this if 
apparent from Fig. 10-15, which shows that for any particular elevation 
angle, the maximum field can in general be expected to exceed the average 
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effective value. The ratio of the area under the dashed curve in Fig. 
10-16 to the area under the solid curve is the power gain. 

With pencillike beams, such as are produced by parabolic and lens 
antennas, a fairly accurate estimate of gain can be made by the following 
simple procedure.' Let B be the area of the beam, defined as the area 
over which the power density in the beam is at least half of the power 
density on the beam axis. It is now arbitrarily assumed that all of the 
power radiated from the directional antenna. is concentrated within this 
area. The resulting power gain for this hypothetical situation is the 
quotient of the surface represented by the complete sphere, divided by 
the beam area B; that is, 

4?rr' 
Power gain = B (10-10) 

where T is the radius of the spherical surface in which B is located. In 
the case of narrow beams, the area B may be conveniently expressed in 
terms of "square degrees." Thus if a rectangular parabolic radiator 
that is uniformly illuminated has a half-power beam width of W, degrees 
in the vertical plane, and a half-power width of W, degrees in the hori
zontal, then the beam can be considered to possess an area B = W 1 X Hr 2 
squa.re degrees. The total number of square degrees in the surface of 1\ 
sphere is 4.- X 57.3' = 41,253, so that 

. 41 253 
Power gam = B (10-1 1 ) 

In the case of a circular beam having a half-power width of W degrees, the 
area in square degrees is B = .. W'/4. Elliptical beams would similarly 
have a cross-sectional area moderately less than that of the circumscribed 
rectangle. The results of gain calculations made with the aid of Eq. 
(10-11) are not exact, because they fail to take into account the precise 
shape of the beam and the details of the minor lobes. However, the 
method is useful in making estimates of gain unless the beam has an 
unusual shape. In the case of beams having one well-defined major 
lobe, with small minor lobes, it will usually give results accurate within 
+3 db. 

Relation between Gain aml Capture Area of Antennas. At the higher 
radio frequencies, particularly microwave frequencies, it is possible to 

1 In the special case where over the main beam the field pattern in the vertical plane 
is substantially independent of azimuth, while the directivity 8.8 a Iunction of azimuth 
at a given vertical a.ngle is independent of this vertical angle, it is possible to obtain 
fairly good results by still another simplification. This case corresponds to a rectangu
lar reflector illuminated by a line antenna, or to a sectora.l horn. For further details 
see J. D. Lawson, Some Methods for Determining the Power Gaip of Microwave 
Aerials, J. lEE (Radio & Comm.), vol. 95, pt. III, no. 36, p. 205, July. 1948; also 
"Technique of 'Microwave Measurements," op. cit., p. 914. 
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measure accurately the power gain of an antenna by simple experimental 
methods. This is in part because at these frequencies the physical size 
of antennas is small even when they possess considerable gain. It is also 
due in part to the fact that at the higher frequencies, the loss resistance in 
the antenna system can normally be considered so srne.ll that any power 
supplied to the antenna can be assumed to be radiated, and that all power 
abstracted by the antenna from a passing radio wave can be assumed to 
be delivered to the connected load. 

When measuring antenna gain under these conditions, advantage is 
normally taken of the relationship that exists between the gain of the 
antenna when acting as a radiator of waves, and the maximuIlf power that 
this antenna can absorb from a passing radio wave. By means of the 
reciprocity theorem it can be shown that I 

Maximum POSSible ) = G&2X2 
received power 48Or2 

(10-12) 

Here G is the power gain of the antenna relative to an isotropic radiator, 
A is the wavelength, and e is the field strength at the receiving antenna in 
volts per unit length expressed in the .same units of length as X. This 
maximum possible received power can be considered as the power con
tained in a section of the wavefront having an area A, which by com
bining Eqs. (10-8) and (10-12) is found to have the value 

A = 
Q. },. 
41r (10-13) 

The area A is variously termed the capture area, intercept area, and 
absorption cross section, of the receiving antenna. This area, expressed 
in square wavelengths, is seen to depend only upon the power gain of the 
antenna. In the case of lens, parabolic, horn, and mattress antennas, 
with apertures that are large when measured in wavelengths, A is 
ordinarily moderately less than the aperture area, typically 60 to 80 per 
cent as great. 

The power that a receiving antenna delivers to a load is maximum when 
the load impedance has a reactive component equal in magnitude but 
opposite in sign to the reactive component of the antenna impedance, 
and when simultaneously the resistive component of the load impedance 
equals the resistance component of the antenna impedance. To the 
extent that the loss resistance of the antenna can be neglected in compari
son with the radiation resistance, the power delivered by the antenna to a 
load adjusted for maximum load power will have the value given by 
Eq. (10-12). 

I �or a derivation of this relation see Terman, op. tit., pp. 726-729. 
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10-9. Gain of Microwave Antennas.' Comparison Methods. The 
simplest method of measuring the power gain of a microwave antenna is 
to take advantage of the fact that Eq. (10-12) shows that for a given field 
strength at a given frequency, the maximum possible power that can be 
absorbed is proportional to the antenna gain. One therefore can deter
mine gain by experimentally' comparing the ability of the antenna under 
test to absorb power from a given radio wave, against the ability of a 
standard antenna of known gain to absorb power from the same passing 
radio wave. 

A suitable arrangement of apparatus is illustrated in Fig. 10-17. Here 
B transmitter of any convenient type is located an appropriate distance 

Antenna under 
Icsl or (1I1tenna 
hpv,n9 known 1)'«ln Bolometer 

I 0,,;11.10, tp{ . 
Impedance: Tnrnsm/lti'nq molchin" system emfenna Impedcrnce- ... 

m(1/ching syslem 
FIO. 10-17. Schematic diagram indicating experimental arrangement for measuring 
power gain of an antenna. by comparison with an antenna of known power gain. 

away, and used to generate a radio wave. A bolometer is normally used 
to measure the receiver power, and is provided with a matching system 
that is adjusted in each case 80 that the bolometer absorbs the maximum 

. possible power that the antenna system is capable of delivering to it. 
On the assumption that all of the received power is delivered to the 
bolometer and none is otherwise dissipated, then by Eq. (10-12) the 
gains of the standard and unknown antennas will be in proportion to the 
power absorbed by each from the wave. 

An alternative procedure consists in modifying Fig. 10-17 by radiating 
a known power from a transmitting antenna of known gain, and measur
ing the maximum power that can be absorbed by the other antenna acting 
as a receiving antenna. One then has2 

1 For general discussions of the measurement of gain of microwave antennas the 
following references are suggested :  Law80n, loco tit.; Cutler, King, and Kock, loc. cit.; 
H Microwave Antenna Theory and Design," op. tit., pp. 580-587, 594-609; "Technique 
of Microwave Measurements," op. cit., pp. 907-914. 

' This relation can be derived as follows: The transmitter power per unit a.rea at 
distance r from the transmitter is P-rGT/hr2• Since the capture area of the receiving 
antenna. by Eq. (10-13) is GR).'/.Jr, then 

PR ... 
P70T GR)..' 
471"2 4 ... 

Solving for GrGR gives Eq. (10-14). 
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G,.G. = p. (41,r)' 

PT X 
(10-14) 

where GT = gain of transmitting antenna relative to an isotropic radiator 
GB = gain of receiving antenna relative to an isotropic radiator 
PT = radiated power 
PR = maximum possible received power 

X . wavelength 
r = distance between antennas 

The transmitted power can be conveniently measured by first adjusting 
the impedance-matching system associated with the transmitting system 
so that the antenna draws the maximum possible power from the oscil
lator, as indicated by maximum received signal. The antenna is then 
replaced by a bolometer or other power-measuring unit, and the imped
ance match is readjusted to cause the oscillator to deliver maximum 
possible power to the bolometer. The measured power will then be the 
same as was delivered to the transmitting antenna. Alternatively, a 
di�ectional coupler of known coupling can be used to monitor the power 
delivered to the transmitting antenna. 

In both of the above methods of measuring power gain, it is necessary 
to have available an antenna of known gain. An absolute determination 
of the gain of this reference antenna can be obtained in several ways as 
described below. If the standard antenna is a horn, its gain can ordi
narily be determined by calculation with an error that normally does not 
exceed 5 per cent.1 In the case where it is permissible for the standard 
antenna to have a low gain, it is possible to employ a half-wave dipole 
as the standard antenna. The gain of such an antenna is 1 .64. 

Absolute Measurement of Gain of Microwave Antennas.2 The absolute 
gain of an antenna can be determined experimentally by employing the 
arrangement of Fig. 10-17, but using identical transmitting and receiving 
antennas. Under these conditions Eq. (10-14) reduces to 

G 
. 41cr �P. am = - -

X PT (10-15) 

If it is not convenient to employ two identical antennas, an absolute 
determination of gain can still be made by employing three dissimilar 
antennas. Measurements of transmitted and received power are then 
carried out exactly as in the two-antenna method of Fig. 10-17, for each 
of the three pairs of antennas that may be formed. Following Eq: 
(10-14), one can write 

1 For the necessary formulas, see If Microwave Antenna Theory and Design," op. 
�it., p. 587. 

I For further information see the references cited on p. 438. 
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G G _ 

(hr)' PR" 
1 , - - -

X PTu 
G,G3 � (4.-r)' PR .. 

).. P7'U 
G G _ 

(4.-r)' P Ru 1 , - - -
X PTu 

(10-16) 

The notation is as in Eq. (1O-l4), with the addition that subscripts 1 ,  2, 
and 3 denote the three antennas. Double subscripts indicate antennas 
invol ved in the particular transmitting-receiving combination involved; 
thus G'l. is the gain of antenna 2, and P Rn is the received power when the 
two antennas involved are antennas 1 and 2 and the transmitted power 

AltmuQtor 

Impedance 
m«tchinq 

Slotkd Gect/on 

�---- R ----� 

/' 

, " 
, ' 
, ' 
r '  " 

fmt1ge 
antenna 

FIG. 10-18. Schematic arrangement of apparatus for determining antenna gain by 
the reflection method. . 

is PTu' By simultaneous solution of these three equations, Olle can 
obtain the gain of any one of the antennas. Thus 

G, � � �(�:::) (�:::) (�:::) (10-17) 

Another method of measuring the absolute power gain is il1ustl'ated in 
Fig. 10-18.1 This can be called tbe reflection method. Here the antenna 
under test is first carefully matched to its feed line, which includes a 
slotted section, so that in the absence of the reflector no standing waves 
are present on the slotted line. A reflector consisting of a conducting 
surface, flat to better than }'/16, is then placed at right angles to the axis 
of the antenna as shown. This surface reflects the radiation that strikes 
it, producing a reflected wave directed backward in the general direction 
of the antenna. Part of the reflected wave is intercepted by the antenna, 
and enters the feed line of this antenna to produce a backward-traveling 
wave. The energy represented by this backward-traveling wave is the 

1 This method was originated by C. H. PurceU. 
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same as the energy that would be absorbed in the absence of the reflector 
by an antenna identical with the transmitting antenna and represent.jug 
its image with respect to the reflector, as shown dotted in Fig. 10-18. 
The magnitude of this reflected power that enters the transmitting 
antenna can be determined from the standing-wave ratio that is produced 
by the presence of the reflector, as measured by the slotted section. To 
prevent the oscillator from heing affected by the backward wave, an 
attenuator A is introduced between tbe oscillator and antenna. Tbe 
antenna side of this attenuator must also present a good impedance match 
to the slotted line, so that a backward-traveling wave from the slotted 
line into A will be absorbed without reflection. 

The quantitative relations that. exist in Fig. 10-18 are' 

(10-18) 

where G = gain of antenna compared with an isotropic radiator 
R � spacing between antenna and its image (see Fig. 10-18) 
S = voltage standing-wave ratio 
� � wavelength 

The distance R in Fig. 10-18 should be no greater than necessary, since 
the greater the distance the more nearly will the standing-wave ratio that 
is to be measured approach unity, with resulting loss in the accuracy of 
the determination. At the same time, the distance S between the radi
ating antenna and its image should be not less than about 2D'/�, where 
D is the aperture of the antenna under test. Otherwise the errors from 
inadequate spacing will exceed the improved accuracy resulting from 
having a larger standing-wave ratio to measure. 

It is also necessary that the reflector be large enough to intercept most 
of the main beam. Since the total width of this beam is of the order of 
2�/D radians, then for a square mirror the height h must be not less than 
R�/D. For R � 2D'/'A, the required height is hence 2D. 

In carrying out gain determinations with the arrangement of Fig. 10-18, 
complications arise if the capture area of the antenna is less than the 
actual cross section of the aperture, as is nearly always the case. Under 
these conditions, some of the reflected energy that strikes the aperture of 
the antenna is reradiated toward the reflector by the antenna, to produce 
a second reflected wave that can enter the transmitting antenna and 

1 This equation follows from Eq. (10-15) when it is noted that the antcnns-and its 
image represent two identical antennas spaced a distance R, and that (8 - 1)/(8 + 1) 
is the ratio of the voltage amplitudes of two waves, one of which is the wave tha.t pro
duces radia.ted power, while the other represents the resulting power that would be 
induced in the image receiving a.ntenna. 
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complicate the standing-wave pattern.l Error from this source can be 
eliminated by making standing-wave determinations with the reflector in 
two positions corresponding to values of R/2 that differ by a quarter of a 
wavelength. Such a quarter-wavelength displacement of the reflector 
reverses the phase of the spurious second-order signal. Hence by taking 
the arithmetic mean of the gains as computed for the standing-wave 
ratios observed for the two positions, the error is canceled. This pro
cedure also simultaneously removes most of the error caused by any small 
residual mismatch that may have originally existed between the antenna 
and its transmission line before the reflector was put in place. 

The chief merit of the method of measuring power gain illustrated in 
Fig. 10-18 is the fact that it uses no apparatus that is not ordinarily avail
able. The accuracy obtainable in practice is, however, less than obtained 
with other methods of measuring the absolute gain that are described 
here. The method is best suited to antennas in which the aperture is 
small or moderate. 

10.10. Determination of Antenna Gain at the Lower Radio Frequencies. 
Most of the methods used to determine gain at microwave frequencies 
become increasingly difficult to apply as the frequency becomes progres
sively lower. This is because as the frequency is reduced the antennas 
become physically larger, loss resistances are less likely to be negligible, 
and reBections from the ground introduce increasing complications. 

Graphical methods find increased use at the lower frequencies, par
ticularly at broadcast and lower frequencies. Here the directional pat
terns are sufficiently simple so that they can be known relatively accurately 
from a limited quantity of data, or can be calculated with satisfactory 
accuracy from a knowledge of the antenna geometry and the relative 
magnitudes and phases of the currents in the individual antenna 
elements. 

When the frequency is relatively high, gain can he satisfactorily deter
mined by the comparison method, commonly using a half-wave doublet 
as the antenna of known ga.in.2 Such an antenna when in free space has 
a power gain of 1.64 as compared with an isotropic radiator. When the 
ground must be taken into account this can be satisfactorily done by 

1 This is the interaction effect discussed on p. 414, and which is more serious in the 
reflector method of gain determination than in other experimental methods of measur
ing gain. For further discussion of the interaction problem in the reflector method of 
measuring gain see A. B. Pippard, O. H. Burrell, and F. F. Crome, The Influence of 
Re-radiation on Measurements of the Power Gain of an Aerial, J. lEE (Radiolocalion 
Conv.), vol. 93, pt. IlIA, p. 720, 1946; also U Microwave Antenna Theory and Design," 
op. cit., p. 586, and "Technique of Microwave Measurements," op. cit., p. 912. 

I The determination of gain in this manner in the frequency range 44 to 216 Mc is 
discussed by E. G. Hills, Impedance Measurements at VHF, EltJctroniC8, vol. 20, p. 124, 
July, 1947. 
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calculation, using the mutual impedance between the antenna and its 
image, and assuming the ground is a perfect conductor , I  

A very common method of determining gain at these lower radio fre
quencies consists in delivering to the transmitting antenna a known 
power, and observing the field strength 60 produced in the direction of 
maximum radiation. This field strength can be obtained as explained 
in Chap. l l .  The power gain for free-space conditions is then' 

(1O-19a) 

where eo = field strength in desired direction, volts per unit length 
T = distance to measuring point 

PT = power delivered to transmitting antenna, watts 
When the ground causes the power that is radiated to be confined to a 
hemisphere, as is usually the case, then 

. Bo2r2 
Power gall1 

= 60P T 
(10-19b) 

This method requires only a measurement of the power delivered to the 
transmitting antenna, and the availability of a simple field-strength meas
uring equipment. The accuracy of the metbod, however, is limited by the 
fact that the portion of the power delivered to.the transmitting antenna 
that is dissipated in the loss resistance of the antenna, instead of being 
radiated, causes the observed gain to be less than that which would be 
obtained from an integration of the field pattern, as discussed in the 
footnote on page 433. 

10-11. Miscellaneous Antenna Measurements. U 8e of Model. in 
Antenna Measurements. Antennas which have the same geometrical 
proportions and differ only in physical size, will have the same field pat
tern, gain, and impedance, provided the wavelength is exactly propor
tional to the size.' This fact makes it possible to obtain the character
istics of an antenna system by the use of a model that has a more con-

1 Such calculations are discussed in Terman, op. cit., pp. 695-698. Data. on mutual 
impedance values between pairs of dipoles are to be found in F. E. Terman, " Radio 
Engineers' Handbook," pp. 776-782, McGraw-Hill Book Company, Inc., New York, 
1943. 

j This relation is derived as follows: A aeId strength &0 produccd by an isotropic 
radiator over a spherical surface of radius r (and hence area 4Tr2) is seen from Eq. 
(10-8) to represent a total radiated power of hr' X (&(Nl2OJr) = &otrt/30 watts. 
Dividing this by the power PT actually supplied to the antenna tQ produce the field eo 

gives the power gain. 
I An exeeption to this is the loss resistance, which is not necessarily the same, 

although the reactance components of the a.ntenna impedance and the radiation resist
ance will be unchanged. 
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venient size than does the actual 'antenna, Thus the characteristics of 
low-frequency antennas may be conveniently determined by the use of 
small-scale models, which are inexpensive to construct and can be readily 
modified to determine the effect of design changes.l 

Models are particularly useful in determining the characteristics of air
plane and ship antennas. The geometry of the airplane is so very com
plex, that the field pattern cannot he calculated with accuracy. The 
pattern is furthermore affected very greatly by changes in location of the 
antenna with respect to the wings, fuselage, and tail structure. Flight 
tests for determining the field pattern and gain of antennas actually 

.r Tnmsmitfii7.J 
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Recorder drive 
(linked wifh 
tllrn/gb/e drive) 
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airpkme 
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Turnfable 

Cable Mec!71m/cal :::;::::::;--- y... drive 

Received 
signal 

FIG. 10-19. Schematic diagram of apparatus for measuring aircraft-antenna field 
patterns on a model basis. 

installed on an airplane are both slow and prohibitively expensive.' The 
most satisfactory means of obtaining design and performance information 
applying to aircraft antennas at frequencies below 1000 Mc a.ccordingly 
consists in constructing a small-scale copper-plated wooden model of the 
airplane upon which is installed an antenna similar to that under con
sideration, and appropriately scaled in size. This model plane with its 
model antenna is then mounted on a tower that can be rotated, and is 
investigated in the manner illustrated schematically in Fig. 10-19, using 
an appropriate frequency. Th\ls if the model is one-fiftieth of full size, 
and if the frequency for which the characteristics are desired is 1 1 5  Mc, 
a test frequency of 5750 Mc is required. The model method of studying 

1 Thus the effect of taper in the broadcast tower radiator has been studied by means 
of models; see H. E. Gihring and G. H. Brown, General Consideration of. Tflwcr 
Antennas for Broadcast Use, Proc. IRE, vol. 23, p. 311, April, 19�fi. 
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airplane and ship antennas is very satisfactory, and has found wide prac
tical use.l 

Current Distribution in Transmitting Antennas. In short-wave direc
tional antenna arrays, it is possible to determine whether the system is 
operating properly by observing the distribution of current over the wires 
of the antenna system. Thus in a system using resonant elements, if the 
loops and nodes of the current distribution are at the expected locations, 
then it can be safely assumed that the antenna is behaving as desired. 
Similarly, in the case of nonresonant antennas, a knowledge of the current 
distribution will determine whether or not the nonresonant condition is 
being realized in fact. 

The current distribution along the wires of an antenna system can be 
determined by operating it as a transmitting antenna, and then coupling 

Hook Anknna 

Thermocouple 
meter 

(0 ) 

1l00KS 

Thermocouple 
meter 

( b) 

Anknna 

Q 
Therl17OCoup!e 

me/er 

(c)  
FIG. 10-20. Methods for measuring the current distribution in 8. radio antenna. The 
same arrangements may be used for measuring the current distribution along two-wire 
transmission lines. 

a sensitive thermocouple instrument to the system. Various arrange
ments suitable for this purpose are illustrated in Fig. 10-20. In the 
device shown at a, the stray capacitance between the antenna and the 
free wire hanging from the thermocouple instrument supplies the return 
path for the current, and the amount of coupling to the antenna depends 
upon the length of the hanging wire. The indication of the thermocouple 
will be proportional to the intensity of the electric field adjacent to the 
wire, i.e., to the voltage distribution along the wire; the meter will there
fore read maximum where the antenna current is a minimu.m, and vice 
versa. The arrangement at Fig. 1O-20b can be considered as operating 
either by shunting a portion of the antenna current through the meter, 
or by considering that the meter is excited by the magnetic flux that 
threads the small loop formed by the antenna wire and meter leads. The 
loop at c couples to the magnetic field produced by the antenna current, 
and has the advantage of avoiding the necessity of contact with the 

I Equipment and detailed techniques suitable for model measurements of airplane 
antennas are discussed by Schmitt and Peyser, loco cit.; G. Sinclair, E. C. Jordan, and 
E. W. Vaughan, Mensurement of Aircraft-antenna Patterns Using Models, Proc. IRE, 
\'01. 35, p. 1451, December, 1947. 
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antenna. The loop may be tuned or untuned, according to the pickup 
sensitivity desired. 

In broadcast antenna arrays, one often desires to compare the ampli
tudes and phases of the currents in different antennas of the same array. 1 
The usual method of doing this is illustrated schematically in Fig. 10--21. 
Here a large one-turn shlelded loop is mounted on one corner of each 
tower antenna at or near a current maximum, and the resulting induced 
energy is transmitted to an observing point, commonly the transmitter !-Antenn" 

Pie,two loop 

PhO$(! 

AdillS/able phose snifler 
- - - - ,  rr===!I== R�kr�nce cvrrenf 

of SC1lne frequency 

I 
I 

FIG. 10-21. Schematic diagram oC system Cor determining relative amplitude and 
phase of current in a broadcast tower antenna. 

house, by means of a shielded coaxial cable terminated in its character
istic impedance. The magnitude of the voltage across this terminating 
impedance is proportional to the magnitude of the current in the antenna 
at the point where the pickup loop is mounted. The phase of this output 
voltage is determined by the phase of the antenna current, and the length 
of the shielded cable. The latter contribution to the phase can be deter
mined by measurement or calculation, and then allowed for. Using 
the methods that are discussed in Sec. &-9, the phase of the voltage 
developed across the terminating resistance can be compared with the 
phase of any desired reference voltage, such as a voltage similarly derived 
from another tower radiator simultaneously excited by the same trans
mitter.2 Arrangements of this type find extensive use in the adjustment 

1 See John F. Morrison, Simple Methods for Observing Current Amplitude and 
Phase Relations in Antenna Arrays, Proc. IRE, " vol. 25, p. 1310, October, 1937; 
Simplifying the Adjustment of Antenna Axray, BeU Labs. Record, vo!. 17, p. 390, 
August, 1939. 

t: A typical example of equipment of this type is described in detail by B. C. O'Brien 
and F. L. Sherwood, Phase Monitor for Broadcast Arrays, Electronic8, vo!. 20, p. 100, 
December, 1947. 
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of the currents of the individual antennas of a broadcast antenna system 
composed of two or more radiating towers, and also in the monitoring of 
these currents once the proper condition has been established. 

Measurements of Effective Height.' The effective height of a receiving 
antenna is a hypothetical length h such that the product Sh is equal to the 
equivalent induced voltage E in the equivalent antenna circuit of Fig. 
10-1, where S is the field strength of the radio wave. 2 

The value of the effective height for a given antenna can be measured 
by subjecting the antenna to a radio wave produced either by a con
venient radio station, or by a suitable test oscillator equipped with a 
radiating antenna. One then measures the open-circuit voltage E 
induced in the antenna under test, and the associated field strength S. 
By definition, the effective height of the antenna is then EiS. 

I Effective-height measurements are discussed by Dudley E. Foster and G. Mount
joy. Measurement of Effective Height of Automobile Antennas, ReA Rev., val. 3, 
p. 369, January, 1939. 

S The concept of effective beightis also sometimes applied to low-frequency grounded 
transmitting antennas. In this case, the effective height is the length of vertical 
grounded wire which carrying a constant current 10 of uniform phase will radiate the 
same field in the desired direction as does the actual grounded antenna when the base 
current is 10• The effective height defined in this way for transmitting is numerically 
the same as the effective height of the same antenna when used as a receiving antenna. 



CHAPTER 1 1  

RADIO WAVES 

11-1. Methods of Measuring the Strength of Radio Waves.' Two 
general methods are available for the determination of .the strength of a 
radio wave. In the first, sometimes caHed the standard antenna method, 
use is made of an antenna in which the relationship between the field 
strength of the radio wave, and the equivalent lumped voltage that the 
wave induces in the antenna (see Fig. 10-1) ,  is known, either as a result of 
calculation or previous measurement. The field strength is then deter
mined by measuring this equivalent induced voltage, and making use of 
the known relationship between it and the field strength to determine the 
latter. The second method of measuring field strength is known as the 
standard field-generator method, and consists in comparing the strength 
of the radio wave with a field of known strength produced by a standard 
field generator: 

Standard Antennas. The most widely used form of standard antenna 
is the loop. When the largest dimension of the loop is small compared 
with a wavelength (not over about A/12), and when the loop is used at a 
frequency that is not more than one-third of the self-resonant frequency 
obtained by considering the loop as a coil with distributed capacitance, 
the relationship between the field strength and the voltage induced in the 
loop is accurately given by the equation!l 

Induced voltage � E 
A 

� 2 .... SN ); 

where e = field strength of radio wave, volts per unit length 
N = number of tUrns in loop 

(11-1) 

A = area of loop cross section in same units of length as & and A 
A = wavelength 

1 Good summary papers on this subject include "Standards on Radio Wave Propa.
gation-measuring Methods," Supplement to Proc. IRE, val. 30, July, 1942; R. L. 
Smith-Rose, Radio Field-strength Measurement, Proc. lEE (Radio & Comm.), val. 
96, pt. Ill, p. 31, January, 1949; C. R. Englund and H. T. Friis, Methods for the 
Measurement of Radio Field-strength, Trans. AIEE, vol. 46, p. 492, 1927. 

t This relation is derived in many places; for example see F. E. Terman, "Radio 
Engineering," 3d cd., p. 818, McGraw-Hill Book Company, Inc., New York, \947. 

448 
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The ratio E/S = 2-KN A/A is termed the effective height of the loop 
antenna. Equation (11-1) assumes that the radio wave is plane-polar
ized in the plane of the loop, and that the loop is oriented for maximum 
reception. 

Loops find wide use in field-strength measurements at frequencies 
below about 40 Mc. They have the advantage that with proper precau
tions the properties of the loop can be accurately predicted by calculation. 
Furthermore, loops arc portable, do not depend on ground constants, and 
can be designed to operate even at very low radio frequencies where most 
alternative types of antennas would have prohibitive physical size. 
Loops are Dot particularly satisfactory at frequencies higher than about 
40 Mc, however, because of various consequences of the fact that the 
physical size of the loop must be decreased with increasing frequency. 

The principal alternatives to the loop antenna are the doublet antenna, . 
the half-wave dipole, and the vertical grounded antenna. A half-wave 
dipole is commonly used at frequencies too high for satisfactory loop 
operation. With such an antenna 1 

AS 
Induced voltage = E = - (11-2) ,.. 

where A is the wavelength, and S the field strength. The effective height 
of such a half-wave antenna is 2/,.. times the actual length, or Aj,... This 
hi considerably greater than can be obtained from a loop operating at the 
same frequency. 

The doublet antenna finds use in the borderline range of frequencies 
where the half-wave dipole is physically too large, and where a loop is 
still not entirely satisfactory for one reason or another. If the doublet is 
operated at a frequency that does not exceed one-third of the actual 
resonant frequency, then to a good approximation 

SL 
Induced voltage = E = 2 (1 1-3) 

where L is the length of the doublet, and S is the field strength. The cor
responding effective height is L/2. 

Short vertical grounded antennas are sometimes found desirable in fixed 
installations. The equivalent lumped voltage induced in a grounded 
vertical antenna that is short compared with a quarter wavelength is 
given by Eq. (11-3), provided the quantity L is now interpreted to mean 

1 This is for an ideal very thin antenna. Practical antennas commonly have appre
ciable thickness, and also usually possess some form of ga.p at the center. These 
departures from the ideal case modify the antenna properties to some extent. A dis
cussion of this matter, and a description of means for achieving a standard antenna of 
high theoretical merit are given by D. D. King, Two Standard Field-strength MetcrR 
for Very-high Frequencies, Proc. IRE, vol. 38, p. 1048, September, ]950. 
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the length of the grounded antenna. In case the vertical grounded 
antenna is exactly a quarter wavelength long, the induced voltage is half 
the value given hy Eq. (11-2). 

If there are circumstances that raise an uncertainty as to the accuracy 
of the calculated behavior of the vertical grounded antenna (or of the · 
dipole, doublet, or loop, for that matter) the relation between field 
strength and induced voltage can always be determined experimentally. 
The idea is to measure the equivalent lumped voltage that is induced by a 
field of known strength produced by a standard field generator, or by a 
field whose strength is measured with the aid of an a.ntenna about which 
there is no question. 

In the case of microwave systems, the standard antenna commonly 
consists of a horn or a parabola having a known power gain that has been 
previously determined either by experiment as described in Sec. 10-9, or 
by calculation.l When such an antenna is matched to a load impedance 
so that the load absorbs the maximum possible power from the antenna, 
.the relation between field strength & and load power P, is given by Eq. 
(10-12), which rewritten becomes 

& = �48o".,P' 
(11-4) 

X'G 

where G is the antenna power gain relative to .an isotropic radiator.2 
Equation (114) implies that the antenna loss resistance is negligibly 
SID9.11 compared with the radiation resistance. This is a permissible 
assumption when dealing with half-wave antennas, or antennas with 
appreciable power gain, such as arrays, horns, parabolas, etc. 

11-2. Determination of Induced Voltage by Receiver with Calibrated 
Intermediate-frequency Attenuator. A common method of measuring 
the field strength with a standard antenna is illustrated in Fig. 11_1.3 

Here, a loop is shown, although other antenna arrangements could be 
employed. The voltage developed at the output terminals of the antenna 
syfltem by the radio wave is applied to a superheterodyne receiver pro
vided with a microammeter M that measures the rectified output current . 
developed by the second detector: The receiver is provided with an 
adjustable attenuator located between the mixer and the first inter
mediate-frequency amplifier tube. This attenuator operates at the 
intermediate-frequency, and makes it possible to change the receiver 

1 While half-wave dipoles could be used at microwave frequencies and sometimes 
are, in general their gain (and hence effective height) is 80 low that such antennas are 
suitable only when the signals involved are relatively strong. 

, The power gain or a doublet antenna is 1.5, of a half-wave dipole 1.64. 
I This arrangement was first described by H. T. Friis and E. Bruce, A Radio Field

strength Measuring System for Frequencies Up to Forty Megacycles, Proc. IRE, 
vol. 14, p. 507, 1926. 
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amplification by accurately known amounts. Additional equipment 
required includes a vacuum-tube voltmeter capable of reading about I 

volt, and a signal-frequency oscillator that is moderately well shielded 
and is provided with an adjustable output control (uncalibrated). 

A typical procedure for measuring the field strength with such an 
arrangement is as follows: Wi�h the switch in position a, the signal is 
tuned in and the loop orientation adjusted for maximum response. The 

Signal- frequency 
oscill"tor 

b 

Swikf .;.=' /u 
Small 

coupling 
CO/� '-

� 

,v' ,v'. 
/" /' 

I' 
� Receiver in/uf 

termmals 

R"dio receiver wilh ii7krt'nediafe-
frequency alknllamr 

rntermedj�te· 
frequency 
attenuatoj detector M Second ,� 

" .::: Mixer and 10CQI 
oscillator 

�: . Intermed�1t 
frequency 
amplifier 

AudiO 
amplifier 

� 
FIG. 11-1. Schema.tic diagra.m of field-strength measuring equipment of the inter
mediate-frequency-attenuator type. 

intermediate-frequency attenuator is then adjusted to a value al such 
that a convenient deflection on the microammeter M is obtained. Next, 

" the signal-frequency oscillator is turned on, thus inducing a voltage in 
series with the antenna, and is set at the frequency of the incoming signal. 
The output of the signal-frequency oscillator is adjusted until a voltage 
E, (commonly 1 volt) appears at the input terminals of the receiver as 
determined by the vacuum-tube voltmeter. I.' The intermediate-fre
quency attenuator is now readjusted to an attenuation of a2 decibels 
such that the microammeter M gives the same reading as before. The 
voltage produced at the receiver input terminals by the field being meas-

1 In some cases, it may be desirable to turn off the local oscillator of the receiver 
during trus adjustment. although if a pentagrid mixer or pentagrid converter tube is 
used and is of a type in which negligible local oscillator current is developed in the 
signal circuit. this is unnecessary. 

Also. if the voltage produced at the input terminals of the receiver by the field 
being measured is not very small compared with Eo, then the loop should be rotated 
900 while the signal-frequency oscillator is applied to,the system, 

t This vacuum-tube voltmeter is sometimes obtained by reconnecting the mixer 
t.ube to function as a plate-rectifier type of voltmeter (see Sec. 1-8). 
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ured is then a, - a, decibels less than Eo. This voltage differs from the 
potential actually induced in the antenna by the radio wave as a result 
of resonance effects in the antenna. The ratio of the voltage produced 
at the receiver input terminals to the voltage actually induced in the loop 
can be determined by reconnecting the signal-frequency oscillator by 
throwing the antenna switch to position b in Fig. 1 1-1. The voltage 
induced in series with the antenna by the signal-frequency oscillator is 
thereby applied directly to the input terminals of the receiver without 
being subjected to resonance effects. The intermediate-frequency atten
uator is then readjusted to an attenuation a3 decibels such that the micro
ammeter M again reads the standard value. The ratio of voltage at the 
receiver input terminals to the voltage actually induced in the antenna 
(the resonance step-up) is then a, - a, decibels. The voltage actually 
induced in the antenna by the field being measured is hence 20:2 - at - a3 
decibels below the voltage Eo. 

Certain precautions are necessary in the design of the receiver used in 
such a measuring system. The accuracy of the measurement depends on 
the assumption that the intermediate-frequency output of the mixer is 
exactly proportional to the voltage applied to the receiver input terminals 
up to voltages as large as Eo; it is accordingly necessary to check the 
equipment occasionally to make sure the required linear relation is 
actually being achieved. It is also important that the oscillation ampli
tude and the frequency of the receiver local oscillator be unaffected by 
the tuning of the input circuit of the receiver. Otherwise, the mixer gain 
may change when the output from the signal-frequency oscillator is con
nected directly to the input terminals of the receiver in place of the tuned 
antenna system. It is important that the intermediate-frequency attenu
ator be located immediately following the mixer rather than between two 
intermediate-frequency amplifier tubes ; otherwise it is difficult to prevent 
overloading of the first intermediate-frequency amplifier stage under some 
conditions. Such overloading will cause the gain of the receiver to 
depend upon the amplitude of the input to the receiver, and so will intro
duce errors. 

It will be observed that this method of measuring field strength is 
essentially a comparison method in which the voltage induced in the 
antenna by the unknown signal is compared with a voltage Eo of the same 
frequency produced by the signal-frequency oscillator, and having a 
magnitude large enough to be readily measured by a vacuum-tube volt
meter.' The ratio between these two voltages is obtained through the 

1 A modified procedure, in which a. measured loop current is used in pla.ce of the 
measured voltage Eo, is described by F. M. Colebrook and A. C. Gordon-Smith, A 
Method of Calibrating a Field Strength Measuring Set, J. lEE (Wireless Sec.), vol. 88, 
pt. Ill, p. 15, March, 1941. 
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attenuator settings required to maintain constant output from the radio 
receiver, which otherwise remains unchanged. Thus, the characteristics 
of the receiver do not enter into the measurement provided only that the 
first detector of the receiver is linear, and that there is no interaction 
between the local oscillator of the receiver and the impedance connected 
acrOSS the input terminals of the receiver. 

The intermediate-frequency-attenuator method of measuring voltage 
induced in an antenna has the advantage that its accuracy depends only 
on the intermediate-frequency attenuator. The accuracy is high and 
independent of signal frequency because this attenuator operates at a 
constant and not particularly high frequency and so can easily he designed 
to give excellent performance. Also, there are no serious shielding prob
lems, since when the signal-frequency oscillator is turned on, it is merely 
necessary that the leakage from this oscillator be small compared with 
the voltage Eo, which is commonly of the order of 1 volt. 

11-3. Determination of Induced Voltage by Substitution.' In this 
method, illustrated schematically in Fig. 1 1-2, a sensitive radio receiver 
is connected to the standard antenna (shown as a loop) and tuned to 
the signal with the loop oriented for maximum reception. The receiver 
gain is adjusted to give a convenient indication on a d-c microammeter M 
in the output circuit of the second detector of the receiver. The loop is 
then rotated 90· so that little or no signal is received. Next, a known 
voltage of the same frequency as the signal, obtained from a standard 
signal generator, is introduced in series with the loop through the resist
ance R, which is typically 1 Or 2 ohms. This known voltage is adjusted in 
amplitude until the radio receiver indicates the same output as produced 
by the actual signal. The known voltage is then obviously equal to the 
voltage induced in the standard antenna by the passing wave. Varia
tions of this arrangement consist in introducing the signal into the loop 
by a coil having mutual inductance to the loop, and in using other types 
of antennas. 

This method of measuring field strength is very convenient when a well
shielded signal generator is available. In addition to the standard signal 
generator, it requires only a. standard antenna and an ordinary radio 
receiver in which a microammeter has been connected in the output 

1 This method was first proposed by Carl Englund in Proc. IRE, val. 5, p. 248, 
August, 1917. Deta.iled diseu�ion of procedures for carrying out the measurement, 
and of typical apparatus, is given by Ra.lph Bown, Carl R. Englund. and H. T. Friis, 
Radio Transmission Measurements, Proc. IRE, vol. 11,  p. 115, April, 1923; H. H. 
Beverage and H. O. Peterson, Radio Transmission on Long Wavelengths, Proc. IRE, 
vol. 11, p. 661, December, 1923; Greenleaf W. Picknrd, The Direction and Intensity 
of Waves from European Stations,. Proc. IRE, vol. ID, p. 161, June, 1922j Axe} F. 
Jensen, Portable Receiving Sets for Measuring Field Strengths at Broadcasting Fre
auencies. Proc. IRE, voL 14, p. 333, June, 1926. 
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circuit of the second detector. In contrast, the intermediate-frequency
attenuator method does not require that a standard signal generator of 
the appropriate frequency be available, but does call for a special radio 
receiver. The accuracies that can be realized by the two methods are of 
the same order of magnitude. 

I Shmdord siqnal 
generator 
j 

Iv'" v' V· 
"'" 

Resislance for insert/n'l 
known voltage in (oop 

Mtcroammder 
fOr measurlnq 
reuiver oulpuf 

Receiver �, 
FIG. 1 1-2. :\leasurement of field strength by the substitution method , using a stand
ard signal generator and an ordinary receiver. 

11-4. Metlsurement of Field Strength with the Aid of a Standard Field 
Generator.' A standard field generator consists of a compact portable 
oscillator associated with an antenna of such character that when the 
antenna is supplied with a known current or power, the field that is pro
duced can be calculated from the antenna dimensions. Suitable antenna 
arrangements are shown in Fig. 11-3, and include a balanced loop carrying 
a known current, a short vertica.l antenna with high capacitance top, and 
a ha1f-wave dipole supplied by a known current or power. A directional 
antenna of known gain, such as a horn, supplied with a known power can 

1 This method of measuring field strength was first proposed by J. C. SchellcI1J(, 
C. It. Burrows, and E. B. Ferrell, Ultra-short-wave Propagation, Proc. IRE, vo!. 21, 
p. 427, March, 1933. Further discussions or systems involving a standard field 
generator &re given by J. S. McPetrie and B. G. Prcsscy, A Method of Using Hori
zonta.Uy Polarized Waves for the Calibration of Short-wa.ve Field-strengtb Mea.suring 
Sets by Radiation, lEE (Wireles8 Sec.), vo!. 13, p. 267, September, 1938 (also J. lEE, 
vot. 83, p. 210, ]938); F. M. Colebrook and A. C. Gordon-Bmith, The Design and 
Construction or a Short-wave Field-strength Measuring Set, IEB (Wireless Sec.), 
vo!. 14, p. 146, June, 1939 (also J. lEE, vo!. 84, p. 388, 1939)j J. S. McPetrie and J. A. 
Sax ton, Theory and Experimental Confirmation of Calibration of Field-strength 
Measuring Seta by Radiation, J. lEE (lVirdus Sec.), vol. 88, pt. III, p. 11,  Ma.rch, 
1941j F. M. Colebrook a.nd A. C. Gordon-Smith, The Deaign of Ultra-short-wave 
Field-strength Measuring Equipment, J. lE!!) (Wireless Sec.), vo!. 90, pt. Ill, p. 28: 
March, 1943. 
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also be used provided the loss resistance is small compared with the 
radiation resistance. The fields produced in these cases are as follows : 

Loop (see Fig. 11-3a) : 
120.-' A &0 � -

d
- N 1-, 1. 

Short vertical antenna carrying uniform current (Fig. 11-3b) : 

60.- h 
&0 � d 'A 1. 

Half-wave dipole (Fig. 11-3c) : 

Directional antenna: 

G01. 7·
d
02

. 
1>J}'j. &o � d �  v' . 

T�rmocouple Antenna with /tlrq� 
meter h / flaf lop One.lurn []tt;:;rt;o:::e: 

./ loop antenna ClIrrent 

Copper box enc/o.slr!? 
osCillafar 

(a) loop (bl Short verticcd antenna {c)Htllf·wOIve 
carrying uniform current dipole 

(11-5) 

(11-6) 

(1 1-7) 

( 1 l-8) 

FIG. J 1·3. Typical antenna arrangements used in standard field generators. 

I n these equations, 
&0 � field strength, volts per m, at distance d 
d = distance, ID 
A = wavelength, ID 
h � height of antenna (see Fig. 1 1-3b), assumed less than 1-/10 

N � number of turns in loop 
A = area of loop, sq ID 

P (J = power radiated by antenna, watts 
la = current flowing in antenna, amp 

The values of field-strength given hy Eqs. (11-5) to (11-8) are the free
space values in the direction of max,mum radiated field. 

The combination of a standard field generator with a radio receiver 
having·an intermediate-frequency attenuator, represents a field-strength 
measuring system. To measure field strength with such equipment, the 
signal that is to have its strength determined is tuned in on the radio 
receiver using any convenient receiving antenna. The intermediate
frequency attenuator is then adiusted to a value such that the microam-
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meter in the output of the second detector gives a convenient indication. 
The standard field generator is then turned on and adjusted to the fre
quency of the radio wave being measured. The receiver attenuator is 
next adjusted to a value such that the microammeter indication is the 
same as . before. If the values of attenuation for these two cases are '" 
and '" decibels, respectively, then the strength of the unknown field is 
'" - '" decibels less than the strength of the field produced by the 
standard field generator at IhR- antenna used with the radio receiver. 

The standard-field-generator method of measuring field strength is 
widely used at frequencies above about 30 Mc. The accuracy that can be 
obtained is determined only by the accuracy with which the known field 
can be generated, and the accuracy of the intermediate-frequency 
attenuator of the receiver. Other characteristics of the receiving system, 
including the receiving antenna, have no effect whatsoever on the result.1  
In particular, the method avoids the technical difficulties associated with 
determining the resonant step-up of voltage in the receiving antenna, and 
in injecting an accurately known voltage in series with the receiving 
antenna. These difficulties are very great when dealing with very high 
frequencie� and with microwave systems. 

. 

Effect of Ground on Standard Field Generator. When using the standard 
field generator it is necessary to take into account the fact that the field 
strength produced at any particular point in space is a combination of a 
direct wave given by Eqs. (11-5) to (11-8), and an indirect wave that is 
reflected from the ground, and combines with the direct wave as illus
trated in Fig. 10-6. When the reflection coefficient at the ground is 
approximately unity, as can be assumed to be the Case for smooth ground 
with horizontally polarized waves for all vertical angles, and for vertical 
polarization with grazing incidence, the field strength at the receiver 
antenna can be accurately calculated from Eq. (10-6). 

Variation of field strength with height of the standard-field-generator 
antenna above ground as calculated from Eq. (10-6) is given in Fig. 1 1-4 
for a typical case. It "ill be noted that the field strength oscillates 
between zero and twice the free-space field. When the reflection coeffi
cient cannot be assumed unity, as is the case with vertical polarization 
except at very glancing incidence corresponding to d »  (h. + h,), the 
behavior is as illustrated by th� dotted curve in Fig. 1 1-4. The minima 
are no longer zero, and the maxima are less than twice the free-space field, 
but the average of the maxima and minima of the oscillations is still the 
free-space field given by Eqs. (1 1-5) to (1 1-8). 

A typical procedure for using a standard field generator in the usual 
case where the reflection from the earth must be taken into account is as 
follows : The distance d is first so chosen that the maximum height h.m at 

1 Provided the direction of arriva.l is the same for both the test and the standard 
waves. 
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which it is practical to place the standard field generator satisfies the 
relation 

(1 1-9) 

where h. is the height of the receiving antenna. The height h. of the 
standard-field-generating system above ground is then raised from 
ground level up to a value that is at least slightly greater than dJ../2h., and 
a. curve of re1a.tive field strength at the receiving antenna as a function of 
height h. is obtained from the attenuator settings of the receiver required 

2. 
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FIG. 11-4. Variation of field strength at a given point in space as the height of the 
standard field generator above ground is varied. 

to maintain constant receiver output during this process. If the curve 
of field strength that results shows a deep minimum at which the field 
strength is only a very small fraction of the maximum value, the reflection 
coefficient at the ground approximates unity, and Eq. (10-6) applies. 
The maximum value of field ohserved as the height of the standard field 
generator is increased then has a value twice the theoretical free-space 
value calculated hy Eqs. (1 1-5) to (1 1-8). 

However, if the curve of field strength as a function of standard-field
generator height does not show deep minima, as will he the case if the 
reflection coefficient does not approximate unity, then the mean ampli
tude of the maxima and minima of the curve obtained corresponds to the 
theoretical free-space value calculated for the standard-field equipment. 
The field strength at the maxima can then he determined from the cal
culated free space and the experimentally ohserved ratio E=,./ E_ of 
minimum to maximum amplitude, according to the relation 1 

Maximum of field strength 2 
Free-space field strength = 1 + (E=,./ E_.) 

1 This is derived by noting that the free-space field is (Emin + ElllU)/2. 

(11-10) 
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An alternative procedure for taking into account the effect of the 
ground reflection, consists in maintaining the heights of the field generat
ing and receiving antennas constant, and varying the distance. Under 
these conditions the relative field strength observed at the receiving point 
will vary as illustrated in Fig. 11-5. In tbe case of a reflection coefficient 
approximating unity, the minima will be very deep compared with the 
maxima, and the latter can be considered as having an amplitude that is 
twice the theoretical free-space value as calculated by Eqs. (11-5) to 
(11-8). When the minima are not very small compared with the maxi
mum amplitudes, indicating a reflection coefficient which does not approxi
mate unity, th.e procedure is essentially the same as before; i.e., the field 
strength oscillates about a mean value that corresponds to the theoretically 
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r, I \ 

Unify reflect/on 
coefficienf 

I \ I \ - - _\ I , -
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I ' - - -' space I 
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0 �� __ -i� __ � __ �����L-__ �� 
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Rer�tive distance 
FIG. 11-5. Variation of field strength with increasing distance for a typical case with 
constant transmitting and receiving antenna heibht.s. 

calculated free�space value. In making use of this alternative method it 
is desirable that the antenna height be such that the increase in distance 
required to change a maximum to a minimum, or vice versa, is a rela� 
tively sma.ll percentage. Otherwise an excessive change in intensity due 
to varying distance will be superimposed upon the oscillatory effects 
resulting from ground reflection. 

Both of these procedures assume that the only field produced at the , 
receiving antenna by the standard field generator is due to a direct wave 
and a ground-reflected wave, and that the ground wave is negligible. 
When horizontally polarized waves are involved, this situation is true 
under all conditions of interest. However, with vertically polarized 
waves, it is possible for the ground wave component to have significant 
amplitude at frequencies of the order of 40 Mc and less, particularly if the 
spacing between transmitting and receiving antenna is not too great. 
This possibility can be checked by calculating the stren�h of the ground 
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wave in the usual manner j if the resulting amplitude is not negligible com
pared with the theoretical free-space field strength then trouble from the 
ground-wave effects can be expected. 

The distance between transmitting and receiving antennas in Fig. 11-4 
must be small enough to satisfy Eq. (11-9). At the same time this dis
tance must be great enough to satisfy the criteria given in Sec. 10-4. 

11-5. Special Considerations Relating to the Measurement of Field 
Strength at Ultra-high and Microwave Frequencies. At frequencies 
above about 300 Mc it is more practical to deal with power than with 
voltage and current. Also, loop antennas are not satisfactory at these 
frequencies, and it is customary to employ either a ha.lf-wave dipole, or a 

8a/ance-h-l.Inba/ance fransformer I cmd impedance-mafchin9' unit 

Signal 
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C(;1ble 

Receiver with 
input jmpeG4�nce 
mc::ltched to cable 

MlcrO(Jfmmeler 
for measurinq Qu/put 

FIG. 11-6. The substitution method of Fig. 1 1-2 as modified for use at very high fre
quencies, where it is much easier to measure power than voltage or current. 

directional antenna such as a simple array, a horn, or a parabola. At very 
high frequencies such antennas can be assumed to have negligible loss 
resistance, so tbat substantially all the power delivered to them is 
radiated, and virtually all of the power th ... t they absorb from a passing 
radio wave is delivered to the load impedance associated with the antenna. 

These considerations cause field-strength measuring equipment in
tended for use at very high frequencies to be modified in some respects, as 
compared with the corresponding equipment intended for use at short
wave and lower frequencies. 1 Thus, in applying the standard-field-gen
erator method, the standard field would be determined from tbe radiated 
power and the antenna gain, using Eq. (11-8).' A similar modification of 
the substitution method of measuring field strength is shown in Fig. 11-6.' 

I A description of a complete field-strength measuring system for microwave fre
quencies is given by H. Archer-Thomson and E. M. Hiekin, Radio Technique and 
Apparatus for the Study of Centimetre-wave Propagation, J. lEE (RadwwccUicm 
CQnv.), vo!. 93, pt. IlIA, no. I,  p. 215, March-May, 1946. 

2 An. example of such an arrangement is described by A. C. Grace, A Radio Field 
Strength Measuring Set for Use in the Frequency Range 400 to 4,000 Mc/s, J. lEE 
(Radiolocalion Conv.), vol. 93, pt. ilIA, p. 1325, March-May, 1948. 

� See R J. Clayton, J. E. Houldin, H. R. L. Lamont, a.nd W. E. Willshaw, Radio 
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Here the input to the coaxial line can be switched from the receiving 
antenna to a signal generator which is then adjusted to deliver the same 
power to the coaxial line as does the actual radio wave of unknown fi�ld 
strength. The relationship between the power which the signal generator 
delivers to the line, and the field strength of the radio wave is then given 
by Eq. (11-4) in terms of the gain of the receiving antenna. It will be 
noted that this arrangement requires that the signal generator be cali
brated in terms of the power that it delivers to a term.inated coaxial line, 
instead of in terms of the voltage that it develops across a resistance, as is 
the case in Fig. 11-2. It is also necessary that the power gain of the 
receiving antenna be known, 

It is to be noted that many of the laboratory signal generators, oscil
lators, etc., used at microwave frequencies are of the pulse-modulated type, 
or are at least provided with square-wave modulation (see Sec. 12-1 1). 
In cases where the signal being measured is not modulated, or possesses 
only simple amplitude or frequency modulation, it is desirable that signal 
generators and oscillators be operated without modulation. However, if 
this is not possible, then appropriate corrections or modifications must 
be introduced to take into account the effect of the pulse or square-wave 
modulation, as described below. 

11-6. Miscellaneous Aspects of Field-strength Measurements. Sim
plijiootionIJ When Very Strong Fields Are Being M eaBured. When the 
fields being measured have a large amplitude, the apparatus required in 
making the field-strength measurements can be greatly simplified. For 
example, if the field is very strong, a vacuum-tube voltmeter can be used 
to indicate directly the induced voltage in an untuned antenna. Much 
greater sensitivity can be obtained, however, by tuning the antenna sys
tem to resonance, and using the vacuum-tube voltmeter to determine the 
voltage that is developed across the tuning condenser.' Tbis voltage is Q 
times the induced voltage, and the value of Q applicable to the antenna 
system can be readily measured by the reactance-variation method (Sec. 
3-8), using the field being measured to excite the antenna system. 

In the case of microwave fields of moderate or high strength, the 
received power can be directly measured by a bolometer matched to an 
antenna of known gain in such a manner as to abstract the maximum pos-

Measurements in the Decimetre and Centimetre Wavebands, J. lEE, vol. 93, pt. lIT, 
p. 97, March, 1946; R. W. George, Field Strength Measuring Equipment at 500 Mega
cyeles, ReA Rev., vol. 5, p. 69, July, 1940j Field Strength Measuring Equipment for 
Wide-band UHF Transmission, ReA Rev., vol. 3, p. 431, April, 1939. 

1 Paul B. Taylor, A Compact Radio Field Strength Meter, Proc. IRE, vol. 22, p. 191, 
February, 1934. Alternatively, one may use an antenna and thermocollple; see 
D. D. King, loco cit. 
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sible power,l The relation between this power, the antenna gain, and the 
field strength, is given by Eq. (11-4). 

Accuracy of Field-strength Measurements ' If careful attention is paid 
to details, it is generally possible to determine the field strength with an 
error which does not exceed 10 to 25 per cent (that is, 1 to 2 db). The 
inherent accuracy obtainable by the different methods of measuring field 
,trength is about the same. The accuracy is also not significantly 
dependent upon frequency, at least up to 10,000 Mc. 

A detailed study' of the accuracy of field-strength measuring equipment 
designed for use at standard broadcast frequencies (500 to 1600 kc), shows 
that the typical error is about 20 per cent. However, when care is taken 
to minimize all sources of error, it is possible to hope for an accuracy of 5 
per cent or better. The principal error in such equipment arises from the 
distributed capacitance of the loop. This capacitance causes the voltage 
produced at the output terminals of the loop by a given comparison volt
age inserted in series with the loop, to depend upon the point of insertion. 
Thus, in the substitution method in Fig. 11-2, the error introduced in the 
field-strength determination is greatest when the standard voltage is 
introduced into the loop midway between the output terminals. In this 
case the voltage that must be inserted at the center of the loop to give the 
same voltage at the terminals of the loop as does the actual field, is smaller 
than the value given by Eq. (11-1). The relationship that applies is 
approximately' 

True voltage induced in loop I as given by Eq. ( l l-l) 

= [ 1 + 0.27 ( f)'](v�ltage
. inserted at) ( l l-ll) 

f. mld-pomt of loop 

whereflf. is the ratio of the actual frequency to the frequency at which the 
loop is resonant when tuned only by its di8tribu� capacitance. 

In investigating the field strength produced by standard broadcast 
stations, it is common practice to mount the loop antenna of the field
strength measuring equipment on the top of a car. The radio wave then 
induces currents in the metal parts of the car. These currents in turn 
produce secondary or distortion fields that induce voltages in the loop, and 

I J. A. Saxton and A. C. Grace, A Field Strength Meter and Standard Radiator for 
Centimetre Wavelengths, J. lEE (Radioloooticm Con".), vol. 93, pt. IIIA, p. 1426, 
March-May, 1946. 

I See Smith-Rose, loco cil. 
I H. Diamond, K. A. Norton, and E. G. Lapham, On the Accuracy of Radio Field 

intensity Measurement at Broadcast Frequencies, J. Research Nol!. Bur. Standards., 
vol. 21, p. 795, December, 1938 . 

• Ibid. 
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so introduce errors. Experience indicates that errors from this cause can 
be of the order of 25 per cent (2 db), that they depend upon the orientation 
of the car with respect to the direction of wave travel, and that within the 
standard broadcast frequency band they are independent of frequency. '  

111 easurement of Field Strength of Pulsed Signals. When the field being 
measured is produced by a pulse-modulated transmitter, certain modifica
tions in the measuring procedure are required. In particular, the receiver 
output indicator used in the field-strength measuring equipment must be 
able to indicate peak amplitude independently of duty cycle. The usual 
method of doing this is to amplify the output of the second detector by a 
video amplifier, and then observe the amplified pulse on a cathode-ray 
oscilloscope in which the sweep circuit is synchronized with the pulse 
repetition frequency.2 Alternatively, it is possible to substitute for the 
cathode-ray tube, a vacuum-tube voltmeter designed to read peak ampli
tudes (see Sec. 1-6). 

When dealing with pulsed signals it is necessary that the signal gen
erator, signal-frequency oscillator, or standard field generator, also be 
pulsed. If cathode-ray presentation is used, the pulse repetition fre
quency should be similar to that of the signal. However, the pulse 
lengths for the various signals may be quite different; in particular it is 
permissible to use on-off modulation, corresponding to 50 per cent duty 
cycle. In contrast, where bolometers are involved, it is necessary that 
the several duty cycles involved be accurately known. 

Adjustment of Field-strength 111 easuring Equipment to Standard Sensi
tivity by Means of Noise. 3 In systems involving an intermediate-fre
quency attenuator it is possible to simplify the measuring procedure by 
initially adjusting the receiver to a standard gain. This is most COIl
veniently done by using the noise generated in the input circuit to supply 
a standard signal, and providing the receiver with an uncalibrated gain 
control in addition to the calibrated intermediate-frequency attenuator. 
The procedure is then to set the calibrated intermediate-frequency 
attenuator to zero attenuation, and adjust the manual gain control 

1 J. H. Dewitt, Jr., and A. C. Omberg, The Relation of the Carrying Car to the 
Accura.cy of Portable Field-intensity-measuring Equipment, Proc. IRE, vol. 27. p. 1, 
January, 1939. 

I For example, see B. G. Pressey and G. E. Ashwell, A Pulse Field Strength Set for 
Very High Frequencies, J. lEE (Radiolocatic:m Con!).), vol. 93, pt. IIIA, p. 1359, 
March-May, 1946. 

a This method was originated by the British Post Office j see A. B. Mumford and 
P. L. Barker, A Field-strength Measuring Set Using Thermal Agitation Noise as the 
Calibra.ting Source, Post O.ffice Elec. Eng. J., vol. 28, p. 40, 1935. Also see Pressey and 
Ashwell, wc. cit.; F. M. Colebrook and A. C. Gordon-Smith, The Design and Construc
tion of a Short-wave Field-strength Measurillg Set, lEE (Wireless Sec.), vol. 14, p. 146, 
.Julle, 1939. 
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until the noise generated in the system gives a convenient indication 
in the 'receiver output meter. This establishes a standard receiver 
sensitivity that is accurately reproducible. For any other adjustment 
of the intermediate-frequency attenuator, the sensitivity of the system is 
then less than the standard sensitivity by the setting of the intermediate
frequency attenuator. A calibration of the system when the sensitivity 
has the sta"dard value can he made with a standard field generator, or by 
use of a signal�frequency oscillator as in Fig. 11-1. When receiver noise 
is used in this manner to adjust the receiver to a standard sensitivity, it is 
highly desirable that the preponderant source of noise he the input circuits 
of the receiver. 

The use of noise to provide a standard calibrating signal in field
strength measuring equipment allows the equipment to be periodically 
calibrated by the signal-frequency-oscillator or standard-field-generator 
method under carefully controlled laboratory conditions. The standard 
field generator or signal-frequency oscillator then does not need to be a 
part of the field-measuring equipment, and may in fact he left in the 
laboratory when the equipment is taken into the field for use. 

A uiomatic Recording of Field Strength. It is often desired to record the 
field strength continuously on a chart over a period of time in order to 
determine fading characteristics, diurnal variations in field intensity, etc. 
A common method of doing this consists in employing an ordinary 
receiver provided with automatic volume control. The d-c voltage 
developed by the automatic-volume-control system is amplified and used 
to operate the recorder. 1,2 The resulting deflection of the recorder pen is 
then approximately proportional to the logarithm of the applied signal 
voltage (i.e., the dellection follows a linear decibel scale). An alternative 
arrangement uses an ordina.ry receiver with automatic volume control, 
with the recorder operated by direct current obtained by rectifying the 
output of the intermediate-frequency a.mplifier system.3 This li�ewise 
leads to a response that is approximately logarithmic. The receiver 
employed in automatic recording must be stable in its characteristics, and 
have the voltage of its power supply closely regulated. 

1 Details of a rather elaborate field-strength recorder of this type are described by 
W. B. Smith, Recording Sky-wave Signals from Broadcast Stations, Eledronics, 

vol. 20, p. 112, November, 1947. 
! Auxiliary equipment that will automatically record the amount of time that the 

strength of a received signal that is fading exceeds different arbitrarily chosen levels is 
described by Ralph W. George, Signal Strength Analyzer, ElectroniCIJ, vot. 24, p. 75, 
January, 1951. 

' Still another type of recording arrangement is described by W. W. Mutcb, A Note 
on an Automatic Field Strength and Static Recorder, Proc. IRE, vol. 20, p. 1914, 
December, 1932. Also see H. T. Frns, A Static Recorder, Bell System Tech. J., vol. 5, 
p. 282, April, 1926. 
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The calibration of an automatic recording system can be checked at 
regular intervals by introducing a known voltage in the antenna from a 
signal generator. 

Measurements of Noise Fields. The strength of fields representing 
noise (or static) is determined by the same general methods that are 
employed to determine the strength of fields resulting from radiation 
of signals by an antenna. However, additional problems arise as a result 
of the random character of noise, and because noise from some sources is 
characterized by infrequent peaks of high intensity, while noise from 
other types of sources is of a more continuous character. 

The character of the noise that reaches the output-indicating system of 
a field-strength measuring equipment depends upon the bandwidth of the 
receiving system.' The noise power is always directly proportional to the 

R , 

Rec J,-'i�d VClGUum-
;" 

C "  � R, tube d-e. 
voltmeter 

no 

FIG. 11-7. Circuit for indicating 
rectified noise. The system shown 
will indicate peak or average noise 
according to the circuit constants 
UBed. 

bandwidth, with the result that the 
equivalent rms noise voltage is directly 
proportional to the square root of the 
bandwidth for all cases. However, the 
peak amplitude of the noise is directly 
proportional to the bandwidth if the 
noise consists of sharp, widely separated 
pulses, and is proportional to the square 
root of bandwidth when the noise con
sists of a large number of overlapping 

pulses. The average amplitude of the noise behaves still differently, 
being independent of bandwidth for the case of very sharp widely 
separated pulses, and proportional to the square root of bandwidth with 
overlapping pulses. 

The particular aspect of the noise that is indicated by a noise-measuring 
system depends upon the time constants of the equipment, as well as upon 
the bandwidth. For example, consider the case where the rectified out
put of the intermediate-frequency amplifier is applied to the resistance
capacitance combination shown in Fig. 11-7, with the output being indi
cated by a vacuum-tube d-c voltmeter connected acrOSS the condenser C. 
Assuming that R, » R" and that capacitance C is quite large, then the 
voltmeter indicates the average noise amplifier averaged for a period of 
time approximating the time constant R,C. On the other hand, if the 
circuit is proportioned so that R, « R" the condenser C will charge up to 
the peak amplitude of the noise provided the noise peaks have a duration 
appreciably in excess of the time represented by the time constant R,C, 
expressed in seconds. The output meter then gives an indication deter-

1 See Karl G. Jansky, An Experimental Investigation of the Characteristics of Cer
tain Types oC Noise, Proc. IRE, val 27, p. 763, December, 1939. 
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mined by the peak noise occurring during a period of the order of magni
tude of R,e seconds. I 

In practical measurements of nois£' fields it is accordingly necessary to 
determine what type of indication will be most significant for the purpose 
at hand, and then to arrange the output system accordingly.' In this 
connection it is to be noted that the mechanical inertia of the output 
meter, or of a recording pen, produces an additional averaging effect that 
must be taken into account if the time constant of the electrical system 
is not appreciably greater than the time constant of the mechanical 
indicating device. 

When it is necessary to obtain information about the peak amplitude 
of noise, a cathode-ray oscillograph 'may be used in much the same manner 
as when dealing with pulsed signals. However, in interpreting such 
results it is necessary to keep in mind the fact that tbe peak amplitude is 
determined not only by tbe cbaracteristics of the noise, but also by tbe 
bandwidtb of tbe receiver, or of the circuits through whicb the noise bas 
passed. 

11-7. Determination of Wave Structure. In order to describe a wave 
completely, one must know not only the strength, but also the direction of 
travel in azimuth and in vertical angle, the polarization, and the tilt. 

Direction-finder Systems. The direction of arrival of a radio wave in 
azimuth can be determined by the direction-finder techniques commonly 
used for radio navigation. This is a subiect far too extensive to be sum
marized here, and is, moreover, adequately presented in the literature.3 
For the moment it is sufficient to note that at short-wave and lower fre-

I If the noise peaks are appreciably shorter than R,C seconds, then the vacuum-tube 
voltmeter indicates the average noise amplitude over a period of (R,R,/(R, + R,)]C 
seconds. 

I Discussions of noise measurements from the point of view of the interference that 
the noise produces on the reception of broadcast and similar signals are given by C. V, 
Aggers, D. E. Foster, and C. S. Young, Instruments and Methods of Measuring Radio 
Noise, Tram. AIEE, vol. 59, p. 178, March, 1940; Charles M. BurriU, Progress in 
the Development of Instruments for Measuring Radio Noise, Proc. IRE, vol. 29, 
p. 433, August, 1941; An Evaluation of Radio-noisc-meter Performance in Terms of 
Listening Experience, Proc. IRE, vol. 30, p. 473, October, 1942; Harold E. Dinger and 
Harold G. Paine, Factors Affecting the Accuracy of Radio Noise Meters, Proc. IRE, 
vol. 35, p. 75, January, 1947; L. H. Daniel and G. Mole, The Measurement of Inter
ference at Ultra-high Frequencies, J. lEE, pt. Ill, vol. 88, p. 41, March, 1941; H. A. 
Thomas, A Subjective Method of Measuring Radio Noise, Proc. lEE, vol. 97, p. 329, 
September, 1950. 

I For example see R. Keen, " Wireless Direction Finding," 4th ed., Diffe and Sons, 
Ltd., London, 1947; also a group of 19 papers in J. lEE (Radiocomm. Cam.), vol. 94, 
pt. ilIA, no. 15, pp. 673-870, March-April, 1947; a convenient summary of loop and 
similar direction-finding systems is given F. E. Terman, uRadio Engineers' Hand
hook," pp. 872-891, McGraw-Hill Book Company, Inc., New Yo.:�, 1943. 
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4uencies, direction finding is ordinarily based on the loop antenna or its 
Adcock equivalent, while at microwave frequencies, directional antennas 
such as horns or parabolas arc commonly used. Lobe switching is custom
arily used at microwave frequencies, and is also sometimes employed at 
lower frequencies. The accuracy of loop and similar types of direction 
finding arrangements is of the order of 10 under favorable conditions, 
while greater accuracy can be obtained by employing lobe Bwitching, par
ticularly if highly directional microwave beams are involved . 

. Direction-finding techniques are also sometimes applied to determine 
the vertical angle of arrival. Thus, lobe-switching arrangements find 
extensive use for this purpose at microwave frequencies ; however, at 

/ short-wave and lower frequencies the 

/ / vertical angle of arrival is more 

,4;, If A, / 
easily obtained by phase-difference o ..... ,�c..-:::. qrZ�"Z / / methods. 

Q/ .... , �I d, / Direction of Angle of Arrival by . 
" 11 8, I Ph D '" I h d' a.se 1.JJ erence. n tesearc stu les 
/ 4', / A2 d1Al on radio waves, the direction of I I arrival is commonly determined hy 

I observing the differences in phase of 
FIG. l1-S. Spaced antennas for deter- the voltages induced by the wave in 
miningthe directionofarrival ofa radio two or more spaced antennas. l For 
wave by means of phase difference. example, consider two antennas Al 
and A,  arranged as in Fig. 11-8 at the same height above earth. If the 
phase difference of the voltages induced in these antennas is ai, then the 
radio wave must arrive somewhere along the conical surface making an 
angle fh with the axis A lA2, where2 

(1 1-12) 

Here al is in radians, and dJ/X is the spacing of the two antennas in wave
lengths. If other circumstances make it known that the vertical com-

I Thus see H. T. Friis, C. B. Fcldroan. and W. M. Sharplcss, The Determination of 
the Direction of Arrival of Short Radio Waves, Proc. IRE, vol. 22, p. 47, January, 
1934; H. T. Friis, Oscillographic Observations on the Direction of Propagation and 
Fading of Short Waves, Proc. IRE, vel. 16, p. 65S, May, 1925; A. F. WHltins, Measure
ment of the Angle of Incidence at the Ground of Downceming Short Waves from the 
Ionosphere, J. lEE, vol. 74, p. 582, 1934 (also Wirele88 Sec., vel. 9, p. 154, June, 1934); 
Frederick E. Brooks, A Receiver for Measuring Angle-of-arrival in a Complex Wave, 
Proc. IRE, vol. 39, p. 407, April, 1951. 

1 From the geometry of Fig. 1 1-S, the voltage induced in a.ntenna At la.ga behind the 
voltage induced in antenna A I by the time it takes the wave to travel the distance 
al - d1 cos 8\. But this distance corresponds to ad>.. cycles, so aJ = 211:01/>... Fqua
tion (11-12) then fonows by combining these two relations to climinate 01. 
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ponent of the angle of arrival is relatively small (such as 15° or less), then 
Eq. (11-12) gives the azimuth direction of arrival with considerable 
precIslOn. 

An absolute determination of the direction of arrival can be obtained 
by observing the phase difference of the voltages induced in a second pair 
of antennas A 2  and A a  arranged in the horizontal plane, at right angles to 
the first pair/· as illustrated in Fig. 1 1 -8, where antenna A2 is a member of 
both the first and second pairs. The phase difference a, between the 
voltages induced in the antenna pair A2A3) corresponds to a wave arriving 
somewhere along the conical surface that makes an angle O2 with the axis, 
A2A3) where 

cos 6, = 
2 .. d,jX �1l-)3) 

As before a2 is in radians, and d2/X is the spacing of antennas A2 and Aa in 
wavelengths. When the axis A2Aa is known to coincide with the azimuth 
direction of arrival, then the angle 6, given by Eq. (1 1-13) is the vertical 
angle of arrival. However, in the more general case, the absolute direc
tion of arrival, including both azimuth and elevation, is given by the 
intersection of the two conical surfaces defined with the aid of Eqs. (11-12) 
and (1 1-13), and the axes AlA, and A,A,. 

The phase difference between the voltages induced in two antennas may 
be determined in a number of ways. One procedure is to bring the two 
voltages to a common point through transmission lines of the same length, 
and measure phase by balancing the two voltages against each other with 
the aid of a phase shifter and attenuator, in the manner illustrated in 
Fig. 6-27. An alternative procedure consists in amplifying the induced 
voltages and applying the two outputs to the vertical and horizontal 
electrodes, respectively, of a cathode-ray tube to produce a Lissajous 
figure as in Fig. 6-24. A modification of this latter arrangement involves 
using superheterodyne receivers employing a common local oscillator; by 
arranging so that the local oscillator voJtages applied to the two receivers 
have identical phase, then as explained in Sec. 6-9 the intermediate
frequency voltages in the two receivers will have the same phase differ
ence as existed in the radio-frequency voltages induced in the antennas. 

Polarization of Radio Waves. The plane perpendicular to the direction 
of travel of a radio wave is termed the wavefront. The compbnent of the 
electric vector that lies in the wavefront and is parallel with the earth is 
termed the horizontally polarized component of the wave. Similarly, 
the component of the electric vector that is in the direction perpendicular 
to the horizontal component and lies in the plane of the wavefront, is 
termed the vertically polarized component. When the vertical and 
horizontal components have the same phase, the wave is plane-polarized, 
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while when the two components have a different phase, the wave is said 
to be elliptically polarized. 

. 

Elliptical polarization is characterized by the fact that the resultant • 

electrostatic (and magnetic) field never at any instant has zero amplitude; 
rather, the resultant field rotates in the plane of the wavefront about an 
axis perpendicular to the wavefront at a rate corresponding to the fre
quency of the .. wave, while at the same time pUlsating in amplitude. The 
resultant field produced by elliptical polarization can therefore be repre
sented by a rotating vector of varying length as illustrated in Fig. 1 1-9. 
The field can never be zero because the vertical and horizontal com
ponents do not become zero at the same instant. 

li>cfor resulfanl 
afdirrerenf 
parts of' cycle '--

Phase d/rference cc hdween Ev and EM 
wctor.s is ()(. .  sin-It 

FIG. 11-9. Diagram illustrating electric field components of an elliptically polarized 
wave, when the wavefront is in the plane of the paper. 

The strength of the horizontally polarized component of a wave may be 
measured by utilizing a standard antenna that is horizontal, and oriented 
in a. direction at right angles to the direction in which the wave is travel
ing. The vertica.l component can be similarly measured by using an 
antenna that is perpendicular to the horizontal component and tilted so 
that it lies in the wavefront. When the vertical angle of arrival of the 
wave does not exceed about 20°, it is permissible to neglect the vertical 
angle of arrival and measure the vertically polarized component on a 
vertical antenna. The phase difference between the voltages induced in 
the vertically and horizontally polarized antennas, measured in any con
venient way, is the angle c< in Fig. 11-9. If this phase difference is zero, 
the wave is plane-polarized ; otherwise, the polarization is elliptical. The 
sense of the polarization, i.e., the direction in which the fields appear to 
rotate in the wavefront, can be obtained by determining whether the 
voltage induced in the horizontal antenna leads or lags the voltage 
induced in the vertical antenna.1 

1 A different method of obtaining information about elliptically polarized waves is 
described by A. L. Grcen, The Polarization of Sky Waves in the Southern Hemisphere, 
Proc. IRE, vol. 22, p. 324, March, 1934. 
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Wave Tilt of Ground Wave. . In a ground wave moving over the surface 
of the earth, the electric vector is vertical only if the ground is a perfect 
conductor. With a practical ground, there is always a small horizontal 
component of electric force in the direction of propagation. This phe
nomenon is referred to as wave tilt, since the horizontal vector in a vertical 
plane perpendicular to the wavefront, combined with the much larger 
vertically polarized component of the wave, causes the resvltant electric 
vector to be tilted forward. In addition, the horizontal component of 
the ground wave is generally slightly out of phase with respect to the 
vertically polarized component, so that the resultant electric vector is 
elliptically polarized in a plane parallel to the direction of travel along 

HorizonlR! 
n· ; ' componenf v,rec ,on I1 1'1 olfrpvel---r I 4=------.-r &"li7f(lng/� 

l I Double! qrienfed 
r t for mInimum Vert/cfJ/ I I I response 

componenf : I Resllllonf IJ� 
direcfion � 

AXIS of 
rO/f.lf,on 

FIG. 11-10. Diagram illustrating the tilt of 8. ground wave. 

the horizontal, as illustrated in Fig. 11-10. The angle 6 of the major 
axis of this ellipse with respect to the vertical is termed the wave tilt. 
The magnitude of the wave tilt, and also the phase difference between the 
vertically and horizontally polarized components, is determined by the 
conductivity and dielectric constant of the earth, and the frequency. 1 

Values of tilt typically encountered range from a maximum of 10 to 20° 
at high frequencies where the earth's impedance is primarily capacitive, 
to quite small values when the frequency is low and the earth is resistive. 
When the earth is primarily resistive, then the tilt angle is less the lower 
the frequency, and for a given frequency the tilt becomes greater the 
lower the ground conductivity. 

The phase angle between the vertically and horizontally polarized 
components of the ground wave can never exceed 45°. This phase differ
ence is largest at the lower frequencies and with high conductivity. 

The tilt angle 6 of a ground wave can be measured by the aid of a 
douhlet antenna so mounted that it can be rotated about a horizontal 

I For details see K. A. Norton, The Propagation of Radio Waves over the Surface 
of the Earth and in the Upper Atmosphere, Proc. IRE, vol. 25, p. 1203, September, 
1937. 
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axis that is perpendicular to the horizontal direction of wave travel. l 
The measurement is made by swinging the doublet about this horizontal 
axis until the signal strength is mil).imum. This occurs when the doublet 
antenna is tilted slightly from the horizontal, as illustrated in Fig. 1 1-10, 
with the angle 0 corresponding to the tilt angle. The phase angle between 
the horizontally and vertically polarized components of the wave may be 
obtained by observing the phase difference between the voltages induced 
in two antennas, one of which is vertical while the other is horizontal and 
aligned so that it points in the direction in which the wave is traveling. 

11-8. Measurements on the Ionosphere. The long-distance propaga
tion of radio waves is controlled by the properties of the ionosphere.2 

1 ... � 
.� • " 

- - - - - - F2 laYl'r 
- - F'� layer 

- - - - - -FI layer 

- - E layer - E layer 

- - 0 layer (0) Usu�1 day (b) Usuod night 
conditions conditions 

Electron density '" 

- - F,/: iaYl'r, 

(c) Occasional night conditions 

FIG. 11-11. Schematic diagram illustrating the variation o( electron density with 
height ahove the earth under typical conditions. 

This ionized region begins at a height of above 80 km about the earth's 
surface, and is characterized by an electron distribution of the character 
illustrated schematically in Fig. 11-11. The maxima in this distribution 
are termed. layers. There are three such layers commonly associated 
with the ionosphere ; in order of ascending height these are designated by 
the letters E, F" and F" as illustrated in Fig. 11-11. The important 
characteristics of a layer are its height above the earth, and the maximum 
electron density associated with it. 

Pulse Technique for Investigating Ionosphere Charactenstics. The char
acteristics of the ionosphere are normally determined by the pulse method 
originated by Breit and Tuve.3 In this method, short wave trains lasting 
for perhaps 10-4 sec are transmitted toward the ionosphere. A receiver 

I Discussions of tilt measurements are given by E. W. B. Gill,. A Simple Method of 
Me8.8uring Electrical Earth-constants, Proc. lEE (Radio &:: Comm.), vol. 96, pt. n, 
p. 141, March, 1949 ; R. H. Barflcld, Some Measurements of the Electrical Constants 
of the Ground at Short Wavelengths by the Wave-tilt Method, J. TEE, vol. 75, p. 214, 
1934 (also Wireless Sec., vol. 9, p. 286, September, J 934). 

t For further information on the role of the ionosphere in radio propagation sce 
F. E. Terman, "Radio Engineers' Handbook," pp. 709-733, McGraw-HiIl Book Com
pany, Inc., New York, 1943. 

' G. Breit and M. Tuve, A Test of the Existence of the Conducting Layer, Phv!l. 
Rev., vol. 28, p. 554, September, 1926. 
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located in the immediate vicinity of the transmitter (commonly only a 
few feet away) is then used to pick up the transmitted wave trains, and 
also any wave trains returned from the ionosphere. The output of the 
receiver is presented in some manner by a cathode-ray oscillograph. 

When the receiver output is applied to the vertically deflecting plates 
of the cathode-ray tube, while a timing wave synchronized with the trans
mitted pulses is used to give horizontal deflection, the result is as shown 
in Fig. 11-12. The first pulse is the outgoing transmitted signal, while 
the remaining pulses represent reflections from the various layers, or in 
some cases pulses that have made more than one round trip between the 
earth and a particular layer in the ionosphere. The time delay of the 
pulses returned from the ionosphere can be interpreted in terms of an 
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FIG. 1 1-12. Examples of the oscillograms received when a. transmitter is within 
ground-wave range, and the transmitted signal consists of a pulse formed by a short 
wave train. 

equivalent or virtual height, on the basis that the wave travels with the 
velocity of light. For example, a time delay of 1 msec corresponds to a 
distance of 300 km for a wave traveling with the velocity of light. Since 
the wave travels from earth to ionosphere and back to earth, such a time 
delay represents a virtual height of 150 km. The actual height reached 
by the pulse will, however, be somewhat less than the virtual height, since 
the velocity with which the wave travels when in the ionized region is less 
than the velocity in free space. The difference between the actual and 
the virtual height is not great, however, unless the frequency of the wave 
is close to a critical frequency. 

When the frequency of the transmitted pulses is varied, the virtual 
height of the layer will depend upon frequency in the general manner 
illustrated in Fig. 11-13. As the frequency is increased, the curve of 
virtual height is characterized by discontinuities represented either by a 
sudden jump, or by crinkles such as occur at each end of the segment 
representing the FI layer in Fig. 11-13. Such a discontinuity or crinkle 
corresponds to a frequency at which the wave is just barely able to pene
trate the layer. The corresponding frequency is termed a critical fre
quency, and is related to the maximum electron density df the layer 
according to the equationl 

I Actually eacb layer has two possible critica.l frequencies as a result of the fact that 
Do wave propagating in an ionized region in tbe presence of a magnetic field (from the 
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Maximum electron density of ) 
layer in electrons per cc 

where fc is the critical frequency in kilocycles. 

[CHAP. 11  

(11-14) 

When information such as given by Fig. 1 1-13 is available from vertical
incidence pulse tests, it is possible to deduce the behavior of the iono
sphere for oblique incidence.1 These same data also makes it possible 
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FIG. 1 1-13. Reproduction of experimentally observed curves of virtual heiJht as a 
function of frequency, showing ordinary and extraordinary rays, E, FJ, and F� layers, 
and large time retardations in the vicinity of each critical frequency. 

to estimate the true height of the layer, and the distribution of electron 
density within the ionosphere.2 

Apparatus for Making Pulse Studies of the Ionosphere.' Ionosphere 
tests are made with the aid of an ordinary transmitter that is pulse
modulated, and has a peak power in the range 1 to 10 kw. The pulse 
length is usually about 100 �sec, and the repetition frequency is typically 
60 cycles. 

earth) is split into two components. These components, which are designated as the 
ordinary and extraordinary rays, travel along different paths with different velocities 
through the ionized medium, and hence have different virtual heights. Also the 
extraordinary ray has a. higher critical frequency than the ordinary ray, the differencc 
being about 730 kc for the higher frequencies. This is shown in Fig. 11-13. 

1 See Newbern Smith, The Relation of Radio Sky-�ave Transmission to Ionosphere 
Measurements, Proc. IRE, vol. 27, p. 332, May, 1939. 

t Thus scc H. G. Booker and A. L. Seaton, Relation between Actual and Virtual 
Ionosphere Height, Phys. Rev., vo!. 57, p. 87, Jan. 15, 1940; Laurance A. Ma.nning, 
The Determination of Ionosphere Electron Distribution, Proc. IRE, vol. 35, p. 1203, 
November, 1947; The Reliability of Ionospheric Height Determinations, Proc. IRE', 
vol. 37, p. 599, June, 1949. 

I For further discussion a.nd additional details see T. R. Gilliland, Note on a Multi
frequency Autom&.tic Recorder of Ionosphere Heights, Proc. IRE, vol. 22, p. 236, 
February, ]934; Ionospheric Investigation, Nature (London), vol. 134, p. 379, Sep
tember, 1931i T. R. GiIliland and A. S. Taylor, Field Equipment for Ionosphcre Meas
urements, J. Research Natl. Bur. Standards, vo!. 26, p. 377, May, 1941. 
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The associated receiver is ordinarily of the superheterodyne type, with 
a manual rather than automatic volume control, and with a bandwidth 
which may range from 10 to 40 kc. The receiver can be placed in the 
same room with the transmitter, and often uses the same antenna. As 
the receiver is then subjected to very high overloads by the transmitted 
pulse, it must be so designed that these overloads do not cause damage. 
It is also necessary that in the interval between the end of the transmitted 
pulse and the time the first ionosphere reflection returns, the receiver 
should be able to recuperate from any overloading, and be restored to 
normal sensitivity. The principal requirement for achieving this result 
is so to proportion all resistance-capacitance combinations in the receiver 
that they have a very small time constant RC. Abnormal charges 
received by the receiver condensers as a result of the action of the trans
mitted pulse can then be discharged very quickly. 

Multifrequency records of the type illustrated in Fig. 11-13 are obtained 
by simultaneously varying the frequency of the transmitter and receiver. 
Presentation is ordinarily by means of a cathode-ray tube, in which the 
horizontal deflection is produced by a voltage that is varied by the tuning 
control of the transmitter oscillator, and so indicates frequency. Vertical 
deflection is obtained by a saw-tooth deflecting voltage that is syn
chronized with the transmitted pulse j vertical deflection is accordingly 
proportional to time (or distance). The output of the receiver is applied 
to the control electrode of the cathode-ray tube, superimposed upon a 
bias such that in the absence of an incoming signal the cathode-ray spot 
is turned off. In this way, spots appear whenever a pulse is received, 
with the position of the spot along the vertical axis being determined by 
the time delay of the pulse, and hence by the virtual height. 

In making multifrequency records of the type illustrated in Fig. 11-13, 
it is necessary that the receiver be accurately tuned to the transmitter 
frequency as the latter is varied. Two methods have been used to 
achieve this result. The first of these is shown schematically in Fig. 
11-14. Here a fixed-frequency oscillator operating at the intermediate
frequency I, of the receiver (typically about 475 kc) is pulsed in some 
convenient manner. These radio-frequency pulses are then applied to a 
mixer tube, to which there is also applied voltage from a continuously 
operating oscillator that generates a variable frequency 10. The differ
ence frequency 10 - " produced by the mixer is selected by a tuned 
circuit in the output of the mixer, and applied to a power amplifier that 
delivers power to the transmitting antenna. At the same time, output 
from the continuously operating oscillator is used as the local oscillator 
for the mixer of the receiver. The mixer hence always generates the 
desired intermediate frequency irrespective of the transmitted frequency, 
provided only that the intermediate-frequency oscillator maintains its 
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assigned frequency to within a few kilocycles. It will be noted that no 
oscillator in the system operates at the frequency that is to be received, 
and furthermore, the intermediate-frequency oscillator operates only 
when pulses are being transmitted. In this way there is DO interference 
with the reception of the relatively weak pulses returned from the iono
sphere. In this system it is necessary that the tuned circuit of the power 
amplifier, and also that the radicrfrequency circuits (if any) of the mixer, 
be mechanically ganged with the tuning control of the variable-frequency 
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FlO. 11-14. Interlocking system for producing and recQiv.ing pulses for ionosphere 
investigations. 

oscillator. However, these circuits ca.n be broadly tuned, and since they 
do not control a.ny frequency in the system, failure to track exa.ctly merely 
reduces the amplitude of the pulses slightly. 

In a modified form of this equipment 1.2 the intermediate frequency is 
chosen as 30 Mc, while the oscillator fo is varied from 31 to 55 Mc, thus 
producing a difference frequency ranging from 1 to 25 Mc. Wide-band 
techniques are used in the mixer, power-amplifier, and radi(�.frequency 
circuits of the receiver such that the entire frequency range of 1 to 25 Mc 
is passed without tuning. This greatly simplifies the equipment by 

I See Peter G. Suber, Sweep Frequency Ionosphere Equipment, J. Applied Phys., 
vol. 20, p. 187, Februa.ry, 1949. 

t Still a.nother variation involving a double frequency conversion in both transmitter 
a.nd receiver, is described by T. L. Wa.dley, A Single-ba.nd 0-20 Mc/s Ionosphere 
Recorder Embodying Some New Techniques, Proc. lEE (Radio &:: Comm), vol. 96. 
pt. HI, p. 483, November, 1949. 
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covering the entire frequency range in a single band, and by making 
mechanical ganging unnecessary; also the use of an intermediate fre
quency higher than the highest frequency to be transmitted eliminates 
most of the complications that might otherwise arise from harmonics of 
the intermediate frequency. 

The second type of multifrequency ionosphere equipment uses a differ
ent manner to solve the problem of tracking the transmitter and receiver. 1 
Here the transmitter employs a continuous-wave (not pulsed) oscillator 
which is swept through the full frequency range about 25 times per 
second. The Class C amplifier which is excited by this oscillator and 
develops the power that is to be radiated, is mechanically ganged with 
the receiver. The combination of Class C amplifier and receiver is then 
slowly tuned in such a manner as to cover the full frequency range in 
approximately I min. Each time the frequency of the oscillator passes 
through the passband of the Class C amplifier, a pulse is produced. At 
any particular time this pulse has a frequency corresponding to the fre
quency to which the Class C amplifier and receiver are tuned at the 
moment. This arrangement has the advantage that by designing the 
Class C circuits to be broadly tuned, close ganging of the transmitter fre
quency and receiver tuning is unnecessary_ The effective pulse length in 
this arrangement is the time it takes the transmitter sweeping oscillator 
to pass through the response band of the receiver. Thus if the oscillator 
frequency varies at the rate of 200 Mc per sec, and the receiver bandwidth 
is 20 kc, then the equivalent pulse length is about 20/200,000 � 10-' sec. 

lt is also possible to employ servo techniques to maintain tracking 
between transmitter and receiver. 2 Thus a voltage proportional to the 
tuning error between transmitter and receiver can be derived from a dis
criminator system, that after ampl.ification is used to drive a. servo motor 
that tunes the receiver in such a manner as to reduce the tuning error. 
The frequency of the transmitter is then varied by an independent motor 
drive, and the receiver tuning automatically follows the transmitter fre
quency with very little error. 

Multifrequency recording equipment is commonly operated with a 
fixed receiver gain that is manually adjusted to a suitable value. There 
is, however, some advantage in using an instantaneously acting auto
matic volume control that will reduce the receiver gain for the stronger 
pulses, thereby making it possible to obtain a more uniform and cleaner 
presentation.3 Interference from contintl;ous-wave signals can be largely 

1 See H. A. Thomas and R. G. Chalmers, An Improved Ionospheric Height Recorder, 
J. lEE (Radio Sec.), vol. 95, pt. III, p. 7, January, 1948. 

t For details, see R. Naismith a.nd R. Bailey, An Automatic Ionospheric Recorder 
for the Frequency Range 0.55 to 17 Mc/s, Proc. lEE, vol. 98, p. 11, January, 1951. 

J See Sulzcl', lac. eiL 
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eliminated by introducing a differentiating circuit in the output of the 
receiver so a!Tanged that the pulse actually applied to the control elec
trode of the cathode-ray tube is the differentiated incorrilng signal. In 
this way, pulses will produce a large indication because of their rapid rise, 
whereas continuous-wave signals with voice modulation, or telegraph 
signals, are greatly discriminated against. 

The antenna system used with a multifrequency arrangement must 
have a broad-band characteristic. It must also be designed to radiate 
as much power as possible directly upward, since it is only this part of the 
power which produces a useful result. A common arrangement is a 
horizontal half-wave antenna placed at a height above ground that does 
not approach too closely a half wavelength at the highest frequency to be 
radiated ; if the height is exactly a half wavelength tben the ground reflec
tion cancels the upward radiation. A wide-band characteristic can be 
obtained by constructing the dipole in the form of a cage of wires of rela
tively large diameter. In this way, the reactance component of the 
antenna impedance is greatly reduced, thereby making it possible to 
obtain a fairly satisfactory impedance match to a transmission line over 
a wide range of frequencies. It is also possible to use a directional 
antenna in which the main beam is directed upward; vertical rhombic 
antennas are particularly attractive for this purpose because of their 
inherently wide-band characteristic.1 

Special pT.oblems are involved when an attempt is made to extend the 
pulse technique to very Iow frequencies, such as 100 kc. Single-frequency 
pulse-measuring equipment which has been found satisfactory for pulse 
studies at the lower radio frequencies is described by Relliwell.' 

Miscellaneous Methods of Investigating the Ionosphere. While the pulse 
method of Breit and Tuve is tbe most widely used means of studying the 
ionosphere, other techniques have been employed and have their uses. 

In one of these, the frequency of an unmodu1ated carrier is very slowly 
varied, and the changes in signal strength noted at a fixed receiving point 
where the strength of the ground and sky waves are of the same order of 
intensity. These variations are chara,cterized by regular maxima and 
minima, as illustrated in Fig. 11-15, provided there is only one sky-wave 
reflection present. From a knowledge of the frequency increment IlJ 
required to go from one maximum to the next, together with a. knowledge 
of the distance between transmitter and receiver, onc can determine the 
length of the path followed by the sky wave on the assumption that the 
sky wave travels with the velocity of light, and so can obtain the virtual 
height. This method was used to obtain the first experimental proof of 

1 See Thomas and Chalroers, wc. cit. 
S R. A. Helliwell, Ionosphere Virtual Height Measurements a.t 100 Kilocycles, 

PrO(;. IRE, vol. 37, p. 887, August, 1949. 
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the existence of an ionosphere, 1 The method has the very serious prac
tical limitation, however, that if there is more than one sky-wave reflec
tion present, the interference pattern introduced at the receiving point 
with change in frequency becomes so complicated that it is difficult to 
interpret. The method is accordingly not generally suitable for high
frequency investigations, but is very satisfactory for studying the iono
sphere at low radio frequencies.2 

Another method of determining the virtual height of the ionosphere 
consists in observing the variations in field intensity as the distance 
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FIG. 11-15. Interference fringes pro
duced at receiving point when the 
transmitted frequency is varied, 
under conditions wbere there is only 
one sky wave of somewhat smaller 
intensity than the ground wave. 
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., � '-;,=-,-:-:-;---;---:o-;-...::..-Distance f rom transmitter 
FIG. 11-16. Schematic diagram illus
trating the" way in which the field 
intensity can be expected to vary 
with distance at moderate distances 
from a long-wave transmitter. 

between transmitter and receiver is varied.3 AB this distance increases 
the average field intensity will diminish, but superimposed upon this 
major trend will be oscillations as illustrated in Fig. 11-16. The field
strength maxima obtained in this way correspond to points at which the 
ground and sky waves are in the same phase, while the minima corre
spond to points where they are of opposite phase. From this pattern one 
can readily deduce the virtual height of the ionosphere, and likewise the 
reflection coefficient of the wave at the ionosphere. This method is suit
able only at the lower radio frequencies, where the wave paths are stable 
(i.e., no fading) . 

Still another method of determining the virtual height is to select a 
receiving point of the order of 200 to 400 km from the transmitter, and 
measure the angle of arrival of the downcoming wave refracted from the 

1 E. V. Appleton and M. A. S. Barrett, Nature (London), vo!. 115, p. 333, 1925. 
2 c. H. Smith, Indirect Ray Measurements on the Droitwicb Transmitter, Wireless 

Eng., vol. 14, p. 537, October, 1937. 
I See J. Hollingworth, Propagation of Radio Waves, J. lEE, vol. 64, p. 579, May, 

1926; J. E. Beat, J. A. Ratcliffc, and M. V. Wilkea, Experimental Investigations of 
Very Long Waves Reflccted from thc Ionosphere, Proc. Roy. Soc. (London), vol. 156, 
p. 614, September, 1936. 
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ionosphere. From this angle, and a knowledge of the distance to the 
transmitter, one can calculate a vITtual height provided that only a single 
downcoming ray is present. 

Theoretical studies show that the virtual heights obtained in these 
three ways are exactly the same as the virtual height obtained by tho 
pulse method. 

11-9. Measurement of Ground Constants. At radio frequencies the 
earth behaves like a condenser having a very conductive dielectric. It is 
thus characterized by a dielectric constant and a conductance. At the 
lower radio frequencies, the impedance offered by the earth is essentially 
resistive, while at the higher radio frequencies the dielectric effect pre
dominates and the earth tends to act as a capacitive impedance. 

The characteristics of the earth vary with the character of the soil, 
moisture content, etc.1 Dielectric constants of Boil typically range from 
5 for dry sandy soil, to about 30 for wet loam; corresponding conductivi
ties range from about lO-H emu for dry sandy soil, to more than 10-13 emu 
for wet loam. The frequency at which the transition from resistive 
impedance to capacitive impedance occurs depends upon the constants of 
the soil, but in general it can be said that at standard broadcast and at 
lower frequencies the earth is primarily resistive except when the con
ductivity is unusually low, while at appreciably higher frequencies the 
earth is primarily capacitive.2 

The constants of the ground can be determined in a number of ways. 
Thus one can take samples of the earth and measure their characteristics 
just as one would measure the characteristics of any other dielectric.' 

1 The frequency is also important unless the earth is homogeneous to a considerablc 
depth. This is because the effective depth to which currents in the earth penetrate 
increases with decreasing frequency. Thus measurements made at high frequencies 
sample only that part of the earth near the surfacc, while at increasingly low fre
quencies an experimental determination averages the earth characteristics'to pro
gressively greater depth. Information on earth penetration is given in F, E. Terman, 
"Radio Engineers' Handbook," p. 697, McGraw-Hill Book Company, Inc., New York, 
1943. 

I The power-facwr angle f1 of thc earth is given by the equation 

• 
tan f1 -= Sax X 1012 

where (T - earth conductivity, emu 
f .", dielectric constant of earth 

X ... wavelength 

(11-15) 

If this angle is of the order of 25 deg or less, the earth can be considered as primarily 
rcsistive, while if it is 60 deg or more, the earth can be regarded as primar·ily capacitive . 

• For further discussion and details, see C. B. Feldman, The Optical Behavior of 
the Ground for Short Radio Waves, Proc, IRE, vo!. 21, p. 764, June, 1933; R. Is. 
Smith-Rose, Electrical Measurements on Soil with Alternating Currents, J. lEE, 
vo!. 75, p. 221, 1934 (also Wirele.s.s Sec., vol. 9, p. 293, September, 1934). 
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This method has the disadvantage, however, that the earth may not be 
homogeneous, so that there is always an uncertainty as to how representa
tive any particular sample is. 

At broadcast and lower frequencies, where the ground is primarily 
resistive, the conductivity of the ground is commonly obtained by 
measuring the ground wave at progressively increasing distance from 
the transmitter. If the earth were a perfect conductor the field strength 
would be inversely proportional to distance. However, the field actually 
observed decreases more rapidly than this as a result of the finite ground 
conductivity. The ratio A of the actual field strength to the field 
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FIG. 11-17. Factor A which takes into account the effect of ground losses and capaci
tance on the amplitude of the ground wave (earth curvature neglected). 

strength for an ideal ground of infinite conductivity is related to the 
ground constants according to the theoretical curves of Fig. 11-17.' 
To determine the conductivity one makes a reaso:.J.able but rough guess 
for the dielectric constant of the earth, and then determines the value of 
conductivity that will give the best agreement between the observed and 
theoretical values of A. The result  obtained at broadcast frequencies is 
only slightly dependent upon the dielectric constant used; so the method 
gives a reliable determination of the average conductivity. This method 
is Dot particularly satisfactory at the very low radio frequencies, however, 
as then the reduction of ground-wave intensity introduced by the ground 
conductivity is too small to be determined accurately unless the distance 
is so large that. the curvature of the earth cannot be neglected. 

1 For further discussion see F. E. Terman, " Radio Engineers' Handbook," p. 676, 
McGraw-HilI Book Company, Inc., New York, 1943. 
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Another method of determining the ground constants is from the tilt 
that the ground wave possesses. 1 In particular, if the frequency is high 
enough to make the earth primarily capacitive, then 

1 
tan 8 � - (11-16) V. 

where 8 is the tilt angle (see Fig. 11-10), and , is the dielectric constant of 
the ground. Similarly, if the frequency is low enough for the earth to he 
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FIG. 1 1-18. Determination of ground characteristics by exploring the standing-wave 
pattern produced at very high frequencies between an elevated transmitting antenna 
and the earth. 

primarily resistive, then the conductance is related to the tilt angle (j by 
the equation 

1 tan 8 � --;��77''''''c; 
y12uA X 10" 

(11-17) 

where X is the wavelength in meters, and (1' is the conductivity in emu. 
At wavelengths of a few meters, the dielectric constant of the ground 

may be cOllveniently measured by the arrangement illustrated in Fig. 
11_18.2 Here, a horizontal transmitting antenna is placed at a moderate 
height above earth, such as 40 ft. The field that exists in the space 
directly below the radiating antenna is then explored by an untuned 
probe a.ntenna. provided with a crystal detector and indicating meter. 
The combination of the reflected wave from the ground, and the incident 

I See Barfield, loco cit.; Gill, loco cit., Feldman, loco cit.; Norton, loco cit. 
S See J. S. McPetrie and J. A. Saxton, The Electrical Properties of Soil a.t Wa.ve

lengths of 5 Metres and 2 Metres, J. IEE (Radio Sec.), vot. 92, pt. Ill, p. 256, Decem
ber, 1945; The Determination of the Electrical Properties of Soil at a Wavelength of 
5 Metres (Frequency 60 Mc/a), J. lEE ( Wireless Sec.), vol. 90, pt. Ill, p. 33, March, 
1943. 
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wave from the transmitting antenna, causes the resultant field in the 
space to vary with the height of the exploring antenna, with maxima and 
minima being present exactly as in the case of the voltage distribution on 
a transmission line possessing a reflected wave. The dielectric constant 
E is then given by the relation 1 

_ (Sm .. )' , - --
8ml .. 

(11-18) 

where (S_./Sm'.) is the standing-wave ratio of the field distribution in the 
space between the antenna and ground, as observed near the ground. It 
is theoretically possible also to obtain the conductivity of the ground if . 
one in addition knows the position of the minima of the standing-wave 
pattern with respect to the reflecting ground surface. However, the pre
cision required to obtain only a reasonably satisfactory value of conduc
tivity is much greater than it is practical to achieve experimentally, 
particularly when one takes note of the uncertainty that exists as to the 
exact position of the effective reflecting plane at the surface of the ground. 

1 This follows from the fact that the reflection coefficient corresponding to a stand� 
jog-wave ratio Sm&7../SrnIQ is [(Sm .... /Sml .. ) - 11/( SmpjS",; .. ) + I], while the reflection 
coefficient {or a. wave striking a capacit,ivc earth with vertical incidence is (V; - 1/) (V; + I), Tha earth can be considered as capacitive because the wave
length is only a few meters. 



CHAPTER 12 

LABORATORY OSCILLATORS 

12-1. Special Considerations Involved in Laboratory Oscillators. 
Test. or " hench 1 1  oscillators for laboratory use must meet requirements 

. that differ greatly from those associated with power oscillators. Only a 
nominal amount of power is required, typically 0.1 to 10 watts, so that 
efficiency is not important. Instead, the design is controlled by such 
considerations as ease of tuning over a wide frequency range, ease of 
modulating, frequency stability, freedom from harmonics, constancy of 
output over a wide frequency range, etc. 

Laboratory oscillators for audio and the lower radio frequencies are 
used for testing audio and' video amplifiers and circuits, for modulating 
radio-frequency test oscillators, etc. They are often continuously tun
able over wide frequency ranges, typically of the order of 1000 to 1 or even 
more. A good wave shape that is also independent of the load imped
ance is essential. The frequency m�st likewise be independent of the 
load impedance, reasonably stable, and free of short-time drifts. The 
output power is customarily obtained from an untuned Class A amplifier 
excited by the oscillator. In this way the oscillator is isolated from the 
load so that the frequency, amplitude, and wave shape of the generated 
oscillations are unaffected by load impedance. Distortion in the Class 
A amplifier is minimized by the use of a generous amount of negative 
feedback, combined with conservative operation so that the Class A ,  
amplifier is only moderately loaded even when developing the full rated 
output of the system. 

Laboratory test oscillators very commonly include Bome means for con
trolling the amplitude of the generated oscillations. It is possible in this 
way to obtain an amplitude that is substantially constant over a wide 
frequency range. .Amplitude control can also be used to ensure excellent 
waveform by limiting the oscillations to the linear part of the oscillator 
tube characteristic; this also generally results in improved frequency 
stability. 

12-2. Resistance-capacitance-tuned Oscillators.' The most common 
type of tunable laboratory oscillator used for frequencies up to about 

1 F. E. Terman, R. R. Buss, W. R. Hewlett, and F. C. Cahill, Some Applications or 
Negative Feedback with Particular Rererence ot Laboratory Equipment, Proc. IRE, 

482 
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200 kc is the resistance-capacitance-tuned type illustrated schematically 
in Fig. 12-1a. In such oscillators, the frequency is determined by the 
reeistance-capacitance network R1R2C1C2 that provides regenerative 
coupling between the output and input of the two-stage amplifier, as 
shown. By proportioning tbe network so that R,C, = R,C, under all 
conditions, the ratio of voltage developed acroSS the input (point b) of 
the amplifier, to the voltage existing across the amplifier output (point a), 
varies with frequency as shown in Fig. 12-1b. Oscillations tend to take 
place at the frequency at which this curve is a maximum . 
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FIO. 12-1. Resistance-capacitance-tuncd oscillator. 

The amplitude of the oscillations is limited by using an incandescent 
lamp to supply the resistance Ra in the resistance voltage divider R3R( 
that provides negative feedback in the amplifier. The resistance R, 
increases with the temperature of the lamp filament, and so becomes 
greater as the current through the lamp increases. In the absence of 
oscillations the lamp resistance is accordingly a minimum, causing the 
negative feedback to be small. The amplification of the system is then 
large and oscillations begin building up. However, the oscillations cause 
a corresponding alternating current to flow through R3• This increases 
the lamp resistance, which reduces the amplifier gain by making the nega
tive feedback greater, and thus decreases the tendency to oscillate. 
Through this mechanism, the oscillations will stabilize at an amplitude 
that is substantially constant under widely varying conditions, and 

vol. 27, p. 649, October, 1939j C. A. Cady, A Wide-range Oscillator for Audio a.nd 
Supersonic Frequencies, Gen. Rad. Expt., vol. 22, p. 1,  November, 1947; H. H. Scott, 
A New Type of Selective Circuit and Some Applications, Proc. IRE, vo!. 26, p. 226, 
February, 1938; A. R. A. Randall and F. A. Peachey. Variable A. F. Portable Oscil
lator, Wireless Eng., vo!. 25, p. 37, February, 1948. 

An excellent discussion of the practical considerations involved in the resistance
capacitance oscillator is given by Brunton Bauer, Design Notes on the Resistance
capacitance Oscillator, HewleU-Packard J., vol. I, November, December, 1949. 
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which by proper design can be a value that represents operation over 
a portion of the tube characteristics that is substantial1y linear,l 

In analyzing the resistance-capacitance-tuned oscillator one can con
sider that the network R,R,R,R.C,C, forms a Wien bridge, as illustrated 
schematically in Fig. 12-2. The amplified output is applied across one 
pair of diagonally opposite corners of this bridge, while the amplifier 
input is obtained from tbe other diagonally opposite corners. The 
regenerative coupling between the amplifier output and its input termi
nals is accordingly determined by the extent of unbalance of the bridge. 
When the oscillations are just starting to build up, the resistance R. is 

R, Two-s/a t: amp/lfier 

--
- ) oE-___ .f--�,,--+"G-�--V Amphr/er 

output 

L()Imp 
Amp/ifier 

input 

FIG. 12-2. Resistance-ca.pacitance oscillator of Fig. 12-1 redrawn to show that it is 
equivalent to an amplifier in which the output is coupled to the input through a. Wien 
bridge. 

smaller than the value required to balance the bridge, so that very con
siderable transmission takes place from amplifier output to input. How
ever, as the amplitude of the oscillations builds up, the resistance R, 
increases as explained above. This brings the bridge closer to balance, 
reducing the coupling between amplifier output and input, and thereby 
reducing the tendency to oscillate. The result is ultimately a stabiliza
tion of the oscillations at an amplitude such tbat the bridge is almost but 
not quite balanced.2 

In practical resistance-capacitance-tuned amplifiers it is customary to 
make R, � R, � R and C, � C, � C. Under these conditions the fre
quency of oscillation is given by the equation 

1 
Frequency � 'lnrRC 

(12-1) 

I A theoretical analysis of the behavior of the lamp, taking into account its thermal 
time constant, is given by W. H. B. Cooper and R. A. Scymour, Temperature
dependent Resistors, Wireless Eng., vol. 24, p. 298, October, 1947. 

t A general theoretical consideration of oscillators of this type is presented by W. O. 
SherHterd aod R. O. Wise, Variable-frequency Bridge-type Frequency-stabilized 
Oscillators, Proc. IRE, vol. 31, p. 256, June, 1943; also see W. A. Edson, Intermittent 
Behs.vioT in Oscillators, Bell System Tech.. J., vol. 24, p. I ,  January, 1945 . 

• 
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Condensers C, and C, can conveniently be supplied by gang-tuning con
densers such as used in standard broadcast receivers. Typical maximum 
capacitances used are 500 to 2000 ��f, depending upon the size of the 
individual gangs, and whether or not two gangs are connected in parallel. 
Since the ratio of maximum to minimum capacitance of variable con
densers of this type is greater than 10, a frequency range of 10 to 1 ,  as for 
example from 200 to 2000 cycles, can be covered by a half turn of the 
shaft on which the condenser rotors are mounted. This results from the 
fact, as shown by Eq. (12-1), that the operating frequency with resistance
capacitance tuning is inversely proportional to the tuning capacitance, 
whereas in ordinary inductance-capacitance tuning it is inversely propor
tional to the square root of the tuning capacitance. 

Different frequency ranges may be covered while using the same vari
able capacitance by switching the resistances RI and R'J. to new values. 
In particular, changing these resistances by a factor such as 0.1 or 0.01 
will multiply the frequency by 10 or lOO, respectively, as is apparent from 
Eq. (12-1). However, if the different frequency ranges covered in this 
way are to track, i.e., if changing Rl and R" by a factor such as 0.1 is to 
change the frequency at every point on the scale by exactly 10, then it is 
necessary for the amplifier to have negligible phase shift over both fre
quency ranges involved. At low frequencies this can be obtained (1) by 
using very large screen and cathode by-pass condensers, or (2) by omit
ting cathode by-pass condensers and by obtaining the screen voltages 
from a resistance divider as in Fig. 12-1a, or (3) by compensating for the 
phase shift introduced by the by-pass condensers. At high frequencies, 
phase shifts can he minimized by designing the amplifier to have a very 
good high-frequency response, such that the top frequency for relatively 
uniform amplification is considerably higher than the highest frequency 
at which the oscillator is to operate. 

It is also possible to control the frequency of a resistance-capacitance
tuned oscillator by simultaneously varying the resistances R, and R" 
while leaving the capacitances Cl and C2 fixed. Such an arrangement is 
satisfactory when several fixed frequencies are to be available, since then 
the resistances can he changed by contacts operated from a switch or by 
push buttons. When a continuous variation of frequency is required, 
tuning by a variable capacitance is preferred to using a variable resist
ance, however, as in this way an absolutely continuous variation of fre
quency is obtained without contact trouble.l 

1 An ingenious means Cor setting up any desired frequency with high accuracy by 
the use of decade resistance switches, in which one switch controls the first digit of 
the desired frequency, while the second switch controls the second digit, etc., is 
described by Charles M. Edwards, A Precision Decade Oscillator for 20 Cycles to 
200 Cycles, Proc. IRE, vol. 39, p. 277, March, 1951. 



486 E LE C T R O N I C  M E A S U R E M E N T S  [CHAP. 12 

The practical lower frequency limit of a continuously tuned resistance
capacitance oscillator is limited by the largest practical value of variable 
air capacitance C, which is about 0.004 I'f, and the fact that the highest 
practical value of resistance R is of the order of 50 megohms. This leads 
to a minimum continuously variable frequency of s[ightly less than 1 
cycle per sec,l For frequencies below a few cycles, the thermal time 
constant of the lamp'

resistance R3 in Fig. 12-1a is such that the resistance 
of the lamp tends to follow the current variations of each cycle. This 
severely distorts the wave shape. If very low frequencies are to be 
generated it is hence necessary to use some other form of stabilizing resist
ance that possesses a larger thermal time constant than a lamp filament. 
This requirement can be met by including a thermistor as part of the 
resistance R .. , and making Ra a fixed resistance . 

. The highest frequency at which a resistance-capacitance oscillator will 
operate satisfactorily is limited by the low impedance at high frequencies 
of the network R,R,C,C, that shunts the plate circuit of the second tuhe 
of the amplifier, and by the phase shift introduced in the amplification hy 
this circuit when its impedance is low. Although oscillations may be 
obtained up to several megacycles by using video amplifier techniques, 
an upper limit of about 200 kc is typical for oscillators of this type when 
commercial requirements are to be met. When appreciably higher fre
quencies are desired, the phase-shift oscillator circuit of Fig. 12-3 is 
preferable. 2 

The resistance-capacitance-tuned oscillator has very desirable charac
teristics for labora.tory oscillator applications. It is inexpensive, simple, 
dependable, and compact. It can be built to operate at frequencies as 
low as a fraction of a cycle per second, and al:! high as 200 kc with con
tinuous coverage between these limits. When properly designed the 
harmonic content of the oscillator output is only a fraction of a per cent, 
and a substantially constant output is obtained irrespective of the fre
quency heing generated hy the oscillator. Finally, the frequency sta
bility is adequate for all ordinary applications, and in particular there is 

1 By deliberately designing tile two-stage amplifier so that the amplification is given 
a lagging phase shift at low frequencies, it is possible to reduce this lower limit still 
further. Thus when this phase shift is 45°, the frequency is. a.bout one-third of its 
value in the absence of such a phase shift. 

Still lower frequencies can be reached by using for Cl and Ct fixed condensers 
of 0.01 �r or larger (or step variable condellBCrs) tha.t ha.ve extremely low leakage 
resistance. 

2 A form of resistance-tuned oscillator in which the Wien bridge is replaced by a 
bridged-T network is also more suitable for use at high frequencies than the circuit of 
Fig. 12-1; see Peter G. Suber, Wide-range R-C Oscillator, Elutronic8, vol. 23, p. 88, 
September, 1950. 
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no significant drift of the frequency at low-frequency settings, such as 
characterizes the beat-frequency oscillator. 

12-3. Phase-sbift Oscillators.' A typical phase-shift oscillator con
sists of a single amplifier tube in which the plate circuit is connected to 
t.he control-grid circuit through a resistance-capacitance network that 
produces a phase-shift of 180°. In this way the amplified output is fed 
back to the control electrode in exactly the phase that is required to pro
duce sustained oscillations. 

c c C c c c C 

Rc R R R Rc R R R R 

""" +Eb +Eb 
(01 ( bl 

BlocJrinq ccndenser 

R R R C,  C, C, 

C C C 
Rc R, R, r., 

""" +Eb 
R , < R2 < RJ 
C, > Cz > CJ 

( c )  (cl ) 

FIG. 12-3. Schematic circuits of va.rious forms of phase-shift osciUa.tors. 

A common circuit arrangement for a phase-shift oscillator is shown 
schematically in Fig. 12-3a. In this particular instance, the phase-shift 
network is composed of three identical resistances R, and three identical 
condensers C. In such an arrangement, and assuming R »  Rc, the 
required lSO° phase shift is obtained when the frequency has the value 

1 Frequency = --''=-=-c: z.. yl6 RC 
(12-2) 

For this condition the attenuation of the resistance-capacitance network 
is 29 ; accordingly if the amplification introduced by the tube equals or 
exceeds 29, the system will oscillate at the frequency given by Eq. (12-2). 

l E. L. Ginzton and L. M. HoJlingsworth, Ph�s�-shirt Oscillators, Proc. IRE, 

vol. 29, p. 43, February, 1941 j also discussion by A. Blancbard, Proc. IRE, vol. 32, 
p. 641, October, 1944. 
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The actual circuit details of a phase-slllft osciHator may take a great 
variety of forms. Thus the number of resistances and capacitances in 
the phase-shift network may be more than three, as in Fig. 12-3b; more 
sections mean greater circuit complexity but less network attenuation 
for lSO° phase shift, and hence less amplifier gain. It is also possible to 
interchange the resistances and the capacitancesJ as shown in Fig. 12-3c. 

L--t====1==:t-_--1_+Eb 

CI)o)o C 
Aufomalic ampl/fude 

confrol vo/fuge 

! 3uIomafic lImp/ihJd. I +Eb .....- control system L _ _ _  De/�vollrlR': _ _ _ _  J 
FIG. 12-4. Form of pbase-shift oscillator partiCllilarly suitable for operation at hign 
frequencies. This arrangement also can be used to generate three-phase oscillations. 
Automatic amplitude control is shown. 

AgainJ one may taper the resistance-capacitance network as indicated in 
Fig. 12-3d. Tapering in this way has the advantage of giving the 
required phase shift with less total attenuation in the network, but has 
the disadvantage that tuning becomes more complicated because the 
circuit elements of one kind are no longer all identical. 1.2 

Another form of phase-shift oscillator is shown in Fig. 12-4, where each 
resistance-capacitance combination is separated by an amplifier tube. a 
Each stage in this particular arrangement is designed as an ordinary 

1 Phase-shift oscillators. with tapcred networks are discussed by P. G. Sulzer, The 
Tapered Pba.se-sbift Oscillator, Proc. IRE, vot. 36, p. 1302, October, ]948; Rodney 
W. Johnson, Extending the Frequency Range of the Phase-shift Oscillator, PrQC. IRE, 
vol. 33, p. 597, September, 1945. 

" Phase-ebift oscillators in which the frequency of operation is controlled by varying 
one, but only one, of the circuit elements of the phase-shift network, a.re discussed by 
W. C. Vaughan, Phase-shift Oscillator, Wirele"8 Eng., vol. 26, p. 391, December, 1949. 

I A variation of this arrangement involves using cathode-coupled amplifier stages. 
If in addition, vacuum tubes are used to control the plate currents, and bence the 
transconduetance of the catbode-coupled stages, the frequency obtained can be varied 
over 8. wide range simply by varying the grid bias of the control tubes. See Millard 
E. Ames, Wide-range Deviable Oscillator, Electronics, vol. 22, p. 96, May. 1949. 
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resistance-coupled amplifier with a mid-frequency gain of 2.0. The 
oscillations then occur at a frequency such that the reactance of the 
tuning capacitance C (including tube capacitances) is 0.5774 times the 
equivalent coupling resistance formed by R, shunted by the grid-leak 
resistance R2 and the plate resistance of the tube; at this frequency the 
gain per stage is 1 .0/60°. It is possible in this way to generate very high 
frequencies. Thus if the tube transconductance is 5000 pmhos, and the 
minimum tuning capacitance (including tube capacitances) is 50 J.l.p.f, the 
top oscillator frequency is 14.4 Mc. For a given setting of the tuning 
condenser, the frequency can be reduced by any desired factor, such as 
0.1 or 0.01 for example, by inserting a suitable resistance at points a, that 
proportionately increases the equivalent resistance in shunt with the 
condenser. 

The amplitude of the oscillations generated by a phase-shift oscillator 
must be controlled in such a manner as to prevent serious waveform dis
tortion. In many cases, it is sufficient to adjust the transconductance of 
the amplifier tube by varying the control-grid or screen voltages until 
oscillations are just barely able to start. The oscillations then build up 
until a small amount of nonlinearity introduced by the tube causes the 
amplitude to stabilize. Some waveform distortion is introduced in this 
way, but if the initial adjustment is such that oscillations are barely able 
to start, the distortion will be very small. 

When extremely pure waveform is required, then some form of auto
matic amplitude control is essential. An example of such a control is 
given in Fig. 12-4, where the oscillations are amplified by tube T. and 
then rectified by diode T Ii to provide an automatic-volume-control sys
tem with delay, that controls the bias of the amplifier tubes T" T" and 
Ta. In this way oscillations can be stabilized at an amplitude corre
sponding to operation on a linear portion of the tube characteristics. It 
is also possible to employ an incandescent lamp or a thermistor arrange
ment for limiting the amplitude.' 

The phase-shift oscillator is an alternative to the resistance-capaci
tance-tuned oscillator, and the two have many points of similarity.2 In 
practice, however, resistance-capacItance-tuned arrangements are nor
mally used for variable-frequency oscillators up to about ZOO kc, while 
phase-shift oscillators find use in this frequency range primarily as fixed-

1 Thc problem of avoiding self.·oscillation in such a. control system is analyzed by 
Edson, lee. cit. 

� For instance, since the frequency of both types is proportional to lIRe, 8.8 can be 
seen from Eqs. (12-1) and (12-2), it has proved feasible to build an oscillator with one 
multisection variable capacitor and one dial which tuncs in decades from 10 cycles to 
100 Kc in a resistancEH:apacitance circuit, and from 100 Kc to 10 Mc in a phase-shift 
circuit. 
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frequency oscillators. However, above ahout 200 kc, phase-shift oscil
lators of the type of Fig. 12-4 are preferable to resistance-capacitance
tuned arrangements for generating a continuously variable frequency. 

12-4. Beat-frequency Oscillators. In the beat-frequency oscillator, 
voltages obtained from two radio-frequency oscillators operating at 
slightly different frequencies are combined and applied to a mixer tube, 
as shown schematically in Fig. 12-5. The difference-frequency current 
that is thus produced represents the desired oscillations. The practical 
value of the beat-frequency oscillator arises from the fact that a small or 
moderate percentage variation in the frequency of one of the individual 
oscillators, such as can be obtained by rotation through half a turn of the 
shaft controlling a variable tuning condenser, will vary the heat- or 
difference-frequency output continuously from a few cycles per second 

I 
Radio-

Fixe-a 
frequency 

frequency DSCllfafors 
.... r----, VoriClbl� 

frequency 

OVfPIIT 

FIG. 12-5. Block diagram of beat-frequency oscillator. 

throughout the entire audio range, or through the entire video-frequency 
range. At the same time, amplitude of the difference-frequency output is 
substantially constant as the frequency is varied. 

The principal factors involved in the performance of the beat-fre
quency oscillator are the frequency stability of the individual oscillators, 
the tendency of the oscillators to synchronize at very low difference fre
quencies, the wave shape of the difference-frequency output, and the 
tendency for spurious beat notes to be produced. Frequency stability of 
the individual oscillators is important because any slight change in the 
relative frequency of the two oscillators will cause a relatively large change 
in the difference frequency. To minimize drift of the difference fre
quency with time, the individual oscillators should accordingly have high 
inherent frequency stability with respect to changes in temperature and 
to supply-voltage variations, and then should be as nearly alike elec
trically, mechanically, and thermally, as is possible. In this way, fre
quency changes will be small, and moreover, the frequency changes that 
do take place will tend to be the same in each of the individual oscillators, 
and so will have little effect on the difference in their frequencie.. It is 
particularly important in this connection that differential heating of the 
two oscillator circuits be avoided. Heat-producing components such as 
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rectifier tubes, etc., should be so located as to produce minimum tem
perature change in the resonant circuits of the two oscillators, and what 
temperature effects are produced should be the same in both oscillators. 

The two radio-frequency oscillators must be completely isolated from 
each other. If coupling of any type exists between the two oscillators, 
they will synchronize when the difference frequency is small. This makes 
it impossible to obtain very low values of difference frequency, and in 
addition causes an interaction between the oscillators that results in low 
difference frequencies baving a highly distorted wave shape. The neces
sary isolation at the mixer can be obtained by the use of buffer amplifiers, 
or by employing a very carefully designed pentagrid mixer, or both. 
Direct coupling between the oscillators can be prevented by proper shield
ing of coils, condensers, and tubes, and by placing filtering in leads. 

The wave shape of the difference-frequency voltage developed by the 
mixer output is determined largely by mixer distortion, provided that 
there is no tendency for synchronization to be present. To ensure lmv 
distortion, one of the voltages applied to the mixer, preferably the one 
derived from the fixed-frequency oscillator, should be considerably 
smaller than the voltage derived from the other oscillator, and is prefer
ably entirely free of harmonics. 

Beat-frequency oscillators are commonly troubled with spurious beat 
notes, sometimes termed It whistles " or It birdies." These effects are 
usually the result of cross modulation in the audio-frequency amplifier 
between high-order radio-frequency harmonics generated by the mixer. 
These spurious whistles often appear when the output frequency is high. 
At audio frequencies the behavior is such that, as the desired component 
of output frequency is varied through only a few hundred cycles, the out
put also contains a component (i.e., whistle) that begins at the upper 
limit of audibility, decreases in pitch through zero, and then rises in pitch, 
finally reaching the upper limit of audibility again. This action results 
from some particular combination of ha.rmonics of the radio frequencies, 
such as the tenth harmonic of the fixed frequency producing a beat note 
by cross modulation in the audio amplifier with the eleventh harmonic of 
the variable-frequency oscillator. These spurious whistles can be elimi
nated by operating the mixer so as to minimize the production of radio
frequency harmonics, and by using filters and shielding to prevent the 
harmonics that are generated in the mixer from reaching the amplifier 
tubes that follow the mixer. In this connection, it is helpful if the oscil
lator voltages applied to the mixer tube are relatively small. It is also 
desirable that the amplifier following the mixer be operated conserva
tively in order to minimize nonHnear effects that would contribute to 
cross modulation. 

A schematic diagram of a typical beat-frequency os�illator circuit is 
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shown in Fig. 12-6.1 In this particular arrangement, Hartley oscillator 
circuits are employed, with cathode-coupled buffer amplifiers. A penta
grid mixer is used, with the bias voltages on the two signal grids carefully 
adjusted in relation to the amplitude of the signal voltages applied to 
these grids to minimize both wave-shape distortion of the beat frequency, 
and the production of spurious whistles. The combination of isolating 
amplifiers and pentagrid mixer ensures complete freedom from coupling 
between the two oscillators, provided each individual oscillator is appro
priately sruelded, and provided filters are placed in the power leads 
entering the shielded compartments. The mixer is fol1owed by a low
pass filter to prevent radio-frequency oscillator harmonics generated by 
the mixer from being transmitted to tbe audio amplifier. For trus filter 

" F"ixeti� osci llator ,- - - - - - --, - - - - -, 

I +Ebj +EbL_ �� !..: _ _  -. 
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Auclio �r � ideo 

Ollfpuf , amplifI er 
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FIG. 12-6. Schematic circuit diagram of a typical beat-frequency oscillator. 

to be fully effective, it is necessary that the circuits associated with the 
mixer electrodes be effectively isolated from the amplifier portions of the 
system by appropriate shielding and by filtering of the power leads. 

The frequency at which the radio-frequency oscillators operate in a 
beat-frequency system is typically of the order of five to ten times the 
maximum difference frequency to be generated. Higber values accentu
ate troubles from drift in the frequencies of the oscillators, and are there
fore ordinarily avoided. Lower frequencies mean that tbe variable oscil
lator must be tuned over an undesirably large percentage frequency 
variation. 

In order that the calibration curve giving difference or output frequency 
as a. function of variable condenser setting may be as accurate as possible, 
arrangements are always provided in a beat-frequency oscillator for 

I For additional information see D. B. Sinc18,ir, Making a Good Instrument Better, 
Gen. Rod. Expt., vol. 23, June, 1948. 
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adjusting the frequency of the fixed oscillator to make some selected 
point on the calibration correct. When the radio-frequency oscillators 
are so well isolated from each other that they do not synchronize even . 
when the difference frequency is only a fraction of a cycle per second, the 
necessary adjustment can be carried out by turning the dial setting to 
zero frequency, and adjusting the beat frequency so that a meter in the 
mixer plate circuit shows beats approaching zero frequency. Alterna.-
tively, one may set the dial to 60 cycles, inject 6O-cycle voltage from the 
power supply into the system, and adjust the It fixed " oscillator until the 
beat frequency obtained approximates 60 cycles, as indicated by the slow 
waxing and waning of a neon lamp that is simultaneously subjected to 
both beat-frequency and power-frequency voltages. Immediately after 
such an adjustment is made, the frequency calibration of the beat-fre
quency oscillator is very accurate. With time, however, the frequencies 
of the two oscillators in the system may drift by unequal amounts, so 
that the calibration gradually becomes in error, particularly at low fre
quencies. It is therefore necessary periodically to check the adjustment, 
particularly when the oscillators are just warming up. This drift is one 
of the disadvantages of the beat-frequency oscillator. 

Beat-frequency oscillators once found wide use in audio- and video
frequency test work requiring a variable frequency. However, the less 
expensive, drift-free, simpler, and physically more compact resistance
tuned oscillator is now preferred for most laboratory applications in the 
audio-frequency and lower radio-frequency range. Also, phase-shift 
oscillators of the type shown in Fig. 12-4 have similar advantages at the 
higher video frequencies. However, the beat-frequency principle con
tinues to have fields of usefulness. For example, in automatic recording 
of a frequency characteristic, where it is necessary to cover a frequency 
range of more than 10 to 1 by a continuous rotation, rather than by a 
succession of rotations combined with operation of a decade range switch, 
the beat-frequency oscillator has no competitor. It is also useful when a 
relatively high radio frequency is to be swept through a very great fre
quency range; thus two reflex klystron oscillators operating at approxi
mately 25,000 Mc can be used to produce a difference frequency that 
covers the range 2000 to 4000 Mc. 

12-6. Audio Oscillators with Inductance-Capacitance Tuning. Sys
tems employing inductance-capacitance tuning find only limited use as 
laboratory oscillators for audio and the lower radio frequencies. This is 
because it is cumbersome to tune such circuits over the enormous fre
quency ranges commonly required in such test oscillators. However, 
inductance-capacitance tuning finds occasional use, particularly where 
the frequency stability of the resistance-capacitance, phase-shift, and 
beat-frequency oscillator systems is not adequate. 
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A number of circuit arrangements have been successfully used for 
audio-frequency laboratory oscillators of the inductance-capacitance
tuned type. One satisfactory arrangement consists of a Hartley, 
Colpitts, or similar oscillator operated 80S a Class A device with 
automatic amplitude control, as discussed in connection with Fig. 12-10. 
A second system is the bridge-stabilized oscillator of Fig. 12-12. Still 
another possibility is the two-terminal oscillator (see page 504), prefer
ably with automatic amplitude control. However, the simplest type 
of tuned-circuit audio-frequency test oscillators having a high standard 
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FIG. 12-7. Typical circuit diagram of 
resistance-stabilized oscillator. 

of performance is the resistance
stabilized oscillator, discussed below. 

Resistance-stabilized Oscillators. l 
The resistance-stabilized oscillator is 
a conventional oscillator, usually of 
either the tuned-plate or Hartley 
type, with the addition of a resist
ance RI between the plate and the 
tuned circuit, as shown in Fig. 12-7. 
When properly designed, such an 

oscillator is characterized by excellent wave shape, a frequency that is 
substantially independent of the tube voltages and tube replacements, 
and an output that is substantially constant over wide frequency 
ranges. 

The tube of a resistance-stabilized oscillator is arranged to operate as a 
Class A amplifier with fixed bias (usually self-bias). The feedback resist- . 
anee RI is then given a value so high that oscillations are barely able to 
start. When the plate voltage is turned on, oscillations build up until 
the grid goes slightly positive at the peak of each cycle. The added losses 
introdu(;� by the resulting grid current then prevent further increase in 
amplitude. The proper value of feedback resistance can be obtained 
experimentally as the largest value for which oscillations occur. Alter
natively one may place a microammeter in the control-grid circuit, and 
adjust the feedback resistance until this meter indicates some predeter
mined small grid current, such as 5 Ila. 

For good wave shape, the tube when considered as an amplifier must 
be adjusted so that it will amplify without distortion, an alternating 
voltage on the control grid having a crest value several volts greater than 
the grid bias. This corresponds to a bias slightly less than would be used 
at the same plate voltage for normal Class A amplifier operation without 
grid current. The actual value of feedback resistance required under 
these conditions will depend upon the parallel resonant impedance of the 

I For further information, with particular reference to design considerations, see 
:!-". E. Terman, Resistance-stabilized Oscillators, Electronics, vol. 6, p. 190, July, ]933. 
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tuned circuit, the amplification factor of the oscillator tube, and the turn 
ratio between the primary and secondary windings of the tuned circuit. 
When the design is such that the feedback resistance RI is considerably 
larger ·than the plate resistance of the tube, the frequency generated will 
be substantially independent of the voltages applied to the tube, and will 
change very little with tube replacement. 

At one time the resistance-stabilized oscillator found extensive use in 
laboratory test equipment, as a beating oscillator in carrier systems, etc. 
It has now been largely displaced by newer types of oscillators, but still 
represents the best one-tube tuned-circuit arrangement for laboratory 
applications at audio and the lower radio frequencies. 

Resonant Circuits for Audio OscillatOrs. Tuned circuits at audio fre
quencies typically employ a paper or mica condenser, and a coil with a 
magnetic core. When the circuit is to be tuned over a considerable fre
quency range, it is customary to use a decade-type condenser with a 
O.OOl1-""f variable air-dielectric condenser to bridge between the O.OOl-"f 
fixed steps of the smallest decade. 

The magnetic core may be one of several types, according to circum
stances. The best characteristics are obtained by using high perme
ability alloys such as permalloy, supermalloy, perminvar, etc. When 
used in the form of dust rings, Q's of the order of 50 to 200 may be 
obtained from very low audio frequencies to over 100 kc, and the induct
ance is very nearly independent of the exact amplitude of the alternating 
magnetization provided this magnetization is small. For many applica
tions it is possible, however, to use ordinary audio-grade silicon-steel 
laminations. In this way, values of Q of the order of 10 to 15 can be 
obtained throughout the audio-frequency range provided the core is not 
too small. The chief disadvantage of silicon-steel cores is that the induct
ance depends to a significant extent upon the flux density even at low 
flux densities, so that the exact frequency will depend slightly upon the 
amplitude of the oscillations. 

With any type of magnetic core, it is essential that d-c magnetization 
be avoided. Thus shunt feed should be employed in all oscillators using 
a coil with a magnetic core. 

12-6. Laboratory Oscillators for Radio Frequencies Using Ordinary 
Resonant Circuits. Oscillators for frequencies below about 200 Mc, 
commonly use a standard circuit such as the Hartley, Colpitts, or tuned
plate grid-tickler arrangements of the type often employed in local oscil
lators of radio receivers. Class C operation is·customary. The principal 
considerations in such oscillators are ease of tuning, frequency stabilitYJ 
isolation from load, and shielding. The continuous tuning range obtain
able with such arrangements at broadcast and lower frequencies is of the 

order of 3 to 1, while at very much higher frequencies it is commonly less. 
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The frequency range can be extended by changing tuning coils, using a 
coil-switching arrangement such as is typical of multiband receivers. 

Radio-frequency test oscillators for laboratory use are ordinarily 
shielded at least moderately well. In this way it is possible to ensure 
that substantially all of the energy that reaches the circuits under test 
will leave the oscillator through the output terminals. The shielding may 
usually be fairly simple, since signal-generator shielding effectiveness is 
not normally expected. 

Considerations Relating to Frequency Stability.' A high degree of fre
quency stability is required in radio-frequency laboratory osciUators in 
order to prevent excessive frequency drift during use, and to ensure the 
accuracy of the calibration. There are four principal factors that con
tribute to frequency stability. These are (1) a low temperature coeffi
cient of resonant frequency of the oscillator tuned circuit, (2) circuit 
arrangements that make the frequency obtained depend primarily upon 
the coil and condenser of the resonant circuit, and only secondarily upon 
factors involving the tube, (3) isolation of the oscillator from the load, 
and (4) the use of a regulated power supply that maintains the voltages 
applied to the oscillator tube substantially constant. 

A low temperature coefficient of the oscillator resonant circuit can be 
obtained by proper design of the coil and condenser, combined with the 
use of a temperature-compensated capacitance to correct for any residual 
temperature coefficient of the resonant frequency.' In this connection, 
a difficult problem is presented by the tube capacitances. These con
tribute to the capacitance that tunes the resonant circuit j at the same 
time the tube capacitances are subject to temperature effects as a result of 
heating of the tube electrodes during operation. It is therefore desirable 
that the oscillator tube be operated conservatively with reference to 
power dissipated at the electrodes. Also, the use of a 0 high C "  or equiv
alent resonant system results in the tube capacitances supplying a smaller 
proportion of the total tuning capacitance. 

A high degree of frequency stability requires not only that the resonant 
circuit have a low temperature coefficient of resonant frequency; at the 
same time it is also necessary that the frequency of oscillations be deter-

1 For additional information, particularly with reference to the temperature coeffi
cient of the resonant frequency. see S. W. Secley and E. I. Anderson, U-H-F Oscilla.
tor Frcquency-stability Considerations, ReA Rev., vol. 5, p. 77, July, 1940; John B. 
Moore, Design of Stable Heterodyne Oscilla.tors, ElectroniC8, vol. 18, p. 116, October, 
1945; R. A. Hcising, Stability in High-frequency Oscillators, Proc. IRE, vol. 31, p. 595, 
November, 1943; Chester 1. Soucy, Temperature Coefficients in Electronic Circuits, 
Electronics, va!. 21, p. 1 17, January, 1948; Norman Lea, Notes on the Stability of Le 
Oscillators, J. lEE, vat. 92, pt. Ill, p. 261, December, 1945. 

1 See T. R. W. Bushby, Thermal-tcmpcrature-driCt Compensation, Proc. IRE, 
val. 30, p. 546, Deccmber, 1942 (also vol. 31, p. 232, May, 1943). 
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mined as far as possible only by the resonant circuit, and that it be influ
enced as little as possible by the grid and plate resistances and capaci
tances of the oscillator tube. The most important means of achieving 
tms result is to make the effective Q of the resonant circuit as high as 
possible. This can be done by using a low ratio of inductance to capaci
tance in the resonant circuit (i.e., a high-C circuit) i alternatively onc may 
use a large inductance and connect the tube 
across only a part of the resonant circuit, as 
illustrated in Fig. 12-8. 1 In either case, the 
resul t is to minimize the effect on the fre
quency produced by the electrode capaci
tances and resistances of the oscillator tube, 
particularly if a high-Q coil and condenser 
system is employed. 

Cl +--4-4 
= -
= 

In laboratory oscillators such as are here F IG. 12-8. A conventions.I 
being discussed, it is customary to obtain the 
grid bias by means of a grid leak-condenser 
combination. The highest frequency sta
bility is obtained when the grid-leak resist

HarUey oscillator circuit ar
ranged to minimize the effects 
of the tube on the genera.ted 
frequency. 

ance is as high as possible without causing intermittent oscillations, 
since this minimizes grid current and hence reduces the loading effect 
introduced by the tube. 

Experience also shows that the frequency stability of an oscillator can 
be improved by minimizing harmonic currents flowing in the plate and 
grid circuits, and by using circuit proportions, such as a high effective Q, 
that cause the harmonic voltages developed across the circuit impedances 
to be as small as possible. 

It has been found that a reactance inserted in series with the control
grid electrode (or the plate electrode), of the proper magnitude and sign, 
will sometimes improve the frequency stability with respect to plate
voltage changes in the tube.2 Thus it is often found in high-frequency 
osci1lators that there is a particular value of grid-condenser capacitance 

1 In this circuit the capacitances Ct and Ct are very much larger than tuning capaci
tance Ca; in this way the tube has very little loading etTect on the resonant circuit. 
The effective tank circuit Q then approaches very closely the actual Q of the resonant 
circuit; also the tube capacitances have little effect on the gcnerated frequt:ncy since 
they are small compared with Cl a.nd C2, which are in turn large compared with Ca. 
For further information on arrangements of this type sce G. F. Lampkin, An Improve
ment in Constant Frequency Oscillators, Proc. IRE, vo!. 27, p. 199, March, 1939; J. 
K. Clapp, An Inductance-eapacitance Oscillator of Unusual Frequency Stability, 
Proc. IRE, vol. 36, p. 356, March, J948; alsv discussion by W. A. Roberts, Proc. IRE, 
vol. 36, p. 1261, October, 1948. 

I F. B. LIeweUyn, Constant Frequency Oscillators, Proc. IRE, vo1. J9, p. 2063, 
December, 1931. 
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for which the frequency stability is a maximum. The practical difficulty 

in employing a compensating reactance of this sort, however, is that a 
readjustment of the reactance is ordinarily required when the frequency 
is changed. Compensating reactances for improving frequency stability 
are of most value at very high frequencies. 

When frequency stability is important, it is essential that the oscillator 
be completely isolated from the load to which the radio-frequency power 
is delivered. Otherwise, changes in the load will alter the effective react
ance and resistance coupled into the oscillator tuned circuit, with cor
responding effects on frequency. The required isolation can be obtained 
by the use of a power amplifier excited by the oscillator, combined with 
appropriate filtering and shielding. 

Alternatively it is possible to combine the oscillator and power ampli· 
fier in a single tube, by employing a screen-grid or pentode tube in an 
electron-coupled arrangement, such as illustrated in Fig. 12-9. Here the 
cathode, control grid, and screen grid function to form a triode oscillator, 
with the screen serving as the ordinary anode in a grounded plate circuit. 
Only a fraction of the electrons are intercepted by tbe screen, hut these 
are enough to maintain the oscillations. The remaining electrons, which 

represent most of the space Cur
rent, go on through the screen 

� grid to the plate, and there pro-Load 
duce the power output by flowing 
through the load impedance that 
is connected in series with the 
plate electrode. The plate cur
rent is thus controlled by the 
oscillator portion of the tube. 

However, since the plate current 
of a pentode is independent of the 

FIG. 12-9. Typical electron-coupled oscil
lator; the particular circuit shown is a 
HMtJey circuit of the grounded-anode 
type. 

plate potential, and hence of the 
load impedance in the plate circuit, there is little or no reaction between 
the load and the oscillator section of the tube provided only that no 
virtual cathode is present in the tube. This arrangement is called an 
electron-coupled circuit because the oscillator and the output parts of the 
system are coupled only by the electron stream. 

Conventional Oscillators Operal£d as Class A Devices with Automatic 
Amplitude Control.' Advantages are to be gained by operating a test 
oscillator using a conventional circuit such as the Hartley or Colpitts 

I See L. B. Arguimbau, An Oscillator Having & Linear Operating Characteristic, 
Proc. IRE, voI. 21, p. 14, January, 1933; Janusz Groszkowski, Oscillators with Auto
matic Control of the Threshold of Regeneration, Proc. 1 RE, vol. 22, p. 145. February. 
1934. 
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arrangement, as a Class A 'amplifier instead of adjusting for Class C 
operation, as is customary, and providing for automatic control of the 
amplitude of the oscillations. A typical arrangement for doing this is 
illustrated in Fig. 12-10. Here a Hartley oscillator circuit is shown 
operated with a fixed bias voltage Eo, such that for a small amplitude of 
oscillations tbe tube behaves as a Claas A amplifier. A diode tube T, 
'with delay bias E, less than E, is also provided. When the peak ampli
tude of the generated oscillations is such that the radio-frequency voltage 
applied to the diode exceeds tbe delay voltage E" rectified current passes 

R 

c 

Shunt-feed 
choke 

Osclllafor 
fube 

'nser! modu/afin,! 
vo/fpge here 

FIG. 12-10. Rartley oscillator circuit provided with a simple form of automatic 
amplitude control. 

through the diode. This produces a d-c voltage across tbe condenser
leak combination RC that represents an additional negative-bias voltage 
applied to tbe control grid of the tube. This additional negative bias 
reduces the transconductance of the oscillator tube, thereby reducing the 
tendency for the oscillations to increase in amplitude. By proper design 
of the system, it is possible in this way to cause the oscillations to stabilize 
at an equilibrium amplitude that is quite small, and which represents 
Class A operation on a linear portion of the tube characteristics, and 
without grid current.1,2 

Class A operation of conventional oscillators, with amplitude limita
tion, is characterized by a frequency that is unusually independent of 

I The effectiveness of the amplitude control system can be increased by amplifying 
the radio-frequency oscillations before they are applied to the diode. This also has 
the advantage that the rectificd current that passes through the diode is supplied by 
this auxiliary amplifier, rather than by the oscillator tuned circuit. 

, Oscillators baving control systems of this type are sometimes troubled by seU
modulation of the generated oscillations. This is a form of self--<>sciUation in a nega
tive-feedback system, and is discussed by Edaon, loco ca. 
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tube characteristics and electrode voltages. This is because of the fact 
that the tube operates as a linear device with consequent freedom from 
harmonics, and also operates with the particular value of plate resistance 
that is the highest for which oscillations can exist. 

Amplitude and Frequency Modulation of Radio-frequency Oscillators. In 
a conventional Class C type of laboratory oscillator in which a small 
degree of frequency modulation can be tolerated, amplitude modulation 
is most satisfactorily achieved by plate modulation of the oscillator. 
In the case of an electron-coupled arrangement, one would modulate the 
screen electrode. In plate modulation it is important that the reactance 
of the oscillator grid condenser at the highest modulating frequency be 
not less than the grid-leak resistance; if this is the case, substantially 
complete modulation can be obtained without distortion, and the degree 
of modulation will be constant for a -given modulating voltage independ
ently of the modulation frequency. 

When the amplitude modulation must he free of any trace of frequency 
modulation, it then becomes necessary to use a master-oscillator-power
amplifier arrangement, and to modulate the amplifier. Plate modulation 
is then usually not satisfactory because it depends rather critically upon 
having a particular value of plate load impedance. Control-grid modula
tion is therefore often used, although the maximum depth of modulation 
that can be obtained in this way in low-power systems without excessive 
distortion of the modulation envelope is usually of the order of 
80 per cent. 

Amplitude modulation of an oscillator of the type shown in Fig. 12-10 
can be readily accomplished by applying a modulating voltage in series 
with the delay voltage E, as indicated. The amplitude at which the 
radio-frequency oscillations then stabilize varies with the changes in 
effective delay voltage produced by the modulating voltage. It is 
possible in this way to obtain complete modulation with high fidelity, 
particularly, if the amplitude-limiting system includes amplification. 
The incidental frequency modulation associated with amplitude modula
tion of Class A oscillators of this type is quite small, in view of the excel
lent frequency stability of the oscillator. 

Frequency modulation of laboratory oscillators is normally obtained 
with the aid of a reactance tube that varies the resonant frequency of the 
ol:)cilla(,ol" LUlled cjrcuit. Standard practices may be followed, there being 

nothing unique in connection with the frequency modulation of an oscil
lator intended for laboratory test purposes. 

The reactance-tube method of obtaining frequency modulation may be 
applied to all types of radicrfrequency oscillators having tuned circuits, 
including Hartley, Coipitts, etc., arrangements, and irrespective of 
whether the operation is Class A or Class C. This results from the fact 
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that the frequency of the oscillations is determined by the resonant fre
quency of the tuned circuit, and the action of the reactance tube is to vary 
the resonant frequency of the circuit in accordance with the modulation 
voltage applied to the reactance tube. 

Sweeping Oscilla/oTs. Radio-frequency oscillators for laboratory test 
use are frequently provided with means for sweeping the frequency back 
and forth over a band. Such a sweeping oscillator is useful in checking 
response curves, aligning intermediate-frequency and radio-frequency 
amplifiers, etc., and is an essential component in nearly all spectrum 
analyzers. 

The sweeping oscillator is a special form of frequency-modulated oscil
lator in which the modulating frequency is relatively low, and the fre
quency deviation relatively large. Thus for testing of broadcast receiv
ers, the generated frequency might be swept through a ± JO-kc frequency 
range at a rate of 60 times or less per second. In such an arrangement, 
the energy at any instant can for all practical purposes be considered as 
being concentrated in a sine-wave oscillation having a frequency equal to 
the instantaneous, or H quasi-steady-state frequency," of that moment. 
It is desirable that the amplitude of oscillations he substantially constant 
as the frequency is varied ; if necessary, an automatic-ampLitude-control 
system can be used to ensure that this is the case. 

Most sweeping-oscillator systems make use of a reactance tube to vary 
the generated frequency. 1,2 The action of the reactance tube can be con
trolled by a suitable sinusoidal, saw-tooth, or triangular voltage 88 
desired. The peak amplitude of this voltage determines the frequency 
range of the sweep, and the frequency of the sweep voltage determines 
the repetition rate of the sweep. Provision is commonly made whereby 
this control voltage is also available to serve as the horizontal deflecting 
voltage of a cathode-ray tube, or to synchronize the horizontal sweep fre
quency. When a 6O-cycle control is used, a simple phase shifter is often 

I Alternative arrangements include 8. trimmer ca.pacitance that is mechanica.lly 
varied either by a. moving coil drive, or by a. motor. For a summary of various prac
tical means that can be used to ·sweep the frequency of an oscillator sce C. B. Clark 
and Fred J. Kamphoefner, Panoramic Sweep Circuits, ElecJ.roniu, vol. 22, p. 11, 
November, 1949. 

J A completely different approach to the Bwccping-oscillator problem, in which a 
phase-shift oscillator is used, is described by Millard E. Ames, loco cit.; 1.<"'. R. Dennis 
and E. P. Felch, Reactance-tube Modulation of Phase-shift OsciUators, Bell System 
Tech. J., vol. 28, p. 601, October, 1949. Also see O. E. DcLange, A Variable Phase
shift Frequency-modulated Oscillator, Proc. IRE, vot. 37, p. 1328, November, 1949. 

Sweeping oscillators have also been devised that use a ferrite-cored tuning induct
ance and vary the frequency by saturating the magnet�c core with current carried by 
an auxiliary winding. An example 'Of such a system is described by A. I. Pressman 
and J. P. Blewett, A 300- to 4000-kilocycle Electrically Tuned Oscillator, Proc. IRE, 
vol. 39. p. 74, January. 1951. 
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included in this deflecting or synchronizing voltage to make it possible to 
superimpose the forward and return traces of the oscilloscope pattern. 

The frequency deviation in cycles that a given control voltage causes in 
a frequency-modulation system will usually vary with the carrier fre
quency generated by the oscillator. This difficulty can be overcome by 
using a beat-frequency system to produce the desired frequency, and then 
sweeping the frequency of the It fixed " oscillator. Such an arrangement 
is shown schematically in Fig. 12-1 1" and is widely used in general purpose 
laboratory equipment. Here, if the H fixed 11 frequency is frequency
modulated through a range such as ± 10 kc, at a rate of 60 cycles per sec, 
then the difference-frequency output, whatever value of frequency it 

Vorioble· frequency 
osciJloifol'" 

Mixer - fi Iter I- Amplifier 

Fixed' frequency 
oscillator -

I 
I Reac�/)nce tube I 

----... To esd//oscope horizonf",/ SW8�P) 
low-rrequ�ncy 
control voltage 

f--Output 

}<"'IO. 12-11 .  Block diagram showing sweeping oscillator consisting of a beat-frequency 
osciUator in which the "fixed " oscillator is frequency-modulated. 

may be, will likewise be swept through a frequency range of ± 10 kc, 60 
times per second. When the center frequency to be generated in such an 
arrangement corresponds to a broadcast or short-wave frequency, the 
individual oscillators may be of a conventional type. However, when 
the center frequency desired is quite high, as 50 Mc or greater, or if the 
range througb which the frequency is to be swept is large, s�ch as 10 to 
50 Mc, one then employs reflex klystron oscillators in the beat-frequency 
system, and sweeps the frequency of the fixed oscillator by means of a 
suitable modulating voltage applied to the r.peller. '  

12-7. Miscellaneous Types of Oscillators. Bridge-stabilized Oscillp.tors 
Employing Resonant Circuits.' A typical bridge-stabilized oscillator 
circuit in which a resonant circuit is the frequency-determining element, 
is shown schematically in Fig. 12-12. This arrangement is exactly 

I An example of equipment of this type is given in the paper Wide-range Sweeping 
Oscilla.tor, Electronics, vol. 30, p. 112, August, 1947. 

I See L. A. Meacham, The Bridge-stabilized Oscillator, Proc. IRE, vol. 26, p. 1278, 
October, 1938; Shepherd and Wise, loco cit. 
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analogous to the resistaftce-capacitance bridge-stabilized oscillator circuit 
of Fig. 12-2, except that the bridge now consists of three resistances, one 
of which R, is supplied by an incandescent lamp, while the fourth arm is 
the series impedance of resonant circuit RtL1C1. The resistances RI, Rz, 
and R4 are so proportioned that at the resonant frequency of R1L1C1, 
where the series impedance is the resistance Rlf the bridge would be 
baianced if R, were slightly higher. Oscillations then build up and 
stabilize at an amplitude such that the current through the lamp heats 
the filament enough to make R, assume a value that makes the bridge 
almost but not quite balanced. 

If the amplifier has high gain and introduces negligible phase shift, the 
oscillations will have a frequency that is very precisely the series resonant 

Ampl/f(er 
inpuf 

Amp/iF/er 
oufput 

FIG. 12-12. Bridge-stabilized oscillator using a series resonfUlt circuit for the {re
quency-determining clement. 

frequency of the tuned circuit. The frequency, and also the amplitude 
of oscillations, then becomes quite independent of the details of the ampli
fier, such as exact value of gain as affected by electrode voltages, aging of 
tubes, etc., and the behavior is as though there had been a very great 
magnification of the circuit Q. 

Under certain conditions the oscillations generated by the bridge
stabilized arrangements will become self-modulated. This results from 
unfavorable time constants in the system that introduce a phase shift in 
the modulation envelope. The effect is a form of 11 hunting," and is 
analogous to oscillations in a feedback system with improper circuit prcr 
portions. The remedy is to modify the circuit details in such a manner 
as to prevent the spurious positive-feedback action. 1 

Bridge-stabilized circuits find their most extensive use in crystal oscil
lator systems, in which the resonant circuit is supplied. by a quartz 
crystal. The arrangement can be used with inductance-capacitance 
resonant circuits, however, and has the merit that the frequency is deter
mined. almost solely by the resonant circuit. Also, the waveform is 

I This situation ia discusscd in deta.il by Edaon, Wc. tit. 
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extremely good as a result of the fact that the amplitude-limiting action 
permits Class A operation of the amplifier system. 

The bridge-stabilized arrangement can be used at either audio or radio 
frequencies; it is merely necessary that an amplifier (either tuned or 
untuned) of considerable gain and preferably of low phase shift be avail
able. The bridge-stabilized. oscillator with resonant circuit is most suit
able for operation at a fixed frequency, or over a narrow range of fre
quencies. When a very wide frequency range is to be covered, the series 
resistance of the resonant circuit will normally change substantially. It 
then becomes necessary to vary one of the bridge resistors such as R'l or R3 
with the tuning of the circuit in order to maintain at all times a suitable 
initial operating condition such that the bridge is moderately, but not 
excessively, unbalanced. 

Negalive 
res istance 

(a)Two·terminlll oscillator (b)  Oynliltron (cl Transitron oscillator 
FIG. 12-13. Various forms of two-terminal oscillators. 

Two-terminal Oscillators. When a parallel resonant circuit is shunted 
by a negative resistance that has an absolute magnitude less than the 
parallel impedance of the circuit at resonance, oSt:illations start and 
increase in amplitude until limited by curvature of the tube character· 
istic, or by Borne form of automatic amplitude control. Such an arrange
ment, illustrated schematically in Fig. 12-13a, is termed a two-terminal 
oscillator because only two connections sre required to the coil and con
denser system of the oscillator. 

A variety of negative resistive devices are available for use with two
terminal oscillators. l  A common arrangement is the dynatron, illus
trated in Fig. 12-13b, in which the negative resistance exists between the 
plate and cathode of a suitably operated screen-grid tube; such a negative 
resistance is the result of secondary emission at the plate when the screen 
voltage is greater than the plate voltage.2 A second negative-resistance 
oscillator circuit is shown in Fig. 12-13c, where the negative resistance is 

I In particula.r, see E. W. Herald, Negative Resistance and Devices for Obtaining It, 
:?roc. IRE, vol. 23, p. 1201, October, 1935; also J. R. Tillman, A Note on Electronic 
Negative Resistors, Wireless Eng., vol. 22, p. 17, January, 1945. 

I A good discussion of such a negative resistance, with particular reference to the 
behavior a.t high frequencies, is given by G. A. Hay, Negative Resistance Circuit Ele
ment, Wireless Eng., vol. 23, p. 299, November, 1946. 
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obtained by the retarding-field, or transitron, connection of a multi grid 
tube. I In both the dynatron and the transitron, the magnitude of the 
negative resistance can be controlled by varying the control-grid bias of 
the tube. 

A negative resistance may also be realized by means of a two-stage 
feedback amplifier. Thus in Fig. 12-14a, a negative resistance exists 
across terminals xx as a result of back coupling introduced by resistance 
Rl. The magnitude of this negative resistance is directly proportional 
to RI and inversely proportional to the amplification of the two-stage �TW..,,,,ge amplifi.r 

.L�. "RI� . 
>-If-. �l{ ?'I" ,, -Si IlL ;if R, 

,. '-
R, 

'-
Jeqaflve + 
feedback 

(a) Two-stOlge plllte.coupled system (bITw(Hmqe cathode-coupled $yskm 

FIG. 12-14. Two·terminal oscillators involving two-stage amplifiers. 

amplifier. The negative resistance can thus be controlled by varying RI, 
while for any given value of Rl, the magnitude can be made substantially 
independent of amplifier characteristics by negative feedback introduced 
with the aid of resistances R2 "and Ra, that stabilize the amplifier gain.2 
An alternative3." method for achieving negative resistance with a two
stage amplifier is shown in Fig. 12-14b. Here, cathode coupling is used, 
and the magnitude of the negative resistance is determined by the 
coupling resistance R. 

In all the two-terminal arrangements of Figs. 12-13 and 12-14, the fre
quency stability is highest and the wave shape best when the system is 
adjusted so that oscillations can barely exist, and so that they have a 
small amplitude. This desirable condition can be obtained by the use of 

1 For further discussion, see Cledo Brunetti, The Transitron Oscillator, Proc. IRE. 
vol. 27, p. 88, February, 1939. 

2 See Terma.n, Buss, Hewlett, and Cahill, loco cit.; Cledo Brunctti and Leighton 
Greenough, Some Characteristics of a Stable Negative Resistance, Proc. IRE, vot. 30, 
p. 542, December, 1942. 

I F. Butler, Cathode-eoupled Oscilla.tors, Wirele88 Eng., vot. 21, p. 521, November, 
1944; Murray G. Crosby, Two-terminal Oscillator, Electronics, vol. 19, p. 136, Ma.y, 
1946; P. G. Suber, Cathode-<:oupled Negative Resistance Circuit, Proc. IRE, vol. 36, 
p. 1034, August, 1948. 

( Still a third arrangement is described by Herbert J. Reich, A Low Distortion 
Audio-frequency Oscillator, Proc. IRE, vol 25, p. 1387, November, 1937. 
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automatic amplitude control, by some form of limiting device, or by 
manual adjustment of the negative resistance to a value that is just barely 
able to cause oscillations to exist. 

Two-terminal oscillators have the advantage that there are only two 
leads to be connected to the resonant circuit, and one of these can be at 
ground potential. However, they have tbe disadvantage that the prop
erties of the usual resonant circuit are such that the value of negative 
resistance required for proper operation varies considerably with the fre
quency generated. AB a result, it is necessary to use manual control of 
the negative resistance, or to supplement automatic amplitude control by 
a manual adjustment, if a wide tuning range is to be covered. 

Generation of Very Low Frequencies. Resistance-capacitance oscillators 
with a continuously variable frequency are available that go down to a 

lcw-frequency 
oUfput 

Rolafing con/acts 

. Conduc/ln9 
terminal 

'-----I ! I!II--"'-::.+S-,,:s7"'-n-'ce 
(+) ma/erla! 

FIG. 12-15. A simple method of gener
ating an a.lternating volta.ge of very low 
frequency. 

minimum frequency of about %: 
cycle per sec. Still lower frequen
cies can be obtained in a resistance
capacitance or phase-shift oscillator 
by using fixed tuning condensers 
possessing very low dielectric leak
age, such as mica or polystyrene 
condensers. 

It is also possible to obtain very 
low frequencies by a beat-frequency 
oscillator arrangement in which 
oscillations from two separate 
audio-frequency oscillators are com
bined in a mixer to give a difference 
frequency that is a small fraction of 
a cycle per second. In such an 

arrangement care must be taken to prevent synchronization of the two 
audio oscillations. Also, the mixer must be so operated as to minimize 
wave-form distortion; a square-law mixer in which one of the applied 
voltages is large, while the other is quite small, gives hest results in such 
a situation. 

A quite different method for generating a low frequency is illustrated 
schematically in Fig. 12-15. Here, a block of resistance material (or a 
wire-wound resistance card) has a d-c voltage applied across its ends. 
Two contacts bear on this material and are rotated about an axis as 
shown. The voltage difference between these rotating contacts is a sine
wave function of time, and the frequency of the voltage is equal to the 
rate of rotation in revolutions per second. The frequency is therefore 
varied by a speed control on the driving motorJ and has a minimum value 
that can be as low as desired. The maximum frequency that can be 
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obtained in this way is limited to about 20 cycles per sec by practical 
considerations having to do with moving contacts.1 

Very low-frequency oscillations, in the range 0.02 to 0.1 cycles per 
sec, can be generated by using the .thermal time Jag of a thermistor to 
provide the equival of an inductive reactance. 2 Sine waves at frequencies 
in this range of values can also be generated by starting with a square 
wave that is integrated to form a triangular wave of the desired frequency. 
This triangular wave is in turn converted to a sine wave either by a filter 
or a nonlinear wave-shaping circuit.3 

Frequency Modulation of Audio Oscillators. Frequency-modulated 
audio oscillations can be obtained in several ways. One procedure is to 
generate the audio frequency by means of a beat-frequency oscillator, and 
then frequency-modulate the fixed-frequency oscillator of the system 
by the use of a reactance tube (see Fig. 12-11). A frequency deviation, of 
say + 500 cycles, produced in the radio-frequency oscillator in this way 
then results in a similar + 500-cycle deviation of the audio-frequency 
oscillations. This arrangement has the advantage that a given modulat
ing voltage always produces the same frequency deviation in the audio 
oscillation, irrespective of the value of the audio frequency.4 

An alternative procedure for obtaining a frequency-modulated audio 
oscillation is to start with a phase-shift oscillator of the type illustrated 
in Fig. 12-30. One or more of the resistances R are then supplied by the 
plate resistance of a triode tube (or tubes). Frequency modulation is 
obtained by applying the modulating voltage to the control grid of this 
tube (or tubes), thereby varying the plate resistance and hence the 
generated frequency.�,5 A variation of the arrangement is to use the 
resistance-tuned oscillator of Fig. 12-1a, and place a reactance tube in 

1 Such a low-frequency generator is discussed by T. H. Clark and V. H. Clifiord, 
Variable-frequency Two-phase Sine-wave Generator, Elec. Commun .• vol. 24.p. 382, 
September, 1947. 

t Jay Edlin Stone, An IDtra.-Iow-frequency Oscillator, Electronics, vo!. 23, p. 94, 
January, 1950. 

J See R. H. Brunner, A New Generator for Frequencies Down to 0.01 CPS, HewleU
Packard J., vot. 2, June, 1951;  W. G. Shepard, Low Frequency Genera.tor, Electronics, 
vol. 23, p. 116, October, 1950. 

4 An example of such an oscillator is given by J. L. Flanagan, Warbler for Beat
frequency Oscillator, Eledronics, vol. 22, p. 93, December, 1949. 

I Maurice Artzt, Frequency Modulation of Rcsiatance-capacitance Oscillators, 
Proc. IRE, vo!. 32, p. 409, July, 1944; also see Ames, loco cit., and Dennis and Fclch, 
loco ril. 

I Corresponding arrangements can be used to frequency-modulate resistance-eapaci
ta.nce-tuncd oscillators: thus see C. K. Chang, A Frequency-modulated Rcaistance
capacitance Oscillator, Proc. IRE, vo!. 31, p. 22, January. 1943; Henry S. McGaugban 
a.nd Chaa. B. Leslie, A Resistance-tuned Frequency-modulated Oscillator for Audio-
frequency Applications, Proc. IRE, vo!. 35, p. 974, September, 1947. 
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shunt with the condenser C,; the effect of the reactance tube is to vary 
this capacitance according to the modulating voltage, with the result that 
the generated frequency varies correspondingly. 

In a tuned circuit type of audio-frequency oscillator, frequency modula
tion can be obtained by using a reactance tube to vary the tuning capaci
tance in accordance with the modulating voltage. 

Polyphase Oscillators. A number of oscillator circuits have been 
devised which directly generate a polyphase voltage. Thus in Fig. 12-4, 
the voltages across the three condensers C represent the voltages of a 
three·phase system, provided the three individual stages are identical. 
If four identical stages are used instead of three, the voltages developed 

I HalT-wave arid/cia! 
I fransmisslon '''ne 
I o b c 

CharacfensHe 
impedance 

FIG. 12-16. Two-phase oscillator consisting of an amplifier tube in which the output 
and input circuits are coupled by a half-wave artificial transmission line provided b)' 
two quarter-wave sections in cascade. 

by the four tubes correspond to the four voltages of a four-phase systero; 
the voltage. developed by alternate tubes then represent the two voltages · 
of a two-phase system. 1 

Another form of two-phase generator is shown in Fig. 12-16. Here the 
plate of a tube is connected to the control grid of the same tube by an 
artificial transmission line terminated in its characteristic impedance, and 
consisting of two sections each a quarter wavelength long. Since the 
total line is a half wavelength long this arrangement gives the phase 
reversal necessary to produce oscillations. However, since each section 
is a quarter wave long, the voltage at b is exactly 90° out of phase with 
the voltage at either a or c. Thus a two-phase voltage can be obtained 
from the system.2 The frequency is controlled by simultaneously vary
ing the three condensers of the artificial line. 

1 Polyphase oscillators of this type are discussed by R. M. Barrett, "Nit-phase 
Resistance-capacitance Oscillators, Proc. IRE, vot. 33, p. 541, August, 1945. 

' F. Butler, New Valve-oscillator Circuit, Wireless Eng., vol. 21, p. 317, July, 1944. 
An. equivalent but quite different arrangement using a resistance-capacitance net
work is described by O�wald G. Villard, Jr., Tunable A-f Amplifier, Electronics, vol. 22, 
p. 77, July, 1949. 
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A two-phase voltage may be derived from a single-phase voltage by a 
suitable network. The simplest arrangement of this type is the resist
ance-capacitance phase splitter shO\Vll in Fig. 12-17a. Here a single
phase voltage is applied to a resistance R in series with a capacitance C, 
thus developing two output voltages E, and E, that differ in phase by 90'. 
lf R and C are so chosen that at the frequency involved, the reactance of 
the capacitance C equals the resistance R, then the two voltages Ee and 
Er are also equal in magnitude, and represent the phase voltages of a 
balanced two-phase system. This arrangement provides a satisfactory 
means of obtaining a two-phase voltage at a fixed frequency. However, 

Single
phase . 
volla� 

phase 
R Er vollagt: 

c ::t:::Eo } r,.".. 

__ --.J 

(0) ResistaMce· CQPCI(;itance ( b )  Wid,e-bCllncA phase splitter 
phose spJjHer 

FIG. 12-17. Phase-splitting networks. 

Two
pnase 
vollages 

if the frequency is changed, it is necessary to readjust the circuit con
stants of the phase splitter in order to keep the phases balanced. 

By the use of more complicated networks, it is possible to obtain satis
factory phase-splitting action over a substantial band of frequencies. 
For example, a resistance-capacitance network of the type shown in Fig. 
12-17b, can be designed to develop two output voltages of equal magni
tude, which have a phase difference that is within 5' of 90' over the range 
200 to 3000 cycles. Still more complicated networks will give an even 
better performance. I 

When one has obtained a polyphase voltage with a particular number of 
phases, it is possible to convert to any other number of phases by a suit
able transformer arrangement. Thus, a two-phase system may be trans-

I Sce R. B. Dome, Wide-band Phase-shift Networks, Eledronic8, vol. 19, p. 112, 
December, 1946; D. G. C. Luck, Properties of Some Wide-band Phase Splitting Net
works, Proc. lRE, vol. 37, p. 147, February, 1949; Sidney Darlington, Realization of a 
Constant Phase Difference, BeU System Tech. J., vol. 29, p. 94, January, 1950; H. J. 
Orchard, Synthesis of Wide-band Two-phasc Networks, Wireless Eng., vol. 27, p. 72, 
March, 1950; W. Saraga, The Design of Wide·band Phase Splitting Networks, Proc. 
IRE, val. 38, p. 754, July, 1950. 
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formed to a three-phase arrangement by means of the Scott transformer 
connection commonly used in 6O-cycle power work. 1 

12-8. Triode Oscillators for the Higher Frequencies.' ''lhen triade 
tubes are operated as oscillators at very high frequencies, the inductances 
of the leads inside the tube envelope, and the capacitances between the 
electrodes, become very important circuit elements. They limit the 
highest frequency that can be obtained by associating resonant circuits 
with the oscillator, 3 and also modify the voltage and impedance relations 
in the oscillator circuit to an important extent. 

At very high frequencies, the time that it takes an electron to travel 
from cathode to anode is no longer negligible in comparison with the time 
represented by a cycle. This causes the plate current to lag in phase 
behind the control-grid voltage ; it also introduces an interaction betw�n 
the control-grid voltage and the electron stream that causes the electrons 
to absorb a large amount of energy from the control grid even when no 
electrons are drawn to the grid. 

As a result of the above considerations, triode oscillators which are to 
be used at the higher frequencies must employ tubes specially designed 
for these frequencies. The principal characteristics of such tubes are 
small physical size and close spacing of the electrodes. Small physical 
size reduces the lead inductance and interelectrode capacitance, while 
close spacing gives a high transconductance in spite of small electrode size, 
and also minimizes transit-tune effects. Additional features character
istic of many tubes designed for high-frequency service include leads of 
large diameter (hence of small inductance), physical arrangements that 
make very short leads possible, leads that merge with external circuits, 
and in some cases double leads to certain electrodes. Examples of tubes 
specially designed for very high-frequency service include the ll minia
ture " series such as the 6J6 and the 9002, the acorn series, including the 
955 and the 6F4, and close-spaced triades with parallel-plane construc
tion such as the 2040 and the 5767. 

Oscillator Circuits for Use in Ultro-higl>-frequency Triode Oscillators. 
The circuits commonly employed for ultra-high-frequency triade oscil-

1 Thus see F. M. Bailey and H. P. Thomas, Phasitron F-M Transmitter, Electronics, 
vot. 19, p. lOS, October, 1946. 

2 The principles involved in operating triode oscillators a.t very high· frequencies 
a.re well covered by J. Bell, M. R. Gavin, E. G. James, and G. W. Warren, Triodes for 
Very Short Waves-Oscillators, J. lEE (Radiolocalion Gonll.), vol. 93, pt. IlIA, 
p. 833, 1946; also see F. J. Kamphoefner, Feedbaek in Very-high-frequency and Ultra
high-frequency Oscilla.tors, Proc. IRE, vol. 38, p. 630, June, 1950 . 

• However, frequencies higher than the resonant frequency resulting from the lead 
inductance and the associated tube capacitance can be achieved by the use of a series 
tuning condenser; see J. M. Pettit, mtra-high-frequeney Triodc Oscillator Using fl, 
Series-tuned Circuit, Proc. IRE, vot. 38, p. 633, June, 1950. 
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lators are the same as those used at the lower frequencies. However, at 
the higher frequencies it becomes necessary to take into account the 
inductive reactance of leads and the capacitive reactance of the inter
electrode capacitances; in fact, such reactances very frequently represent 
the most important reactances in the circuit. As a result, design details, 
and the physical construction of the oscillator, are commonly different at 
very high frequencies than at lower frequencies. For example, in low
power oscillators for ultra-high f:requencies, either the plate or the control 
grid is sometimes grounded, instead of the cathode as is customary at low 
frequencies (see Fig. 12-18). Alternatively, in some cases no electrode is 
grounded. The potentials of the various electrodes with respect to 
ground are then determined by the interelectrode capacitances of the 
tube, and the capacitances to ground of the several electrodes and of 
different parts oS the circuit. An example of such a circuit is given in 
Fig. 12-19c. 

( 0 )  Groun�ed cathode <b} Grounded grid (c)  Grounded plate 
(or grid sepcmltion) 

FIG. 12-18. Tuned-grid-tuned-plate arrangements with different electrodes grounded. 

The circuit most widely used for ultra-high-frequency tunable labora
tory oscillators of low power is shown in Fig. 12-19a. When stray capaci
tances to ground, and interelectrode tube capacitances, are taken into 
account this reduces to the equivalent of Fig. 12-19b. This is a Colpitts 
circuit in which the ratio of plate-cathode to grid-cathode alternating 
voltages is determined by the stray capacitances C, and C" and the tube 
capacitances epk and Cgk• The principal advantage of this circuit is that 
only one tuning adjustment is required, and that there are only two leads 
from the tube to the associated resonant circuit. The arrangement also 
permits the use of a split stator type of tuning condenser C with resulting 
avoidance of all moving contacts. 

The circuit of Fig. 12-19a is frequently modified by insertion of a radi<>
frequency choke between the cathode and ground as in Fig. 12-19c. The 
equivalent circuit of this arrangement is illustrated in Fig. 12-19d; the 
ratio of plate-cathode to grid-cathode voltage is now determined pri
marily by the ratio Cf/Ie/eplc of interelectrode capacitances of the tube, and 
is relatively independent of the stray capacitances Cl and C 2 to ground. 
Thus the feedback action in this case is determined by the tube and not 
by the proximity to ground of the tube and various parts of the circuit. 
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}£xperience indicates that when other things are equal, best results are 
obtained with tubes in which the grid-plate and grid-cathode capacitances 
are approximately equal. 

Lk 

Tuning condenser (prefembl-j 
. $p/If·slalor type) 

. P " R.F.choke -_.-.-, +Eb G, 
L , , Lk \ *c I" 

c � , 2- C, C , , \ Cgk C, 

� 
God leak 

(0) Actual circu it (b)  Equiv(;llent circuit 

, 

L 

Tunir7IJ condenser(preferably GROUNDED- CATHOD� SYSTEM :splif-sfalor type) 
p r-H-- ... R-fchoke 

g.--"'--'1I1!lf'-��+Eb 

\cj1HIf-I--�,L " \ �C2 
C �  \ " ' 

Radio-frequency choke 
C2 7ube cmd Frs/ray capacitances 
Ct 

-:::- 10 ground 
�-I--___ -.;L.J 

(cl Actual! circuit · (cO EquivOIJent circuit 
(Assuminq perfect chokes) 

UNGROUNDED-CATHODE SYSTEM 

FIG. 12-19. Widely used forms of uItra-high-frequency oscillators, showing actua.l and 
equivalent circuits. 

An advantage gained by the use of an ungrounded cathode is that since 
no current flows from cathode to ground, the inductance of the lead from 
cathode to ground cannot adversely affect the operation of the oscillator. 

.1.. 

In contrast, at very high frequencies 
in the circuit of Fig. 12-19a, there 
is considerable voltage developed 

+Eb across the inductance Lk of the cath
ode lead to ground. This modifies 
the behavior of the circuit in unde
sirable ways, and may even result 
in failure of the circuit to oscillate FIG. 12-20. Push-pull form of tuned

grid-tuned-plate oscillator. 
at certain frequencies. 

Push-pull arrangements, such as the tuned-grid-tuned-plate system of 
Fig. 12-20, are often used in ultra-high-frequency oscillators. They have 
the advantage of being symmetrical with respect to ground. Also, since 
the interelectrode capacitances of the two tubes are in series, the total 
effective capacitance seen by the external circuit is half as great as when 
a single tube is employed. AgainJ since no alternating current flows from 
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cathode to ground in a push-pull system, the inductance of the relatively 
long cathode-to-ground connection is eliminated, and replaced by the 
inductance of the lead connecting the two cathodes. It is usually possi
ble to arrange the tubes so that the inductance of this connecting lead 
can be quite small; this is particularly the case when the two tubes are in 
the same envelope, and have the cathodes interconnected inside the 
vacuum. 

Magnetic 
Flux " b Rofor �;--;;;;-.;.'� Sla/or 

(c) Butterfly resonator 
(high-frequency position) 

(b) Butterfly resonator 
(Jow-frequency position) 

Stator 
I 

-Ralar 
, , , aShOfl 

(cl Cross section 

FIG. 12-21. Butterfly resonator, a.nd rotor positions when resonant a.t low and high 
frequencies. 

BuUerfly Oscillators.' At frequencies in the range 100 to 1000 Mc, the 
resonant circuit required in the oscillators of Fig. 12-19a and Fig. 12-19c 
is commonly provided by & H butterfly." 

A typical butterfly is illustrated in Fig. 12-21. It consists of a system 
of stationary and rotating plates shaped as shown, that mesh in the same 
manner as the stationary and rotating plates of a variable air-dielectric 
condenser. Viewed from the points aa, this arrangement has the equiv
alent circuit shown in Fig. 12-22, which is seen to be a parallel resonant 
circuit with aa the points of high impedance. Comparing Fig. 12-22 with 
Fig. 12-21, C is the capacitance between one side of the stator and the cor
responding meshed portion of the rotor; two such capacitances are in 
series between points aa. Similarly, each inductance L in the equivalent 

I E. Karplus, The ButterBy Circuit, Gen. Rad. Expt., voI. 19, October, 1944. Oscil
lator circuits utilizing the butterfly and other similar wide-tuning-range circuits are 
described in "Very High Frequency Techniqucs," Chap. 30, McGraw-HiU Book Com
pany, Inc., New York, 1947j also sec E. Karplus, Wide-range Tuned Circuits and 
Oscillators for High Frequencies, Proc. IRE, voL 33, p. 426, July, 1945; R. J. Ballan
tine and E. G. James, Oscillator Circuits for Wide-range Tuning, J. lEE (Radiocomm. 
Corw.), voL 94, pt. IlIA, p. 596, March-April, 1947; E. Karplus and E. E. Gross, A 
Standaro-signal Generator for Frequencies between 50 and 920 Mc., Gen. Rad. Expt. ,  
vol. 24, March, 1950. Useful variations or the butterBy idea are described by D. K. 
Reynolds and M. B. Adams, Converters for UHF Television Reception, ElectronicB, 
vol. 22, p. 92, September, 1949; C. Franklin Montgomery and Peter G. Sulzer, Wide
range Resonators for VHF and UHF, ElectroniC8, vol. 24, p. 200, May, 1951. 
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circuit of Fig. 12-22 is supplied by the inductance represented by tbe one
turn loop aba of Fig. 12-2 1 ;  two such inductances are in parallel between 
points aa. 

A variation in the 
o 

L 

FIG. 12-22. Equivalent 
circuits of butterfly 
resonator. 

position of the butterfly rotor changes both the 
inductance and capacitance of this equivalent 
resonant system. Thus, when the butterfly 
rotor is changed from the low-frequency position 
in Fig. 12-2 1b to the high-frequency position 
shown in Fig. 12-21a, the effect is to reduce both 
the capacitance C and the inductance L. The 
capacitance C between rotor and stator is less 
because the plates are now only slightly meshed; 
the inductance is less because in its new position, 
the open space available in the ring aba through 

which magnetic-flux lines may pass is now less than for case b. 
The frequency range that can be covered by a butterfly is very great, 

since both the inductance and capacitance are varied simu!taneously. 
Frequency ratios as great as 5 :  1 are obtainable by appropriate design. 
The circuit has reasonably higb Q, good mechanical stability, and no 
sliding contacts. Because of these characteristics the butterfly is a 
uniquely desirable form of tunable circuit in the frequency range 100 to 
1000 Mc. At higher frequencies the butterHy becomes too small to be 
practical ; at lower frequencies it is unduly large and moreover, alternative 
arrangements are equally satisfactory at lower frequencies. 

ButterHy oscillator circuits are usually based on Fig. 12-19c, with the 
butterHy supplying the tunable circuit LC. The plate and grid electrodes 
of the tube are connected to points aa on Fig. 12-21, and the plate choke 
is connected to a point on the stator such as c. Since the butterfly is 
not grounded, its stator is mounted on ceramic rods, and its rotor is pro
vided with a ceramic shaft. Output may be obtained from a butterfly 
oscillator by a coupling loop placed near point b and oriented to link witb 
the magnetic field produced by the current flowing in arm b. 

12-9. Triode Oscillators Using Transmission Lines as Resonant Ele
ments. At frequencies above about 100 Mc, resonant lines are frequently 
used in place of resonant circuits having lumped constants. Resonant 
lines have relatively high Q and also are capable of developing very large 
resonant impedances. Resonant lines of the parallel-line type are par
ticularly easy to construct. 

The disadvantage of resonant lines is that a sliding contact is usually 
require<P to adjust the resonant frequency of the line. Lines are likewise 

t It is of course possible to employ noncontact plungers, such as employed with 
reflex klystron oscillators and illustrated in Fig. 12-35j however, this adds complica
tions and mechanical design problems. 
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physically awkward at the lower frequencies, as the length required is 
inversely proportional to frequency. Although it is possible to overcome 
this latter limitation to some extent by coiling the line, this introduces 
mechanical complications, particularly in the tuning arrangements. 

Parallel-line Oscillators.' In the parallel-line oscillator, each resonant 
circuit required in the oscillator system is supplied by a two-wire line, the 
effective length of which is adjusted by means of a short-circuiting bar to 
give quarter-wave resonance when the lead inductance and interelectrode 
capacitance of the tube are considered as a part of the resonant iine. 

Examples of parallel-line oscillators are given in Fig: 12-23. The 
arrangement at a is similar to the circuit of Fig. 12-19c, except that the 
coil and condenser combination Le is replaced by a resonant 1ine and the 

11�_A_�+-�·�my�i�-t·17$q������' :==±I';;;;������;;�f�;;;;b:�r--
l ine +Eb +Eb 

,Grid le(.lk 
R-fchoke 

(al Porallel line equivolent of Fltj.l2-19c (b) Circuit (a) modified for duCti leool tube 

(e) Portlllel line equrvalent of frG. I2-20 

FIG. 12-23. Oscillator circuits employing parallel lines as resonators. 

J 

radio-frequency choke coil in the plate circuit is omitted. It will be 
observed that the lead inductances and the interelectrode capacitances 
of the tube act as a terminal load, or extension, of the transmission line. 
To obtain oscillations at a particular frequency, the position of the short
circuiting bar is so adjusted that the line as loaded by these tube react
ances exhibits quarter-wave resonance. 

Some ultra-high-frequency triode tubes nre provided with two leads to 
the grid and plate electrodes. With such tubes, it is possible to modify 
the circuit of Fig. 12-23a as shown in Fig. 12-23b. Here the tube is placed 
at the center of a half-wave 'line, and half the intereleetrode capacitance 
of the tube can be considered as being associated with each quarter-wave 
section of this line. This halves the loading effect of the tube capacitance 
as compared with the circuit of Fig. 12-23a, and so permits higher reso
nant frequencies to be achieved. This arrangement has the disadvantage 
that now two tuning adjustments are called for instead of one. However, 

1 For more information, see "Very High Frequency Techniques," op. cit., Cbap. 14. 
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if the range over which the frequency is to be tuned is limited, one adjust
ment may be set at tbe optimum value for tbe middle of tbe frequency 
range, and tben left uncbanged as tbe position of tbe otber sbort-circuiting 
bar is varied. 

A typical pusb-pull circuit using parallel-line resonators is shown in 
Fig. 12-23c. This is analogous in every respect to the corresponding 
circuit of Fig. 12-20, tbe only difference being in tbe substitution of 
resonant lines for the lumped resonant circuits. Grounded-plate and 
dual-lead forms of push-pull parallel-line oscillators represent obvious 
var.iations that are possible. 

Lines for use with oscillators will have the highest Q if the diameter of 
the conductors is made as large as is reasonable for the current and power 
to be carried, and if the ratio of the spacing between the centers of the 
two conductors to the radius of either conductor is equal to 3.6. The Q 
of the circuit can be further increased by enclosing the oscillator in a 
shielding box. This eliminates the radiation losses from the open line, 
wbicb tend to be considerable at high frequencies. In addition, enclosing 
the oscillator provides shielding that minimizes stray fields and makes it 
possible to limit the oscillator output to a designated output terminal. 

Output is normally obtained from parallel-line oscillators by coupling 
to the resonant line (or to the plate line in the case of tuned-grid-tuned
plate systems) , l  When an output circuit balanced to ground is desired, 
one can couple to the magnetic field near the short-circuited end of the 
line, as illustrated in Fig. 12-23c. In such an arrangement it is obviously 
necessary that the short circuit on the coupling line be varied as the posi
tion of the short circuit on the oscillator is varied to tune the oscillator. 
As an alternative to inductive coupling, one may connect the output sym
metrically to the plate line, either conductively, or through coupling 
condensers. 

When the output power is to be delivered to a load that is unbalanced 
with respect to ground, as for example, to a coaxial cable, one may employ 
a balanced-to-unbalanced transformer (sometimes called a balun) in 
combination with a balanced coupling system. Alternatively, conduc
tive or capacitive couplings to one side of the parallel wire line may be 
employed. 

Coaxial-line Triode Oscillators. '.' Coaxial lines provide higher Q reso
nant circuits than are obtainable with parallel lines. Also, if coaxial 

1 An exceUent discussion of output coupling systems is to be found in liVery High 
Frequency Techniques/' op. cit., Chap. 16. 

2 For further information see l iVery High Frequency Techniques," op. tit., Chap. 15, 

also flKlystrons and Microwave Triodes " (Vol. 7, Radiation Laboratory Series), Chap. 
7, McGraw�Hill Book Company, Inc., Ne\v York, 1948. 

J The use of cavities in place of coaxial lincs in connection with disk-seal triodes is 
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lines are used in conj unction with appropriately designed close-spaced 
parallel-plate triodes, oscillations can be generated at higher frequencies 
than with any other triode tube arrangement; powers of the order of a 
watt are obtainable at frequencies in excess of 4000 Mc. 

The construction of a typical parallel-plane tube is illustrated in Fig. 
12-24. The active part of the cathode, control grid, and plate lie in 
parallel planes as shown. The connections to these electrodes are pro
vided by metal disks as shown, rather than by leads as is ordinarily the 
case. Because of this, parallel-plane tubes are also called disk-seal tubes. l 
This type of construction reduces the inductance of leads to a minimum, 

connection 

bypass connecl/on 

connection 
FIG. 12-24. Details of typical para.l.lel-pla.ne (lighthouse) tube. 

and provides an arrangement that is particularly compatible with a 
coaxial transmission line. 

The usual circuit arrangement of a coaxial-line oscillator using parallel
plane triodes is illustrated schematically in Fig. 12-25a. This is a tuned
grid-tuned-plate oscillator with a grounded grid; it is thus the same 
arrangement as shown in Fig. 12-18b, with the exception that resonant 
coaxial lines are used for tuned circuits. Since the control grid provides 
very effective electrostatic shielding between the grid and plate lines this 
arrangement is sometimes referred to as a grid-separation circuit. 

In order to obtain oscillations, it is necessary to provide coupling 
hetween the grid and plate sides of the system; in practice this is done by 
means of a coupling loop or probe that extends from one resonant system 
to the other. Some parallel-plane tubes intended to be used only for 

described in the pa.per by M. E. Hines, A Wide-ra.nge Microwa.ve Sweeping Oscilla.tor. 
Bell System Teek J., vol. 29, p. 553, October, 1950. This particular oscillator is 
arranged so that the frequency can be mechanically swept over the frequency range 
3600 to 4500 Mc. 

1 Tubes having the configuration of Fig. 12-24 are also sometimes called "light
house " tubes as a. result of a fancied similarity of their silhouette to that of a. light
house. A modification used in some power tubes consists in making the plate connec
tion of large size in order to radiate a large amount of heat, and the cathode end small 
in diameter. This construction is called an Hinverted lighthouse," and is illustrated 
by the 2C39 tube tyP<l. 
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oscillator service have built-in coupling between the cathode and plate 
sides of their control grids. 

A practical form of a coaxial-line oscillator is shown in Fig. 12-25b. 
Here the grid-plate and grid-cathode lines are arranged concentrically, 
thus reducing over-all length and simplifying the problem of inserting 
and withdrawing the oscillator tube. Coupling between the grid and 
cathode lines is provided by means of coupling loops as illustrated. 
Typically, three such loops are employed, arranged symmetrically around 

Grid 

( a )  Schematic; diaqrom of qrid-sepOlrC4tion circuit 

Grid line 
funinq plunqer

, 

Iv 
S<lppr�ss rl!SOnQnces 
back of fhe tuning plungers 

Spring ringer 
contactors 

Plate line 
t"ninq plunger 

_�b) .De�Us .of_practica' "coaxial line oscill ator" 

Cc/led sprin? 
contact 

FIG. 12-25. Coa.xial-line oscillator employing para.llel-plane (1ighthouse) tube. 

the periphery of the cavity, and placed as close as practical to the tube 
end of the line. Alternatively, one may employ small probes which 
project through the wall separating the two resonant circuits, and provide 
electrostatic coupling. The sizes and locations of these coupling devices 
are usually determined empirically. 

The coaxial lines are adjusted by means of short-circuiting plungers. 
The achievement of good high-frequency electrical contact between the 
surfaces of the coaxial lines and the tubes, and with the short-circuiting 
plunger, is one of the major problems in the construction of coaxial-line 
oscillators. Silver-plated and specially heat-treated beryllium copper 
flexible fingers are commonly used for the contacts. They must be pro-



SEC. 12-9J LAB ORATOR Y O S C I LL A T O R S  519 

cisely fabricated and assembled, as must most of the other components of 
the coaxial oscillator. For these reasons, it is not advisable to attempt 
the construction of such an oscillator unless adequate machine-shop 
facilities are available. 

In order to introduce plate and bias voltages, it is necessary that the 
grid, plate, and cathode electrodes of the tube be electricaUy insulated 
from each other. This is commonly accomplished by building by-pass 
condensers into the coaxial-line system as illustrated in Fig. 12-25b. 
These by-pass condensers aTC normally formed by mica that separates 
silver-plated brass plates. A by-pass condenser separating the actual 
cathode from the grounded or cathode part of the tube envelope is built 
into some types of parallel-plane tubes. 

M ode Separation in Resonant-line Oscillators. A resonant transmission 
line of given physical length will be resonant at a series of frequencies, 
such that the effective electrical length of the line is ),,/4, 3),,/4, etc. The 
existence of these different modes introduces the possibility that an oscil
lator can operate at two or more frequencies with a given tuning adjust
ment. In such a case, the particular frequency at which the oscillator 
chooses to operate depends on the relative loaded Q of the resonant system 
for the different frequencies, the relative feedback coupling, whether or 
not transit-time effects differ significantly, etc. In particular, if there is 
a significant difference in loaded Q, and other things are approximately 
equal, then the oscillator will pick the frequency for which the loaded Q 
is highest, i.e., the frequency at which the oscillator delivers the least 
possible amount of output power. Thus, one way to avoid an undesired 
mode, is to couple the output load in a manner that provides loading for 
the undesired as well as the desired mode. 

If a capacitance ouch as that represented by the interelectrode capaci
tance of a tube is connected across the open end of a resonant line, then 
the various resonant modes are no longer harmonically related. This 
fact can be taken advantage of to restrict operation to a desired mode. 
Thus in the tuned-grid-tuned-plate type of circuit illustrated in Fig. 12-23 
and Fig. 12-25, conditions favorable for oscillator operation at more than 
one mode will occur only if the product of characteristic impedance and 
terminal loading capacitance is the same for both resonant lines. Single
mode operation, i.e., mode separation, can accordingly be achieved by 
making the product of terminal capacitance times characteristic imped
ance as greatly different as possible for the grid and the plate lines;l in 
this way adjustments that cause the two lines to have the same resonant 

I Sec UVery High Frequency Techniques, "  op. rn., p. 344; H. J. Reich, Mode Sepa
ration in Oscillators with Two Coaxial-line Resonators, Proc. IRE, vol. 36, p. 1252, 
October 1948; P. J. Sutro, Theory of Mode Separation in a Coaxial Oscillator, Proc. 
IRE, vol. 24, p. 960, December, 1946. 
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frequency for one mode, say X/4, will result in the resonant frequencies 
for the other modes being different for the two lines. Mode separation 
can also be achieved by operating the grid and plate lines on different 
modes, as for example 31-/4 and A/4, respectively. 

12-10. Holes and Discontinuitie. in the Tuning Characteristic of 
Triode Oscillators Having Wide Tuning Range.' Ultra.-high-frequency 
oscillators that are tunable over a wide frequency range often cease to 
oscillate, or oscillate only very weakly, at certain frequency settings. 
When this behavior occurs, the oscillator is said to possess a If hole. H In 
other cases, even when no holes are present, the tuning curve of the 
oscillator may possess a discontinuity, with the actual frequency at 
certain settings of the tuning control being different when the setting is 
approached from the low-frequency side from what it is when the setting 
is approached from the high-frequency side. 

These anomalies arise either from parasitic resonant circuits coupled 
with the oscillator-tuned circuit, or from undesired resonances in some 
portion of the oscillator itself. Holes may also be caused by inadequate 
feedback coupling at certain frequencies, either as a result of undesired 
resonances in the oscillator, or as a result of a change of voltage and cur
rent distribution with frequency altering the coupling. 

Parasitic resonant circuits can stop the oscillations (or can at least 
make them weak) at the resonant frequency of the parasitic circuit, as a 
result of the resistance that the resonant parasitic circuit then couples 
into the oscillator system. If the parasitic system has high Q, and the 
coefficient of coupling is greater than the critical value, then the resulting 
coupled arrangement possesses double peaks with two possible resonant 
frequencies. Under these conditions a discontinuity in the tuning curve 
will occur. 

Parasitic resonant circuits may arise in many ways. Thus by-pass 
condensers may resonate with associated leads. Another example is 
when the shielding box enclosing the oscillator has the proper dimensions 
to act as a cavity resonator at some frequency within the tuning range of 
the oscillator. The unused back sides of coaxial or parallel lines are 
also possible sources of hole trouble, since they are resonant systems that 
are coupled to the oscillator tank circuits by leakage or stray fields. In 
coaxial lines of very short length, it is possible for the resonant frequency 
of the first circumferential higher order mode to coincide with resonant 
frequency of the normal coaxial mode, thereby giving the equivalent of a 
coupled parasitic circuit. 

Trouble from coupled parasitic resonant circuits can be avoided by such 
expedients as eliminating the parasitic resonant circuit or the coupling 
to it, or shifting the resonant frequency outside of the tuning range of the 

1 See liVery High Frequency Techniques, IJ op. tit., p. 371. 
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oscillator. Alternatively, one may introduce so much loss in the para.sitic 
resonant circuit as to make the coupled effects negligible. Thus in Fig. 
12-25b, lossy material arranged as shown will eliminate trouble from 
resonancea in the space back of the plungers. 

Radio-frequency chokes are an important source of holes in oscillators 
having a wide tuning range. If at some frequency within the tuning 
range, the choke ceases to perform its normal function of supplying a high 
impedance, and instead acts as a series resonant circuit with resulting 
low series impedance, then a hole may occur. In other cases the radio
frequency choke may resonate with a capacitance in the system, as, for 
example, a tube interelectrode capacitance, to produce a resonance that 
alters the normal voltuge and current relations of the oscillator. The 
leads in conjunction with electrode capacitances can also cause trouble. 
For example, when the oscillator circuit of Fig. 12-19a is used to generate 
extremely high frequencies, it is found that the inductance of the lead 
from cathode to ground will resonate with the cathode-to-ground capaci
tance. This causes a change in the phase of the alternating voltage of the 
cathode with respect to the other electrodes that greatly reduces the 
normal feedback action occurring in this circuit. Thus, with 955 or 9002 
triodes in a butterfly oscillator, the result is a broad hole in the vicinity of 
450 Mc, although oscillations are obtained at both higher and lower fre
quencies. The remedy in such a case is to insert a radio-frequency choke 
in the cathode lead; the inductance of this choke should be such that the 
frequency of the resonance causing the hole is shifted to a low frequency 
that is outside the tuning range.1 

12-11. The Rellex Klystron Oscillator.' The reBex klystron finds 
wide use as a laboratory oscillator at frequencies above 1000 Mc. It is 
essentially a low-power device, typically generating 10 to 500 mw. At 
frequencies in the range 1000 to 3000 Mc the reflex klystron is competitive 
with the coaxial-line triode oscillator; at frequencies in the range 3000 to 
25,000 Mc it has no satisfactory alternative for low-power laboratory 
applications. 

1 For further discussion of this particular situation see "Very High Frequency 
Techniques." op. cit., p. 835. 

I The principles involved in reflex klystron oscilla.tors a.re summarized in "Very 
High Frequency Techniques," op. ci.t., Chap. 31; J. R. Pierce, Reflex Oscillators, Proc. 
IRE, vol. 33, p. 112, February, 1945; F. E. Termsn, U Radio Engineering," 3d ed., 
p. 442, McGraw-Hill Book Company, Inc., New York, 1947; "Technique of Micro
wave Measurements" (Vol. 11, Radiation Laboratory Series), pp. 21-58, McGra.w
Hill Book Company, Inc., New York, 1947. For more extensive treatments of the 
subject see J. R. Pierce and W. G. Shepherd, Reflex Oscilla.tors, BeU SY8tem Tech. J., 
vot. 26, p. 460, July, 1947 (also appears in " Radar Systems and Components," 
pp. 488-761, D. Van Nostrand Compa.ny, Inc., New York, 19(9); "Klystrons and 
Microwave Triodes," op. cit., pp. 311-566; A. E. Harrison, "Klystron Tubes," 
McGraw-HilI Book Company, Inc., New York, 1947. 
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The structure of a reflex kIystron tube i s  illustrated in Fig. 12-26. The 
tube consists of a cathode, a focusing electrode at cathode potential, a 
coaxial line or re-entrant cavity resonator that also serves as an anode, 
and a repeIler electrode that is at a moderate negative voltage with 
respect to the cathode. The cathode is so shaped in relation to the 
focusing electrode and anode that an electron beam is formed that passes 
through a gap in the resonator as shown, and travels toward the repeller. 

�+,I!I ! I !t-=------, 
;=i!I ! I ! I!±-

Gap 
,--.-4., / Focusing, I " Beclron 

eleclroae " I beam 
'", / , , , 

Oufpul line ... -�" 

• ' a  1---' '\ Repel/er 

" .. .Repel/er 
space 

k=-"Resonotor 
(C/node) 

Fm. 12-26. Schematic representation of 
a reflex klystron oscillator. 

Because the repeller has a negative 
potential with respect to the cath
ode, it turns these electrons back 
toward the anode when they have 
reached some point such as a in the 
repeller space; these returning elec
trons then pass through the gap a 
second time. 

If one now assumes that oscilla
tions are being generated, a radio
frequency voltage exists across the 
gap. This voltage acts on the elec
trons traveling t9ward the repeller, 
causing the velocity that these elec
trons have as they emerge from the 
gap into the repeIler space to vary 
with time in accordance with the 

radio-frequency voltage, i.e., the electron stream entering the repeller 
space is velocity-modulated. Because of this velocity modulation, elec
trons emerging from the gap at different parts of the cycle take different 
lengths of time to return to the gap. As a result, the electrons returning 
through the gap tend to group together in bunches, whereas the original 
stream of electrons from the cathode toward the repeller passed through 
the gap at a uniform rate. 

These returning bunches of electrons interact with the alternating 
voltage existing across the gap. If the bunches return at such a time 
during the radio-frequency cycle that the electrons are slowed down by 
the alternating gap voltage, then energy is delivered to the gap voltage 
and this tends to sustain the oscillations. Conversely, if the transit time 
in the repeller space is such that the returning electron bunches arrive at 
the gap at a time such that they are accelerated by the alternating gap 
voltage, then the electron beam absorbs energy from the oscillations in 
the resonator, and the oscillations tend to die out. In the event that the 
returning bunches pass through the gap when the alternating gap voltage 
is passing through zero, then the bunches give rise to an interaction that 
is of a purely reactive character. 
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The interaction that takes place between the returning electrons and 
the alternating voltage across the gap, is equivalent, as far as the resonant" 
cavity is concerned, to shunting an admittance across the gap. This is 
illustrated schematically in Fig. 12-27, where this admittance Ye, com
monly called the electronic admit
tance, is represented as a conduct
ance GIJ shunted by a susceptance Be_ 
The magnitude of the electronic 
admittance is affected by the geome
try and dimensions of the tube, the 
current in the" electron beam, the 
electron transit time in the repeller 
space, and the amplitude of the 
alternating voltage across the gap. 
The phase angle of this admittance is 
determined solely by the electron 

Electronic (;Idm/�/(:mce1.r==_--r-__ , 
Ye=Ge+JBe r Equ/vor/enf 

I resonant 
system 

Be 
FIG. 12-27. Schematic representation 
of the resonant system of a reflex kly
stroD oscillator, showing the relation
ship of the electronic admittance to the 
resonant system. 

transit time in the repeller space, and is proportional to transit time N 
measured in cycles. The conductive and susceptive components vary 
with N as shown in Fig. 12-28. It will be noted that the conductance is 

.,1 (O .� � %  
.!' �r-"-r---\--f---+-� .  :t �  , � � �  • - -lnc�inq!y negotiv� repelkr �//rJ e 

o I 2 
N�Tr�nsit time in cycles 

FIG. 12-28. Conductance and suscept
ance components of the electronie ad
mittance of a reflex klystron. 

peller space be returned to the 
time. 

alternately negative and positive. 
Since oscillations occur most easily 
when thE?: conductance is most nega
tive, oscillations are strongest when 

N � n + % cycles 

where n can be any integer, includ
ing zero. 

To gener�te oscillations, the fre
quency of the resonant system is 
tuned to the desired value, and the 
transit time in the repeller space is 
adjusted to a suitable value by vary
ing the negative bias voltage applied 
to the repeller. The more negative 
the repeller, the more quickly will 
the electrons passing into the re-

gap, and hence the less the transit 

Reflex klystrons in which the resonant system is included in the 
evacuated portion of the tube, can be tuned by mechanically flexing the 
walls of the resonator and/or simultaneously varying the gap spacing. 
This method of tuning is based upon the fact that the resonant frequency 
is affected by the dimensions of the cavity, and by the loading effect 
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introduced by the capacitance between the two sides of the gap. It is 
possible in this way to tune over a frequency range of the order of 1.3 to 1 .  

Coax/a! 
line} 

, 

Shorf-circulting 
tuning plunger 

C = -=0 --:/ .:\ "' " fi" 
-=;/-,J,...J,\-I, J " joprmq mqers 

=L-�c�a'���d�e/��/ji+==:---------J�------� 
Focu$inq electrode / � ..... 6ap/ L-�� ____________ �� __ · ______ �FJ� Unused ....-/ Lossy malerial Repelfer 

back space to suppress 
resonances 

FIG. 12-29. Schematic representation or a reflex klystron oscillator with external reso
nant system supplied by' a coaxial line. 

In reflex klystrons that employ a resonant system that is external to 
the tube, as illustrated in Fig. 12-29, the resonant frequency can be 
adjusted by means of a tuning plunger. A tuning range of over 2 to 1 

-200 

300 

areas correspond to those combinations 
of voltages at which oscillations occur. 

may be obtained in this way pro
vided the repeller voltage is simul
taneously varied so that the transit 
time measured in cycles is kept 
approximately constant. 

Operating Characteristics of Reflex 
Klystron Oscillators. Oscillations 
are obtained from a reflex klystron 
only for combinations of anode 
voltage and repeller voltage that 
give a favorable transit time. The 
situation existing in a typical klys
tron at a given frequency is illus
trated in Fig. 12-30. Each shaded 
area corresponds to oscillations at 
a particular transit time mode n. 
If the frequency of the oscillations 

is changed appreciably, the pattern still has the same general character 
shown in Fig. 12-30, but the locations of the regions of oscillation are 
shifted. This is because with a new frequency, a different transit time 
in seconds is required to give the same transit time in cycles. 
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When the frequency of oscillation and the anode voltage at which the 
tube is operated, are both kept constant, then the amplitude of the oscilla-

�t AnQ n n , I I I • I I I I I !  

?-
� u· , > c  � �Or-��.rr:�Lf---r.�T------t��--..9 cr  I I t Cl) IU I I I I I cr::,t 1-+1 DecreOlsing N-+ 

o Repeller vort�qe NegOltive 

FlO. 12-31. Variation of output power and frequency of reflex oscillator as & funcHon 
of repeUer voltage for the tube of Fig. 12-30. 

tions obtained from a reflex kJystron varies with the repelIcr voltage as 
shown in Yig. 12-31. The different oscillating regions correspond to 
different values of n in Fig. 12-30, i.e., 
to different transit-time modes. Oscil
lations have the maximum amplitude 
when the transit time is exactly n + % 
cycles, corresponding to maximum 
possible negative conductance. As the 
transit time departs from this optimum 
condition, the negative conductance is 
less and the oscillations have progres-
sively smaller amplitude. 

The effect of a load coupled into the 
resonant system is illustrated in Fig. 
12-32 for . a particular transit-time 
mode. As the coupling of the load to 
the resonator is increased, the fre
quency range over which oscillations 
are produced is less. At the same 
time, the power output is maximum 
for a particular coupling, and is less for 
greater or smaller coupling. 

Frequency. The frequency of the 
oscillations obtained from a reflex klys

.� -a .. 0: 

Heavy loadil7lJ 

l'lJhl loading 

/ 

Repeller vcl tage __ 
FIG. 12-32. Effect on output power 
and frequency of coupling diffcrent 
values of 10ad impedance into the 
resonant system; these resu1ts are 
for a particula.r mode. 

tron is determined primarily by the resonant system. However, the 
electronic susceptance B. also has a small effect as a result of the fact that 
it is a part of the equivalent resonant circuit (see Fig. 12-27). This elec-
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tronic susceptance depends upon the repeller-space transi t time as shown 
in Fig. 12-28. Since the transit time depends on both the anode and 
repeller voltages, these voltages affect the generated frequency. In par
ticular, the frequency may be altered by as much as 1 or 2 per cent by 
variation of the repeUer voltage; this is known as electronic tuning. 

Since both anode and repeller voltages affect the frequency, it is neces
sn.ry that these voltages be derived from stabilized power sources when a 
high degree of frequency stability is important. Other factors affecting 
t.he frequency stability of the oscillations are changes in mechanical 
dimensions of the tube and associated resonator resulting from changes in 
ambient temperature and heating of the tube elements, and variations in 
the impedance that the load couples into the resonant cavity. The load 

-400 r--.,.-.,.-.,.-
1! 
g-300 1---+---;'-� m o -;; -200 1--N,,��a-> 
\) 
8.-100 1-��4\ 

o�� 
0 4 8  12 16 20 

Oscillation wavelength. centlmeters 

• 

FIG. 12-33. Characteristics of a. typical reflex klystron i the shaded areas show the 
relation of repcUer voltage and wavelength for conditions which give oscillations. 

can be prevented from affecting the frequency by inserting a resistive 
attenuator in the output circuit of the klystron resonator to provide isola
tion from the load. 

Special Problems Encountered in Reflex Klystron Oscillators Tunable over 
Wide Frequency Ranges. Reflex klystron tubes in which the resonant 
cavity is external to the vacuum system, are inherently capable of tuning 
over extremely wide frequency ranges. However, when one attempts to 
construct a wide-tuning-range oscillator, a number of problems are 
encountered which must be understood and taken into account if satis
factory results are to be obtained. 

Thus the required repeller voltage depends upon the frequency being 
generated, as shown in Fig. 12-33 for a typical case, and so m·ust be varied 
simultaneously with the tuning controL One obvious means of doing 
this is to derive the repeller voltage from a potentiometer that is appr<r 
priately tapered, and which operates from the same shaft as does the 
tuning control. It is not necessary to maintain precise tracking, but for 
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satisfactory results tbe repeller potential must ordinarily lie within 
± 5 volts of a predetermined curve.1 

It is apparent from Fig. 12-33 tbat it is possible to cover a frequency 
range greater than 2 to 1 using a single repeller-space transit-time mode 
provided tbe repeller voltage is properly tracked. By changing from one 
mode to another a st.ill greater frequency range can be covered by a single 
tube; tbus the tuhe of Fig. 12-33 could readily cover tbe wavelength 
range 7 to 22 cm using two modes. 

When a reflex klystron oscillator is tuned over a very wide frequency 
band, it is commonly found that holes, or discontinuities, occur at certain 
points in the tuning curve. These are caused by parasitic resonances in 
exactly the same way that parasitic resonances introduce holes, or dis
(lontinuities, in wide-band tunable triode oscillators, as discussed in Sec. 
12-10. The commonest sources of parasitic resonances in reflex klystron 
oscillators are resonance in the space behind the short-circuiting plunger, 
resonance due to higher order modes in the active part of the cavity, par
ticularly the first circumferential coaxial mode, and resonanee in the 
plunger. 2.3 

Under certain conditions, a refiex klystron tube with a given tuning 
adjustment and repeller voltage, can operate at either of two frequencies 
whicb differ considerably in value. This effect is called mode interference, 
and is illustrated in Fig. 12-34. It arises as a result of the fact that 
ordinary resonators such as transmission lines or cavities are simul
taneously resonant at a number of frequencies, while" at the same time a 
given repeller voltage will correspond to different values of transit time N 
measured in cycles as the frequency is changed. Mode interference, as 
illustrated in Fig. 12-34, can then arise whenever a coincidence exists in 
the frequency of sucb a higher order resonant mode, and the frequency for 
which the transit time N approximates a whole number of cycles plus 
three-fourths of a cycle. Tbe details involved are complicated by the 
fact tbat tbe loading of tbe resonator by the lumped capacitance of the 
tube prevents the resonator modes from being in harmonic relationship to 
each other, while at the same time several factors enter into the ease with 
which oscillations are generated on any particular mode. Whenever a 
reflex klystron oscillator is tuned over a very wide frequency range, mode 
interference will nearly always occur a.t one or more places in the tuning 

1 For further information see "Very High Frequency Techniques," op. ca., p. 872. 
I A full discusaion of these effects and their control is given in Cl Very High Fre

quency Techniques,U op. cit., Chap. 32. 
J Discontinuities and irregula.rities in the tuning characteristic can also be intro

duced by electrons which make more tha.n one round-trip passage through the ga.p of 
the reflex klystron tube. This phenomenon is called electronic hysteresis, .and is a 
characteristic of the tube. In the more recently designed reflex klystron tubes, the 
electron opt.iCR hA.ve been so a.rra.nged thAt electronic hysteresis is IA.rgely absent. 
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range unless very great care has been exercised in coordinating tube and
· 

circuit design. I•2 

N oncontacting Plungers. 3 ·In reflex klystrons employing external reso
nators, a tuning plunger with flexible spring fingers can be used, as in 
Fig. 12-29. However, with laboratory oscillators which are frequently 
being tuned, there are advantages in using a plunger of the noncontacting 
type, since in this way wear, contact noise, contact resistance, etc., are 
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FlO. 12-34. Mode interference in a reflex klystron. 

avoided. Various forms of noncontacting plungers are illustrated sche
matically in Fig. 12-35. In all of these there is a low-reactance gap 
between the plunger and the sides of coaxial cavity that serves as a low
impedance short circuit. 

If a noncontacting type of plunger is to be effective over a wide fre
quency range, it must be very carefully designed. The power dissipated 
in the plunger itself, together with the power that is permitted to leak 
past the plunger, must be small. Likewise, resonances in the plunger 
system must either be suppressed, or shifted to frequencies outside of the 

1 See liVery High Frequency Tcchniqucs/' op. cit., Chap. 32. 
, These problems of design and coordination arc simplified. if the coaxial tuning 

system of Fig. 12-29 is replaced by a system in which the outer conductor of the 
coaxial line is replaced by a rectangular waveguide to form a resonant slab line (sce 
Fig. 4-8) that is completely enclosed. Details arc given by W. D. Myers, A 3800-
7600 Mc Signal Generator Using a Parallel-plane Type of Resonator, Hewletl-Packard 
J., val. 2, September, 1950 • 

• A thorough discussion of this problem is given by William H. Huggins, Broadband 
Non-eontacting Short Circuits for Coaxial Lines, Proc. IRE, vol. 35, pp. 906, 1085, 
1324, September. October, November, 1947. 
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desirerJ tuning range. Finally, the plunger must act as a low-impedance 
termination throughout the desired frequency range. By careful atten
tion to details it is possible to design a non contacting plunger that will 
perform satisfactorily over a frequency range in excess of 2 to 1 .  

Modulation of Reflex Ktystron Oscillators. Frequency modulation of a 
reflex klystron oscillator is readily carried out by superimposing the 
modulating voltage upon the repelIer potential. This varies the transit 
time in the repeller space and hence modulates the electronic susceptance 
shunted across the resonant circuit, as discussed in connection with 
Figs. 12-27 and 12-28. The result is a variation in frequency of the 
character shown in Fig. 12-31. It is seen that there is a region about the 

NOf'confaclinq plunger 

, -'4--------c../l - .--:Ji :}-- --- - - - - -- - - -
Tube.! '  L / n e � 

(0) 5chemlltic diagram of tube with tunina line 

;c«//t///&A.r;::�=uc�� 
ll. 1'77�777. =::1" 

·�/nner conductor 
Cc.pocitonce Choke Bucket 

type type type 
S type 

(b) Various forms of noncontllc;.t .tuning plungers 

FIG. 12-35. Schematic representation of noncontact tuning pJungers for a coaxial line. 

center of each mode where substantially linear frequency modulation can 
be obtained by variation of the repeller voltage. Accompanying this 
frequency modulation there is amplitude modulation of the -generated 
oscillations which is less the smaller the frequency swing. The useful 
frequency deviation that it is practical to obtain in this way depentrS on 
the load coupled to the resonator, the repeller-space transit-time mode n 
that is being used, the beam current, etc. i peak-to-peak deviations such 
as 1 per cent of the center frequency are easily obtainable in a typical 
case. It will be noted that since the repeller electrode need not draw any 
current, the modulating power required is very low. 

When an amplitude-modulated wave is required for test purposes from 
a reflex klystron oscillator, it is customary to employ square-wave modu
lation. The modulating voltage is applied either to the repeller or to 
the anode, and is arranged with an amplitude such that the oscillations 
are alternately turned on and off in accordance with the modulation .f.�e-
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quency. In this way, frequency modulation is avoided, since when the 
oscillations are being generated the electrode voltages are constant. In 
contrast, if a sinusoidal modulating wave were employed, the resulting 
variation of electrode voltage, during the period when oscillations were 
being generated, would introduce excessive frequency modulation along 
with the amplitude modulation. 

Pulse modulation of a reflex klystron oscillator can be carried out by 
pulsing either the anode or the repeller voltage, whichever is most con
venient. '  The amplitudes are so arranged that conditions favorable for 
oscillation exist only during the period of the pulse; in addition, the pulse 
must have a flat top if excessive frequency modulation of the generated 
wave is to be avoided. 

Multiple-cavity Klysirons. When the power obtainable from a reflex 
klystron is inadequate, it is possible to employ a two- or three-cavity 
klystron.2 A variety of commercial tubes of this type are available for 
frequencies in the microwave range j these typically generate powers of a 
few tens of watts. 

Power klystrons of this type find only limited use as laboratory oscil
lators, and then are really satisfactory only for fixed-frequency operation. 
This is because the tuning range obtainable from any particular tube is 
relatively small. Moreover, for each change of frequency, it is necessary 
to retuDe the resonant frequencies of the cavities very precisely in rela
tionship to each other, and in addition, alter the coupling between the 
cavities. Since these adjustments are all quite critical, it  is not a simple 
matter to change the frequency over an appreciable range. 

12-12. Magnetron Oscillators. Magnetron oscillators of the cavity 
type are sometimes used as sources of microwave power in measurement 
work. Such oscillators are relatively high-power devices, and thus find 
use when reflex klystroDs cannot develop sufficient output. Magnetron 
oscillators have the disadvantage for measurement work that they are of 
either fixed frequency, or limited tuning range, and that they cannot be 
modulated satisfactorily except by pulses or square waves. 

Numerous magnetron tubes are commercially available as a result of 
radar and other developments that employ magnetrons. Most of these 
tubes have been designed "for use with short pulses, although several types 
have been developed for continuous-wave operation at powers of the 
order of 50 watts or even higher. 

The frequencies available in magnetron oscillators center about those 
used in radar work, such as 3000 and 10,000 Mc. The tubes available 

1 See , jVery High Frequency Techniques," op. cit., vol. 2, p. 1014. 
I See Russell H. Varian and Sigurd F. Varian, A High-frequency Oscillator and 

Amplifier, J. Applied Phys., vol. 10, p. 321, May, 1939; Harrison, op. cit.; UKlystroDS 
and Microwave Triodcs," op. dt., pp. 201-310. 
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commonly have no tuning adjustment, or alternatively are tunable only 
over very limited frequency ranges, such as + 10 per cent or less. Tubes 
without tuning adjustment can have their frequency controlled to some 
extent by reactance coupled into the tube resonators through the use of a 
high-Q resonator external to the tube; however, the frequency range 
thereby obtainable is at best quite small. 

The principles of operation of the magnetron are well discussed in the 
literature,l and attention will be confined here to the operating character
istics which determine output power, frequency, etc. In general it can , 
be said that two conditions must be met to provide power at a given fre
quency. The first of these is the proper combination of magnetic field 
strength and anode voltage to provide suitable electron trajectories, 
while the second condition is that a resonant cavity or circuit must be 
provided for storing the radio-frequency energy. 

The frequency, power, and efficiency, of a magnetron oscillator, are a 
function of the anode voltage and magnetic field strength, as illustrated 
by the typical performance chart shown in Fig. 12-36. Because of the 
frequency variations produced by variations in the anode voltage, it is 
difficult to obtain amplitude modulation without excessive frequency 
modulation. Hence if pulses free of frequency modulation are desired, 
the tops of the modulating pulses must be flat, so that a constant voltage 
will be applied to the tube whlle oscillations are being generated. 

The frequency, power, and efficiency of a magnetron oscillator, are also 
affected by the load impedance connected to the output terminals of the 
tube. In oscillators for laboratory purposes the effect of the load imped
ance on the frequency is particularly important. This effect is com
monly termed H pulling," and can be eliminated by placing an attenuator 
between the magnetron and its load. 

A related phenomenon peculiar to magnetrons is termed the " long-line 
effect," and influences the action of the magnetron oscillator in the follow
ing way : Assume that the load is connected to the receiving end of a 
long transmission line, and that this load represents a considerable mis
match to the line. Then as the frequency of a tunable oscillator is 
varied, the impedance seen by the oscillator at the transmitting end of 
the line goes through extreme variations of impedance for relatively small 
frequency changes. Not only does this seriously influence the frequency 

1 J. B. Fisk, H. D. Ha.gstrum, and P. L. Hartman, The Magnetron as a. Generator 
of Centimeter Waves, BeU System Tech. J., vol. 25, pp. 1-188, April, 1946 (also. 
reprinted in "Radar Systems a.nd Components," D. Van Nostrand Company, Inc.,. 
New York, 19(9); "Very High Frequency Techniques," op. cit., Vol. 1,  pp. 473-554; 
H Microwave Magnetrons" (Vol. 6, Radiation Laboratory Series), McGraw-Hill 
Book Company, Inc., New York, 1948. An excellent summary oC the subject is given. 
by H. D. Hagstrum, The Generation oC Centimeter Waves, Proc. IRE, vol. 35, p. 548 .. 
June, 1947. 
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of oscillation, it generally also causes frequency lIjumps," or discon
tinuities in the tuning ; in extreme cases, the oscillator may cease to oscil
late at certain points in the tuning range. Alternatively, when the line 
length is varied, the curve of frequency as a function of length will have 
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FIG. 12-36. Typical performance chart of a lO-cm pulsed magnetron for an arbitrarily 
chosen load impedance (from "Microwave MagnetroDs"). The values of frequency 
marked on the curves represent deviations from an arbitrarily chosen reference 
frequency. 

discontinuities in it. Long-line effect can be eliminated by placing the 
load as close to the oscillator as possible, or by carefully matching the 
load impedance to the transmission line, or finally, by placing an attenu
ator pad between the oscillator and the line. 



CHAPTER 13 

GENERATORS OF SPECIAL WAVEFORMS 

13-1. Introduction. Extensive use is made in the field of measure-
menta, as well 
special shapes. 
and pulses. 

as in other electronic work, of nonsinusoidal waves of 
Common examples are square and saw-toothed waves 

Special waveforms can be obtained by using vacuum-tube circuit 
arrangements that directly generate the desired waveform. Alterna
tively, onc may start with some other type of wave, as for example, a sine 
wave, and shape it by the use of vacuum tubes and circuits to give the 
desired waveform. The various techniques involved aTC described in 
some detail in this chapter, since they arc not as familiar to most radio 
engineers as aTC those involved in conventional sine-wave oscillators. 

Also included in this chapter is a Rs 
section on the generation of a time �"��--�-""'---'f 
interval. Such a time interval is Wa�e 10 J VI v2 

' 
ordinarily defined by two short be chpped jl + E - E' el' 
pulses, one of which marks the t I ' T '  . 
beginning of the time interval, and (a)  Circl,Iit 
a second that is delayed in time 
by the desired number of micro
seconds, and so marks the end of 
the interval. Such a time interval 
is readily produced with the aid of 
circuits that generate pulses and tri
angular voltage waveforms; hence 
the discussion of time-interval gen
eration proceeds naturally from the 
material in the other sections of 
this chapter. 

13-2. Wave-shaping Circuits. 

" 

" 
0 I E 

I E' I , 
I I I 

� I i � 
V, v, conducts conducfs 

(b) Waveforms 

t� 

The principal methods used to con
vert an available waveform into a 

FIG. 13-1. Diode clipping circuit, to
gether with waveforms involved when 
clipping a sine wave. 

different desired wave shape are 
clipping, differentiation, and integration. 

• 

Clipping. In clipping, a portion of a wave is flattened off or limited to 
lIome arbitrary level, irrespective of the amplitude of the original wave. 

533 
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A simple, eommonly used clipper circuit employing diode tubes is illus
trated in Fig. 13-1. Here, when the instantaneous value of the input 
voltage wave lies between Rc and -E:, neither of the two diodes con
ducts, and the input wave is transmitted directly to the output terminals 
without change. On the other hand, when the input voltage is more 
positive than Eo, diode V, will conduct, and will tend to prevent the out
put voltage from rising appreciably above E,. In fact, to the extent that 

Wave /r; 
be clipped 11 Ec 

L.':!tllf-L-+----I--� 
(Q) Girc;.uit 

0 
- - - - - CufofF 

eg I Actual biers 
bias I I I I 

1 I I I 
I I 

e, r I 1 I \ 1 I � � 
(bl W aveforms 

FIG. 13-2. Triode clipping circuit, together with waveforms illustrating the cHpping of 
a sine wave. 

the conduction resistance of the diode is negligible compared with the 
series resistance R., the output voltage will be clipped exactly at the 
level Eel as shown. Similarly, when the input voltage becomes more 
negative than -E;, diode V, will conduct and clip the negative peaks of 
the output voltage at a level approximating - E;. 

A clipping circuit employing a triode tube is shown in Fig. 13-2.' Here 
the control grid and cathode,function similarly to diode V, in Fig. 13-1, 
and in conjunction with bias Ec and series resistance R. clip the positive 

1 A pentode tube could be employed instead of the triode, if desired. 
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peaks of the applied voltage at a level E" as shown. In addition, if the 
instantaneous grid potential is driven more negative than the value cor
responding to plate current cutoff, then the output waveform will be 
clipped at an amplitude corresponding to cutoff. Thus both positive and 
negative peaks are clipped by the arrangement illustrated in Fig. 13-2, 
with the actual clipping levels for the positive and negative peaks being 
determined by the amplification factor of the tube and by the bias and 
plate voltages used. The triode clipper of Fig. 13-2 can be regarded as 
being roughly the equivalent of the diode clipping system of Fig. 13-1, 
plus one stage of amplification. 

A cathode-follower form of triode clipper is shown in Fig. 13-3. Here 
the negative peaks of the input wave are clipped at a level corresponding 
to plate-current cutoff, exactly as in Fig. 
13-2. It is possible for the positive-going 
peaks of the input wave to be clipped as a 
result of grid current, as in the case of the Wave 10 e 

be clipped 1 
triode clipper of Fig. 13-2; however, tbe 
clipping of the positive peaks is not very 
pronounced, and in fact, unless the ampli
tude is very large tbere is no clipping of tbe 
positive peaks. 1 This is because when el 
in Fig. 13-3 is positive, e2 is likewise posi

" 

" 

(a) Circuit 

tive, and this fact increases the value that 
et must have to cause the grid to draw cur o H----!-;----y--;c Eb 
rent. The usefulness of the cathode
follower arrangement is therefore as a 
negative-peak clipper, and in this connec
tion it has a number of valuable properties. 

---
" 

In the first place, the cathode-follower 
clipper develops an output wave having o f---.l._-L-:t---, the same polarity as the input wave, 
wbereas the triode clipper of Fig. 13-2 
reverses the polarity; for some applications F I G. 

(b) Waveforms 
13-3. Cathode-follower 

this is of considerable convenience. In clipper, together with wave
the second place, for input amplitudes less forms illustrating the clipping 

of a sine wave. 
than the clipping levels, the output will 
more closely follow the variations of the input voltage than in the case of 
the triade clipper in Fig. 13-2; this results from the negative-feedback 
action inherent in the cathode-follower connection. Finally, to its out
put circuit, the cathode-follower system acts as a source of very low 

1 A two-tube cathode-coupled arrangement that clips both positive and negative 
peaks is described by L. A. Goldmutz and H. L. Krauss, The Cathode-coupled Clipper 
Circuit, PrQC. IRE, vol. 38, p. 1 172, September, 1948. 
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impedance for amplitudes less than the clipping level; this is likewise 
important in many circumstances. 

The arrangements described above are all peak clippers, in that they 
flatten off the positive or negative peaks of waves. Circumstances some
times arise, however, when it is desired to reduce to zero all amplitudes 
below some minimum value. Base clipping of this type can be obtained 
with circuit arrangements such as illustrated in Fig. 13-4. In Fig. 13-40 
the diode tube is biased to a voltage E, corresponding to the level of base 
clipping desired, so that no output current flows until the applied voltage 
exceeds this value. In Fig. 13-4b, base clipping is accomplished by bias
ing the control grid of the amplifier tube to a value that is more negative 
than cutoff by an amount equal to the desired level of base clipping. 

" 
I 
I 
I I 

" H 
(Cl)  Oiode bOlse clipper (bl Trio.e base clipper 

FIG. 13-4. Diode and triode base clippers, together with wa.veforms illustrating the 
base clipping of a sine wave. 

Clippers may be combined in various ways. A particularly important 
combination is illustrated in Fig. 13-5. Here the combination of diode 
V 1, resistance R" and bias Ec serves as a peak clipper, while diode V d n 
association with bias � simultaneously functions as a base clipper. The 
result is that all input voltages in excess of Ec are clipped in such a manner 
as to produce an output voltage having a value Ec - E�, while all values 
of input voltage that are less than E'. are reduced to zero amplitude in the 
output. An arrangement of this type is termed a slicer, since the output 
wave can be regarded as consisting of a sHee of the input waveform. 

The above discussion of clippers has been idealized by neglecting cer
tain second-order effects. Thus in actual practice, the level at which 
clipping occurs will ordinarily increase slightly with the amplitude of the 
wave being· clipped. In diode clippers this is a result of increased voltage 
drop in the tube as the diode current becomes greater, while in the case of 
clippers using plate-current cutoff the failure of the tube to have a per-
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fectly distinct and sharp cutoff leads to a similar end result. The above 
discussion also does not consider the effects produced hy tube capacitances 
or stray circuit capacitances, and so applies strictly only at the lower fre
quencies. When a voltage of very high frequency is applied to the 
clipping system, these capacitances round off the sharp edges that the 
clipped wave would otherwise possess. These distortions in the form of 
the clipped wave at high frequencies can be minimized by the same tech
niques used to give wide-band behavior in amplifiers, i.e., Iow tube and 
circuit capacitances, high tube conductance, and the use of low values of 
resistance in the circuits. 

Wave 
to be 

sliced 

Rs (+) Ii!il EG V, \.r�J l�'----_��i���----____ r 
(al Circui t 

., _--.JC� __ _ 

(b) 
FIG. 13-5. A alicer circuit, together with waveforms ahowing the behavior in the case 
of a sine-wave input. 

Differentiating and Integrating Circuits. A differentiating circuit 
develops an output voltage that is proportional to the rate of change 
dE/dt of applied voltage. A typical differentiating circuit consists of a 
small capacitance in series with a small resistance, as in Fig. 13�a. If 
the time constant RC is small enough so that the output voltage is very 
small compared with the applied voltage E, the current that flows in such 
a circuit is C dE/dt. The voltage developed across the resistance R is 
then equal to RC dE/dt. An alternative differeI:tiating arrangement con
sists of a large resistance in series with a small inductance, as shown in 
Fig. 13-6b. Here the circuit current is E / R, and the voltage acro ... the 
inductance will be L di/dt = (L/R) dE/dt; this assumes that the time 
constant L/ R is small enough so that the voltage developed across the 
inductance is very small compared with the applied voltage. 
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In an integrating circuit the output voltage is made proportional to 
the integral J E dt of the applied voltage. A typical integrating circuit 
consists of a large capacitance in series with a high resistance, as shown in 
Fig. 13-6c. In such an arrangement, if the time constant RC is so large 
that the output voltage is a negligible fraction of the applied voltage, the 

C 

ln�f-i'.-i --1-0-U�fPut 
'PU R V=OIIo� voltage= E at 

(0) Differentiation by 
RC Circuit 

R 

Input vOlfage=E L 

(bl Differentiation by 
RL circuit 

R 

��f In',w, c.l �JIa9'e valfage=E I =-'- fEd! 
j 

_ 

Rt

J 
(cl Integration b'l 

RC c.ircuit 
FIG. 13-6. Typical circuits for differentiating and integrating a voltage wave. 

current that flows will be E/R, while tbe output voltage will be propor
tional to the integral of this current, and hence to the integral of the 
applied voltage. 

It is important to note that the circuits of Fig. 13-6 will operate cor
rectly to give the desired results only if so proportioned that the output 
voltage is a negligibly small fraction of the input voUage. To obtain differ
entiated or integrated output waves of reasonable amplitude, it is there
fore customary to associate the output with some form of vacuum-tube 
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FIG. 13-7. Effects produced by differentiating and integrating typical idealized wave 
shapes. 

amplifier. A particularly desirable method of obtaining the amplifica
tion in integrator circuits is provided by the Miller integrator circuit dis
cussed in connection with Fig. 13-37. 

Differentiation and integration provides a straightforward means of 
converting from one type of wave shape to another type. This is illus
trated in Fig. 13-7, which shows the effect produced by differentiation 
and integration of some typical standard types of waves. Thus differ
entiation of a square wave produces a succession of alternately positive 
and negative pulses of relatively short duration; in contrast, integration 
of a square wave results in a triangular wave. Conversely, a square wave 
can be produced by integration of a succession of alternately positive 
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and negative pulses that are of very brief duration, or by differentiation 
of a triangular wave. 

13-3. The Multivibrator.1 An important circuit ·in many areas of 
electronics, the multivibrator possesses a versatility that makes it an 
especially useful circuit in the field of measurements. In particular, it is 
applicable to the generation of square waves, pulses, and time intervals, 
as well as finding extensive use for frequency division and as a harmonic 
generator. Accordingly, a review of the principles of operation of the 
several forms of the multivibrator circuit is in order. 

The multivibrator can be thought of as a two-stage resistance-coupled 
amplifier in which the voltage developed by the output of the second tube 
is applied to the input of the first tube, as shown in Fig. 13-8a, where the 
schematic of the plate-coupled form of multivibrator has been arranged 
to bring out this interpretation.' Such an arrangement will oscillate 
because each tube produces a phase shift of 180°, thereby causing the out
put of the second tuhe to supply to the first tube an input voltage that 
has exactly the right phase to sustain oscillations. The usefulness of the 
multivibrator arises from the facts that the wave that is generated is very 
rich in harmonics, that the frequency of oscillation is readily controlled 
hy an injected voltage, and that it can be used as a generator of square 
waves, pulses, or time intervals. 

The operation of the multivibrator can be understood by reference to 
the oscillograms shown in Fig. 13-9.' Oscillations are started (prior to 

1 Among the many possible references on the multivibra.tor, the following recent 
books and a.rticles may be given: A rather complete coverage of the numerous multi
vibrator forms and applications will be found in " Waveforms" (Vol. 19, Radiation 
Laboratory Series), pp. 163-195, McGraw-Hill Book Company, Inc., New York, 1949. 
Techniques of analysis are given by E. H. Bartclink, A Wide-band Square-wave 
Generator, Tram. A lEE, vo1. 60, p. 371, 1941; M. V. Kiebert and A. F. Inglis, 
Multivibrator Circuits, Proc. IRE, vol. 33, p. 534, August, 1945, and also in MIT 
Radar School Staff, "Principles of Radar," pp. 2-44-2-58, McGraw-Hill Book Com
pany, Inc., New York, 1946. Papers on the design of actual circuits include A. E. 
Abbot, Multivibrator Design by Graphic Methods, Electronics, vol. 21, p. 118, June, 
1948; E. R. Shenk, The Multivibrator-Applied Theory and Design, Electronics, 
vo1. 17, pt. I, p. 136, January, pt. Il, p. 140, February, pt. Ill, p. 238, March, 1944. 

1 Persons experienced in circuits such as the multivibrator have found it more 
effective to draw the circuit as shown in Fig. 13-8b. The point of view involved here 
is well advanced by F. C. WilliaIIlB, Introduction to Circuit Techniques for Radioloca
tiOD, J. lEE (Radiolocation Conv.), vol. 93, pt. IlIA, p. 289, March-May, 1946; 
especially the footnote on p. 302. Batteries arc not shown in Fig. 13-Bb, but points of 
fixed potential are designa.ted, such as Et., with more positive points toward the top 
of the schematic. Electrode voltages rise or faU in accordance with current flow 
through load resistors, and voltage waveforms can readily be visualized. 

a The small exponential transients designated as A in Fig. 13-9 are not of conse
quence in a discussion of the main principles of operation of the circuit, and so for the 
moment will be ignored. However, they do affect the limiting frequency of oscilla.
tion, and will be mentioned later in this regard. 
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t = 0) by a minute voltage at the grid of one of the tubes, say a positive 
potential on the grid of tube V,. This voltage is amplified by the two 
tubes, and reappears at the grid of the first tube to be reamplified. This 
action takes place almost instantly and is repeated over and over, so that 
the grid potential of tube V, rises suddenly to a positive value, while the 
grid potential eel of tube V 2 just as suddenly becomes more negative than 
cutoff. The immediate result is that amplification ceases, and for the 
time being tube V, draws a heavy plate current while the tube V, takes 

C, 

C2 

Output 

( a \  

lb) 
FIG. 13-8. Typical multivibrator circuit. The schematic diagram at (a) is drawn in 
such a way as to emphasize the similarity of a multivibrator to a two-stage amplifier. 
In (b) the same circuit is presented in a form that is particularly convenient for tracing 
instantaneous voltage changes. 

no plate current. This situation, depicted in Fig. 13-9 for 0 < t < t" is 
not permanent, however, because the current through the grid-leak resist
ance RUI of tube V 2 gradually brings the grid potential eC, back toward 
zero. At the time h the grid potential ec• has reached the cutoff levelJ 
and the tube V 2 can now amplify once more. The rising voltage eca will 
be amplified to produce a sudden fall in voltage ecu with an end result 
that tube V, now becomes conducting and tube V, is cut off. This 
action, which is clearly evident in the oscillograms, takes place almost 
instantly and is exactly the same as the initial action except that the rela
tive functions of the two tubes have been interchanged. Next the 
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potential e" on the grid of tube V, gradually dies away as the result of 
leakage through resistance R .. just as before, and finally the cycle repeats. 

e:Cr f' l, l II-'.'--T I • I 
I : Oro-r--4---+_ 

- - -,r - -

The output voltage is 
'
usually 

taken from the plate of one of the 
tubes through a coupling capaci
tor (C, in Fig. 13-8). The out,. 
put waveform is therefore that of 
ebl or eb, in Fig. 13-9. The am
plitude is readily determined by 

eO, 
a graphical " load-line H construc-

, Cu/off ( �) I vo/�ge ::! JL 
I £xpohenh"J rise wifh tion as depicted in Fig. 13-10, 

where a straight line of slope 
- 1/ R,. is superimposed upon the 
static plate-voltage-plate-current 
characteristic curve for the tube. 
The intersection with the tube 
curve for zero grid voltage is the 
operating point for whichever tube 
is conducting. The voltage Eo 
that represents the difference be
tween the plate voltage when the 

' lime C()n$lrmt � RIJ C, , , ' 

e;[1. t 1J 
! A 

I 

o r---f=--r-+' ---�.JCuloff 
, volfr:tge et, ExponenfiaJ rise 

with lime conslrmf 
: �R'hC2 �",,--�--'-�..J 

VI VI VI tube is conducting and when it is o:nduch"g Conduch'ng condtJclinq 
cut off, is the amplitude of the Fro. 13-9. Waveforms in the multi
output voltage wave. vibrator of Fig. 13-8 for the symmetrical 

The oscillograms of Fig. 13-9 ease where RL, "" RLu Ro\ "" Ro" and 

are for the case where the circuits Cl = et. 

associated with the two tubes have the same constants. Except for the 
minor imperfections indicated by A, 
the waveforms at ebl and eb. are square 
waves. When the circuits are not sym
metrical, and in particular when the 
time constants RQsCQ* and RQ,CfI, of 
the two grid leak-condenser combinaoL��_t:=�C�sjc.._ tions differ greatly, the length of suc-

. Eb cessive half cycles will differ correspond-
Actual voltage eb applied to pl.te..... ingly. By making one set of time 

FIG. 13-10. Graphica1 1oad-line con-
struction (or determination of Eo. 
the a.mp1itude of the squa.re-wave 
component of ell and e�1 in Fig. 13-9. 

constants very small, it is therefore 
possible to generate very short pulses 
by such an unbalanced or unsym
metrical multivibrator. 

Frequency of M ultivibrator Oscillation. A multivibrator oscillating as 
above at a frequency determined solely by the characteristics of the 
multivibrator system, is commonly termed a free-running multivibrator. 
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This is in contrast to the situation that exists when the frequency is con-
e, trolled by an injected voltage as 'r--;--l'E----,l described below in connection with 

Rl, Fig, 13-13, 

�Eb 
Rg2 �2: The frequency of a free-running 

---.i multivibrator is determined primarily 
(a) Pertinent circuit by the time constants Role1 and 

Cz R' Ct RrJ1C21 and the potentials to which the ,-r---l'f-, � grid return leads are brought, although 
+ RLI Rqz : E' R9z the remaining circuit constants and 

�Eb electrode voltages have a slight effect. 

(b) EQ.uivalent cirCIJit (c,) FinQI equivalent 
The total period T (Fig, 13-9) of a 

cycle of multivibrator operation is the 
sum of the two intervals t2 - tl and 
ta - t2• In the symmetrical case 
these two intervals are equal, but in 
any case if the grid leak resistances 
are returned to the cathode as in 

circuit 
FIG. 13-11. Equivalent circuits for 
determining the period tz - t2 in 
Fig. 13-9. During this time inter
val tube V2 is nonconducting and so 
acts as an open circuit. 

Fig, 13-9, the total period T is given by' 

T = (R" C. + R"C,) log, I'E
E. • 0 

where Rau Cl, Ran C2 are as designated in Fig. 13-8 and 

(13-1) 

I' = amplification factor of V. and V, (assumed the same for both 
tubes) 

E. = plate-voltage drop as illustrated in Figs, 13-9 and 13-10 
Eo = plate-supply voltage 

The frequency f of the multivibrator is simply the reciprocal of the 
period, i.e. 

1 
f = T 

(13-3) 

1 Each interva.l is determined by an exponential voltage waveform at the grid of V 1 
or V2• Consider the interval ta - t2• Neglecting the short transient A at time tt, 
the duration of this interva.l is the time ta - t% required for e., (Fig. 13-9) to rise 
exponentially (ram -Eo to the cutoff level -Eb!p.. During this time interval, tube 
V l carries no plate current, so that Fig. 13-9 reduces to the circuit shown in Fig. 13-11a. 
Replacing tube VI by the d-c plate resistance 1'/1 (that is, fp is the ratio of d-c voltage eb 
applied to the plate to the d-c plate current 4,) gives the equivalent cir$uit of Fig. 
13-11b, which can be simplified as shown at Fig. 13-llc. where 

E' E T, 
= 

b 1''P + RLt 

R
' = TpRLI 

TI' + RLt 

In this final circuit one ordinarily finds that R' « R,u so that the time constant of the 
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The frequency of the free-running multivibrator can be controlled by 
returning the grid circuit to an adjustable positive potential, aB illus-

(a) Multivibrotor with positive bios on grids 

-,---
Posili�e 
/;jgS : 

� --
cuforF 
b ios 

/Time of haIr cyde,posilive bios -i ... -Time or holf'cyc/e, zero/Jlos 
--� ��=�l----------

---------
--

//'/ 
----...... �----:=::-.:---

/ 
--

....-"\o.--WOIIe wilh nobios 

.. 
/,Y--Wave wilhposilive b ios 

(b) Effect on grid voltoge waves of Positive bias 
FIG. 13-12. Multivibrator with positive hiM, together with grid-voltage waveforms, 
"bowing how the positive grid return reduces the time of a half cycle. 

trated in Fig. 13-12.1 Such a positive bias shortens the time of each half 
cycle by an amount that increases with the bias by causing the instanta-

eircuit can general1y be taken to be RnCs. althougb the true value is (R'I + R')Cs. 
Assuming therefore that the exponential voltage rise across R"I has the time con

stant R'IC" then since this voltage starts with an amplitude -Eo at tJ and has an 
amplitude -E,,/JI. at la - th one can write 

Eb 
h-h 

- - Ef)'f. - R.tCl 
• 

The interval t. - tl is obtained by rearranging, and taking the natural logarithm of 
both sides 

(13-2) 

I See Bartelink, loco cit. 
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neous grid potential to reach the cutoff value earlier in the discharge 
period than would otherwise be the case. I The frequency range that can 
he obtained by varying the bias when using any one set of circuit com
ponents is quite large, of the order of 10 to 1 .  By using feedback to 
linearize the discharge of the grid condensers) the frequency can be more
over made to vary linearly with bias voltage.2 

A positive bias also increases the frequency stability of the multi
vibrator by making the curve of instantaneous grid potential intersect 
the cutoff grid-bias line in Fig. 13-12 at a greater slope. This means that 
variations in the voltages Eb or Eo will result in smaller variations in the 
time of intersection. 

By and large it can be said that a multivibrator can be made to oscillate 
at any frequency in the range where resistance-coupled amplification is 
possible.' Alternatively, it could be stated that in the normal range of 
frequencies, the transients indicated at A in Fig. 13-9 are of short dura
tion compared with the total period and represent only small imperfec
tions on the basic waveforms. 

Transient A results from the grid of V 1 being driven somewhat positive. 
The grid potential quickly returns to zero with a time constant equal to 
the product of capacitance C2 times an equivalent resistance formed by 
RL, in series with the parallel combination of R" and the grid-cathode 
resistance of tube V 2. Also, as one attempts to operate a given multi
vibrator at higher and higher frequencies, a limitation results from the 
fact that the vertical segments in the waveforms of Fig. 13-9 really have 

1 With positive-bias voltagc E, instead of zcro hiM, the interval tJ - tr previously 
given in Eq. (13-2) now becomes 

E + E. 
ta - tt = R�,Ct logf 

E + (E,,/p.) (13-4) 

If both grids are returned to the same positive-bias voltage E, then the total period 
T becomes 

(13-5) 

I Thus Bee Sidney Bertram, A .Degenerative Positive-bias Multivibrator, PTOC. IRE, 
vo!. 36, p. 277, February, 1948; Julian M. Sturtevant, A Voltage Controlled Multi
vibrator, Electronics, vo!. 22, p. 144, October, 1949. This second reference also shows 
how one can make the frequency proportional to the square of a cont.rol voltage. 

I By using care in the design details, very low frequencies can be genera�d, such as 
1 cycle per hr; see Carl J. Quirk, Low Frequency Multivibrators, Electronics, vol. 18, 
p. 350, December, 1945. Likewise, by replacing each of the coupling resistors RLI a.nd 
RLI by a tuned circuit shunted by a rectifier, it is possible to generate multivibra.tor 
type of oscillators at the resonant frequency of the tuned circuit. In this way it is 
possible to generate frequencies much higher than possible with the resistancc-coupled 
multivibratorj  see A. E. Johanson, A Tuned Plate Multivibrator, Bell Labs. Record, 

vol. 28, p. 208, May, 1950. 
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a finite slope. These segments are more nearly vertical for high trans
conductance gm and low input and output capacitances for the tubes, 1 i.e., 
the same properties that produce good high-frequency amplification. 

Synchronizing the MultivibTaIoT. When a pulsed or alternating voltage 
from an outside source is introduced into the circuits of a multivibratorJ 
the multivibrator oscillations tend to ad-
just themselves in frequency so that the 
ratio of the injected to multivibrator fre- es 0 f-Jff+j+f.fHf--=--Time--.. quency is exactly a ratio of integers. This 
ratio may be unity, or greater or less than 
unity. The mechanism by which such 
synchronization occurs is illustrated in Fig. 
13-13a, which shows a symmetrical multi
vibrator arranged to generate a frequen.cy 
that is exactly one-seventh the injected 
frequency of the injected voltage e.. The 
voltage to be injected is capacitively 
coupled to either or both grids of the multi
vibrator, with the resulting waveform eCI 
or ee1 as shown in the figure (contrast this 
with Fig. 13-9). The ratio of one to seven 
comes from the fact that 372 cycles of the 
sine wave occur during the interval t2 to ta, 
which is a half period of the wave generated 
by the multivibrator. 

In a like manner the multivibrator can 
be synchronized with pulses, as in the ex
ample illustrated in Fig. l3-l3b. Here 
there are four pulses during the half period 
of the multivibrator, so the division ratio is 
one to eight. Thus if an output pulse were 

I I 1 I 
o tz: I 1 I t . 

ec, 
or 

.,.. 1-1-1 -r:'" -
d I I y/, Cl/toFf M I I level q 
:' Normtxl $wilr:hing instanf 

(o)Synchronizi"9 with a sine wave 
in ratio of 1 to I 

es o� 
I • • I 

t r i '  't Cufoff 
-, -4 -

T
-"'J. biQS 

/ 1 ' /  level 
I 

Normal 
swdchinq 
ins/unf 

(b) Synchronizinq with 01 
pulsed VOltage 

FIG. 13-13. Synchronizing 
multi vibrator. 

the 

obtained from the multivibrator by differentiating either the rising or 
the falling edge of the square waveform of plate voltage, there would be 
one output pulse for each eight input pulses. 

In both cases in Fig. 13-13 it will be observed that the injected voltage 
superimposed upon the variation of grid potential that results from the 
discharge of the grid leak-condenser combination, controls the instant at 
which the instantaneous grid voltage of the multivibrator reaches the 
cutoff value. In this way, the length of the multivibrator period t, - t. 
is controlled by the injected voltage, thus achieving synchronization. If 

1 A detailed analysis is too complicated (or inclusion here, but is given by E. M. 
Williama, D. F. Aldrieh, and J. B. Woodford, Jr., Speed of Electronic Switching Cir
cuits, Proc. IRE, vol. 38, p. 65, January, 1950. 
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the amplitude of the injected oscillation is increased, the multivibrator 
oscillation will synchronize at a lower ratio; i.e., the multivibrator fre
quency is H drawn" toward the frequency of the injected voltage. The 
stability of control at a particular frequency ratio can be increased by the 
use of a positive grid bias, as this increases the change in amplitude of 
synchronizing voltage required to cause the frequency to jump to a new 
ratio. 

Tbe exact details of the synchronizing action in a multivibrator depend 
upon how the controlling voltage is introduced, and the extent to which 
the circuits associated with the two tubes are dissymmetrical. With 
perfect symmetry, one can favar either even or odd ratios, or can show no 
discrimination, according to whether the injected voltage is introduced in 
the same or opposite phases in the two tubes, or is introduced only in one 
tube, respectively. Also by making the multivibrator appropriately 
dissymmetrical, one may increase the tendency to synchronize at a par
ticular ratio of frequencies. 

The waveform of the multivibrator oscillations is rich in harmonics as 
a result of the sudden changes in ampHtude that occur during the cycle of 
operation. Thus, a multivibrator operating at 10 kc can typically pro
duce all sine-wave harmonics up to at least the 200th with an amplitude 
sufficient to be detected by a radio receiver of only moderate sensitivity. 
This property makes the multivibrator particularly useful in frequency
measuring work, since by synchronizing the multivibrator frequency with 
a standard frequency, one then obtains a whole series of frequencies, all 
exactly related to the standard frequency (see Sec. 5-1). The amplitude 
of the higher harmonics is greatest when the resistance-coupled stages of 
which the multivibrator is composed maintain their amplification up to 
frequencies that are high compared with the frequency of oscillation, 
since in this way the abrupt changes in wave shape are more pronounced. 

HOne-shot U M ultivibrators. In certain applications, it is required that 
the multivibrator be quiescent until its action is initiated by a pulse of 
voltage from an external source. The muItivibrator then goes through 
one cycle of operation, after which it reverts to the original quiescent 
condition, provided the initiating pulse is no longer present. Such an 
arrangement is called a one-shot multivibrator, and can be realized by 
biasing the grid of one of the multivibrator tubes to a voltage more nega
tive than cutoff for the plate-supply potential employed. 

A widely used form of one-shot muItivibrator is shown in Fig. 13-14, 
which differs from the multivibrator of Fig. 13-8 in that cathode coupling 
replaces grid leak-condenser coupling in one of the amplifier stages. 
One-shot operation is achieved by returning the grid of tube V, to the 
plate-supply voltage through a grid-leak resistance R", while the grid of 
tube VI is returned to an adjustable positive-bias voltage through grid-
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leak resistance Rill' Under quiescent conditions, tube V2 carries a large 
plate current which causes the cathodes of both tuhes to be considerably 
positive with respect to ground, thus causing the plate current of tube V, 
to be cut off. However, when a large positive pulse is applied to the 
grid of tube VI multivibrator action is initiated, causing the plate current 
to be transferred to tube V" while the grid of tube V, is simultaneously 
driven negative, as shown in Fig. J3-14b, so that the plate current of tube 
V 2 is cut off. This condition per,sists until the charge on .condenser C2 is 

,Input Cl 
J.... 

(a) Schemortic diOlqrQm-positive triqqerinq 

R 5lIk 

(cl Ne�ative triggering 

(b)  Woweforms 

FIG. 13-14. Ca.thode-coupled Hone-shot" multivibrator. For the circuit values 
shown, the duration 7' "'" t2 - tl of the plate-voltage pulse ebnl or eb .. 2 is adjustable 
from a small value to about 120 pSee by means of potcntiometer Rt. 

able to leak off through resistance R" sufficiently to reduce the negative 
voltage on the grid of tube V, to the point where this tube can again 
amplify. The plate current then switches back to tube V" and the 
original quiescent condition is restored. 

The cathode-coupled one-shot circuit can be utilized for the generation 
of a rectangular pulse of prescribed duration, viz., the waveforms et"l! or 
eo", in Fig. 13-14. Alternatively, it can be employed to obtain a trigger
type pulse that follows an initial triggering pulse by a prescribed time 
delay T = t2 - tl j this is achieved by differentiating either eh, or eO"1 by 
means of one of the circuits of Fig. 13-6, and using the pulse occurring at 
t2 and associated with the trailing edge of eh) or eo",. The duration of 
the rectangular pulse, and henc!> of the delay interval t, - t" is readily 
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adjustable by means of the potentiometer R, in Fig. 13-14a. This 
adjustment controls the cl-c bias voltage on VI, and hence the plate cur
rent in V, during the interval between t, and t, (Fig. 13-14b). This plate 
current sets the cathode potential during this interval, and consequently 
determines the level to which ecII, must rise before V 2 can again conduct, 
and hence the time at which conduction starts. A feature of consider
able advantage is that the time duration T between h and t, is closely 
linear' with respect to the bias voltage E,. 

The particular circuit values shown in Fig. 13-14a are typical, and give 
an adjustable pulse duration or delay time that is continuously variable 
from a very small value up to 120 ",sec. A geRerai expression for the 
delay time T = t2 - tl in terms of the circuit parameters is as follows : 

T - R e i  E, - I.,R. + hR., 
� u. 2 0gt E I R  b - b, k 

where 101 = current in VI when conducting 
lb, = current in V2 when conducting 
Eb = plate-supply voltage 

The notation relating to circuit elements is as given in Fig. 1 3-14. 

(13-6) 

The circuit of Fig. 13-14a is shown as being triggered with a positive 
pulse, but a negative pulse would work, provided that the input connec
tions are modified as shown in Fig. 13-14c. Here, when tube VI carries 
no current the coupling diode V 3 is nonconducting because its plate and 
cathode are both at the same potential Eb; hence prior to h there is no 
voltage across Va. However, the negative trigger pulse drives the 
cathode momentarily negative, causing Va to conduct, and thus to 
couple the negative-going trigger pulse to the plate of Vi and the grid of 
V2 (via C2). This action initiates the sequence of events previously 
described for the instant tl. As a result of these events, V 1 becomes con
ducting, causing a larger voltage drop across R1'1I thereby making the 
anode of V, negative with respect to its cathode. Thus the trailing edge 
of the trigger impulse at the cathode of V 3 is unable to influence the 
circuit because Va is an open circuit. If this were not the case, a positive
going trailing edge of a large trigg;)r pulse could prematurely restore the 
initial circuit conditions such as existed prior to time tl) and thus the 
duration t2 - tl would depend only upon the trigger-pUlse duration, and 
not upon the circuit constants of the multi vibrator. 

13-4. The Blocking Oscillator. The arrangement shown in Fig. 13-15 
is termed a blocking oscillator, and finds wide use as a generator of short 
pulses. 

1 A proof of this linearity is given by K. Glcgg, Cathode-coupled Multivibrator 
Operation, Proc. IRE, vo!. 38, p. 655, June, 1950. 
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The basic element of the block
ing oscillator is a special trans
former T that provides coupling 
between the grid and plate circuits 
of the tube. This transformer is 
normally wound on a high-perme
ability magnetic core in such a 
manner as to give the minimum 
possible leakage inductance be
tween the plate and grid windings, 
consistent with small distributed 
and interwinding capacitances 
(shown schematically as Cp in the 
figure) . '  The inductance Lp of the 
plate winding is made as large as 
possible, with the maximum per
missible value determined by the 
fact that the resonant frequency f, 
resulting from Lp and the trans
former capacitance must be such 
that 1/2j, is of the order of the 
length of the desired pulse. 

10{ echanism of Operation oj the 
Blocking Oscillator.' The circuit 
of the blocking oscillator, as shown 
in Fig. 13-15a, is identical with the 
circuit of the ordinary tuned-plate 
feedback oscillator. The actual 
operating details differ greatly, 
however i this is a result of the very 
high inductance-to-capacitance ratio 
of the resonant system represented 
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by the transformer T, and the fact ,<b) OsciHograms 
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that in the blocking oscillator the FIG. 13-15. Blocking-oscillator circuit, 

time constant RIICII of the grid together with typical oscillogram. 

leak-condenser combination is made so great that an exaggerated case of 

1 This transformer is frequently provided with a. third winding as shown in Fig. 
13-15. Such a tertiary winding makes it possible to obtain an output free of d-c volt
ages a.nd independent of ground potential. 

t A particularly useful discussion of the opcro.tion of the blocking oscillator is given 
by R. Benjamin, Blocking Oscillators, J. lEE (RadiolocaLion Conv.), vol. 93, pt. IlIA, 
p. 1159, 1946. Additiona.l information is to be found in " Principles of Radar," op. 
cit., pp. 2-82-2-88, and in " WaveformS," op. cit" Chap. 6. 
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mtermittent oscillation would exist in the corresponding tuned-plate 
feedback oscillator. 

The operation of the blocking oscillator under typical conditions can be 
understood by reference to the oscillograms of Fig. 13-15b.' Consider 
first the grid-voltage oscillogram. In the region td, the grid potential is 
more negative than cutoff as a result of a charge present on grid condenser 
Cri left over from a previous cycle of operation; however, the grid potential 
is steaclily increasing toward zero as a result of the condenser eq discharg
ing through R,. At time t, the grid potential becomes less negative than 
cutoff, thus permitting plate current to start flowing through inductance 
Lp. This produces a voltage drop across Lp that reduces the voltage ep 
at the plate electrode. The grid winding LrJ is so connected that a reduc
tion in ep induces a voltage in L, that makes ec more positive (or less nega
tive) than would otherwise be the case. The resulting increase in grid 
potential ec lowers the plate-cathode resistance of the tube, thereby 
increasing further the voltage drop across Lp; this reduces ep still more, 
which in tUrn causes a further rise in grid potential, and so on .

. 
The 

resulting action quickly becomes cumulative, with the result that at time 
t, the plate potential drops almost instantly to a very small value, while 
the grid voltage simultaneously rises equally rapidly to a value that is 
moderately positive, as shown. Under these conditions the grid draws a 
substantial current and causes a charge to build up in grid condenser ell; 
at the same tiI)le, plate current builds up steadily in the plate inductance 
Lp. 

For an appreciable interval after t: the control-grid voltage remains 
positive, and nearly the entire plate-supply voltage Eb appears as drop 
across the plate inductance Lp. However, at some later time, a combina
tion of factors causes a new sequence of events to occur, in which the plate 
voltage ep begins to rise at a relatively rapid rate with corresponding 
reduction of the voltage drop across the plate inductance Lp. This 
change in voltage across Lp induces a voltage in the grid winding LII that 
causes the grid potential ec to drop, which stiU further increases the 
tendency for the potential ep of the plate to rise. At time t, this action 
becomes cumulative, and hence suddenly drives the grid more negative 
than cutoff as shown. The factors that control the time It when the 
pulse tZ-t3 ends are quite complicated, and involve the saturation of the 

1 Several different modes of operation are possible in a blocking oscillator, and the 
details associated with each of these modes become very complicated when the non
linear effects of the tube and magnetic core are taken into account. The explanation 
given here represents a qualitative discussion of the mechanism of operation commonly 
employed when the blocking osciLlator is arranged to generate a relatively flat-topped 
pulse with steep sides. For further details on the various possible modes of operation, 
see Benjamin, loe. cit. 
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transformer core, the effect of capacitance Cp of the transformer, and to 
some extent the grid condenser elll as well as the tube characteristics. 

The energy that is stored in the transformer inductance Lp at the 
instant t31 is dissipated in a damped oscillation that is superimposed upon 
the bias voltage e� developed across the grid condenser Cg, as shown. The 
frequency of this oscillation is the resonant frequency resulting from the 
inductance Lp and capacitance Cp of the transformer. The transformer 
is intentionally designed with high core loss and winding resistance, so 
that this oscillation is almost completely damped out after a few cycles; 
in some cases a resistance is also shunted across one of the transformer 
windings in order to cause the oscillation to die out even more 
rapidly. 

During the period t2-ta of the pulse, grid current flows into condenser C" 
and builds up a negative-bias voltage ez across C(1 that is considerably 
greater than cutoff. In the following time interval ta-t4 this bias voltage 
e", dies away with the time constant R"C", as shown, as a result of the 
charge on C. leaking off through R.. Finally, at time t, the conditions 
correspond to those existing at time t2, and the cycle repeats. 

Put.e Length and Shape. The voltage wave generated across Lp by the 
blocking oscillator is seen to be a periodic repetition of a short pulse, 
approximately rectangular in shape, that is followed by an oscillation that 
dies out rapidly. The most important single factor determining the 
length of the rectangular pulse produced is the transformer. The second 
most important factor is the grid condenser C". Reduction in the capaci
tance of this condenser increases the bias voltage that is built up by the 
grid current that flows during the pulse; as a result, a small value of 
capacitance tends to terminate the pulse sooner than would be the case if 
the capacitance were large. It is also possible to accelerate the termina
tion of the pulse hy the delay-line technique discussed in connection with 
Fig. 13-27. 

The shape of the pulse generated by a blocking oscillator is determined 
primarily by the transformer. The steepness of the leading and lagging 
edges of the pulse are determined mainly by the leakage inductance, 
and will be greater the less the leakage. The flatness of the top (or 
hottom) of the pulse is determined primarily by the transformer charac
teristics in relationship to the tube and circuit constants with which the 
transformer is used. 

It is rather typical in hlocking oscillators for the initial portion of the 
pulse to have superimposed upon it a small, very high-frequency, highly 
damped transient oscillation, as shown in Fig. 13-15. This oscillation is 
produced by shock excitation of the resonant system represented by the 
leakage inductance and the distributed capacitance C p of the transformer. 
In contrast, the damped oscillation following the pulse has a much lower 
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frequency that corresponds to the primary inductance Lp resonating with 
the associated transformer capacitance CP! as has already been noted. 

A careful balance must exist between transformer and tube character
istics in order to achieve a sharply defined pulse having a flat top and a 
specified length. Once this result has been achieved, then any attempt 
to use the resulting transformer to generate pulses of substantially differ
ent length, will usually result in marked deterioration in the shape of the 
pulse. 

The design factors that cause the blocking-oscillator transformer to 
produce a pulse of desired length are so complicated that a considerable 
amount of cut ao<;i try is ordinarily involved in arriving at suitable pro
portions. As a result, the final design of a transformer to give high
quality performance can be expected to represent a considerable amount 
of development time. It is therefore expedient, whenever possible, to 
purchase a transformer intended for a blocking oscillator of the pulse 
duration desired, and then to use this transformer with the tube and 
under the conditions for which it was designed. 

Repetition Frequency of Pulses and Synchronization with External Volt
ages. The repetition frequency of the free-running blocking oscillator, 
i.e., the number of cycles of operation per second, is given by the following 
relation, which is analogous to Eq. (13-5) : 

R . . f 
1 

epetltlOn requency � 

E + E 

where Ilt � length of pulse, sec 

Ilt + R,C, log, E + (E.;�) 

Eo � voltage on C, at end of pulse 
E. � plate-supply voltage 

� � amplification factor of tube 

(13-7) 

E � positive bias voltage applied to control grid at point x in Fig. 
13-15a (E is assumed zero in the oscillograms of Fig. 13-15b) 

R(I = grid-leak resistance 
C(I = grid-condenser capacitance 

This notation is illustrated in Fig. 13-15. The quantity Eo is a complex 
function of transformer and tube characteristics, pulse length, grid
condenser capacitance, and plate-supply voltage. 

The repetition frequency can be controlled satisfactorily over a very 
wide range of values without change in pulse shape or length by varying 
the grid-leak resistance Rg• For any given value of RfI' continuous con
trol over a substantial range can be achieved readily by means of an 
adjustable positive-bias voltage applied at point x in Fig. 13-15a, which 
in analogy with the positive-bias multi vibrator, increases the repetition 
frequency. Although Eq. (13-7) indicates that the repetition frequency 

• 
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depends upon CQ as well as Rg, this fact is seldom made use of to control 
the repetition frequency, as any substantial change in Cg will change the 
pulse length, and also may adversely alter the pulse shape. 

The repetition frequency of a blocking oscillator will readily syn
chronize in harmonic relation with the frequency of an injected voltage, 
just as in the case of the multivibrator. The mechanism involved in such 
synchronization is essentially the 
same as that discussed in connec
tion with Fig. 13-13 ; i.e., the in
jected voltage controls the instant 
t4 at which the pulse is initiated. 

One-shot Operation of the Block
ing Oscillator. When a fixed nega
tive bias somewhat greater than 
cutoff is inserted in the circuit of 
a blocking oscillator at point x in 
Fig. 13-15, operation analogous to 
that of the one-shot multi vibrator 
results, as shown in Fig. 13-16. 
Such a system is inactive until an 
incoming positive trigger pulse is 
superimposed on the bias and 
momentarily reduces the grid po
tential of the tube to a value that 
is less negative than cutoff. The 
blocking oscillator then generates 
one pulse followed by a damped 
oscillation. Mter this oscillation 
dies out, the blocking oscillator 
again becomes "inactive and re
mains quiescent with a grid bias 

Small 
coupling 

condenser 

.r 
Tnq'ler 
pulses 

-1 
(0) C i rcuit 

n ....- 7riqQer _____ 
O ---l l pulses . _ L-__ 

O --+-I------���� E Cutoff bias c - r -- -::o->_� - ....L ---
/ 

(bl Grid-voltQge osciHoqrOlm 
FIG. 13-16. One-shot blocking oscillator. 

greater than cutoff until the next positive pulse arrives. Operated in 
this manner, the multivibrator produces pulses that are accurately con
trolled by the incoming pulses, irrespective of whether these pulses arrive 
regularly or irregularly. 

Practical Applications of the Bwcking Oscillator. The principal use of 
the blocking oscillator is as a generator of short pulses. This application 
is discussed further in the next section. It is sufficient here to note that 
by the use of a suitably designed transformer, a pulse width anywhere in 
the range 0.1 to 25 �sec can be readily generated. The pulses have rela
tive steep leading and lagging edges, and a fairly rectangular shape. The 
peak energy of the pulses obtainable from the blocking oscillator is rela
tively large. This arises from the fact that the tube carries current only 
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during 
'
a small fraction of the time, so that very large peak plate and grid 

currents are permissible without overheating the tube. Finally, the 
blocking oscillator has the merit that the pulse repetition frequency can 
be readily controlled by an external voltage, 

The blocking oscillator can also be used to generate harmonics and 
subharmonics of a synchronizing voltage. However, the multi vibrator 
is generally preferred for such applications, as the blocking-oscillator 
transformer is expensive, and also produces stray magnetic fields unless 
unusually well shielded. 

13-5. Square-wave Generation.1 There are two main ways of gener
ating square waves of voltage. The first of these consists in starting with 
a sine-wave oscillator having a frequency equal to that of the desired 
square wave. The sine wave is then converted to a square wave by 
means of clipping and amplifying circuits as will be presently discussed. '  
The other approach is that of using a circuit like the multi vibrator, which 
has a plate-voltage waveform that approximates a square wave; such a 
circuit is therefore a direct generator of square waves. 

In converting a sine wave to a square wave, the result is at best an 
approximation, but the approximation can be made as good as desired, 
limited only by the number of circuits employed. An elementary 
arrangement of this type has been illustrated by Fig. 13-1. In the wave
form shown in this figure it will be noted that the top and hottom portions 
of the output waveform correspond to the horizontal portions of a square 
wave, but the transitions between them are sloping rather than approxi
mately vertical as would be desired for the square wave. However, if 
this output waveform is amplified, the steepness of these sloping portions 
is increased. If the amplified waveform is then clipped again by passing 
it through another circuit of the type shown in Fig. 13-1, the output from 
this second clipping circuit is a much closer approximation to a square 
wave. This operation of alternately amplifying and clipping can be 
repeated until the final output waveform approximates a square wave as 
closely as desired. The circuit of Fig. 13-2 is even more convenient for 
the purpose of repeated amplification and clipping, in that the same tube 
which provides the clipping also provides the amplification. Thus several 
clipping circuits of the type shown in this figure can be connected in 
tandem through the coupling capacitor indicated in the figure, to give a 
simple and effective system of converting sine waves to square waves. 

t Bartelink, loco cit.; K. H. Martin, A Simple 6O-cycle Square-wave Generawr, Elec
tronics, vo!. 14, p. 46, July, 1941;J. R. Cosby and C. W: Lampson, An Electronic Switch 
and Square-wave Oscilla.tor, Rev. Sci. Instruments, vol. 12, p. 187, April, 1941; Charles 
Markley a.nd Herbcrt L. Polak, Square-wave Calibrator, Electronics, vol. 22, p. 193, 
November, 19·19; L. B. Arguimbau, Network Testing with Squa.re-waves, Gen. Rad. 
Ezpt., vol. 16, p. 1, December, 1939. 
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The process of generation of square waves by clipping a sine wave is a 
convenient technique for experimental work. Sine-wave oscillators of 
accurately known and readily variable frequency are usually available in 
the laboratory, and the system of clippers and amplifiers can be assembled 
as a piece of auxiliary equipment for use with the oscillator, and will work 
over a wide range of frequencies. 

The alternative approach to the generation of square waves is to prer 
duce them directly by means of the multivibrator circuit of Fig. 13-8. As 
can be seen from the oscillograms shown in Fig. 13-9, the plate-voltage 
waveform on either tube very closely approximates a square wave.1 
There are small imperfections in the waveform indicated as the transients 
A in the figure, but these imperfections 
can be removed by passing the wave
form through a clipping circuit. 

13-6. Pulse Generation-General 
Considerations. Two types of pulses as 
shown in Fig. 13-17 are to be distin-
guished. The rectangular pulse can be 
thought of as an unsymmetrical square 
wave, in which the positive (or negative) 
portion is of very short duration, and the 
remaining portion is of relatively long 
duration; its waveform in the ideal case 
consists of accurately horizontal and 

(Cl)  Ideo.! rechmqulCH" pulses 

Ib )  Trigger pulses 
FIG. 13-17. Rectangular and trig
ger pulses; the distinguishing fea
ture of the trigger pulse is a rapid 
initia.l rise, with the rema.inder of 
the pulse shape being relatively 
unimportant. 

vertical segments. Alternatively, a trigger pulse is characterized by a 
steep rise and a short duration, with the exact waveform being not critical. 
Such a pulse is used to initiate an action in other circuits. 

The trigger-type pulse is usually generated by differentiating either a 
square wave or a steeply rising portion of some other waveform. Genera
tion of a rectangular pulse calls for more refinement, however, and as in 
the case of square waves can be accomplished either by shaping operations 
performed upon another waveform, or by direct generation. 

An example showing how the rising edge of a square wave can be con
verted to a trigger-type pulse by means of a differentiating circuit is 
shown in Fig. 13-18. This trigger-type pulse can in turn be converted to 
a pulse that is very nearly rectangular by clipping or slicing and then 
amplifying. The slicing circuit of Fig. 13-5 is partiCUlarly valuable in 
such an operation, as shown. 

Circuits for directly generating rectangular pulses will be described in 
the next paragraphs. 

13-7. Common Types of Pnlse Generators. There exists a wide 
variety of circuits suitable for the direct generation of rectangular pulses, 

1 When an unsymmetrical multivibratQr is used, a rectangular waveform is obtained. 
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only a few of the more important of which can be included in a brief treat
ment.! The choice among these is influenced by the desired duration of 
the pulses, the rate at which they must occur, whether they are to be 
continuously generated or generated one by one in accordance with 
trigger pulses, and whether they are to be of low voltage (or low power) on 

Squllre 
wave 

\ { l'-_...-J} \ L 
Differemiated,-_!\u.... __ .,.., __ -LfI-'-__ Tr_ �w V V 

Slice = 

Amplified 
wcwe 
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output 

Amplified n n output of 
slicer 

FIG. 13-18. Generation of a trigger pulse by differentiation of a square wave, together 
with conversion of the trigger pulse to a rectangular pulse by clipping and amplifying. 

the one hand, or high voltage (or high power) on the other hand. More
over, it may be important in some cases that the pulse be readily adjust
ahle in length (duration), while in other cases the pulse duration need not 
be variable but must instead have a very precise value. Any reasonable 
combination of these requirements can be met with the circuits about to 
be described. 

Pulse Generation by Use of Unsymmetrical Muliivibrators. As described 
in Sec. 13-3, it is possible to obtain short rectangular pulses from the 

1 Other types and modifications will be found throughout the literature, particularly 
in references dealing with radar. Useful references on the subject include " Pulse 
Generators" (Vol. 5, Radiation Laboratory Series), McGraw-HilI Book Company, 
Inc., New York, 1948; H Waveforms," op. cit.; HPrinciples of Ra.dar," op. cit.; E. L. C. 
White, The Use of Delay Networks in Pulse Formation, J. lEE (Radiolocation Conv.), 
vol. 93, pt. IlIA, p. 312, 1946; M. Levy, Power Pulse Generator, Wireless Eng., vol. 23, 
p. 192, July, 1946; D. C. Espley, Generation of Very Short Pulses, J. lEE (Radio
location Conv.), vo!. 93, pt. ilIA, p. 314, 1946; C. R. Smitley and R. E. Graber, Elec
tronic Switch for the Production of Pulses, Electronics, vo!' 20, p. 128, April, 1947; 
H. A. Stone, Jr., Non-linear Coils for Pulse Gcnerators, Bell Labs. Record, vol. 24, 
p. 450, December, 1946; L. W. Hussey, Nonlinear Coil Generators for Short Pulses, 
Proc. lRE, vol. 38, p. 40, January, 1950; W. S. MelviIJe, The Use of Saturable Reactors 
as Discharge Devices for Pulse Generators, Proc. lEE, pt. Ill, vol. 98, p. 185, May, 
1951. 



SEC. 13-71 G E N E RATORS OF SPECIAL WAVEFORMS 557 

plate-voltage waveform of the multivibrator by using the tinsymmetrical 
form of this circuit. Thus the time constant of one combination of grid
leak resistor and coupling capacitor is made very small, while the time 
constant of the other is made relatively large. For example, in Fig. 13-9, 
the period between tl and t2 can be made very small compared with the 
period between t, and t3, by making the product R"C, very small com
pared with the product of R"C,. The transient designated by A can be 
removed by clipping if necessary. 

The pulse length is determined by the time constant R"C, (when the 
period between t, and t, in Fig. 13-9 is to be the pulse) and by the bias 
voltage to which R" is connected. If the pulses are to be of very short 
duration, it is best to connect the grid-leak resistor to a positive-bias 
voltage such as the plate-supply voltage. If it is desired that the pulse 
duration be adjustable, the resistor can be returned to a variable positive 
voltage. 

The interval between pulses, i.e., their recurrence frequency, is deter
mined by the other time constant Ru.C2) and the voltage to which RqJ is 
connected: Since this interval is relatively long, the resistor Rql is uSQ
ally returned to ground. If the period between pulses is to be varied, 
this can be accomplished by adjusting the time constant Rg1C2, or the 
bias voltage to which grid-leak resistor Ra1 is returned. To the extent 
that the pulse duration is very small compared with the interval between 
pulses, these two quantities are accordingly independently controllable. 

The arrangement just described is of the free-running variety, in that 
it oscillates continuously and will provide a steady succession of pulses. 
On the other hand, the one-shot form of the multivibrator described on 
page 546 will provide ODe rectangular pulse for each trigger pulse received. 
Means for adjusting the duration of this pulse have already been 
described, and are illustrated in Fig. 13-14. 

The multivibrator as a generator of pulses has the advantage of flexi
bility of adjustment of pulse duration and rate. It has the disadvantage, 
however, that one of the tubes must carry current during the period 
between pulses and so must be able to handle almost continuously an 
amount of power corresponding to the peak power of the pulse. Thus 
advantage cannot be taken of the ability of small tubes to handle large 
amounts of power for relatively short intervals. In addition, the dura
tion of the pulse is dependent somewhat upon the supply voltages and 
tube characteristics; however, this can be remedied by incorporating a 
delay line as part of the multivibrator circuit as will be discussed in 
Sec. 13-9. 

Pulse Generation by Use of the Blocking Oscillator. The blocking oscil
lator, whose principles have been discussed in Sec. 13-4, can be used 
as a source of rectangular pulse waveforI;ns. This circuit is capable of 
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producing pulses of large voltage (or large power) with small tubes and 
minimum power-supply requirements. This results from the fact that 
power is drawn by the tube only during the short pulse, whereas during 
the long interval between pulses the plate current of the tube is cut off. 
A disadvantage of the circuit is that it is relatively inflexible as to the 
duration of the pulse. The duration and the exact shape of the waveform 
are dependent upon the characteristics of the transformer, which must be 
carefully designed at the outset. With a given transformer, the duration 
and shape of the pUlse are then fixed, except that the pulse length can be 
controlled by a delay line as discussed in connection with Fig. 13-27. 
With proper design the rectangularity of the pulses is fairly good, and can 
moreover be improved by clipping, just as in the case of pulses generated 
by a multivibrator. In particular, clipping makes it possible to eliminate 
the high-frequency transient illustrated in Fig. 13-15. 

The blocking oscillator can be arranged either for continuous oscillation 
(free-running), or for one-shot operation as discussed in Sec. 13-4. 

Pulse Generation by U 8e of the Class C Amplifier. ' Occasionally the 
problem arises of obtaining pulses at a high repetition frequency. Cir
cuits such as the multi vibrator and the blocking oscillator are limited in 
this regard, because of· the small but finite time required after the com
pletion of a pulse before another pulse can be generated. An expedient 
which permits the generation of high-frequency pulses consists in using a 
Class C amplifier with a resistive load impedance. It is well known that 
the plate current in a Class C amplifier, operating under conditions of 
large negative-bias voltage and large amplitude of the driving sinewave, 
consists of short pulses, somewhat sinusoidal in shape although flattened 
on the top. Such pulses are not ideally rectangular, although if the fre
quency is not so high as to preclude the use of clipping circuits (which are 
impaired in function at higher frequencies by virtue of their stray capaci
tances), it. is possible to improve the waveform. 

Pulse Generation Using a Tuned Circuit. 2 Another method of gen
erating pulses is illustrated in Fig. 13-19. Here a resonant circuit Le is 
placed between ground and the cathode of tube V,. In the absence of an 
applied signal the grid of V 1 is at cathode potential, and plate current I p 
flows through L. Assume now that a control voltage e. of large amplitude 
is applied to the grid of V,. When this signal goes negative, the plate 
current of VI is suddenly cut off. The current originally flowing through 
L is then forced to flow into C, and in the absence of diode clipper V 2 

I R D. Carman, Producing High-frequency Pulses, Wireless Eng., vol. 25, p. 164, 
May, 1948. 

, An application of this principle is incorporated in a. pulse modulator described by 
R G. Hibberd, J. H. Shankland, and A. Brucc, A Pulse-modulated Signal Generator 
for 260--800 Mc/s, J. lEE (Radiolocalion Conv.), vol. 93, pt. IlIA, p. 1331, 1946. 
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would set up a damped oscillation as shown in Fig. 13-19b. The fre
quency of this oscillation is the resonant frequency of the circuit Le, and 

the peak amplitude of the voltage developed across Le is I. v'LlC. 
However, the diode clipper" tube 
V, prevents the output voltage e, 
from becoming positive. As a 
result, V 2 stops the damped oscil
lation after the first half cycle, as 
shown. Under these conditions 
the output voltage eo consists of a 
pulse shaped like a half cycle of a 
sine wave, and having a length 
corresponding to a half cycle of 
the resonant frequency of the cir-

D/ode cl/pper For 
neq«live amp/ilvdes 
reater than Eo 

oiode clipper for po.sili't'e osci/lallons 
(a) Cin:uit 

cuit Le. The repetition fre- es --,..�. r--------1 
quency of the pulses generated is and 0 -r-- _ _ 

h f f h
et Cumff bias equal to t e requency 0 t e con- esQndec. for VI 

trol vol tage e,. DRmpM oscilkrfiom exlsf;n� 
Rectangular pulses can be ob- r/" in ab$enu cfa" clippi.."I r. 

" I� r. � I : f\ tained by clipping the sine-wave eo of-l.....-i"h"i-',,.,v'"-------otl-, i4-
pulse at a level such as Eo in Fig. r-v '.! wh::�l�:":::Jted u 
13-19b that is a small fractIon of Clippinq level for VJ 
the peak amplitude. This can be (b) Waveforms 
accomplished by adding a second 
clipping diode V. to the system, as 
shown in Fig. 13-19a. Further 
improvement in pulse shape can 

FIG. 13-19. Generation of a short pulse 
by the use of a clipped transient of 8. 
resonant circuit. 

be achieved by amplification, followed by further clipping. 
The control voltage e, must change from zero amplitude to a value 

equal to the cutoff bias of V 1 in a time that does not exceed half of the 
length of the pulse to be generated. When very short pulses of low or 
moderate repetition frequency are desired, e, must be a square wave with 
appropriately steep sides, and an amplitude preferably considerably 
greater than cutoff, as shown in Fig. 13-19b. However, in many cases it 
is permissible to employ a sine wave of large amplitude. Thus if a sine 
wave has an amplitude 32 times the cutoff bias, the time interval between 
zero and cutoff amplitude is 1.8° corresponding to a pulse that lasts not 
less than 3.6°. For a 2000-cycle wave, this means that a pulse less than 5 
J,Lsec in length cannot be generated with this particular sine Wave. 

The high resistance R, in series with the grid in Fig. 13-19a is for the 
purpose of producing a clipping action such that on the positive half 
cycles of the control voltage e. (whether it be sinusoidal or square) the 
grid will remain at very close to cathode potential. 
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The circuit of Fig. 13-19 provides a very simple means of generating 
pulses. The pulse length can moreover be easily controlled simply by 
varying the resonant frequency of the tuned circuit with variable con
denser C, and it is readily possible to obtain pulse lengths less than 1 �sec. 

Pulse Generation: Multiple Pulses. There are times when it is desirable 
to have two or three closely spaced pulses, occurring with relatively long 
intervals between pulse groups. It has been found for instance that in 
the testing of high-speed electronic counting circuits, the ability of the 
'counting circuit to resolve closely spaced pulses is different for the case of 
a steady succession of such pulses in contrast with the appearance of only 
two pulses of the same spacing, with long quiescent periods before and 
after the incidence of the two pulses. 

An arrangement for generating a double pulse is shown in Fig. 13-20. 
Two pulse generators are used, such as one-shot blocking oscillators, or 

'Eb 
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defllV 2 

f 

/ 
FIG. 13-20. Schematic arrangement for generating a double puise. 

one-shot multivibratorsJ which generate a single pulse upon the applica
tion of a trigger pulse at the input. The input pulses for the two gen
erators are obtained from a common source, but the input to pulse gener
ator 2 is delayed by passing it through an adiustable delay line of the type 
described in Sec. 13-8. Since any practical adjustable delay circuit 
introduces some delaYJ a second delay circuit is introduced ahead of pulse 
generator 1 as shown; this circuit is commonly designed t� provide a fixed 
delay equal to the minimum delay of the adjustable circuit. Then when 
the delay time of the circuit for pulse generator 2 is at its minimum value, 
the separation between the two pulses applied to the generator is zero. 
The outputs of the two pulse generators are added in a mixing circuit, an 
example of which is shown in the figure; it is essentially a pair of cathode 
followers with separate inputs and a common load resistor. 

The circuit shown in Fig. 13-20 generates a double pulse, but obviously 
groups of three or more pulses can be provided by adding additional delay 
and pulse-generator paths. 

It is also possible to generate multiple pulses by operating a blocking 
oscillator under special conditions. 1 

1 See Bcnjamin, op. cil., p. 1169. 
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13-8. Lines and Pulse-forming Networks in Pulse Generation. It is 
possible to use a short length of transmission line either (1) to generate a 
pulse, or (2) as an auxiliary circuit element that precisely controls the 
pulse length in a multivibrator or blocking-oscillator type of pulse gen
erator. In either case the action of the transmission line depends upon 
transient waves on the transmission line. 

Behavior of Transient Waves on a Lossles8 Transmission Une. 1  When 
voltage is suddenly applied to or removed from a transmission line, 
transient waves are produced.! Consider for example the situation 
illustrated in Fig. l3-21a. Here a d-c voltage Eo is applied to the line by 
means of a switch S through a series resistance RL which for reasons to be 
discussed later is made equal to the characteristic impedance Ro of the 
line. Immediately upon closing the switch, the line input terminals act 
as a resistance equal to the characteristic impedance Ro of the line. A 
voltage Eo/2 thus appears across the input terminals of the line and 
travels down the line at a speed or group velocity equal to the phase 
velocity. Associated with this voltage is a current la � Eo/2Ro. The 
voltage and its accompanying current constitute the transient wave.' 

When the transient wave reaches the end 3-4 of the line, the action 
depends upon the terminating impedance at 3-4. When this impedance 
is a resistance equal to the characteristic impedance of the line, then the 
wave is absorbed, and that is all that happens. However, for any other 
value of terminating impedance a reflection occurs, just as discussed in 
connection with Fig. 4-1 for the case of traveling waves. In lines used in 
pulse generators the terminations employed at 3-4 are either open circuits 
or short circuits. 

Consider first the situation that results when 3-4 is an open circuit. 
When a transient wave strikes such an open-circuit termination, it is com
pletely reflected with reversal in polarity of current, but with no change in 
polarity of voltage. That is, the voltage of the reRected wave adds to 
the voltage of the incident wave, doubling the voltage on the line, while 

I Discussions of transient waves are to be found in numerous textbooks; for example 
see H. H. Skilling, "Transient Electric Currents," 2d ed., Chap. 9, McCraw-HiIl 
Book Company, Inc., New York, 1952. 

t A dist.inction exists between the traveling waves discussed in connection with 
Fig. 4-1 and the transient waves being considered here. Traveling waves represent 
a steady-state condition, whereas transient waves represent the transient effects 
which ultimately settle down to create the steady-state result. However, in the case 
of an ideal transmission line with zero losses, there are certain similarit.ies between the 
two situat.ions. In particular, the velocity wit.h which the transient wave travels is 
then identical with the phase velocity of the traveling wave, and the rat.io of the volt
age to current in the transient wave is equal to the characteristic impedance of the 
traveling wave. These simple relations do not necessarily hold, however, if the trans
mission line possesses losses. 
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the current of the reflected wave cancels the current of the incident wave 
to give zero total current; this is illustrated in Fig. 13-21b. Thus when 
the reflected wave reaches the input terminals 1-2 of the line, the voltage 
everywhere on the line is twice the voltage of the incident wave, i.e., is 
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FIG. ] 3-21. Behavior of an open-circuited tra.nsmission line when a d-c voltage is sud
denly applied. 

Eo, and the current everywhere on the line is zero. To the reflected wave 
the input terminals 1-2 of the line appear to have a resistance RL• When 
this resistance is chosen so that RL = Ro, the reflected wave is completely 
absorbed IVhen it reaches 1-2, and no further waves travel along the line. 
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The oscillograms of Fig. 13-21b show the voltage and current distribu
tions that exist on the transmission line during this process, while the 
oscillograms of Fig. 13-21c show the current and voltage at the input 
terminals of the transmission line, and the voltage across the resistance 
RL. In these osciIlograms, tl is the time switch S is closed, while t2 is the 
time the returning reflected wave reaches the input terminals. It will be 
noted that the current that flows into the line, and hence the voltage 
developed across the resistance RL, is a rectangular pulse having a dura
tion equal to the time d t = t2 -. tl required for a transient wave to travel 
twice the length of the line. After t, no current flows into the line, and 
the line voltage is everywhere Eo, that is, the line is charged to the supply 
voltage Eo. 

The above discussion has been for the case RL = Ro. However, if 
RL � Ro, then the reflected wave returning to the input terminals 1-2 is 
again reflected at least in part, to produce a new wave traveling toward 
terminals 3-4, where it again is reflected, to be returned to the terminals 
1-2 for further reflection, and so on. Under these conditions the wave
form of the current entering the line will have a character such as illus
trated in Fig. 13-21d for a typical case. Thus to obtain a single clean 
pulse, it is necessary that the resistance RL associated with the input of 
the line have a value that equals the characteristic impedance Ro of the 
line. 

Next consider the case shown in Fig. 13-22, where the terminals 3-4 of 
the line are short-circuited, instead of being open-circuited as in Fig. 
13-21. The reflection at 3-4 now takes place with reversal of voltage, but 
no change in the sign of the current. As a result, the voltage and current 
distributions on the line have the character shown in Fig. 13-22b, and 
the waveforms of voltage and current at the input terminals 1-2 of the 
line for RL � Ro are shown in Fig. 13-22c; these oscillograms are to be 
compared with those of Fig. 13-21b and c, respectively. In Fig. 13-22 it 
will be observed that the voltage existing across the input terminals of the 
line is a rectangular pulse having an amplitude Eo/2 equal to half the 
applied voltage, and a length equal to the time ",t � t, - t, required by 
the transient wave to travel twice the length of the line. 

The behavior of the line in the two cases just described can also be 
interpreted in a slightly different way. When the switch S is first closed 
at time t1, the line behaves like a simple resistance Ro. Then, in the case 
of the open-circuited line of Fig. 13-21, at the time t, the line suddenly 
becomes equivalent to an open circuit at its input terminals. Thus the 
line acts like a delayed open circuit, the magnitude of the delay being 
accurately the amount of time t2 - tJ required for a transient wave to 
travel down the line and back. Similarly, in the case of the short
circuited· line of Fig. 13-22, the line acts at its input terminals first like a 
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resistance Ra, and then at the time t'l like a short circuit. Thus in this 
case the line can be regarded as a delayed short circuit. This action as a 
delayed open or short circuit can be used to control the pulse length of a 
multivibrator or blocking oscillator, as described below. 

A third transmission-line arrangement 'Of importance in the generation 
of pulses is illustrated in Fig. 13-230. Here while switch S is open, the 
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FIG. 13-22. Bchavior of a. shortr-circuited transmission line when a d-c voltage is sud
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transmission line is charged to a voltage Eo as a result of current flowing 
through relatively high series resistance Ri. This charging occurs during 
the period. between pulses, and 80 can take place relatively slowly as com
pared with the time represented by the length of the pulse to be generated. 
The transient represented by the charging of the line is illustrated by the 
waveform in interval to to t. in Fig. 13-23b. Sometime after the line is 
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thus charged, switch S is closed, placing the resistance RL = Ro directly · 
across the input terminals of the line. The electrostatic energy stored in 
the charged line is then discharged into the resistance RL to form a pulse, 
as shown in Fig. 13-23c. This pulse has a length equal to the time it takes 
a transient wave to travel twice the length of the line, and has an ampli
tude Eo/2. The mechanism by which this result is achieved is as follows: 
"Gpon closing S the flow of current into RL causes a wave to start traveling 
from terminals 1-2 toward 3-4. This wave has a voltage equal to half 
the voltage Eo to which the line was originally charged ; the polarity of 
this wave is opposite to the polarity of the voltage with which the line 
was charged. This wave then travels down the line toward terminals 3-4, 
wiping out half the line voltage as it goes, as shown in Fig. 13-23d, and 
also causing a current Eo/2Ro to flow on the line; it is also the current 
that flows into the resistance RL• When the wave reaches terminals 3-4 
a reflection occurs, in which the voltage of the reflected wave has the 
same polarity as the voltage of the incident wave, so that the voltage of 
the incident wave plus that of the reBected wave add up to a voltage that 
is equal and opposite to the charging voltage Eo, giving zero resultant 
voltage on the line. Also, wherever this occurs on the line, the current of 
the reflected wave cancels the current of the incident wave, giving zero 
resultant line current. That is to say, at points along the line where the 
incident and reflected waves are both present, the line is completely dis
charged and quiescent (see Fig. 13-23d) , When the reBected wave 
reaches the input terminals 1-2 all of the electrostatic energy originally 
stored in the line has now been delivered to the resistance RL, and no 
voltage or current exists anywhere on the line. After the line has thus 
been completely discharged, switch S is opened, thereby permitting the 
line again to be charged to the voltage Eo, so that another pulse can be 
formed upon subsequent closing of switch S. 

Use of Special. and Artificial. Lines to Represent Real Lines. In the 
above discussion it was assumed that the transmission lines were ideal, 
continuous, and with negligible losses. An example of this would be a 
coaxial line with air dielectric, or a low-Iosssolid dielectric cable. Because 
of the relatively high velocity of propagation on such lines, it is feasible to 
use them only for the generation of extremely short pulses. For instance, 
if a coaxial cable with polyethylene insulation were used in the circuit of 
Fig. 13-23 to generate a pulse 1 psec in duration, the length of the cable 
would have to be about 300 ft. If a high-voltage pulse was involved, the 
insulation requirements' of the cable would call for a large diameter, and 
thus the bulk and weight of the cable would be excessive for many applica
tions. Accordingly, various special forms of transmission line have been 
devised for use in pUlse-generating circuits. 

One approach is provided by the so-called high-impedance or spiral 
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FrG. 13-23. Pulse generation by discharging a charged transmission line through 8 
load resistance. 
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delay line,l This is a coaxial line in which the inner conductor consists 
of a continuous coil of small wire, wound on an insulating core running 
along the central axis of the line. The effect of this coiled center con
ductor is to increase the inductance per unit length of the line, thereby 
reducing the line velocity (see Eq. 4-8b), and increasing the time delay 
per unit length. With such a line it 
is possible to obtain a time delay of 
1 !,sec in a length as short as 2 ft. 
The ultimate possibilities of the 
spiral delay line are limited by the 
fact that in such a line the velocity 
of propagation tends to vary with fre
quency. This effect becomes greater 
the higher the frequency, i.e., the 
shorter the pulse being generated, 
and the lower the velocity per unit 
length that the spiral line is designed 
to possess. The result of a variation 
of velocity with frequency is to dis
tort the shape of the pulse produced 
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FIG. 13-24. Lumped-element networks 
equivalent to the open-circuited lines 
of Figs. 13-21 and 13-23. 

by the line. If such distortion is to be minimized, the delay line must 
have a velocity of propagation (i.e., group velocity) that is substantially 
constant up to the same high-frequency limit that would be involved in 
the design of a video amplifier used to amplify the same pulse. 

Another means of avoiding a physically long transmission line is to use 
an artificial transmission line composed of inductors and capacitors in 
place of the actual line. Such an arrangement is commonly called a 
delay network, or pulse-forming network,2 and is shown in Fig. 13-24a in 
a very elementary form. This particular network is a low-pass filter, 
with a cutoff frequency J< given by the equation' 

1 H. E. Kallman, High Impedance Cable, Proc. IRE, vol. 34, p. 348, June, 1946j 
J. P. Blewctt and J. H. Rubel, Video Delay Lines, Proc. IRE, vol. 35, p. 1580, Decem
be,. 1947. 

t B. Trevor, Jr., Artificial Delay-line Design, Electronics, vol. 18, p. 135, June, 1945; 
H. E. Kallman, Equalized Delay Lines, Proc. IRE,�voL 34, p. 646, September, 1946; 
" Waveforms," op. cU., pp. 730-750; "Components Handbook"  (Vol. 17, Radiation 
Laboratory Series), pp. 191-217, McCraw-Hill Book Company, Inc., New York, 1949. 
Descriptions of networks for high-power applications, including those devised by E. A. 
Guillemin, which provide better pulse waveforms with fewer components than net-
works based on the simple artificial line of Fig. 13-24, will be found in " Pulse Gener
ators" op. cit., pp. 175-224j White, loco cit.; M. C. Wooley, Capacitors for High
voltage Pulse Networks, Bell Labs. Record, vo1. 25, p. 207, May, 1947 . 

• As shown, the network of Fig. 13-24a corresponds to a.n open-circuited line. By 
connecting tennina.ls aa together it becomes a short-circuited line. In this case the 
final capacitor Cj2 ma.y be omitted since it is short-circuited, and the line then ends in 
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1 
f' = 

... ";LC 
cycles per second (13-8) 

where L = inductance per section, henrys 
C = capacitance per section, farads 

The significance of the cutoff frequency is that higher frequencies are not 
transmitted by the network. Moreover, only frequencies that are low 
compared with the cutoff frequency are transmitted with constant 
velocity or time delay; as the cutoff frequency is approached the velocity 
of propagation for this particular network tends increasingly to vary. 
Thus, speaking again in terms of a video amplifier, and noting that the 
delay network of Fig. 13-24a should have substantially constant time 
delay up to the same high-frequency limit that would be required in an 
amplifier handling the desired waveform, it is necessary that the cutoff 
frequency f, of this type of network be several times greater than the 
reciprocal of the length of the pulse to be generated. 

For frequencies sufficiently far below cutoff, the delay time 'T per sec
tion for the structure of Fig. 13-24a, is constant and is given by 

T = ...;re (13-9) 

This value of 7' is the time required for a transient wave to travel 
through one section, i.e., from 1 to 2 in Fig. 13-24a. It will be noted that 
if the cutoff frequency given by Eq. (13-8) is high, the LC product must 
be small, and the delay time per section given by Eq. (13-9) will likewise 
be small. Accordingly, a larger number of sections is required for a 
given time delay when one increases the cutoff frequency in order to 
obtain a better delay characteristic. This represents the price paid for 
improved constancy of time delay, and the better waveforms that result. 

The artificial line of Fig. 13-24a has a characteristic impedance which 
is the counterpart of the line impedance Ro in the previous discussions. 
For frequencies far below cutoff this impedance is constant and given by 

Ro = �� (13-10) 

It can be seen by comparing Eqs. (13-9) and ( 13-10) that the designer 
has independent control over the time delay and impedance, inasmuch as 
one is proportional to the product LC, while the other is proportional to 
the quotient LIC. 

The simple network of Fig. 13-24a illustrates the principles involved in 
artificial lines, but does not make the most efficient use of the inductors 

a short circuit that is in series with an inductance L. However, sometimes the final 
inductance placed in series with the short circuit is ginn the value L/2 instead of L. 
This is equivalent to short-circuiting the line at the point bb in Fig. 13-24a. 
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and capacitors involved because of the simple structure and the uni
formity of the successive sections. A more sophisticated approach makes 
use of artificial lines in which the successive sections, while having the 
same impedance and cutoff frequency, are djssimilar in structure, just 
as are the different sections of an m-derived filter. Practical considera
tions also make it desirable to transform such artificial lines into equiv
alent two-terminal networks of the type illustrated in Fig. 13-24b. By 
means of such refinements, it is possible to obtain the same quality of 
waveform as g�ven by Fig. 13-24a, while employing a smaller number of 
network elements. l 

Pulse Generation with Lines. 2 Practical pulse generators can be based 
upon the circuits of Figs. 13-21 ,  13-22, or 13-23. For the line required in 
these circuits it is possible to use a length of actual transmission line (if 
the desired pulse duration is short), or the spiral delay line, or a pulse
forming network. The switch shown in the circuits can take various 
forms, depending on the requirements of voltage, switching rate, etc. 
For example, a mechanical commutator or rotating contactor is sometimes 
used. Alternatively, a rotary spark gap may be preferable for high
voltage applications, in which case a low-resistance spark discharge takes 
the place of the mechanical contact. Finally, electronic switching may 
be utilized, as provided by a gas triode or a high-vacuum triode or 
pentode. In this case a square wave of the desired frequency is applied 
to tbe control grid of the tube in order to permit or prohibit the flow of 
plate current, thus providing a switching action in the plate circuit. 

The circuit most commonly used in transmission-line-type pulse gen
erators is that of Fig. 13-23.'" When applied to small laboratory-type 

I The design of pulse�forming networks of the type shown in Fig. 13-24b is discussed 
in I< Pulse Generators," Wc. cit. 

! For discussion o( details see "Pulse Generators," op. cit., pp. 225-248; also 
"Radar System Engineering" (Vot. 1,  Radiation Laboratory Series), pp. 374-·383, 
McGraw-Hill Book Company, Inc., New York, 1947. 

, The charging resistance RI in Fig. 13-23 can be replaced i( desired by an inductance. 
In this way all of the energy supplied by the voltage Eo to the system is delivered to 
tbe line to (arm pulses, instead o( only half of tbe energy as is the case with rctlistance 
charging. Inductance . charging is thus always used instead o( resistance charging 
where power efficiency is important, as (or exa.mple in line-type pulses (or rada.r trans
mitters. The considerations involved in the design and analysis o( systems using 
inductance charging arc given in "Pulse Generators," op. cit., pp. 354-416. 

4 This circuit is sometimes modified (or la.boratory applications to permit variation 
o( the pulse length. The general idea is to associate a gas-triode tube with the output 
amplifier o( the pulse generator in such a. manner that when the gas tube is triggered 
the amplifier output is cut off. Thus by controlling the instant at which this tube is 
triggered in relation to the instant the line dischargc is started, it is possible to control 
the pulse length up to a maximum equal to the length o( the pulse generated. by the 
line. For circuit details see G. S. Ran, New 0.07-10 Microsecond General-purpose 
Pulse Generator, Hewlett-Packard J., vol. 1 ,  February, 1950. 
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generators, the switching is accomplished by mechanical commutators 
or relays, or gas triodes. In high-power applications, the switch is 
normally a rotary spark gap or a large thyratron, frequently of the 
hydrogen-filled variety because of shorter deionization time compared to 
the mercury-filled thyratron. The circuit of Fig. 13-23 is particularly 
applicable for high-power requirements, because in contrast to the cir
cuits in Figs. 13-21 and 13-22 the power source does not need to supply the 
peak current delivered to the load during the pulse. Instead, the pulse
forming line or network can be slowly charged between pulses from a high
voltage low-current supply. 1 

There are occasions, however, when a long period between pulses is not 
available for charging the line, thus precluding the use of the cireuit of 
Fig. 13-23. The pulse-generating arrangement shown in Fig. 13-25a can 
then he used. This is a modification of Fig. 13-22, in which the pentode 
tube VI acts as a switch to give the equivalent circuit of Fig. 13-25b. 
When a square wave el is applied to the grid of VI then a current lp, cor
responding to the plate current of the tube for zero bias,2 is alternately 
turned on at time tl and off at time t2. Turning this current on at t1 
produces a pulse of voltage across Ro having a magnitude equal to 
I "Ro/2, and a duration equal to twice the length of time it takes a tran
sient wave to travel the length of the line. This pulse is equivalent to 
the one produced across the line input terminals in Fig. 13-22. Similarly, 
when the current I p is turned off at t2, a similar pulse of opposite polarity 
is produced, as shown in Fig. 13-25c. If pulses of only one polarity are 
desired, a clipping circuit can be employed to reject the pulses having the 
unwanted polarity. 

The circuit of Fig. 13-25a can be extended to provide the useful func
tion of generating multiple pulses of precisely fixed duration and time 
separation. An example of such a circuit is shown in Fig. 13-25d, wherein 
a lumped-element delay line is shown. The time intervals T1, T2, and Ta 
designate the one-way delay time of the corresponding sections of the 

1 The magnitude of the charging current during the interval toit in Fig. 13-23b is 
determined primarily by the size of resistor RI. If RI » Ro, the maximum current is 
Eo/R1; hence the larger the value of RI the smaller is the current. On the other hand, 
a large value of RI results in a longer charging time. The stepped charging curve 
depicted in Fig. 13-23b follows an exponentia.l path having a time constant approxi
mately equal to Rle', where C' is the total capacitance of the line as measured at a 
low frequency. Since the charging period must last for a. time that is three or four 
times as great as this time constant, if the exponential charging curve is to approa.ch 
its ultimate value within a few per cent, the period a.vailable between successive pulses, 
i.e., the pulse repetition frequency, is the factor that determines the largest value of 
Rt that can be used, 

, The circuit composed of the capa.citor C�, the diode V 2, and the grid resistor RfI 
is termed a clamping circuit, and serves to set the peak positive level of the square 
wa.ve et exactly at zero volts, regardless of the amplitude of the square wave. 
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line. Tbe various waveforms tbat result are illustrated in Fig. 13-25e. 
Tbe waveform at A (the voltage between the point A and ground) is tbe 
same as tbat of eo in tbe original circuit of Fig. 13-25a. Tbe pulse has a 
duration equal to twice the total delay time from the terminals where the 
tube is connected to the short-circuited end of the line [i.e., the pulse 
length is 2(T, + T,)l. This same pulse also travels toward the resistive 
termination Ro, arriving at B after a time Ta. The pulse at B has the 
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FIG. 13-25. Pulse genera.tor using short-circuited line with high-vacuum pentode as 
!Witching element. 

same duration as that at A. In contrast, the pufse appearing at C has a 
shorter duration, namely, 2 T1, and is delayed by an amount T2. Thus, if 
it is desired, the two pulses at B and C can be made to occur at the same 
instant by making T, equal to Ta, but one pulse can be made shorter than 
tbe otber by any specified amount. On tbe other hand, two identical 
pulses baving a time separation between tbeir leading edges of TB are 
obtained at terminals A and B. . 

13-9. Delay-line Control of Pulse Length in the Multivibrator and 
Blocking Oscillator. As explained ahove, in connection with Fig. 13-21, 
the behavior of the open-circuited line can be interpreted as a delayed 
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open circuit. Similarly, the short-circuited line illustrated in Fig. 13-22 
can be interpreted as representing a delayed short circuit. These proper
ties can be used in pulse generators of the multivibrator or blocking oscil
lator types, to control precisely the length of a generated pulse. 

Typical circuits of multivibrator pulse generators using delay lines to 
control the pulse length are illustrated in Fig. 13-26. The circuit of 
Fig. 13-26a is the same as that of Fig. 13-8b except that the grid-leak 
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FIG. 13-26. Use of delay line to control 
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the duration of pulses generated by a. 

resistor Rq, of the latter has been replaced by a short-circuited trans
mission line as shown. The effect of this change can be explained by 
reference to the waveforms of Figs. 13-9 and 13-26b. In Fig. 13-9 the 
grid voltage eCI of tube VI drops at time tl to a large negative value Eo 
that is greater than cutoff, after which eCl rises exponentially according to 
a time constant approximating R'IlC1. When the short-circuited delay 
line of characteristic impedance Ro is substituted for RUI then immediately 
after Vl stops conducting, i.e., just after tIt the system behaves as though 
the grid-leak resistance in Fig. 13-9 had the value Ro, as explained above.' 

I It is to be noted that since the maximum characteristic resistance Ro that it is 
practical to obtain in a line is low, of the ordcr of 1000 ohms, the circuit of Fig. 13-26a 
is the equivalent of a multi vibrator with relatively low grid-leak resistance. 



8Ec. 13-9J G E N E R A T O R S_ O F  S P E C IAL W A V E F O R M S  573 

However after a time interval At = t2 - tl such that the wave starting 
down the line at time t, has had time to be reflected by the short circuit 
and return to the line input, then the input terminals 1-2 of the line 
suddenly behave like a short circuit, causing tube Vl to start conducting, 
At this instant, indicated by t, in Fig. 13-26b, the half cycle of operation 
therefore ends. The duration M = t, - t, of this half cycle depends 
only upon the delay introduced by the line, provided that at does not 
exceed the corresponding period of the free-running multivibrator in 
which R" = Ro. As shown in Fig. 13-26b, the voltage at the plate of 
tube VI contains a positive pulse of duration at, while the voltage at the 
plate of tube V 2 simultaneously possesses a component representing a 
negative pulse of the same duration. 

An open-circuited line can be used in the circuit of Fig. 13-14 to replace 
the coupling capacitor 021 as shown in Fig. 13-26c; it will be noted that 
the line capacitance provides d-c isolation just as does C 2. Referring to 
the waveforms in Fig. 13-14b, the action taking place at time Lt is seen 
to be very much the same as in Fig. 13-14b. At this instant the plate 
voltage elml on Vl drops, and causes the grid voltage ecn• on V2 to fall 
simultaneously because of the coupling provided by the equivalent input 
resistance Ro that the delay line presents immediately after t,. The grid 
potential of V 2 is thereby made more negative than cutoff immediately 
after t1. However, at a time t2 after an interval At = t2 - tl such tbat a 
wave can travel the length of the line and return to the input terminals, 
the input terminals 1-2 suddenly act like an open circuit instead of like a 
resistance Ro, that is, the delayed open circuit becomes effective as 
explained above. When this happens the grid of V, is suddenly isolated 
from the plate of V" and the grid potential of V, jumps from a value more 
negative than cutoff to a value that is slightly positive, as determined by 
E. applied to the grid through the grid-leak resistance R". Tube V, 
accordingly becomes conducting and the half cycle of operation ends. 
The result is the production of a pulse having a length at, as shown in 
Fig. 13-26d, that is determined only by the length of the line. ·  

Similar results can b e  obtained with the blocking-oscillator circuit of 
Figs. 13-15 and 13-16. In Fig. 13-27a, a short-circuited delay line is 
used. Here the delay line is for convenience connected to the system by 
means of the third winding on the transformer; its effect is then equiv
alent to placing a short circuit across the grid winding of the transformer 
at the delayed time t,. In Fig. 13-27b the delay line replaces the grid 
coupling capacitor, and serves as a delayed open circuit in the same way 
as with the multivibrator in Fig. 13-26c. · 

In the circuits of Figs. 13-26 and 13-27 the action will correspond 
exactly to a delayed open circuit or short circuit only if the equivalent 
resistance of the circuit connected to the input terminals 1-2 of the delay 
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line during the time interval IJ.t = t, - t, of the pulse is equal to the 
characteristic resistance Ro of the line. This result caD be achieved by 
placing an appropriate resistance in shunt (or in series) with the input 
terminals of the line; however, in practice failure to meet this requirement 
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FIG. 13-27. Use of delay line to control the pulse duration of a blocking oscillator. 

does not cause the line to lose control of the pulse length, and such resis
tors are ordinarily omitted, as in Figs. 13-26 and 13-27. 

13-10. Saw-tooth Voltage Generation. A saw-tooth waveform is 
characterized by intervals during which the voltage rises (or falls) linearly 
with time. It is sometimes referred to as a triangular waveform, or a 
linear voltage slope. Two commonly used forms of saw-tooth voltage �E' : r'YbO'Ckperiod 

_ 

Voltage I I 
I I 

r--r - - - - - - -

(0 ) Time 

E I 

Voltoqe �:t%�k --21--ZI. 
It! � 4Jnme 

(b) 
FIG. 13-28. Common types of saw-tooth waveforms. 

waveforms are illustrated in Fig. 13-28. In the first type, the successive 
rising portions are �parated by relatively short intervals during which 
the voltage returns to the starting level; this return is often called the 
flyback period. The second type of waveform is illustrated in Fig. 13-28b, 
and involves a quiescent period before each linear rise. The sta,rting or 
triggering times tl, t21 etc., of the linear sections of such a wave may then 
occur either at regular or irregular intervals. 
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Both types of waveforms shown in Fig. 13-28 find their principal use in 
connection with the cathode-ray oscilloscope, and are discussed from this 
point of view in Sec. 13-15 and in Chap. 6. Such waveforms may also 
form the basis of circuits for generating a precise time delay, in the manner 
described in Sec. 13-17. In both of these applications it is desired that 
the rising portion of the wave be linear, that the flyback time be a mini
mum, that there be precise uniformity of the waveform from cycle to 
cycle, l and that synchronization with other waveforms be easily achieved. 

13-11. Thyratron Saw-tooth Generator. A very widely used form of 
saw-tooth generator is illustrated in Fig. 13-29a. Here a voltage E, is 

. Currenf-
+£b 
R ,. 1imilinq resislDJ 

Gas fnode ..z::.-'V---t----"'/ 
(thyrafronJ R. 

x Bias C 

et v�:,ag$ _ I I I J J--+------� 
Insert synchronizlr1fj 

VOltage here 
la) Circuit 

E "-- - - - - -- - - - - - 
- - - _ .  

d --
-- - -

Output _� 7ime consfrmfa RC 
voltaqe EL _ C ..... / _ _  _ _ _ _ _ 

eo b 
Q 

(b)  Output wcweform 
FIO. 13-29. Gas-triode (thyratron) type of saw-tooth-wave generator, together with 
typical waveform. 

applied to a circuit consisting of a resistance R and a capacitance C in 
series. The plate-cathode circuit of a thyratron is then shunted across C 
as illustrated in the figure, and the bias of the thyratron is adjusted so 
that the tube will ionize and thus start conducting when the voltage on 
the plate, i.e., the voltage across C, reaches a value E, chosen by con
siderations discussed below. 

When E, is first applied to the system, the voltage across C rises 
exponentially ,",ccording to the time constant RC, as illustrated by abed in 
Fig. 13-29b. However, when the voltage across C reaches the value E, at 
which the thyratron ionizes, the charge that has been built up on C 
rapidly flows through the tube,' thus causing the voltage across C to drop 
quickly. When the voltage across C has fallen to the value E, at which 
ionization can no longer be maintained in the tube, the tube becomes 

1 Lack of this uniformity is called <I jitter " because it causes the pattern on a cathode 
oscilloscope to jittcr about when a saw-tooth generator possessing a nonuniformity is 
used to provide t.he horizontal sweep voltage. 

I A current-limiting resistance RI must in fact be provided in order to prevent the 
plate current of the tube from being 80 large as to damage the tube. The smallest 
permissible value of RI as determined by this consideration, thus determines the short
est flyback time tha.t ca.n be obtained without harming the tube. 
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nonconducting, voltage again starts to build up across C, and the cycle 
repeats. The result is a saw-tooth wave of the type illustrated in Fig. 
13-29b, consisting of an interval where the voltage rises gradually and 
approximately linearly (actually exponentially), followed by a rapid fly
back, immediately after which the voltage begins to rise again. 

The extent to which the voltage wave in Fig. 13-29b rises linearly with 
time is determined by the accuracy with which the section abc of the 
exponential curve can be represented by a straight line. This approxima
tion is better the smaller the ratio E2/E/J. Thus when linearity is impor
tant, as is usually the case, it is necessary either to adjust the thyratron so 
that the ionization voltage E, is small (corresponding to a small ampli
tude of the saw-tooth wave), or alternatively one must employ a rela
tively large value of supply voltage E,. 

The linearity can be quantitatively evaluated by taking advantage of 
the fact that since the curve abc is an exponential curve with a time con
stant RC and an ultimate amplitude E" the slope at amplitude E is 

E, - E Slope at amplitude E = 
RC 

(13-11) 

The fractional change in slope of the saw-tooth wave from amplitude El 
to amplitude E, is accordingly 

Fractional Change ) 
in slope 

= (slope at El) - (slope at E,) 
slope at El 

(13-12) 

Examination of Eq. (13-12) shows that if El is negligible compared with 
E2 and E/), as is usually the case, then the fractional change in slope is 
E2/E/); that is, if E2 = O.lE/), then there is a 10 per cent variation in the 
slope. 

Tbe amplitude of the saw-tooth wave generated in Fig. 13-29 is seen to 
be E, - El. The value El is determined by the characteristics of the 
tube, and is usually quite small, such as 10 volts. The ionization voltage 
E, of the thyratron tube can be controlled by adiusting the grid bias of 
the tube, and where desired can be made only slightly less than the supply 
voltage E,. Thus the circuit of Fig. 13-29 is capable of generating a saw
tooth wave having an amplitude E2 - El that is only moderately less 
than the supply voltage E/). However, as explained above, the linearity 
of the waveform will be poor unless E, is made much less than the supply 
voltage E,. Thus under practical conditions the amplitude that can be 
generated with a reasonable supply voltage is limited by linearity con
siderations to a relatively small value. If the amplitude desired is larger 
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than can be obtained with reasonable linearity, then amplification of the 
saw-tooth wave can be resorted to. 

Frequency. The time required for each cycle of the saw-tooth voltage 
wave is approximately the period of the rise from El to E2, since the time 
for the flyback is usually small in comparison. Thus the period T is the 
quotient of the voltage rise E, - E" and the slope as given by Eq. 
(13-11) for the average amplitude (E, + E,)/2; 

T = RC 
E, - E, � RC 

E, 

E, _ 
E, + E, E, _ 

E, 
2 2 

As the frequency approximates liT, one has 

f � _!... E, - (E,/2) 
RC E, 

(13-13) 

(13-14) 

The frequency is readily adjustable without altering the amplitude of 
the waveform by changing either R or C. In practice it is common to 
provide a coarse adjustment by switching among several capacitors, usu
ally in steps of 10. Then for fine adjustment between steps the resistor 
R is made continuously variable. 

The highest frequency that can be generated with a thyratron saw
tooth generator is determined by the finite time required for the gas 
ions in the thyratron tube to recombine following the voltage fall. 
Typically this limit is of the order of 50 kc for tubes employing the 
lighter gases, and is below 10 kc for mercury-vapor thyratron tubes. 

The low-frequency limit is determined by the leakage resistance associ
ated with condenser C; for proper operation this condenser must retain, 
for the period of one cycle, most of the change it receives from Eb during 
that cycle. That is to say, the time constant R,C must be large com
pared with the period. of one cycle, where R2 is the leakage resistance 
associated with C. When C is a high-quality condenser, it is possible to 
generate frequencies of less than 1 cycle per sec. 

Synchronization. The tbyratron saw-tootb generator, like the multi
vibrator, will readily synchronize with another waveform. The syn
chronizing waveform can be a sine wave, square wave, or regularly 
repeating pulses. 

Tbe synchronizing voltage is applied in series with the control grid as 
indicated in Fig. 13-29a. This causes the ionizing voltage of the thyra
tron to vary sinusoidally with time as illustrated in Fig. 13-30a, the 
ionizing voltage being reduced when the synchronizing voltage is positive, 
and increased when it is negative. If the frequency generated by the 
free-running saw-tooth-wave oscillator in the absence of the synchronizing 
voltage approximates or is slightly less than the frequency of theisyn-
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chronizing voltageJ then the presence of the latter voltage will cause 
exactly one cycle of saw-tooth wave to be generated for each cycle of 
synchronizing voltage, as in Fig. l3-30a. The extent to which the free
running frequency may be varied without losing synchronization depends 
upon the amplitude of the synchronizing voltage, and the bias voltage on 
the thyratron. It is, however, usually desirable for the free-running fre
quency to be slightly lower than the synchronized frequency. 

Increasing the amplitude of the synchronizing voltage produces the 
effects illustrated in Fig. l3-30b and c. A moderate increase in amplitude 
will slightly reduce the amplitude of the generated saw-tooth wave, as 
shown in Fig. l3-30b. However, if the amplitude of the synchronizing 
voltage is very large, then the amplitude of the saw-tooth wave is greatly 
reduced, and in adclition the possibility is introduced of generating a 
double saw-tooth, as in Fig. l3-30c. 

Synchronization can also be accomplished when the saw-tooth fre
quency approximates a subharmonic of the sine-wave frequency, as in 
Fig. 13-30d. In the particular case shown, synchronization occurs in 
such a manner that four cycles of sine wave elapse for one cycle of the 
saw-tooth wave. It will also be noted that the free-running frequency 
of the saw-tooth-wave generator in the absence of synchronizing voltage 
will be somewhat lower than the synchronized frequency, to the extent 
that the ionizing voltage E'; at point B, compared with the free-running 
ionizing voltage E, at point A,  gives a lower frequency in Eq. (13-14). 
This behavior is typical of subharmonic operation. If the amplitude of 
the synchronizing voltage in Fig. 13-3Od is increased, as shown at e, then 
the synchronizing ratio will jump to a new value, in this case from 4 :  1 to 
3 :  1 .  Still further increase in amplitude would result in the synchro
nizing ratio becoming first 2 :  1 ,  and then 1 :  1 .  

Successful synchronization with sinusoidal synchronizing voltages 
depends upon the synchronizing voltage having an adequate but not 
excessive amplitude, together with a free-running frequency in the 
absence of synchronization that is properly related to the frequency at 
which synchronization is to occur. If the amplitude of the synchronizing 
wave is too small, then the free-running frequency of the saw-tooth 
generator must approximate very closely the synchronized frequency, and 
any slight variation of either frequency will cause the two oscillations to 
fall out of step. On the other hand, excessive amplitude of the synchro
nizing voltage will unnecessarily reduce the amplitude of the saw-tooth 
wave. In addition, other undesirable effects may also result from exces
sive synchronizing amplitude, such as two nonidentical saw-tooth waves 
per cycle as illustrated in Fig. l3-30c, or in the case of subharmonic opera
tion, synchronization at the wrong frequency ratio. With a suitable 
amplitude of synchronizing voltage, the ability to maintain synchroniza-
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tioD with variations in operating conditions is greatest when the free
running frequency of the saw-tooth-wave ge�erator is lower than the 
synchronized frequency_ This is increasingly the case the greater the 
amplitude of the synchronizing voltage and the higher the subharmonic 
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Fro. 13-31. Synchronization of the thyra
trOD saw-tooth generator of Fig. 13-29 
with regularly repeating pulses. 

ratio. In general, both the amplitude of the synchronizing voltage and 
the free-running frequency of the saw-tooth-wave generator become more 
critical in subharmonic operation as the frequency ratio increases. 

Synchronizing with a pulse waveform is illustrated in Fig. 13-31a for 
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the case of positive-going pulses applied to the grid of the thyratron. 
Each such pulse momentarily reduces the ionizing potential of the thyra
troll tube as shown, and causes the tube to conduct if the saw-tooth-wave 
amplitude at that moment is at all appreciable. When it is desired that 
the synchronized frequency of the saw-tooth wave be the same as the 
repetition frequency of the pulses, pulses of large amplitude can be 
employed. Satisfactory synchronization is then obtained over a wide 
range of values for the free-running frequency. This is illustrated in Fig. 
13-3Ib, where it is seen that any value of free-running frequency cor
responding to E, in Eq. (13-14) ranging from E!, to E'; will synchronize 
satisfactorily. It will be noted, however, that the free-running frequency 
must always be equal to or lower than the desired synchronized fre
quency. Within this limitation, the only effect of changing the free
running frequency is to alter the amplitude of the synchronized saw-tooth 
wave that is generated. 

Pulse synchronization at subharmonic frequencies is illustrated in Fig. 
13-31e. It will be noted that the free-running frequency must be some
what less than the desired synchronized frequency, and that the range of 
free-running frequencies (i.e., the variation in slope of the saw-tooth over 
which synchronization at the desired ratio will occur) is now much more 
limited than in b, and hecomes increasingly limited as the suhharmonic 
ratio becomes greater. In the case of subharmonic synchronization, 
increasing the amplibde of the synchronizing pulses will cause the fre
quency ratio of synchronization to decrease progressively, accompanied 
by a decrease in amplitude of the saw-tooth, as illustrated in Fig. 13-31d. 
It is thus apparent that increasing care must he used in adiusting the 
amplitude of the synchronizing pulse and the free-running frequency of 
the saw-tooth-wave generator, as subharmonic synchronization at an 
increasingly great frequency ratio is desired. 

Satisfactory synchronization cannot be obtained with negative pulses 
applied to the grid of the thyratron tube. This condition is illustrated 
in Fig. 13-31e, and allows synchronization to occur only over a very 
limited. range of slope of the saw-tooth wavej i.e., the free-running fre
quency must be critically adjusted to obtain synchronization. 

Synchronization with a square wave has not been illustrated, but the 
behavior closely follows that of pulses. In general, the ease of adiust
ment and the stability of the synchronization are nearly as gvDd with a 
square wave as with pulses, and in both cases are considerably better than 
with a sine wave of the same frequency. 

13-12. Saw-tooth Generators Using High-vacuum Tubes. The 
switching function provided hy the gas triode in the circuit of Fig. 13-29 
can also be provided by a high-vacuum tube. However, since the high
vacuum tube does not have ionizing and extinction voltages, free-running 
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operation is not possible. 1 Instead, tube VI is alternately switched 
between conducting and nonconducting action by a suitable control 
voltage applied to the grid of the high-vacuum triode, as shown in Fig. 
13-32a. This control voltage is preferably a square wave ., that is passed 
through the clamping circuit represented by Co, V 2, and R, (see footnote 2, 
page 570). In this way the grid voltage of V, alternates between zero 
and a bias sufficiently negative to cut off the plate current. 

� C/ampmq circuit 
(0) SchemQtic 

Hb 
R 

c Outpu!' e, 

oL t, I, 
ei F-E---3"- - -1- - - -F-C�loff 

I I I 
-:----'- ---l--""O-��Eb 

Output 
voltage 

I l _ _ Tt:"ine cons/anI RC 
I // I �/� 
I I e, 
I I 

o t:::C::=J==�=:::::::=:':E, 
tl t2 Time 

(b) Waveforms 
FIG. 13-32. Saw-tooth-wave generator employing high-vacuum triode, together with 
typical waveforms. 

During the interval when the plate current is cut off, the output voltage 
eo across the condenser C rises exponentially in exactly the same way as 
does the voltage '0 in the thyratron circuit of Fig. 13-29 when the thyra
troD tube is non conducting. During the next interval, when the voltage 
at the grid is zero, a large plate current flows. Condenser C then dis
charges rapidly until its voltage falls to the value E, corresponding to the 
voltage that would exist at the plate if condenser C were removed and the 

1 Free-running action can be obtained, however, by modifying the circuit so that the 
discharge tube is controlled by a trigger action that is initiated when the linear por
tion of the wave reaches the desired maximum amplitude ; thus see H. den Hartog and 
F. A. Mulier, Oscilloscope Time Base Circuit, Wireless Eng., vol. 24, p. 287, October, 
1947; also see O. S. Puckie, "Time Bases," 2d ed., John Wiley & Sons, Inc., New York, 
1951. 
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tube operated at zero bias with supply voltage E. appUed to the plate in 
series with resistance R. The voltage across C then remains at the value 
E, until the next half cycle of the switching voltage, when V, becomes 
non conducting and the cycle repeats. The resulting output waveform is 
as shown in Fig. 13-32b, and is seen to be of the type illustrated in Fig. 
13-26b. In ·order for the time of fall of the saw-tooth wave to be smali, it 
is necessary that the current drawn by the tube be very large. When this 
requirement is met, the high-vacuum-tube saw-tooth generator can 
operate at higher frequencies than are obtainable with a gas tube, because 
the high-vacuum tube is not Hrnited by deioruzation time. 

In order to stabilize the initial level E, of the saw-tooth, the grid
voltage level that exists when plate current flows must be carefully set. 
This is accomplished by the lI c1amping circuit." 

13-13. Linearization Refinements in Saw-tooth Generators.' The 
saw-tooth waveforms generated by the circuits in Secs. 13-11 and 13-12 
do not provide a rise of voltage or current that is sufficiently linear for 
certain applications, such as radar or precision oscillographic work. 
There exists a great variety of refinements, whereby the linearity of most 
of these circuits can be improved.2 In addition, there are several circuits 
designed with the primary objective of high linearity, notably the feed
back and phantastron circuits of Secs. 13-14 and 13-15. 

Constant-curreni Capacitor Charging by Use of a Pentode. A standard 
approach to improving the linearity of the saw-tooth generator involves 
the use of a pentode tube to supply a constant charging current to the 
capacitor C in Figs. 13-29a and 13-32a. A typical arrangement' is shown 

1 S. Seely, "Electron-tube Circuits." pp. 448-452, McGraw-Hill Book Company. 
Inc., New York, 1950; Puckle, op. cit.,· F. C. Williams and N. F. Moody,Ranging 
Circuits, Linear Time-base Generators and Associated Circuits, J. lEE (Radiowcation 
Conv.), vol. 93, pt. IBA, p. 1188, March-May. 1946; Arthur C. Clarke, Linearity Cir
cuits, Wirele88 Eng., vol. 21,  p. 256, June, 1944, vol. 22, p. 72, February, 1945; H. den 
Hartog and Robert P. Owen, Linear Sweep Circuits, Electronics, vol. 19, p. 136, 
December, 1946. 

t One linearization technique of only minor importance utilizes the curvature of the 
plate-eurrent-plate-voitage characteristic of the tube to compensate for the curvature 
of the exponential charging curve. This technique has only limited utility, because it 
depends too much on the details of the tube characteristics, and hence the lincarization 
will vary from tube to tube. 

3 In practical circuits the screen battery E. is usually replaced by a resistance con
nected between Eb and the screen, together with a large by-pass condenser between 
screen and cathode which maintains a constant screen voltage during the saw-tooth 
oscillation. The only effect of this change is to cause the condenser charging current 
L:" to be augmented by the d-c component of the screen current. However, if the 
plate voltage always exceeds the value a in Fig. 13-33d, the charging current is still 
independent of variations in the voltage eb, acting between plate and cathode. 

An optional circuit clement often included is the unby-passed cathode resistor 
shown dotted in Fig. 13-33a. This provides negative current feedback that assists in 
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in Fig. 13-33a which differs from Fig. 13-32a only in that the resistor R 
has been replaced by the plate-cathode circuit of pentode V,. To the 
extent· that the operating conditions are properly chosen, a matter to be 
taken up shortly, the pentode will deliver a constant current to the 
capacitor C during the time interval between tl and t,. Accordingly, the 
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FIG. 13-33. Saw-tooth-wave generator ol Fig. 13-32 modified by use of a pentode to 
obtain constant-current charging. 

capacitor voltage will rise linearly with time as a result of this constant 
charging current, instead of exponentially as in Fig. 13-32. The slope of 
the rise is IbjC volts per second, where lbl is the pentode plate current in 
amperes, and C is in farads. 

The tube operating conditions necessary for proper functioning of this 
circuit can best be explained by reference to c and d of Fig. 13-33. Here 
the plate-voLtage-plate-current characteristic of triode V 1 is shown at c 
for zero grid bias, i.e., for the condition that exists when tube V 1 conducts. 
Similarly, the plate-voltage-plate-current characteristic for the constant-
making the magnitude of the current I", still lcss sensitive to variations in e�.. Another 
varia.tion consists in repla.eing the pentode by a triode that is given a constant-current 
characteristic by the use of current feedback provided by a large cathode resistor; see 
David Sayre, Linear Sweep Generation, Electronics, vot. 23, p. 171, July, 1950. 



584 E L E C T R O N I C  M E A S U R E M E N T S  [CHAP. 13 

current pentode V, is given at d for the screen and control-grid voltages at 
which this tube operates. This characteristic exhibits the usual region 
abed over which the plate current is substantially independent of plate 
voltage e... The plate voltage e •• actually applied to the tube is the differ
ence between the supply voltage E. and the output voltage eo, that is, 
Eb = ebt + eo. Since the plate current of the pentode is not constant 
below some value of plate voltage indicated as a in Fig. 13-33d, the maxi
mum output voltage E, that can be obtained has the value shown. The 
value of El corresponding to the minimum of the output wave can be 
obtained from the intersection of the pentode characteristic with the 
triode characteristic plotted in mirror fashion as shown in d. 

Voli<.lge 

(Cl) Circuit 

b,--r- .,----, - - ec.- - -r,; 
I 
I 
- - - - -E2 

Time
Ib) Waveforms 

FIo. 13-34. Circuit of Fig. 13-33 rearranged so that the output wave possesses 8. 
negative slope. 

A modification of the pentode constant-current circuit which is fre
quently found in practice is shO\vn in Fig. 13-34. This circuit is equiv
alent to that of Fig. 13-33, I except that the circuit is now arranged so that 
the voltage e •• across the pentode in Fig. 13-33 is used as the output 
voltage. A negative-going saw-tooth wave is obtained at the output, as 
indicated. Such a waveform is as useful in most applications as is the 
positive-going saw-tooth previously discussed. 

Although a high-vacuum triode has been shown as the switching tube in 
the circuits of Figs. 13-33 and 13-34, it is equally feasible to use a gas triode. 
In such a case it is possible to make the circuit self-oscillating, as was the 
gas-triode circuit of Fig. 13-29 ; the limits E, and E, in Fig •. 13-33 and 
13-34 would then correspond to the extinction and ionization potentials, 
respectively, of the gas triode. 

Bootstrap Circuit. Another means of obtaining a constant current for 
the charging of a capacitor is provided by the so-called bootstrap circuit 
shown schematically in Fig. 13-35. Here the capacitor C is charged 
through the resistor R by a voltage consisting of E plus the output voltage 
e, of the cathode-coupler stage VI. Since the cathode-coupled stage has 

1 In this circuit, Cc, R(n and the rectifying action between the grid and cathode of 
V .. provide a clamping action that causes the grid-cathode voltage of VI to be zero 
when the rectangular input wave is positive. 
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an amplification only barely less than unity, then eo '" eO, and the voltage 
available to act across resistance R approximates the value E quite 
closely. The current flowing through R to charge the condenser C is 
hence very nearly constant at the value E/R. The result is constant
current charging of C that is substantially equivalent to that obtained by 
the use of the pentode in Fig. 13-33a. Saw-tooth waves are then gen
erated by shunting C with a switching system consisting of a gas triode, or 
a high-vacuum triode with square-wave control voltage. The output 
voltage eo is the voltage et: developed across the condenser C, as amplified 
by tbe cathode-follower stage V,; this provides the incidental benefit of a 
Iow output impedance typical of a cathode-follower circuit. 

R 

• 

C e, 

Switching tube 

+ 

b 

I, 

FIG, 13-35. Bootstrap saw-tooth-wave genera.tor. 

I, 

The name I I  bootstrap " comes from the fact that the potentials at 
points a and b in Fig. 13-35 rise simultaneously with respect to ground as 
the capacitor C charges. These potentials are thus " raised by their own 
bootstraps.' 

, 

The bootstrap circuit is extremely effective in generating a closely 
linear voltage rise. Also, an output saw-tooth voltage waveform of very 
large amplitude can be obtained by making E, large, and using a trans
mitting tube for V,. 

A practical form of tbe bootstrap circuit is shown in Fig. 13-36, in which 
the triode V, serves as the switch to which is applied a square wave 
clamped as in Fig. 13-32a. Also the ungrounded battery E in Fig. 13-35 
has been replaced by the voltage Eo, resulting from a charge built up on 
capacitor C. by the aid of diode V,. Thus prior to the time t" when the 
capacitor C is essentially short-circuited by triode V., the capacitor C. is 
charged through diode V. and R. to a voltage that is only slightly less 
than El. By using a capacitar 'e C, that is very large compared with 
capacitance C, the voltage Et:1 across C2 remains essentially constant 
during the interval while the capacitor C is charging, and serves the same 
function as the battery voltage E in Fig. 13-35. 

The voltage slope that results from the bootstrap circuit can be readily 
computed by assuming that the gain of the cathode-follower stage is 
exactly unity. If this is the case, the current through the resistor R is 
equal to E/R in Fig. 13-35, and is almost, but not quite, (E, - E,)/R in 
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Fig. 13-36. When this constant current flows into the capacitor C, the 
rate of voltage rise across the capacitor is equal to the current divided by 
the capacitance. 

o t, t2 �IOff 
Input V4 

'---v----' 
Cll1mpinq circuit 

R 

VJ 
C 

Swdchi'nq lube 

-4-E Ouiput 0 i ! I , , 

Fm. 13-36. Practical form of bootstrap circuit arranged so that only a. single power 
supply is required. 
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a ��--���I--r� Ci, -,.. �, Amp/ifi., 'Outpute, n � r t gtt;n=A 1\ 
(bJ Equivalent circuit between t I and tz 

FIG. 13-37. A simple Corm of feedback, or Miller integrator, circuit for generating a 
linear saw-tooth wave. 

13-14. Linearization Refinements in Saw-tooth-wave Gen�rators. 
Feedback (Miller Integrator) Circuits. The circuit shown in Fig. 13-37a 
is 8. form of saw-tooth generator having very desirable characteristics. 
It is known as a feedback, or " Miller" integrator,i and possesses a very 

1 The circuit described bere is frequently referred to in the literature as the U Miller" 
integrator. This has come about from the fact that the circuit exploits and enhances 
the so-called n Miller effect," a phenomenon first noted in connection with the input 
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linear slope, a saw-tooth voltage having a peak-to-peak value only 
slightly less than the supply voltage, and insensitivity to tube and circuit 
characteristics. 

The tube in the circuit provides several functions. First, it is an ampli
fier of the saw-tooth waveform which is generated at its grid in a manner 
to be explained. Second, it is a switching device; a control voltage is 
applied to the suppressor grid, thereby turning the plate current on or off. 
Finally, the tube provides an input capacitance C .... which is charged from 
the batteryl E through high series resistance R to provide the basic saw
tooth waveform. 

The operation of the circuit of Fig. 13-37 can be understood by the 
folknving explanation, with the aid of the oscillograms shown in Fig. 
13-38: To begin with, a rectangular control waveform el is applied to the 
suppressor grid of the tube in order to switch the plate current on at time 
tl and off at time t'l. This waveform of voltage is applied through a 
clamping circuit (not shown in the figure but analogous to that in Fig. 
13-32a) so that the most positive portion of the wave is at zero voltage, 
which corresponds to the normal suppressor-grid voltage for a pentode 
amplifier tube. Prior to the time tl, and also following the time t'l, the 
control waveform el makes the suppressor grid sufficiently negative so 
that plate current in the tube is cut off. 

Just prior to the time tt, the plate current is zero, and hence the output 
voltage is equal to Eb• The control-grid voltage ec is approximately zero, 
although very slightly positive by virtue of the grid being connected to 
the positive voltage E through the resistance R. The control grid cannot 
go appreciably positive, because the resistance R is large compared with 
the plate resistance of the equivalent diode comprising the grid-cathode 
portion of the tube. 

�t the time tl when plate current is permitted to flow in the tube, there 
occurs a slight readjustment of the circui.t voltages before generation of 
the saw-tooth voltage begins. Plate current will immediately begin to 
/Iow through the load resistor RL, and there will be a fall in voltage at the 
plate. This fall in plate voltage is coupled through capacitor C to the 
grid, thus driving the grid voltage in the negative direction. The grid 

impedance of triodes, and described by J. M. Miller in Dependence on the Input 
Impedance of a Three Electrode Vacuum Tube upon the Loa.d in the Plate Circuit, 
Nall. Bur. Standards (U.S.) Sci. Paper 351, 1918. The application of this effect to 
integrating circuits or saw-tooth-voltage gencra.tors is credited to the late A. D. Blum
lein by his collcague F. C. Williamsj see Introduction to Circuit Techniques for 
Radiolocation, J. lEE (Rad-iolocation Conv.), vol. 93, pt. IlIA, p. 303, 1946. Further 
discussion of the circuit is given by WilIiams and Moody, op. cit.; also see " Wave
forms," op. cit., pp. 37, 195, 278-287. 

1 A separate battery E is shown for clarity. In practice the plate-supply voltage E" 
is commonly used for this purpose. 
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voltage will fall by an amount shown as Eo in Fig. 13-38, which is just 
sufficient to counteract further increase in plate current, and further fall 
in plate voltage. Because of the coupling through capacitor C, both grid 
and plate voltages fall by the same amount Eo. 

Plate-currenf' 
culoff level Suppressor- F4" " ) 

qnd O f--i'------+--"J' 
input 11-----' el I 

E I 
Control

gri� 
voltage 

e. 

Output 
eo 

I ! :  f_ Slope - RII+AlC 11 
o Eo [ _ � 

b 

o -t-rrlin -----

Tline constant 
'" R, C 

FIG. 13-38. Waveforms showing the behavior of 
circuit of Fig. 13-37. 

Time-+
the feedback (Miller integrator) 

The tube is now ready to function as an amplifier, and the action during 
this stage of the operation can best be understood by reference to the . 
equivalent circuit of Fig. 13-37b. The amplifier provides a gain A, which 
is equal to the usual product of the transconductance gm times the load 
resistance RL• In addition, the amplifier provides the input capacitance 
Cin at the terminals aa. The value of the input capacitance Cin is deter
mined primarily by the feedback action through the capacitor C, and 
assumes the value1 

Ci. = C(1 + A) (13-15) 

where C = feedback capacitance (see Fig. 13-37a) 
A = amplification of pentode circuit ( =  gmRL) 

The capacitor C,. now is charged by the battery E through the resistor R. 
The capacitor voltage ec rises exponentially, with a time constant equal 
to RC,.. The initial portion of this curve of voltage is very closely a 
straight line, with a slope equal to 

1 F. E. Termao, "Radio Engineers' Handbook," p. 467, McGraw-Hill Book Com
pany, Inc., New York, 1943. Capacitance C is large compared with the interelectrode 
capacitances of the tube, and hence the latter are neglected in Eq. (13-15). 
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E Slope of e, waveform = RC;. (13-16) 

The notation is as in Fig. 13-37 and Eq. (13-15). 
This rising voltage ec across Cin. is amplified by the tube, which also 

reverses its polarity. The voltage hence appears as a linearly falling 
voltage eo at the output terminals, as shown by the line segment abc in the 
oscillogram of Fig. 13-38. The magnitude of this slope will be - A times 
the slope at the input of the amplifier as given by Eq. (13-16), so that 

E Slope of eo waveform = -A RCin 
E 

- -A R[C(1 + A)J 
When A » 1 this becomes 

Slope of eo waveform E � -

RC 

(13-17) 

(13-18) 

The interval T (Fig. 13-38), during which the output voltage e, falls 
linearly with time, can be terminated in either of two possible ways. The 
first of these is illustrated in the figure. When the output voltage, which 
is also the plate voltage of the tube, has fallen to some value designated as 
Em;. in Fig. 13-38, the tube ceases to amplify. This minimum voltage 
corresponds to the condition in a pentode when a virtual cathode is 
formed in the suppressor-grid region, and the plate current is thus, not 
appreciably influenced by control-grid voltage. Under these conditions 
the amplification drops, which causes the input capacitance to become 
small [see Eq. (13-15)J. The control-grid potential then quickly returns 
to the potential it possessed prior to the time t,. The plate, on the other 
hand, continues to conduct current, and the plate voltage will remain at 
the level Em;. until the time t" when the control voltage e, applied to the 
suppressor grid cuts off the plate current. At this time, the plate voltage 
will return to the level of the battery voltage E" but in so doing the 
capacitor C must be charged through the load resistor RL• Thus the 
plate voltage will rise exponentially, with a time constantt closely equal to 
RLC. 

The second way of terminating the interval T during which the output 
voltage falls linearly, is for the control waveform to cut off the plate cur
rent before the output voltage reaches its minimum level. For this to 
happen, the time t2 of the control wave applied to the suppressor in Fig. 
13-38 must occur before the sloping wave decreases to its minimum value 
Eml•• When this happens both grid and plate voltages would return to 

1 The charging current also flows through the grid-cathode circuit of the tube, but 
the resistance of this circuit is usually small compared with the load resistance RL and 
so does not appreciably affect the time constant. 
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their initial values simultaneously, although the plate-voltage return 
curve would be controlled by the time constant RLC as before. This 
method of terminating the linear wave is shown in Fig. 13-39. 

A remarkable and valuable feature of the circuit is apparent from Eq. 
(13-18), where it can be seen that the slope of the output voltage is 
independent of the magnitude of amplification A, provided only that A is 
much greater than unity. Thus the slope depends only upon the voltage 
E, the resistance R, and the capacitance C, and is independent of other 
circuit constants and of the tube characteristics. 

Another important feature is that the amplitude of the linear falling 
portion of the output-voltage waveform can be made a substantial per
centage of the supply voltage Eb without introducing nonlinearity. This 
is in contrast to the simpler circuits of Figs. 13-29, 13-32, and 13-33, 
where the output amplitude must not exceed a small fraction of the total 
supply voltage if the saw-tooth waveform is to be closely linear. This 
feature results from the fact that the large amplification of the sinall 
charging voltage waveform ee, makes it possible to limit ec to a very small 
fraction indeed of the suppl)' voltage E. At the same time, the feedback 
action associated with condenser C causes the output slope to be inde
pendent of the tube amplification A,  and hence of tube nonlinearities. 
The result obtained is therefore superior to simply adding an amplifier 
to the saw-tooth generator of Fig. 13-29 or 13-32. 

From the above discussion it can be seen that the feedback, or Miller 
integrator, circuit possesses an important combination of features. 
Moreover, the circuit is not only usable in its basic form as shown in Fig. 
13-37, but there are several modifications to be described below which 
provide additional valuable properties. 

Modifications. One modification of the hasic Miller integrator circuit 
eliminates the initial voltage drop Eo shown in Fig. 13-38. Actually this 
drop is only about 5 volts for Eb = 300, but if circumstances require a 
saw-tooth waveform without this drop, the circuit of Fig. 13-39 can be 
used. The new circuit differs from the original version by virtue of the 
fact that prior to the time tI, when the saw-tooth voltage is to be initiated, 
the control grid is held at exactly the potential -Eo, and is thus ready to 
commence its linear slope without further readjustment. The control 
waveform is applied through diode V 3, which prior to time t l  is not con
ducting. Diode V 2 is conducting, however, and prevents the grid voltage 
from rising above the level - Eo, as determined by the bias battery Ec 
and the voltage divider consisting of resistors RI and R2• This same pair 
of resistors is designed to draw sufficient current through the load resistor 
RL to set the initial plate-voltage level at the value Eb - Eo, which in 
Fig. 13-38 was the level existing j ust after the initial readjustment had 
taken place. Accordingly, the circuit of Fig. 13-39 is in readiness at the 
time il to commence the generation of a linear slope if diode V 2 can be then 
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" disconnected." This is accomplished hy the fact that at time I, the 
positive-going input wave causes conduction in diode V 3 ;  this raises the 
cathode of diode V, to a potential more positive than its anode. Thus V, 
ceases conduction, and is effectively disconnected. The circuit is now 
free to function in the same manner as the original circuit, and a linear 
voltage slope will be generated as illustrated by the waveforms in Fig. 
13-39b. At the time t21 the control waveform restores the circuit to its 
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-=-Ec 
-

. 

• 

FIG. 13-39. Modification of the feedback (Miller integrator) circuit of Fig. 13-37 that 
eliminates the initial voltage jump at the beginning of the linear slope. 

original condition, except that, as before, the plate voltage will rise at a 
rate corresponding to the time constant RLC. 

In some circumstances it may be important that the circuit of Fig. 13-37 
be restored to its original plate voltage as quickly as possible following the 
time t2, so that another saw-tooth wave can be initiated immediately 
thereafter. All that is required to achieve this result is a low-resistance 
circuit for charging the capacitor C i  such a circuit is provided by the 
modification shown in Fig. 13-40. 1 In this modification, cathode-follower 
stage V 2 is introduced as shown. Since the voltage gain of such a stage 
approximates unity, the feedback effect associated with C is just as 

1 Separate batteries E, Eb• and Eb• are shown for clarity. In practice a common sup
ply voltage Eb serves for all three. 
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though terminal b of this capacitor were connected directly to d as in Fig. 
13-38. However, at time t2 the capacitor C is now charged from battery 
E6s through a low resistance that is effectively the parallel combination of 
RIc and the plate resistance of V 2. This provides a very small time con
stant, and as a result the cathode of V, and the plate of V, rise very 
quickly after t, to their original voltage levels. A further advantage of 
the modified circuit of Fig. 13-40 is that the linear voltage slope can now 
be obtained across the cathode resistor R, of the cathode follower. Thus 
the circuit will have a very low output impedance. 

... 
E -

R 

a 
Cin: , eo a 

o tl tz ==t'rE Input 
Plate·current <>---"�� 
cutoff level 

Oufputeo 

FIG. 13-40. Modification of the feedback (Miller integrator) circuit of Fig. 13-37 in 
which the recovery time of the output voltage at the end of the linear slope is shortened 
by employing a cathode-follower tube V I to provide a low-resistance charging circuit 
for condenser C. 

A further modification of the original circuit of Fig. 13-37 is shown in 
Fig. 13-41, where diode V t has been added to provide a convenient con
trol of the amplitude and duration of the linear voltage slope. This 
diode, in combination with battery E2 and potentiometer PI, functions as 
a clipping circuit, and limits the positive excursion of the plate voltage for 
output waveform eo. * Three settings of the potentiometer PI are desig
nated as A, B, and C; the corresponding waveforms that result are shown 
in Fig. 13-41b. Here the initial level of the output waveform e, has three 
different values corresponding to the three potentiometer settings, but 
the slope of the linear fall, and also the minimum voltage level E.;. are the 
same in each case. As a result, ihe length of time required for the output 
voltage to drop to the minimum level is different in the three cases, 
resulting in three different periods TA) TB, and Tc . 

• A diode connected like VI in Fig. 13-41 is usually referred to as a "platc-catching 
diode" because of the way it IIcatches," or arrests, the positive excursion of the plate 
voltage. Diodes are used to advantage in this way to set quiescent plate-voltage 
levels in various other circuits such as multivibrators. 
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13-16. Linearization in Saw-tooth-wave Generators. The Phan
tastron Circuit.' The phantastron is a modified Miller integrator circuit 
which is arranged so that a control voltage in the form of a trigger pulse 
will cause the circuit to go through one cycle of operation and then become 
quiescent until a new cycle is initiated by a later pulse. Thus a trigger 
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FIG. 13-41. Feedback (Miller integrator) circuit in which the maximum value of the 
output voltage is controlled by the setting of the potentiometer PI. 
pulse initiates the sequence of events in the Miller integrator, but the 
circuit is arranged to terminate its own operation. 

A functional circuit diagram, together with resulting waveforms, is 
shown in Fig. 13-42. In Fig. 13-42a the circuit has been drawn to 
resemble the basic circuit of Fig. 13-37 together with the cathode-follower 

I An exccllent summary oC the origin and practical possibilities oC the phantastron 
circuit is given by R. N. Close and M. T. Lebenbaum, Design of Phantastron Time 
Delay Circuits, Electronics, vol. 21, p. lOO, April, 1948; the design data in Fig. 13-43 
are taken from this paper. Other descriptions of the phantastron are to be found in 
"Waveforms," op. cU., pp. 195-204, 287j Williams and Moody, loco cit.; "Principles 
of Radar," op. cit., pp. 2-58-2-56. 



594 E L E C T R O N I C  M E A. S U R E M E N T S  [CHAP. 13 

and diode-clipper modifications as described in connection with Figs. 
13-40 and 13-41. An important difference is that a cathode resistor R., 
has been added to the integrator circuit; the consequences of this are dis
cussed below. A pentagrid tube is shown in Fig. 13-42a for 1'1 ; it func
tions the same as the pentode amplifier in Fig. 13-37, but has the advan-

r _.L C.!!!'!!!.� follower 1 
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I 

Integra/or I 

+ R \L_-c 
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Cal fundional circuit diOlgrAm 

P!Ate voltage 
ebn, 

(�output eo) 

_ _ _ !�n O ��------���--
t1 t'l. 

(b) W�veforms 
FIG. 13-42. Functional circuit and waveforms of phantn.stron circuit. 

tage that the required control voltage amplitude is less than with the 
pentode tube. Grids 2 and 4 are connected together to serve as a screen 
grid, while grid 3 serves to turn the plate current on and otT, as did the 
suppressor grid in the pentode of Fig. 13-37. 

The action taking place in Fig. 13-42a can be explained with the aid of 
the waveforms in Fig. 13-42b. Prior to the time ill when a trigger pulse 
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initiates the cycle of operation, the voltage divider comprising resistors 
R, and R, sets the d-c voltage on grid 3 at a level that cuts off the plate 
current in tube VI' The plate voltage ebnl is then atits maximum positive 
value E, as limited by the diode V3• To the extent that the gain of tbe 
cathode follower V, is equal to unity, the output voltage will also be equal 
to El prior to the time t,. The control-grid voltage on VI approximates 
the cathode voltage, although it is slightly positive with respect to the 
cathode because the control-grid connection is returned to the positive 
voltage E through high resistance R. Since the cathode voltage e., of V, 
is substantially positive with respect to ground by virtue of the screen 
current flowing through the cathode resistor Rku the control-grid voltage 
een, prior to tl is also positive with respect to ground by'ran amount 
approximating eot." 

At the time tl, a large positive trigger pulse is superimposed upon the 
steady voltage on grid 3 of V I, which carries grid 3 sufficiently positive to 
permit plate current to flow. Exactly as in the case of the basic Miller 
integrator circuit of Fig. 13-37, there now occurs an initial readjustment in 
plate and control-grid voltages, whereby both are driven negative by an 
amount Eo. The phantastron circuit behavior is different, however, 
owing to the presence of the cathode resistor Rk,. As the control-grid 
voltage of V, drops, so also will the cathode voltage because the reduced 
space current reduces the voltage drop in R.,; the result is that although 
the trigger pulse quickly disappears, the d-c voltage on grid 3 is now 
sufficiently positive with respect to the new and lower cathode voltage so 
that plate current can continue to flow. Therefore the circuit continues 
to function as a generator of a linear voltage slope, until the time when 
the plate voltage reaches the minimum value E.,. where the tube ceases 
to amplify. At this time, shown as t, in Fig. 13-42b, the control-grid' and 
cathode voltages eent and eku respectively, simultaneously rise quickly. 
The change in cathode voltage results from the fact that the presence of 
R., in tbe circnit causes the cathode voltage to ground to vary with the 
space current, and hence to rise and fall as the control grid becomes more 
and less positive, respectively, as shown in the second oscillogram of Fig. 
13-42b. As a result, both the plate voltage e •• , and the output voltage 
eo return at time tz to their original quiescent values El, since the cathode 
voltage rises to a value sufficiently positive with respect to the d-c 
potential of grid 3 to stop the flow of plate current. Thus the cycle of 

1 The momentary overshoot shown (or the wa.veform of e�"1 a.rises from the fact 
tha.t at h the charge delivered to C during the interval T = to: - t l  must be discha.rged 
through the grid-cathode circuit of the tube and 80 causes the control-grid voltage to 
be momentarily appreciably positive with respect to the cathode. This overshoot is 
not transmitted to the output, however, because the plate current oC V1 has already 
been cut off. 



596 E L E C T R O N I C  M E A S U R E M E N T S  [CHAP, 13 

operation is completed, and the circuit will remain in a quiescent condi
tion until another input pulse is applied. 

The duration of the period T is readily varied by adjusting the voltage 
El associated with diode V3, as explained in connection with Fig. 13-4l .  
This voltage affects only the initial level of the output waveform ; the 
slope of the linear fall in voltage, and the minimum level Em'" are both 
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FIG. 13-43. A practical form of phaotastroo circuit, together with recommcnded 
circuit constanta for typical designs. 

unchanged by altering El. As a consequence of this situation, the dura
tion T is accurately proportional to El. 

It is to be observed that in Fig, 13-42 the termination of the interval T 
is now determined by the instant that the plate voltage on V, reaches its 
minimum level Emin, and is not due to an external control waveform. 
This, and the fact that the control wave is a trigger pulse instead of a 
ilquare or rectangular waveformJ are the essential features of the phan
tastron, in contrast to the basic Miller integrator circuit. The slope of 
the waveform is the same in both cases, and is still indepc:-.Jent of tube 
amplification and all circuit constants except E, R, and C, as in Eq. 
(13-18), 

A practical form of the phantastron is given in Fig, 13-43, together with 
design information that will be found useful if a circuit of this type is to be 
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built. This circuit differs from Fig. 13-42 only in details, as for example 
the use of a single voltage supply. In order to show the similarity the 
notation is the same in both figures as far as possible. A phantastron 
circuit designed as in Fig. 13-43 requires a trigger pulse of about 30 volts 
amplitude, while the amplitude of the output voltage has a maximum 
value of about 250 volts. 

A properly designed phantastro)l is capable of outstanding performance. 
The slope of the output wave is highly linear, and is independent of tube 
conditions and of all circuit constants except R and C. The amplitude is 
continuously adjustable without cbange in slope up to a value that is 
only moderately less than the supply voltage E.. Finally, the fact that 
the time interval T, from the moment tl when the sloping wave begins 
until the instant t: when it ends, is very precisely proportionaP to 
the voltage E, makes the phantastron valuable as a generator of a con
trollable time delay; this is discussed further in Sec. 13-18. 

An important feature of the phantastron is that it goes through exactly 
the same cycle of operation each time a pulse is applied to the input or 
control circuit. This is true irrespective of whether the pulses are 
applied regUlarly or irregularly. Thus thc phantastron can be regarded 
as a one-shot saw-tooth- or sloping-wave generator, in analogy with the 
one-shot multivibrator discussed in connection with Fig. 13-14. 

13-16. Oscilloscope Applications of Saw-tooth-waveform Generators. 
In measurement work, onc of the principal applications of saw-tooth 
waveforms is to cause the spot in a cathode-ray oscillograph to travel 
horizontally with displacement proportional to time. Virtually all of 
the saw-tooth-wave generators described in the preceding sections have 
been so used in commercial or experimental oscilloscopes. The choice 
among the various available saw-tooth generators depends upon the 
particular features or requirements associated with the oscilloscope in 
questi9n. 

The saw-tooth-generator circuit most widely used in general-purpose 
oscilloscopes is the gas-triode circuit of Fig. 13-29. This arrangement is 
simple, and has considerable flexibility, in that it can be operated free
running at a rate that is readily adjustable, or can be synchronized with 
an external waveform as described in connection with Figs. 13-30 and 
13-3 1 .  

Gas-tube systems, however, have the disadvantage that successive saw
tooths are not always absolutely identical because ionization and extinc
tion may occur at very sHghtly different voltages from cycle to cycle. 
This causes successive sweeps of the cathode-ray spot to fail to be pre
cisely identical and produces a "jitter" in the motion of the pattern. In 

I Thus in a circuit designed according to Fig. 13-43, the departure from linearity 
between the voltage El and the time interval t, - tL does not exceed 1 to 5 parts in 
1000, with the exact degree of linearity dcpendi.ng upon the time interval involved. 
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addition, the deionization time of the gas tube sets an upper limit to the 
frequency of operation. 

High-vacuum circuits do not have this high··frequency limit or the 
inherent tendency toward jitter. Also, the high-vacuum-tube circuits 
lend themselves more readily to starting and stopping of the saw-tooth 
waveform than do gas-tube arrangements, and hence are better adapted 
to oscilloscopes intended for observfng single or irregularly repeated 
transient waveforms. Of the high-vacuum circuits, that of Fig. 13-32 is 
the simplest; however, the addition of a pentode as in Fig. 13-33 or 13-34 
is not a difficult step, and produces a great improvement in iinearity.l 
Free-running operation can be obtained, but ordinarily involves addi
tional tu oes and circuit complications. 

Oscilloscopes requiring the utmost in linearity of the sweep voltage 
employ such circuits as the bootstrap or phantastron. These arrange
ments not only provide a high degree of linearity, but in addition are 
sufficiently preci.f:e in terms of constancy of the rate of voltage rise with 
respect to variations in operating conditions to permit a direct time 
calibration to be inscribed on the sweep controls. 

Synchronization Procedures. When the gas-triode saw-tooth-waveform 
generator is to be synchronized with an external waveform, it is important 
that the operator understand the basic mechanism involved, and follow 
an orderly procedure for accomplishing the synchronization. It is there
fore helpful to restudy Figs. 13-30 and 13-31 in terms of the oscilloscope 
application.2: Thus the spot moves horizontally across the screen during 
the time the saw-tooth is rising from its minimum to its maximum value, 
with a speed determined by the slope of the saw-tooth wave in volts per 
second. At the same time the magnitude of the horizontal displacement 
is proportional to the amplitude of the saw-tooth. When the waveform 
to be observed is also used as the synchronizing voltage, then what is 
actually seen on the face of the cathode-ray tube is that portion of the 
waveform occurring during one stroke of the saw�tooth wave. Accord� 
ingly, for the situation in Fig. 13-30a and b, the observer sees one com
plete cycle of a sine wave. The situation in Fig. 13-30c is one of faulty 
adjustment, and the observer sees two superimposed sweeps, one of which 
would show about three-fourths of a cycle of the sine wave, while the 

1 Examples of the use of a pentode for constant-current charging or discharging will 
be found in various commercial oscilloscopes. An intercsting application of the con
stant�urrent principle, in which the same tube charges one capacitor and discharges 
another simultaneously to provide two saw-tooth voltages of opposite polarity for 
push-pull deflection, is described by Y. P. Yu, H. E. Kallman, and P. S. Christaldi, 
Millimicrosecond Oscillography, Electronics, vol. 24, p. 106, July, 1951. 

t Although this discussion is presented in terms of the gas-triode saw-tooth gener
ator, the same principles apply without change to any free-running system employing 
high-vacuum tubes. 



SEC. 13-17) G E N E R A T O R S  O F  S P E C I A L  W A  V E F O R M S  599 

other displays only a small portion of the sine-wave cycle on a sweep of 
small amplitude. At d and e there will be four and three cycles, respec
tively, displayed on the oscilloscope screen. 

Two principal controls are used in adjusting the synchronization. The 
first of these sets the free-running frequency of the sweep oscillator; in 
Fig. 13-29, this involves varying the capacitor C in steps for coarse adjust
ment, and varying the resistor R continuously for fine control. The 
second control adjusts the amplitude of the synchronizing voltage; the 
effect of different settings of this control is seen by comparing a and b in 
Fig. 13-30. 

The proper procedure to follow in accomplishing synchronization is 
first to adjust the frequency of the saw-tooth generator or sweep generator 
to a value slightly less than the frequency that will give synchronization 
with the waveform to be observed. Second, the amplitude of the syn
chronizing voltage is set to a very small value, and is then increased to a 
value that is slightly more than enough to achieve synchronization. 
When the saw-tooth generator is to be synchronized with a pulse wave
form, then the synchronizing pulses applied to the grid of the gas triode 
should be negative, as discussed in connection with Fig. 13-31. 

13-17. Production of Saw-tooth Current Wave in an Inductance
Resistance Circuit.1 The saw-tooth-wave generators discussed above all 
produce voltage waveforms. However, in some circumstances it is neces
sary to pass a saw-tooth wave of current through an inductance. An 
example occurs in the production of a magnetic field tb'at will cause the 
deflection of a cathode-ray spot to be proportional to time; such an 
arrangement is used in many television receivers. 

An understanding of the problems involved when a saw-tooth wave of 
current flows through an inductor can be gained by considering the 
voltage and current relations that exist in a circuit consisting of an 
inductance in series with a resistance, as shown in Fig. 13-44a. Resist
ance must always be included in such a circuit along with the inductance, 
since every incluctor possesses some resistance. 

The saw-tooth wave of current I passing through the inductance will 
cause the voltage drop ELl across the inductance to have the wave shape 
shown. During the interval when the current rises linearly, the voltage 
across the inductance is positive and constant, while during flyback it is 
a negative pulse.2 The voltage drop EH, produced by the saw-tooth wave 

1 For further discussion of this subject see "Principles of Radar," op. cit., pp. 3-34-
3-48; " Waveforms," op. cit., pp. 317-324; Seely, op. cit., pp. 460-467; O. H. Schade, 
Magnetic Defl.�tion Circuits for Cathode-ray Tubes, ReA Rev., vol. 8, p. 506, 
September, 1947. 

2 The exact shapes of the waves in Fig. 13-44b for the flyback ;nterval can vary 
considerably according to the shape of the current wave involved. The situation 
shown is representative, but by no means the only possibility. 
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of current flowing through the resistance Ro has the same shape as the 
current wave. The total voltage across the resistance-inductance com

Ca) Circuit 

E 

(b) O"sci ilogram,s 
FIG. 13-4-4. Typical volt-
age and current relations 
existing when a saw
tooth wave of current is 
passed through an induct
ance-resistance circuit. 
The voltage wave shapes 
during the flyback inter
val will depend upon the 
exact shape of the current 
waveform during this 
period, 

bination LoR, is given by the final oscillogram 
in Fig. 13-44b, aD;d is seen to be trapezoidal in 
shape. 

It is to be noted that during the flyback 
period the voltage across the inductance is large. 
This is because the current through the induct
ance is then changing rapidly, with resulting 
large self-induced voltage. The peak magnitude 
of the voltage during the flyback period will 
increase as the time interval available for flyback 
decreases ; hence very rapid flyback is undesirable 
for saw-tooth-current generators. 

Three genera] methods are available for pro
ducing a saw-tooth wave of current in an 
inductance-resistance circuit. These are (1) 
application of a trapezoidal wave of suitable 
characteristics to the inductance-resistance cir
cuit, (2) derivation of a saw-tooth current wave 
directly from a saw-tooth voltage wave by the aid 
of negative feedback, and (3) direct generation 
of a saw-tooth current wave. 

Generation of Trapezoidal V o/tage Waveforms 
and Their Use to Produce Saw-tooth Current 
Waves, When a trapezoidal voltage wave such 
as E of Fig. 13-44b is applied to an inductance
resistance circuit, then the saw-tooth current 
waveform I will be produced. '  The required 
trapezoidal-shaped voltage waveform can be 
generated by the arrangement illustrated in Fig. 
13-45a, which is the same as the circnit of Fig. 
13-29a except for the added resistor R,. The 
waveforms that result are shown in Fig. 13-45b. 

It will be noted that during the period T, the approximately constant 
current flowing through resistance R produces a linearly increasing 
voltage across C and a constant volt..age acrus::; R. During flyback, 
condenser C discharges rapidly through the tube; this causes the current 
through R2 to reverse in direction and be large, causing a negative pulse 
in the waveform of eR1• The total output voltage eo then has a trapezoi-

1 In the special·case when the resistance Ro associated with the inductance Lo is 
negligible, a sa.w-tooth current wave results when the applied voltage has the shape 
given by ELt in Fig. 13-44b. 



SEC. 13-171 G E N E R A T O R S  O F  S P E C I A L  W A V E F O R M S  601 

dal shape, as shown. The slope of the top of the trapezoid can be 
'adjusted by varying either C or R. The height E� of the pedestal upon 

Gas 
fnode 

R, 
R 

c 

(t,ll lli--+--_R�2 ---'-.....0 
Synchronizinq 

1/o/luge (a) Circuit 

Flyback J Exponentlals �T-< �j... I _-
e, I.., '" _ _  

e'In t 

(b) W�veforms 
Flo. 13-45. Circuit of Fig. 13-29a modified to generate a trapezoidal wave shape. 

which this sloping part of the wave is superimposed can be controlled by 
varying R2• It is to be noted that if the trapezoidal voltage wave is then 
applied to an inductance Lo, the slope of the resulting saw-tooth current 
wave is determined by R, and R, but 
is not affected by C. 

lnduclor 
. 

The trapezoidal voltage wave is Ro Lo 
ordinarily applied to the inductance- --1.r-"1r-"�C���R,�:v.t resistance circuit with the aid of an + = Eb 
amplifier , 1,2 A typical arrangement 
is illustrated in Fig. 13-46. 

Saw-tooth Current Waves from Saw
tooth Voltage Waves by the A id of 
Negalive Feedback. A saw-tooth wave 
of current can be forced through an 
inductor by deriving the current from 
the output of an amplifier that is 
excited by a saw-tooth voltage wave, 

Input 
-

-

FIG. 13-46. A pentode amplifier circuit 
for applying a trapezoidal wave shape 
of voltage to an inductor in order to 
produce a saw-tooth wave of current 
in the latter. 

and which at the same time, employs negative current feedback to ensure 
that the outpui current waveform will resemble the input voltage waveform. 
A simple arrangement of this type is illustrated in Fig. 13-47a. Here the 
fact that the plate current of the pentode tube tends to be proportional to 

1 Even with amplification, the current requirement may be so high as to require 
several tubes in parallel, or, more commonly, a transformer to step up the plate cur
rent. Such 8 transformer must have properties similar to those required for pulse 
transformers as used in the blocking oscillator. Sec A. W. Friend. Television Deflec
tion Circuits, ReA Rev., vol. 7, p. 98, March, 1947. 

t Beam power tubes are generally used in place of pentodes, where large currents 
are required. Special insulation is called for because of the high plate-cathode voltage 
during the flyback. 



602 E L E C T R O N I C  M E A S UR E M E N TS lCHAP. 13 

control-grid voltage and independent of voltage drop in the plate load 
impedance, together with the fact that the resistance RI: provides current 
feedback that accentuates this property still further, results in an arrange
ment in which the lJlate current is very closely proportional to the applied 
voltage. Therefore, if the latter is a saw-tooth wave, the current 
through the inductor will likewise be a saw-tooth wave to a very good 
approximation. 

A somewhat better performance can be obtained by using more stages 
in the amplifier, as illustrated in Fig. 13-47b. Here the inductor in which 
the saw-tooth wave of current is to be produced is connected in series 

• .A ..." ----J���jFt �v i" la }lndUClor ) 
Ra Saw/oofh input Rk fMilad . .;. t. = = 

(Q) Sinqle- stOlqe system 

(b1 Three-staqe system 
FIo. 13-47. Feedback amplifier arrangements for obtaining a saw-tooth wave of 
current in an inductor from a sa.w-tooth voltage wa.ve. 

with the cathode of tube V 3 of the three-stage amplifier V, V, V3, as shown. 
Negative feedback proportional to the current in the inductor is intro
duced into the system with the aid of resistance R. as illustrated. Such 
an arrangement has the advantage that the amount of negative feedback 
that can be obtained is much greater than in Fig. 13-47a because of the 
increased amount of amplification available. The result is that non
linearities introduced by curvature of the tube characteristics will be 
much less. 

Dired Generation of Saw-tooth Current Waves. A saw-tooth wave of 
current can be directly generated in an irIductor by an arrangement of the 
type illustrated in Fig. 13-48a. Here tube V. acts as a switch that is 
alternately turned on at time tl and off at t2 by a rectangular waveform 
applied to the control grid. Some form of clamping arrangement such as 
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illustrated in Fig. 13-32a would ordinarily be employed so that the con
trol-grid voltage of this tube would be approximately zero on the positive 
portion of the switching waveform. Diode V, conducts only during the 
flyback interval between times t2 and ta. 

Operation of this arrangement can be explained with the aid of the 
oscillograms of Fig. 1348d. Just before t" tube V, is cut off and no cur
rent flows through Lo. However, beginning at tl and continuing until 
t, the tube V, is conducting, i.e., the switch is turned on. l'he system 

t t wloff 0=t$FP V, 
E, 

Swifchll1q 
wave 

Rp 
( 0 1  c.irc.uit 

lnduclor 

Eb - rI Ro }lnd<lctor {�R. 
+ L.... 

__
_ --=L::0.f �Rz 

(bl Equivalent circuit 
during time tl to tz 

I r-T, 
t. t'l tJ 

(d ) Waveform of 
inductor current 

(c) EquivQlent circuit 
during time tt totJ 

FIG. 13-48. Direct generation of a saw-tooth current wave in an inductor. 

then has tbe equivalent circuit shown in Fig. 1348b, where Rp is the plate 
resistance of VI. Beginning with tt, current starts flowing in Lo and 
builds up exponentially during the interval T, with the time constant 
Lo/{Ro + Rp). Tbe initial rate of current rise approximates E./Lo 
amperes per second. 

At time t, the grid of V, goes negative, cutting off the plate current, 
and the current in Lo drops rapidly. It does Dot stop instantly, however, 
because of the inertia effect of tbe inductance. When the current tbrougb 
Lo begins to fall, there is a large self-induced voltage across Lo such 
that ourrent can Row through the diode V,.' The system now has 

• In somc cases the diode is omitted, and L. is simply shunted by a resistance. This 
has the merit of simplicity, but does not give as good performance. 
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the equivalent circuit of Fig. 13-48c. During this flyback interval T, 
the current in the inductor dies away according to the time constant 
L/(Ro + R, + R,), where R, is the equivalent resistance of the diode V,. 

Saw-tooth current waves obtained as in Fig. 13-48a by clirect genera
tion are analogous to saw400th voltage waves obtained by the systems 

JI" 6enemfor impedance 

.J I R. ' 
Trppezo/�a "'. .J..C ' J ' 

�·--l } 
. .... "T' 0 .na'VC/'or qener()rfor l '  o , . 

t, 

L-___ -L. __ � 
(a) Circuit 

Ib) Current WONe with trapezoidQI 
qenendor volt"ge 

t, 

(c) Generator wave required to 
compensGlte for Co 

.nn 
t, 

Outpuf 

Very-small bypass condenser 

t ,0  C i rcu"rt for producinq wcwe form OIt (c) 
Fro. 13-49. Complications introduced when it is desired to pass a saw-tooth wave of 
current through an inductor possessing distributed capacitance. 

illustrated in Figs. 13-29a and 13-32a, and have the same limitations in 
that the current waveform is the initial section of an exponential curve, 
rather than being linear. Such arrangements are therefore satisfactory 
only when the requirements as to linearity are not too severe. When the 
current wave is to be precisely saw-tooth, it is necessary to use systems 
such as illustrated in Figs. 13-46 and 13-47. 
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Effect of Distributed Capacitance. In the above discussion it was 
assumed that the inductor Lo had no capacitance associated with it. 
However, there is always some distributed capacitance which acts as a 
shunt condenser Co, as illustrated in Fig. 13-49a. The effect of this 
capacitance is to delay slightly the start of the saw-tooth current wave. 
Thus when a trapezoidal voltage waveform having a source resistance is 
applied to an inductance-resistance circuit having distributed capaci
tance, then the voltage across the inductor at time tl does not start rising 
until capacitance Co has had time to acquire charge j this causes the 
start of the linear wave to be delayed as illustrated in Fig. 13-49b. It is 
possible to cOJilpensate for the effect of the capacitance by adding a spike 
to the waveform of the trapezoidal generator at time tl, as shown in Fig. 
13-49c ; this spike quickly charges Co. 

The required spiked trapezoidal wave can be produced in a variety of 
ways. For example, consider the circuit of Fig. 13-49d, in which the 
by-pass condenser C. across the cathode resistor of the amplifier tube is 
intentionally made very small. Then when a trapezoidal wave is applied 
to the amplifier input, the amplification at time tl will be large because C" 
is an effective by-pass to the rapidly changing vol�age occurring at time 
tt. However, immediately subsequent to tl the rate of change of the 
applied voltage is so much lower that the small size of C" makes it ineffec
tive as a by-pass, and negative feedback is produced by R.. Thus the 
trapezoidal waveform possesses a spike at its leading edge because at this 
moment tl the momentary absence of negative feedback causes the 
amplification to be greater than before (or after) t, when C. is ineffective 
and negative feedback due to Rk is present. 

13-18. Time-delay Circuits. In ·measurements work it is occasion
ally necessary to obtain a voltage pulse or an abrupt voltage change that 
is delayed in time by a known and adjustable interval following a reference 
pulse. The waveform of the delayed pulse (or step) need not be identical 
with that of the reference pulse, since in most applications both of the 
pulses are merely used to trigger other circuits. 

Two circuits have already been described in this chapter which can be 
used to generate such a time delay. These are the cathode-coupled 
multivibrator of Fig. 13-14 and the phantastron of Fig. 13-42; their use as 
time-delay generators is discussed on pages 548 and 597, respectively. 1  
Both of these circuits are actuated by a trigger pulse at the time t,. 
Likewise, both of these circuits provide an output waveform having a 
sharply rising portion that is delayed by a known interval with respect to 
the input pulse. If this rising portion of the waveform is applied to a 

1 A tabula.tion of comparative characteristics of the phantastron and the cathode
coupled multivibrator as time-delay circuits is given by J. R. McDade, The "Pbsn
taatron " Control Circuit, Eke. Eng., vol. 67, p. 974, October, 1948. 
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differentiating circuit (see Fig. 13-6), this latter circuit will provide a 
positive trigger pulse ; this is illustrated in Fig. 13-50 for the phantastron 
output waveform. 

In the multivibrator type of time-delay generator (see Fig. 13-14) the 

Input I e· pulse � 
, o'--f,-----

delay time l' is controlled by the 
positive bias El on the control grid 
of tube Vl, and is very nearly 
linearly proportional to this bias. 
The multivibrator arrangement has 

Ph"nttlstron 
output 
voltage 

" 

o 

Differenticdo 
output 

, 
f--I-----·r-A 

fewer components than does the -_Ok -,--- --8 
phantastron, but is , more affected 

I '... I 
by variations in supply voltage, 

I '... I 
I " I and tube and circuit characteristics. 

- _ .:»  - - -Em'n The phantastron is capable of 

}, 12 developing very precisely known 
I' TA ,I values of time delay that are line-I ,B I A arly proportional to the voltage E, r- T,----< Of-""T--�'''''_-.J'- in Fig. 13-42, as discussed on page 
t, t, 596. The behavior for two values 

FIG. 13-50. Phantastron wa.veforms cor- of E I is given by A and B in Fig. 
responding to two values of time delay. 13-50, which shows pulses A and B 
corresponding to delay times TA and TB, respectively. 

Time-delay Generation by Swping Wave and Comparator. A third 
method of producing an adjustable time delay is illustrated in Fig. 13-51. 
Here the output from any convenient type of saw-tooth generator is con
nected to a circuit called a comparator" which is actuated when the rising 
or falling saw-tooth wave reaches a specific level. When this level is 
reached, a voltage step or pulse is generated. This pulse or step is 
obviously delayed in time with respect to the waveform that initiated the 
saw-tooth, by the interval required for the saw-tooth to reach the speci
fied level. This delay time is readily controlled by adjusting the specified 
level. 

A typical system is depicted schematically in Fig. 13-51a. Here at 

time tl a reference or control wave initiates the generation of a saw-tooth 
wave, as shown. This wave is applied to the comparator, which in Fig. 
13-51a consists of a diode tube biased by adjustable voltage E, so that no 
current flows through the tube until a time l' has elapsed such that the 
amplitude of the saw-tooth wave has fallen by an amount Ell as shown in 
the second oscillogram of Fig. 13-51b. At this moment current begins to 

J flow through V, and a voltage suddenly appears across R,. This voltage 

1 The comparator circuit "compares" the amplitude of the time-varying saw-tooth 
with a fixed voltage, and then is actuated when the two amplitudes become equal. 
Another name used frequently in the literature is "pick-off" circuit. 
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is amplified by V" thus producing an indication in the output that is 
delayed with respect to I,  by the interval T. 

A typical comparator circuit is shown in detail in Fig. 13-52. Here the 
input sawtooth wave is assumed to be of the type shown in Fig. 13-51, 
and is associated with a clamping circuit located between the saw-tooth
generator output and the input of the comparator circuit as shown, in 
order that the most positive level of the saw-tooth waveform will be at 
zero volts. The operation of this system can now be explained as 

:::J L 
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(b> Waveforms 

FIo. 13-51. Generation of time dela.y by means ol a sloping waveform and voltage 
comparator, or "pick-off/' system. 

follows: Prior to time t2, the diode anode is more negative than the 
voltage applied to the cathode by the saw-tooth wave, Under these 
conditions no current flows through VI, and there is hence no voltage 
across R,. Pentode amplifier V. is conducting by virtue of the positive 
control-grid bias reSUlting from returning grid-leak resistor Ro to +Eb. 
However, at the time t21 when the saw-tooth waveform has fallen to the 
level E" the cathode of V, becomes negative with respect to the anode 
and the diode thus conducts. The saw-tooth waveform is then coupled 
through capacitor C, to the control grid of the pentode V" and this grid 
is quickly carried sufficiently negative in voltage to cut 00' the plate cur
rent in V,. The plate voltage of the pentode therefore rises to the supply 
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voltage E" thus providing a voltage rise at the output terminal. This 
constitutes the delayed waveform, with the delay interval l' being the 
time difference between tl and t2. The output waveform could be differ
entiated to provide a pulse at t2 if desired. The cycle of operation 

terminates at time ta, when the reference waveform returns the saw-tooth 
generator to its original quiescent condition, thereby cutting off the diode 
current and allowing the grid of V 2 again to become positive, with a 
resulting drop in output voltage. 

It will be noted that the output waveform does not rise instantaneously 
at time t2; a finite time is required for the grid of V2 to be carried from 
zero volts to cutoff by the saw-tooth. More refined circuitsl can be 
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FIO. 13-52. Details of typical comparator, or upick-off," system. 

devised when needed, which are superior in regard to providing a more 
abrupt rise of the output voltage, and hence give a more precise determi
nation of the time t2. 

'When diode VI becomes conducting, a current is drawn through the 
resistor RI. This current constitutes a loaning effect upon the saw-tooth 
generator, and may cause the saw-tooth to assume the form shown by the 
dotted line in Fig. 13-5Ib. If the loading is made negligible, however, it 
is possible to operate several comparator circuits from the same saw-tooth 
generator. Thus several independently delayed signals can be con
trolled by one master waveform. 

By using a highly linear saw-tooth generator such as the Miller inte
grator, the delay time becomes a precisely linear function of the control 
voltage El. If this feature of linearity is not required,' other saw-tooth 
generators can be used. Indeed, it is not even necessary to use a saw
tooth waveform; an exponential or sine Wlwe would serve to provide an 

I Sce for instance the "multiar " described by F. C. WilIiams and N. F. Moody, 
Ranging Circuits, Linear Time-base Gcncrators alld Associated Circuits, J. lEE, vo!. 
93, pt. IIlA, p. 1188, March-May, 1946. 
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adjustable time delay provided only that the waveform be initiated at a 
specified reference time, and that the comparator circuit be arranged to 
operate when the waveform reaches a second specified level. 

Still other schemes for generation of a time delay will be found in the 
litcraturc.1 

I " Electronic Time Measurements" (Vol. 20, Radiation Laboratory Series), 
McGraw-llill Book Company. Inc., New York, 1949; Britton Chance, Time Modula
tion, Proc. IRE, voL 35, p. 1039, October, 1947; Some Precision Circuit Technjqucs 
Used in Waveform Generation and Time Measurement, Rev. Sci. lmtr'uments, vo!. 17, 
p. 396, October, 1946. 



CHAPTER 14 

REACTANCE AND RESISTANCE STANDARDS 

AND DEVICES 

14-1. Variable Air-dielectric Standard Condensers. Condensers pro
vide the most desirable form of standard reactance because practical 
condensers approximate ideal reactances much more closely than do 
practical inductances. As a consequence, condensers are nearly always 
used as reactance standards in radio-frequency measurements; they also 
are preferred in very precise reactance measurements at audio frequencies, 
although inductance standards are also satisfactory for most audio-fre
quency applications. Standards of capacitance covering the range up to 
about 0.002 J,lf are always variable air-dielectric condensers. 

(al Actual equivCllent 
circuit 

tb) Equivalent cin:;uit 
at low frequencies 

l R 

� ::r 
(cl EquivQ/ent circuit 

at high frequencies 

FIG. 14-1. Equivalent electrical circuits of a variable air condenser . 

. Equivalent Circuit, and Frequency Effects. A variable air-dielectric 
condenser can be represented by the equivalent electrical network in Fig. 
14-1a. 1 Here C is the capacitance of the condenser, while R2 is the equiv
alent shunt resistance introduced by the presence of the solid dielectric 
Ilsed to support the stator. This resistance is independent of the capaci
tance setting of the condenser, but is inversely proportional to the fre
quency. The inductance L in Fig. 14-1a takes into account the magnetic 
flux produced by the current flowing in the condenser and its leads, and is 
to first approximation independent of the capacitance setting and of the 
frequency. It is proportional to the physical size of the condenser, and 
also depends upon where the connections are made to the two sets of 

I The determination of the constants of this equiva.lent circuit. is discussed by R. F. 
Field and D. B. Sinclair, A Met.hod for .Dct-ermining the Residual Inductance and 
Resistance of a Variable Air Condenser at Radio Frequencies, PrQc. IRE, vol. 24, 
p. 255, February, 1936j R. Faraday Proctor, Variable Air Condensers, Wireless Eng., 
vol. ]7, p. 257, June, 1940. 

610 
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plates. The series resistance R results from the resistance of the leads, 
washers, connecting rods, etc. ; this resistance is substantially independent 
of the capacitance setting, but increases with frequency.as a result of skin 
effect. At high frequencies R is accordingly proportional to the square 
root of the frequency. Values of these circuit elements for a particular 
laboratory-type precision condenser designed especially for use at radio 
frequencies are given in Table 14-1 ; the physically compact variable con
densers used in radio-receiver circuits would have much smaller L. 

TABLE 14-1 

CIRCUIT CONSTANTS OF PRECISION LABORATORY VARIABLE 
CONDENSER' 

c =- 1100 PolI-f (maximum) 
L - 0.024 .h 
R >= 0.008 ohm a.t 1 Mc (proportional to square root of frequency at higher fre

quencies) 
R, ,.; 3.2 megohms at 1 Mc (inversely proportional to ire�uency for all frequencies) 
Figure of merit ( =  power factor X capacitance) = DC = 0.05ppf at low and moder

ate frequencies 
Temperature coefficient of capacitance "'" +20 parts in a million per "c 

• Data from General Radio Company. 

At low and moderate frequencies, the effects of the inductance L and 
series resistance R are negligible, and the equivalent circuit reduces to 
that shown in Fig. 14-1b, where the resistance R2 is independent of capaci
tance setting, but varies inversely with frequency. 1 Under these condi
tions the power factor of the condenser for any given setting is independ
ent of frequency. However, as the capacitance setting increases, the 
power factor is inversely proportional to capacitance. 2 This power factor 
is quite small (that is, R 2  is large) because only a small amount of solid 
dielectric is involved, and this moreover has low losses. As a result, the 
power factor of a variable condenser at low and moderate frequencies is 
extremely low; for most practical purposes one can consider the capaci
tance to be an ideal lossless reactance. 

At very high frequencies, the reactance of the series inductance L can
not be neglected compared with the reactance of the condenser capaci
tance C. This causes the apparent capacitance as observed at the con-

t In very precise work involving air condensers, it is necessary to take into account 
the fact that the humidity of the air affects the dielectric constant of the air, and causes 
8. moisture film to form on the plates. Changes in capacitance of the order of 3 parts 
in 10,000 can be produced in this way under ordinary conditions; see L. H. Ford, The 
Effect of Humidity on the Calibra.tion of Precision Air Condensers,Proc. IEE (Radio & 
Comm.) vol. 96, pt. HI, p. 13, January, 1949. 

t A useful figure of merit for a. variable condenser under these conditions is the qua.n
tity DC, where D is the power factor (sometimes called dissipation factor) and C the 
capacitance j for a given air-dielectric condenser DC will be constant, irrespective of 
frequency or ca.pacitance setting. 
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denser terminals to be greater than the actual capacitance, according to 
the relation 

C C Apparent capacitance 
= 'I--=-"r; � '1---;:'''''''" ",'LC (1'If.) , (14-1) 

where f � ",/2" is the actual frequency, 1. is the frequency at which L 
and C are resonant, and L and C are as shown in Fig. 14-1a. The differ
ence between the apparent and actual capacitance becomes an important 
factor in measurements made at very high frequencies. Thus for the 
condenser of Table 14-1, the apparent capacitance is in error by about 10 
per cent at 10 Mc when the capacitance setting is 1000 ""f; a physically 
smaller condenser would exhibit much better behavior. If the induct
ance of the condenser is known, Eq. (14-1) can be used to calculate a cor
rection factor. 

At very high frequencies, the resistance R in the equivalent circuit of 
Fig. 14-1a can DO longer be neglected. This resistance increases as the 
square root of the frequency, while the capacitive reactance varies 
inversely with frequency. As a consequence, at high frequencies the 
power factor of the variable condenser rises, and is determined primarily 
by the losses in the series resistance R rather than by the losses in the 
shunt resistance R2• The equivalent circuit then takes the form given 
in Fig. 14-1c. For any given capacitance setting, the power factor tends 
to be proportional to the % power of the frequency, while for a given 
frequency the power factor at very high frequencies will be proportional 
to the capacHance settiug. 

To summarize, it is seen that although a variable air-dielectric con
denser has excellent charn.cteristics� it is not a perfect device, particularly 
at short-wave and higher frequencies. At low and moderate frequencies, 
the variable air condenser approaches an ideal reactance in that the 
capacitance is independent of frequency, and the power factor is extremely 
small. However, at very high frequencies, the apparent capacitance as 
observed at the terminals will commonly differ appreciably from the 
capacitance at low and moderate frequencies, and this effect increases 
with frequency. Also, at very high frequencies the power factor increases 
with both frequency and capacitance setting, and is much higher than at 
Iow frequencies, although still low compared with the power factor of a 
typical inductance. The power-factor characteristics of a representative 
laboratory condenser are shown in Fig. 14-2. 

Temperature Effects. The capacitance of an ordinary air-dielectric 
condenser varies with temperature changes as a result of (1) differential 
expansion of different parts of the condenser, pa�ticularly effects causing 
hending of the plates, (2) linear expansion that causes changes in surf"ce 
areas, etc., (3) changes of the dimensions and dielectric constant of the 
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solid insulation used for mounting, and (4) changes in residual stress with 
temperature that give rise to deformations.l 

The temperature coefficient of capacitance of actual air-dielectric 
condensers may vary over a wide range. T4us, values from + 150 to 
-65 par.ts per million per °C have been observed for different designs. 
The behavior of many condensers with respect to changes in temperature 
is noncyclic, i.e., the capacitance 
does not return to its original value 
after the temperature returns to 
normal. 

L o -v 
0.003 

.2 0.002 
c 
j 0.00 J 

'\i: 
/kc 

o 
o 

ooo �G/ /" 

C 5,000 kG 
1.000k 

200 400 
Capacitance 

600 800 1000 
setting -J.lJ.4f 

FIG. 14-2. Power factor at various fre-

Air condensers with small tem
perature coefficients, and having 
cyclic behavior, can be realized by 
proper design.2 Such a result is 
facilitated by malting the fixed- and 
rotating-plate assemblies of the 
same material throughout, and 

qucncies of a particular variable airannealing to relieve residual stress. dielectric condenser as a function of 
The air gap should be large so that capacitance setting. 
the capacitance will not be critical 
with small deformations of the plates. The insulating supports should 
have low temperature coefficients of expansion and low dielectric constant. 
Certain of the ceramics and plastics are the best materials for this purpose. 
The exact temperature coefficient of such a condenser can be adjusted as 
desired by controlling the axial position of the rotating plates with re
spect to the fixed plates by means of metal rods of a second material hav
ing a different coefficient of expansion. In this way, it is possible to 
obtain zero temperature coefficient of capacitance by providing an 
appropriate initial displacement of the rotating plates away from the 
mid-position between fixed plates; alternatively one can obtain either a 
positive or a negative temperature coefficient as desired by using a greater 
or less displacement than that giving zero coefficient. a 

I The measurement of the temperature coefficient of capacitance is discussed by W. 
Schick, Tcmperature Coefficient of Capacitancc, Wireless Eng., vol. 21, p. 65, Febru
ary, 1944. 

t H. A. Thomas, The Development of a Small Variable Air Condenser Compen
sated for Rapid Changes of Temperature, J. lEE, vol. 84, p. 495, 1939; also Wireless 
Sec. , lEE, vol. 14, p. 157, June, 1939; The Electrical Stability of Condensers, J. lEE, 
vot. 79, p. 297, 1936; also Wireless Sec., lEE, vol. 11, p. 202, September, 1936; W. H. F. 
Griffiths, The Temperature Compensation of Condensers, Wireless Eng., vol. 19, 
p. 101, March, 1942; also see p. 148, April, 1942, and pp. 199 and 200, May, 1942. 

a Another method of obtaining zero coefficient in a variable condenser involves a 
condenser in which all parts determining length arc aluminum, a.s are also all the stator 
plates, while half of the rotor plates arc invar and half aluminum. See T. Slonczewski, 
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14-2. Fixed Standard Condensers with Solid Dielectric. Standards 
of capacitance larger than about 0.002 fJf are normally fixed condensers 
with mica dielectric. When properly constructed, such condensers have 
very low losses, and are stable in their characteristics. The equivalent 
circuit of Fig. 14-1 also applies to fixed condensers having solid dielectric; 
except that R2 now tends to be less because of the increased amount of 
solid dielectric involved, while R and L are smaller than in the usual air 
condenser because condensers with solid dielectric are more compact. 

The behavior of condensers with solid dielectric is commonly com
plicated by polarization effects in the dielectric. There are two types of 
polarization/ dipole and interfaciaL The former occurs in dielectrics 
having polar moleculesJ and causes the dielectric constant (and also the 
power factor) to be affected appreciably by temperature and frequency; 

� I() 
� 
j I 

L I • 
I 
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� gOD roe, lOCk 
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V � r-...... Ii' 17 0" --. ./ 
lODe, ", IOkc IOOkc /rn, 101tY. 

Fro. 14-3. Effect of frequency on the properties of typica1 standard roica-dielectric 
capacitors. 

polar dielectrics are therefore not suitable for use when the capacit&Jlce is 
to have a precise value. Interfacial polarization (a]so sometimes called 
dielectric absorption) occurs in composite dielectrics, and at very low 
frequencies causes the capacitance to increase slightly and to have a 
higher power factor. Mica has no dipole polarization, but does exhibit 
interfacial polarization to a small extent. 

The characteristics of typical standard mica condensers of several 
different capacitances are shown in Fig. 14-3. The slight rise in capaci
tance at low frequencies is a result

"'
of interfacial polarization;  the increase 

in apparent capacitance at high frequencies is due to the series inductance 
of the condenser. The increase in power factor at very low frequencies 
likewise results from interfacial polarization of the dielectricJ while the 
increase in power factor at high frequencies is caused by skin effect. 

A change in temperature can cause the capacitance of solid-dielectric 
condensers to vary as a result of the effect of temperature on the di�en
sions and dielectric constant, and on the mechanical pressure to which the 

High Accuracy Heterodyne Oscillators, Bell System Tech. J., vol. 19, p. 407, July, 
1940. 

1 For a discussion, see R. F. Field, Frequency Characteristics of Decade Condensers, 
Gen. Rad. Expt., vol. 17, October, 1942. 
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condenser assembly is subjected, l In ordinary mica condensers, the 
effect of tbe temperature upon the pressure of an assembly consisting of 
alternate mica and metal foil is the most important of these factors caus
ing the capacitance to change with temperature. A low coefficient of 
temperature can therefore be obtained by clamping Lhe assembly together 
with metal rods having a carefully cbosen temperature coefficient of 
expansion. Alternatively, one may eliminate pressure as a factor by 
depositing the electrodes directly upon opposite sides of the mica sheet ; if 
the very best quality mica is used a temperature coefficient of the order of 
+20 parts per million per QC can be obtained. 

When a standard fixed condenser is required to develop a specified 
capacitance to a high degree of accuracy, a problem arises as to how the 
capacitance can be adjusted to the desired value with the required 
preCISIOn. In the case of mica condensers in which the electrodes are 
deposited on the mica, it is possible to make minor adjustments by scrap
ing off the metal coating by hand. An alternative procedure, quite 
widely used in commercial condensers, consists in building up the desired 
capacitance by combining two condenser units. If a large number of 
individual units is available, these can be individually measured, and 
then matched in pairs in such a manner that the total capacitance adds 
up to the desired value with the required precision. 

Although mica is customarily used in standard condensers having solid 
dielectric, other dielectrics find some use. In particular, condensers with 
ceramic dielectrics are often employed to obtain controlled temperature 
coefficients, and for neutralization of temperature effects. This possi
bility arises because the temperature coefficient of most solid dielectrics is 
positive, whereas it is possible to obtain ceramic dielectrics that have a 
relatively high negative temperature coefficient. Thus one can obtain an 
over-all temperature coefficient of approximately zero by combining a 
large condenser with a moderately small positive temperature coefficient, 
with a small capacitance baving a relatively high negative temperature 
coefficient. 

Decade Condensers. In grouping condensers together to form decade 
units, it is desirable to employ the smallest possible number of condensers 
because of the cost of a.ccura.tely adjusted units. A suitable arrangement 
is shown in Fig. 14-4, and permits a full decade to be covered with four 
condensers controlled by a four-gang 11-position switch. A continuous 
variation of capacitance can be obtained by using a variable air con
denser having about 1100 ""f maximum capacitance to bridge between 
O.ool-""f steps. 

1 It is important that solid dielectrics be free of moisture; not only does moistuT'P 
increa.se the losses, but in addition water dielectric has a large negative temperature 
coefficient of capacitance. 
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Decade condensers should be mounted in a metal container or shield so 
that their capacitance will not be affected hy outside objects. It is also 
necessary to shield each individual condenser and its associated switch if 
the capacitances of the various steps are to add up properly.'  Suitable 

FIG. 14-4. Switching arrangements 
for decade condenser. This re
quires a. four-gang l1�position switch 
so wired that the necessary con
densers are connected across the cir-
cuit for the various switch positions. 

shielding is shown in Fig. 14-4. If the 
shielding is omitted, direct capaci
tances will exist between the upper 
sides of the various condensers, as 
illustrated in Fig. 14-5, and this intro
duces errors. Thus when one of the 
condensers Cl is switched into the cir
cuit, the capacitance added is not C11 
but rather Cl plus shunting capaci
tances such as the capacitance consist
ing of C2 in series with e12. On the 
other hand, when all capacitances are 
switched in, the total capacitance is 

Cl + C2 + C3 + C41 and the direct capacitances Cu, 023/ etc., have no 
effect. The shield replaces the direct capacitances by capacitances to 
ground which are in parallel with the individual units and can be allowed 
for when each unit is constructed and adjusted. The effects of un
shielded direct capacitances are particularly important in the 0.001: and 

Fro. ]4-5. Unshiclded 
decade condenser, illus
trating direct capaci
taoces that introduce 
errOTS. 

L, R, R, 
0- VVV ' vvv 

Decade Decode 
==' "O C unit unit 

with with 
switc.h switch 

FIG. 14-6. Equivalent circuit of a. two
decade condenser box, showing residual 
im pedances of the leads. 

O.OI-"f decades, since the error introduced by the direct capacitance is 
not negligible in comparison with the size of these steps. 

The equivalent circuit of a decade condenser is shown in Fig. 14-6. 
Here C is the capacitance that appears between terminals with all con
denser units switched out; it represents the capacitance of leads and 
switches to ground. The resistances and inductances of the leads are 
represented by RI, R'l, LI, and L'l as shown. In addition, each capaci· 

1 Also see R. F. Field, Connection Errors in Ca.pa.cita.nce Measurements, Gen. Rad. 
Expt., va!. 21,  May. 1947. 
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tance switched into the circuit has an equivalent circuit such as shown in 
Fig. 14-1a. When the condenser decades aTC arranged along a line as 
shown in Fig. 14-6, the largest capacitance decade should be placed next 
to the terminals, the next largest decade unit should come next, etc. In 
this way, the series inductance is least for the largest capacitances (where 
series inductance is most harmful),  and greatest for the smallest capaci
tance where it does least harm. 

\Vhen the highest possible accuracy and stability arc not required, it is 
possible to assemble decade units from small mica radio condensers having 
capacitances slightly less than the desired values, which are then built 
out with adjustable It trimmer " condensers of the type employed to line 
up intermediate-frequency transformers in radio receivers. This method 
of construction is suitable for decade units having steps of 0.001 and 
0.01 �f. A variable condenser having a maximum capacitance in excess 
of 0.001 J.l.f (such as a three-gang broadcast-receiver condenser with all 
sections in parallel) can be used for interpolating between O.OOI-�f steps. 
Mica condensers suitable for O. l-�f steps are expensive, and unless low 
losses are very essential it is often permissible to use good-grade paper 
condensers. t 

14-3. Standards of Inductance and Mutual Inductance. The desir
able properties of a standard inductance are mechanical stability, low 
temperature coefficient of inductance, high Q, a minimum of external 
magnetic field, and the lowest possible distributed capacitance. In the 
case of variable inductances, the bearings must be free from play and 
backlash that will affect the inductance associated with a given dial 
setting. 

The distributed capacitance of a standard inductance is particularly 
important because it causes the apparent inductance observed between 
the coil terminals to increase with frequency in accordance with Eq. 
(3-11b). If the apparent inductance is not to differ from the true induct
ance by more than 1 per cent, the frequency at which the coil is used must 
not exceed 10 per cent of the frequency at which the inductance would be 
resonant with the equivalent lumped value of the distributed capacitance. 
This sets an upper limit to the frequency at which it is permissible to 
use any given standard inductance. At frequencies where skin effect 
must be considered, the inductance is reduced by the skin effect. This is 
because skin effect and the related proximity effect cause the current to 
be redistributed over the conductor cross section in such a manner as to 

I There are severa.l types of telephone (Western Electric) condensers peculiarly well 
suited to building up decade units having steps of 0.01 pf and larger. These consist 
of a. large number of individual condensers of various sizes potted in a single ca.n, and 
are relatively inexpensive. It is possible to build up any desired capacitance to a 
high degree of accuracy by merely combining appropriate units in the one can. 
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reduce the total number of flux linkages. The resulting lowering of 
inductance roay readily amount to a few per cent. 

The fact that the effective inductance is affected by distributed capaci
tance and skin effect seriously limits the usefulness of standard induct
ances in measurement work at the higher frequencies. When reactance 
standards of high accuracy are required above audio frequencies, matters 
are normally arranged so that standard capacitances can be used. 

Inductance standards for use at audio and the lower radio frequencies 
are normally air-cored coils wound with litz wire. In this way, skin effect 
and its attendant influence on inductance and resistance are minimized. 
The winding may be arranged in one of several ways, as iHustrated in 

(0) Multilayercoil, (blToroid (c) Double 0 
redanqulC1r (coils connected 

"ross section in series) 
FIG. 14-7. Methods used to wind inductance standards for audio frequencies. 

Fig. 14-7. The conventional multilayer coil shown in Fig. 14-7a gives 
the largest inductance in proportion to the d-c resistance, but has the dis
advantage of a large external field. '  Inductances of this type will bave 
the minimum loss when proportioned so that b = c, and cia = 0.66. 
The toroid has negligible external field, but requires a very large amount 
of wire in proportion to the inductance obtained, and so bas high d-c 
resistance and low Q. The double-D winding consists of two D-shaped 
coils connected in series; it is intermediate in its characteristics between 
the toroid and the multilayer coil, with respect to both external field and 
d-c resistance. This arrangement has the advantage that the individual 
coils can be wound to approximately the correct number of turns, impreg
nated, taped, and mounted, all before final adjustment. The adjustment 
to give the exact value of inductance desired is then made by shifting 

I The design of standard inductances of this type is thoroughly discussed by H. B. 
Brooks, Design of Standards of Inductance, and the Proposed Use of Model Reactors 
in the Design of Air-core and Iron-eore Reactors, J. Research NaU. Bur. Standard8, 
vol. 7, p. 289, August, 1931. 
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the relative positions of the two coils slightly with respect to each other 
before clamping them into final position. 

Fixed inductances that are to be used as standards at radio frequencies 
should have low losses, good mechanical stability, low distributed capaci
tance, and a minimum of dielectric loss. Single-layer solenoids are cus

. tomary, and litz wire is desirable for frequencies up to and including 
standard broadcast frequencies. The construction must be substantial, 
the coil form must be of good dielectric material, and the coil should be 
protected by a moistureproof coating. Consideration should be given to 
temperature effects, as discussed below. 

If an air-cored coil is placed in a shield, it must be mounted very rigidly 
with respect to the shield, and-the latter must also be rigid. Any change 
in position of the coil relative to the shield, or any flexing of the shield 
walls as a result of mechanical strain, aging, temperature changes, etc., 
will alter the effective inductance of the shielded coil. 

At audio frequencies, coils with magnetic cores, as for example molyb
denum permalloy dust rings, are suitable for the laboratory where an 
accuracy of the order of 1 per cent is permissible.l Such coils will have 

• 

very low losses at audio frequencies, and their inductance will not vary 
appreciably with reasonable changes in the alternating flux density. It is 
important, however, that d-c magnetization be avoided, since this will 
affect the inductance, especially when high-permeability core material is 
used. The resistance of such inductances depends on the frequency, hut 
since the losses are small, this is not important in many applications. 
Coils with magnetic cores are seldom used as inductance standards in 
bridge measurements, however, because of their uncertain loss, and their 
lack of high accuracy. 

Different magnetic materials differ considerably in their suitability as 
cores for laboratory inductances. Thus molybdenum-permalloy dust 
cores are very much superior to cores of iron or permalloy dust in con
stancy of inductance with alternating flux density, and in effects pro
duced by direct-current magnetization. 

Temperature Effects. The inductance of an air-cored coil varies with 
temperature as a result of (1) changes in dimensions with temperature, 
and (2) changes in current distribution in the wire as a result of change of 
wire resistivity with temperature modifying the skin and proximity 
effects. 

In the ideal case of a freely suspended coil expanding according to the 
coefficient of linear expansion of the copper wire, the temperature coeffi
cient of inductance (neglecting skin effect) would be the coefficient of 
linear expansion of copper, or approximately 17 parts per million per ·C. 

1 Thus see H. W. La.m80n, A New Decade Inductor, Gen. Bad. Ezpt., vol. 24, 
July, 1949. 
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Actually, however, changes in temperature would commonly produce 
mechanical strains and cause a greater temperature effect. When the 
coil is wound on a form instead of being freely suspended, the changes of 
dimension with temperature tend to be controlled by the form. How
ever, even here it is found that the temperature coefficient of inductance 
will normally be considerably greater than the expansion coefficient of 
either the form or the wire. I 

The change in wire resistivity with a temperature change modifies the 
skin and proximity effects, and this in turn can affect the inductances, as 
discussed above. The change of inductance produced in this way is maxi
mum at a frequency for which the skin and proximity effects are only 
moderate, so that the current distribution is particularly sensitive to 
resistance changes. 2 

The variation of coil inductance wit.h temperature is often non cyclic. 
Thus if the coil undergoes a temperature cycle, the inductance will often 
not follow the temperature exactly, but rather will vary irregularly and 
will not return to the initial value when the temperature returns to nor
mal. This is the result of mechanical changes such as result from slip
page of the wire over the form, and permanent changes of physical 
dimensions occasioned by the relieving of initial stress. 

It is impractical to achieve a particularly low temperature coefficient 
of inductance in multilayer coils because a several-layer arrangement 
cannot be made to have a high degree of mechanical stability. Wood 
impregnated with beeswax, and certain grades of porcelain, are the best 
material for the forms of such coils, while bakelite and hard rubber are 
not recommended because of their high coefficient of expansion. 

In the case of a single-layer solenoid, several means have been used to 
obtain a stable inductance with a low temperature coefficient. One 
method consists in using a sil ver-plated invar wire wound on a ceramic 
form having a low temperature coefficient of expansion. 3  Alternatively, 

1 Mechanical effects that arise from temperature changes, and which influence the 
inductance of a coil are discussed by H. A. Thomas, The Stability of Inductance Coils 
for Radio Frequencies, J. lEE, vo!. 77, p. 702, 1935j also Wireless Sec. , J. lEE, vol. I l ,  
p.  44, March, 1936j E .  B.  Moulin, The Temperature Coefficient of Inductances for 
Use in a Valve Generator, Proc. IRE, vol. 26, p. 1385, November, 1938. 

t Inductance changes that arise from changes in resistivity with temperature are 
discussed by A. Bloch, Temperature Coefficient of Air-cored Self-inductances, Wire
less Eng., vol. 21,  p. 359, August, 1944; D. A. Bell, Temperature Coefficient of Induct
ance, Wireless Eng., vol. 16, p. 240, May, 1939; H. A. Thomas, The Dependence on 
Frequency of the Temperature Coefficient of Inductance of Coils, J. lEE, val. 84, 
p. 101, 1939; also Wireless Sec., J. lEE, vo!. 14, p. 19, March, 1939; Janusz Groszkow
ski, The Temperature Coefficient of Inductance, Wireless Eng., voI. 12, p. 650, 
December, 1935. 

J S. W. Seeley and E. I. Andersoo, UHF Oscillator Frequency-stability Consider
&tioos, ReA Rev., vol. 5, p. 77, July, 1940. 
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one can employ a ceramic form, with a conductor consisting of a conduct
ing film deposited directly on the ceramic surface in such a manner as to 
form well-spaced tUrns that are in the form of a very thin, narrow, flat 
ribbon, I In this way, the temperature coefficient of inductance will 
approximate very closely that of the ceramic form, will be largely inde
pendent of frequency, and will be stable over repeated temperature 
cycles. By expedients of this type, temperature coefficients of inductance 
ranging from 1 to 10 parts per minion per °C can be obtained in single-
layer coils.2 

. 

Variable Inductances and Jl1utual Inductances. The commonest type 
of variable inductance consists of two cojls that are connected in series, 
and are rotatable with respect to each other in such a manner as to vary 
the mutual inductance between them. The total inductance of the 
combination is then L1 + L'l ± M, where L1 and L2 are the self-induct
ances of the individual coils, and !ll is the mutual inductance between 
them. When the two inductances LI and L2 are of equal magnitude, and 
the maximum coefficient of coupling obtainable is large, then the ratio of 
maximum to minimum inductance obtainable will be correspondingly 
great. Ratios of the order of 10 : 1 are readily achieved in practice. 

Two methods of constructing variable inductances are shown in Fig. 
14-8. In the variometer, the rotating coil is wound upon a sphedcal sec
tion, and mounted inside a corresponding fixed coil that is wound on the 
inner side of a spherical surface of slightly larger radius. The two coils 
are preferably adjusted so that their self-inductances are equal. In the 
Brooks inductometer, the same result is achieved in a slightly different 
way. The Brooks inductometer' has the advantage that the calibration 
is not appreciably affected by axial displacement of the rotating coil; also 
by proportioning the coils as shown in Fig. 14-8a, the inductance varies 
linearly with the angle of rotation. 

Any standard variable inductance can be converted into a variable 
mutual-inductance standard by connecting the leads of the fixed and 
moving coils to ::;eparate binding posts. This is ordinarily done in vari
able-inductance standards, and permits such standards to be used as 
variable mutual inductances by the removal of a jumper connection. 

Decade Inductances. Inductances can be built up into decade units in 
the same way as resistances. One method of accomplishing this is to 

1 H. A. Thomas, The Dependence on Frequency of the Temperature-coefficient of 
Inductance of Coils, J. lEE, vol. 84, p. 101, 1939; also Wireles8 Sec., J. lEE, vol. 14, 
p. 19, March, 1939. 

t Still another method of obtaining s low temperature coefficient is described by 
W. H. F. Griffiths, Recent Improvements in Air-cored Inductances, JVirelt88 Eng., 
vol. 19, p. 8, January, 1942. 

I For detailed design information on the Brooks inductometer see A Variable Self 
and Mutual Induclor, Natl. Bur. Standard8 ( U.S.) Sci. Paper 290. 

" 
1 

• 
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cover an entire decade with a single tapped coil. It is difficult, however, 
to locate the taps properly unless the coil is wound by hand. A more 
satisfactory arrangement is to build up each decade from four untapped 
inductances of relative values 1, 2, 3, and 4 (or I,  2, 2, and 5) and then to 

I '---'!i::AOi-,,,,-.� =-� 
Sfalor � '---]----'" i 
coils , , 

\\ ---� -----:Xr:��: :�t!,�,:I:�t-: :�:�,:i§trc$IUfQ5' "---"" 
I 

'-TO.19Sr 

" R% r coils 

o 

(0) Brook& indudometer (b) Common voriometey 

FIG. 14-8. Types or variable inductances commonly employed as standards of self
and mutual-inductance. 

use a four-gang ll-point switch to shorl,circuit the coils that are not 
required, as shown in Fig. 14-9. Care must be taken in mounting the 
coils to ensure that they have substantially zero coupling; if compactness 
is at all important it is necessary to employ toroidal coils with magnetic 
cores. Decade inductance boxes built up m this way are suitable for 

2 J 4 

LO:I:O:I:O:I�:°o:J-+--
Switch No.! No. 2 "  No.J No.4 
four-coil decorde circuit with gOing switch 

FIG. 14-9. Switching arrangement for decade inductance. A four-gang ll-point 
switch is required and is so wired that the undesired inductances are short-circuited. 

audio-frequency use, where accuracies of the order of 2 per cent are suffi
cient. Inductance values as great as 1 henry per step can be obtained 
without difficulty. 

14-4. Wire-wound Resistances. Resistance Wire. Typical resistance 
al10ys used in wire-wound resistances of the type encountered in labora-
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tory equ.ipment, are listed in Table 14-2, together with their principal 
properties. 1 

The nichrome group of resistance alloys is capable of operating at high 
temperatures, and is the wire generally employed for rheostats, heating 
elements, enamel-coated resistance tubes, etc. The temperature coeffi
cient of resistivity of nichrome is quite small compared with that of 

TABLE 14-2 

PROPERTIES OF RESISTANCE WIRE 

Ucsistivity 

Typical Temp. 
Material Ohms 

composition Microhm- coefficient, 
pe, 

cm ppm pcr 
mil-Ct 

°c 
- 1 _-

• I 
Nichrome, nichrome 1 to Ni 80%. Cr 20% 108 . 650 150 , 

V, chromel At tophet, 
el<:. 

Advance, ideal, cupron, Ni 45%. Cu 55% 48 290 ±20 
copel, coDstantan, etc. 

Manganin Ni 4%. eu 84%, 48 290 ± 15 
MD 12% 

Evanohm, Karma, 331 Ni 74.50/0, C, 133 800 ±20 
alloy 20%. balance 

Al, and Fe or eu 
Copper Cu 99.9+ % 1 .  724 10.37 '1930 

Thermal 
em! 

against 
copper, 

"" pe' 
°c 

�2 

43 

< 3.0  

< 2 . 5  

I 
NOTIIl: Above value!! are approximate, and wiU vary somewhat with the exact compoaition, detail.!! of 

manufacture, etc. 

copper, although it is not zero. Manganin finds use in the construction 
of precision resistors; it is characterized by high stability of its resistance 
when annealed and not overheated, by negligible temperature coefficient, 
and by freedom from thermoelectric effects with copper. Advance and 
related alloys are characterized by zero temperature coefficient of resist
ance, and are often used in standard resistors. These alloys have a high 
thermoelectric coefficient against copper, however, and are frequently 
employed in thermocouples. Evanohm and Karma are more recently 
developed alloys characterized by unusually high resistivity, low tem
perature coefficient of resistivity, low thermoelectric coefficient against 
copper, and a high degree of stability over a period of time. 

An important consideration in the choice of a resistance wire is often 
the thermoelectric voltage that it develops against copper. For example, 

1 Many alloys have at least some use as resistance material. Tables giving their 
properties are to be found in handbooks. 

, 
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resistances used in a d-c bridge must have a very low thermoelectric 
coefficient; otherwise unequal temperatures of different parts of the bridge 
system can easily produce sufficient thermoelectric voltage to give a 
significant deflection of the bridge galvanometer. Values for the thermo
electric effect are given in Table 14-2. 

Resistors which arc required to maintain their characteristics unchanged 
over long periods of time must be stabilized in some manner so that 
mechanical strains introduced in winding the wire will not cause the 
resistance, or the temperature coefficient of resistivity, to change with 
time. This is sometimes done by aging the resistor at room temperature 
for a long period, such as 6 months, before it is finally adjusted and put 
into use. Alternatively, annealing by baking at a temperature of 120·C 

1.12 
1.!0 

1.08 
� « ......... 1.06 
� 

et: 1 .04 

1.02 
1.00 0.5 

d � d/amef�r /n m/Is / f '" fr�q(.Jency /n cycles 
p = reslsf/v/fy /n ohms / per m/I foof 

/ 
/ 

-----
1.0 l.5 2.0 2.5x'0-' 

o-vt 
FIG. 14-10. Skin-effect resistance ratio as a function of frequency and wire 
characteristics. 

for 24 hr will stabilize the characteristics provided the resistor is not sub
sequently heated above this annealing temperature. Stabilization is 
especially important in the case of manganin, which is particularly sensi
tive to mechanical strains. 

Frequency Effects in lYire-wound Resistors. Skin Effect. In resistances 
that are to be used at high frequencies, attention must be given to skin 
effect. The ratio of a-c to d-c resistance of an isolated wire is determined 
by the factor d v17P, where d is the wire diameter, f the frequency, and p 
the resistivity, and is given in Fig. 14-10 for low-resistance ratios. 1 Tahle 
14-3, derived from Fig. 14-10, gives the largest wire that can he used at 
various frequencies and still keep the difference between the a-c and d-c 
resistance within 1 per cent. Corresponding values for ratios of 0.1 per 
cent 01' 10 per cent can he derived from the table by use of simple factors, 
as indicated. 

1 This has been calculated from the usual formulas for skin effect found in aU hand
books; thus see F. E. Tcrman, "Radio Engineers' Handbook," p. 28, McGraw-Hill 

Book Company, Inc., New York. 1943. 
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TABLE 14-3 

LARGEST PERMISSIBLE WIRE DIAMETER IN MILS FOR SKIN-EFFECT 
RATIO OF 1.01 

Frequency. 
Nichrome 

Advance a.nd 
Copper 

Mc manganin 

0 . 1  110 74 14 
1 35 23 4 . 4  

10 1 1  7 . 4  1 . 4  
100 3 . 5  2 . 3  0 . 44 

1 ,000 1 . 1  0.74 0 . 14 
)0,000 0 . 35 0 . 23 0 . 04 

NOTI!: For a ratio of 1.001 multiply above diametera by 0.55. For a ratio of 1.10 multiply above 
diamet.era by 1.78. 

Inductance and Capacitance of Wire-WQund Resistors. Every wire
wound resistor has a certain a.mount of inductance and capacitance 
associated with it. The inductance arises because whenever current 

L R 

(0) Actual c;rClJit (bl Approximate equivalent 
series circuit for 
mooenllte frequencies 

c'" 

o--dt:L 
R 

L 
Ceq :: C - Rt 

(c) Approximate equivalent 
shunt circuit for 
moderate frequencies 

FIG. 14-11. Actual and equivalent circuits of a resistance, showing associated induct
ance and capacitance. 

flows through a conductor, magnetic fields are produced. Capacitance 
is inevitably present because of the capacitance between terminals, and 
between parts of the resistor. The result is that at high frequencies, both 
the magnitude and phase angle of the impedance observed across the 
terminals of a resistor vary with frequency. To a first approximation, 
the situation that exists can be represented by the circuit of Fig. 14-11a, 
where R is the actual resistance of the wire (taking into account skin 
effect), L is an inductance reSUlting from the magnetic flux, and capaci. 
tance C takes into account the capacitance effects associated with the 
resistor.l 

1 The principal approximations in this equivalent circuit are tha.t it neglects any 
losses tha.t may be associated with C, and that it ignores the fact that part of C may 
be distributed capacitance. To the extent that these factors are not negligible, they 
produce an effect that causes the equivalent value of R to decrease witb increasing 
frequency, as discussed. in connection with Fig. 14-17. 
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At low and moderate frequencies, far below the resonant frequency of 
L and C, and also such that R » wL, and R « (l/wC), the reactive effects 
associated with the resistor produce only a moderate modification of its 
properties. Under these conditions, one can represent the actual resistor 
with its associated reactance by the equivalent series circuit of Fig. 14-11b, 
or by the equivalent shunt circuit shown in Fig. 14-11c. In either case, it 
is to be noted that if R, L, C are so related that 

R = � (14-2) 

then the reactive effects produced by the inductance and capacitance 
cancel each other. For this particular case, the resistor is unaffected by 
the frequency as long as the frequency is not too high. 1 However, when 
R < yL/C, as tends to be the case with low resistances, an inductive 
impedance or admittance is obtained, whereas if R > yL/C, as is 
typical when R is high, capacitive effects predominate. The transition 
between these two conditions commonly occurs when the resistance is of 
the order of a few hundred to a few thousand ohms. 

The amount hy which the power-factor angle of a resistor departs from 
unity is termed the phase angle of the resistor. When the phase angle is 
small, its value to a good approximation is given by the equation 

Phase angle in radians = wi" = R(wC,,) (14-3) 

The merit of a resistance unit from the point of view of freedom from 
reactance effects, is also sometimes expressed in terms of the time constant 
( = IL, ,/R I = IRC"I), which may be as low as 10-' when care is taken to 
minimize capacitive and inductive effects. 

Phase angles of some typical commercial resistance units at 1000 cycles 
are given in Table 14-4. It is seen that most ordinary resistors will have 
a small or negligible phase angle over the audio-frequency range unless the 
resistance is very low, i.e., below 10 ohms, or unless it is unusually high. 
However, at radio frequencies, special precautions are necessary if reac
tive effects are to be small. 

1 When the frequency is sufficiently high SO that the inequalities upon which the 
equations given in Fig. 14-lIb and c are based, do not hold, then one must analyzc the 
equivalent circuit of Fig. 14-11a without making any approximations. This is a. 
parallel resonant system with low Q. A full discussion of its properties is to be found 
in various places in the literature; for example, sce the discussion on resistors in the 
General Radio Catalogue, or F. E. Terman, "Radio Engineers' HaDdbook," op.cit., 
p. 45. To the extent that the capacitance is distributed, this fact must be taken into 
account as discussed in Sec. 14-4. 
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TABLE 14-4 

. PHASE ANGLES OF TYPICAL COMMERCIAL WIRE-WOUND RESISTORS 

Description 

, 
50-watt vitreous-cnamel tube . . . . . . . . . . .  . 

Poi:.entlometcr . . . . . . . . . . . . . . . . . . . . . . . .  . 

50-watt vitreous-enamel tube . . . . . . . . . . .  . 

Potcntiometer . . . . . . . . . . . . . . . . . . . . . . . .  . 
I-watt wire-wound . . . . . . . . . . . . . . . . . . . .  . 

1-watt wire-wound . . . . . . . . • • . . . . . . . . . . .  

Potcntiomcter . . . . . . . . . . . . . . . . . . . . • . • . .  

Serviceman test box . . . . . . . . . . . . . . . . . . .  . 

200-watt vitreous-ennmcl tube . . . . . . . . . .  . 

Resistance, 
ohms 

IQ 
27 

I()() 
360 

3 , 500 
28, 000 
50 , 000 
50, 000 

1 00 , 000 

Phase angle 
at 1000 cycles 

26' lag 
9' lag 

14' lag 
8' lag 
l' lag 
6' lead 

24' lead 
1°40' lead 
2°54' lea.d 

Wire-wound Resiswrs with Low Inductive and Capacitive Effects. React
ance effects associated with wire-wound resistors can be minimized by 
special winding arrangements. 

The inductance of a resistor is determined primarily by the number of 
turns of wire and the area enclosed by the individual turns. To keep the 
inductance low, each turn should enclose the minimum possible area, and 
the wire should have as many ohms per foot of length as possible so that 
the length required to obtain the desired resistance will be small. In 
addition, it is desirable that adjacent turns carry current in opposite 
directions so that the residual inductance of an individual turn is largely 
neutralized by the effect of adjacent turns. 

A low capacitive reactant?e associated with a resistor is obtained by 
arranging the winding in such a way that adjacent turns of wire have a 
low potential difference between them and are as far apart as possible. 

Methods that can be used to minimize the reactive effects associated 
with a resistor are shown in Fig. 14-12. The card type of resistor uses a 
single-layer winding on a thin form, commonly mica, provided with 
copper end strips that serve as terminals and reinforcing. A low induct
ance can be obtained by making the card very thin and using small wire 
to give a high resistance per turn. 1 The Ayrton-Perry type of resistor is 

1 Resistance units wound on thin cards a.re the easiest to construct, hence it is 
important to be able to determine their limitations. If the form is thin compared 
with the axial length of thc winding, the inductance is givcn by the formula 

Series
. 

inductance } = O.032AbT2 
of resu�tance card (14-4) 

where A is the area enclosed by an individual turn in square inches (measurements 
being made to the ccnter of the wire), b the axial lcngtb of the winding i n  inches, and 
T the turns per linear inch. Substitution of numerical values in this equation for 
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constructed by winding a spaced layer of insulated wire on a thin strip, 
after which a second wire is wound in the opposite direction between 
turns of the first winding. The two windings are connected in parallel 
and thereby produce practically zero resultant magnetic effect. The dis
tributed capacitance is low, because adjacent turns have very Jittle poten
tial difference between them. The reversed-loop winding obtains low 

--;/{{)(If hif.ches 
• , , , , , , , , , 

, , , , , , , , , , , , , , , 
1\1 I, " " , , 11 1\ " " 

, , I , , , , " , I T  ' I  , I , 1 1  , I ,  1 1  

( o ) CcJrd (b) Aydon -Perry (C) ReVIO!;TSQQ loop 

" , It 
, , i I , , , : , , 

(d) figure a (e) Fi5h line (f)Woven tape 

( i ' 1 1  � 
" 1 1  1 \  
d ' r , , 1 1  " 

() n n , r 1 1  ' I  , r 1 1  1 1  r ,  1 1  , , � � 
(9) Bifilar 

� � � 
(h) Bifilaf series (i) Slotted form 

FIo. 14-12. Types of resistor windings that minimize reactive effects. 

inductive effects by making a half hitch at the end of each turn and thus 
reversing the direction of current in adjacent turns. The winding of Fig. 
14-12d accomplishes substantially the same result in a different way. It 
should be noted that in this winding the wire is passed through the slot 
only on the alternate times it comes to the slot. The fish line type of 
resistor consists of a fine resistance wire wound over a silk cord that serves 
as a core, and the resulting I t  fishline 1l is then space-wound on a cylindrical 
form. The tape resistor is made by weaving the resistance wire into a 
fabric in which the wire serves as the weft and silk thread functions as the 
inductance shows that resistanccs of a few ohms or more which have entirely satis
factory characteristics at audio and the lower radio frequencies can be wound on cards 
of thin bakclite provided small wire is used. Thus a lOOO-ohm winding with No. 43 
manganin on a bakcliw card 2 in. wide and .%2 in. thick, if wound lOO turns to the 
inch, will have an axial lcngth of about 0.5 in. The inductance will be 10 �h, and in 
the absence of stray shunting capacitanccs the phaSe angle at 100 kc will be only 0.35°. 
Before they are wound, the bakelitc cards should be baked for 24 hr at 120°C to stabi
lize the dimensions of the card and so prevent the wire from loosening upon annealing. 
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warp. '  The bifilar winding has negligible inductance, but the capaci
tance is relatively large, because the beginning and end of the resistance 
are close together. This capacitance effect can be minimized to some 
extent by subdividing the total resistance into several bifilar sections, as 
shown in Fig. 14-12h.2 The slotted-form winding will have moderately 
Iow capacitance because of the subdivision of the winding, particularly if 
many slots are used i the inductance can be kept moderately low by 
reversing the direction of the winding in adjacent slots and by using 
small wire to keep down the number of tUrns and the physical size. 

The mica-card, reversed-loop, and figure-eight types of resistors can be 
made to have very low phase angles and are the types used in radio-fre
quency attenuators. The mica-card, fishline, and woven-tape types of 
construction are commonly used in decade resistance boxes designed to 
have a low phase angle at radio frequencies, particularly for the high
resistance units. The Ayrton-Perry winding is also suitable for use at 
radio frequencies, particularly for resistances up to several thousand 
ohms. The simple bifilar winding is suitable at radio frequencies only 
for resistances so low that capacitance effects are of no importance. The 
slot type of winding is used in very high-resistance units where only 
moderately low phase angle is essential, as in the case of voltmeter 
multipliers. 

Even when the utmost care is taken to arrange for a winding to have 
negligible inductance and a minimum of capacitance, there still remains a 
residual capacitance . .  This arises because of the capacitance of one part 
of the resistor to other parts (see Fig. 14-17a), and is a function of the 
resistor geometry and dimensions. This capacitance can be minimized 
by favorable geometry, but it cannot be avoided. The effect of this dis
tributed capacitance is discussed on page 88, and is important at very 
high frequencies, particularly for high resistances. 

A radically different arrangement that is suitable for providing a fixed 
resistance having low reactance effects at very high frequencies is illus
trated in Fig. 14-13. Here the resistance element is a very short straight 
length of fine wire in which the inductance is minimized by mounting this 
wire against a metal plate with only a thin mica sheet for insulation. 
The shielding effect of the metal at high frequencies is such as to prevent 
the penetration of magnetic flux ioto the metal, with a consequent virtual 
elimination of the magnetic field around the wire. Capacitance is still 

1 For 8. discussion of various types of weaves that may be used, see L. Behr and R. E. 
Tarpley, Design of Resistors for Precise High-frequency Measurements, Proc. IRE, 
voL 20, p. 1101, July, 1932. 

2 For a detailed theory of the bifilar resistor, sce H. Nukiyama and Y. Shoji, On a 
Design for a Bifilar Type of Non-reactive Resistance Coil, Tram. A IEE, voL 44, 
p. 349, 1925. 
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present, but can be minimized by using a wire of such small diameter and 
high resistivity that only a short length is required ; moreover, the propor

Res/slance I milmica 

, , , , 
, , , ' 

, , , , Insulating 
sup pori 

, ., , , , , , 

, , Mdal 
plale 

FIG. 14-13. Fixed resistor tha.t 
can be designed to have low 
reactive effects a.t very high 
frequencies. 

tions can be easily chosen so as to satisfy 
Eq. (14-2), thus minimizing reactance 
effects. This type of construction is par
ticularly suitable for resistances of the 
order of 5 ohms to 200 ohms, and has good 
resistance and reactance characteristics to 
frequencies exceeding 10 Mc. The power
dissipating ability is reasonably large in 
spite of the small dimensions because of the 
proximity of the metal plates.' 

Resistance Boxes. A number of indivi
dual resistance units may be mounted in a 
box and provided with switches as in Fig. 
14-1� to control the resistance; here the 
units are grouped in decades with each 

decade controlled by an l l-point switch, thus giving an overlap between 
dials. 

When the best possible behavior at radio frequencies is desired the 
resistors should be of a type having low reactance. In a typical com
mercial resistance box, the bifilar winding is used. below 1 ohm, the Ayrton
Perry arrangement for 1-, 10-, and lOO-ohm units, mica-card resistors 
for 1000 and 10,000 ohms, and the fishline winding for greater values. 

lohm per unit /0 ohms per unit 

FIG. 14-14. Switching arrangements for decade resistance box. 

'Vhen several resistances are assembled. together with a switch to form 
an adjustable resistance box, the result is to in.crease the residual react
ances and degrade the phase angle. Thus the inductance is increased as 
a result of the inductance of the leads and switches, while the capacitance 
is greater as a result of the additional capacitance introduced by the leads 
and case. The equivalent circuit for a single decade then takes the 

1 Further information on this type of resistance is givcn by D. B. Sinclair, Type 663 
Resiswr-A Standa.rd for Use at High Frequencies, GeT,. Rad. Expt., vol. 13, p. 6, 
January, 1939. 
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form shown in Fig. 14-15. Here tl.R and D.L are the resistance and 
inductance increments, added as the switch advances one step, C is the 
equivalent shunting capacitance of the leads and switch, while Ro and 
£0 are the residual resistance and inductance observed at the terminals 
when the switch is at the first position where all resistance units are 
cut out. 

In certain types of measurements, such as those involving the determi
nation of small inductances at audio frequencies, and in the determination 
of resistance of radio frequencies by the substitution method, it is neces
sary that the equivalent series inductance of a resistance box be independ
ent of the resistance setting, although the inductance need not be zero. 

Fro. 14-15. Equivalent circuit of a. single 
decade of a resistance box. 

Fro. 14-16. Inductively compen
sated decade resistance. 

This result can be obtained by an arrangement of the type illustrated in 
Fig. 14-16. Here the opposite ends of the switch control, respectively, 
resistance units, and small coils each having an inductance equal to the 
inductance of an individual resistance unit but wound with copper wire. 
AJ3 the switch is rotated, the total inductance hence stays absolutely 
constant as the resistance is increased or decreased. 

14-6. Carbon-film and Carbon-composition Resistors.' Wire-wound 
resistors are expensive, and are not suitable for use at extremely high fre
quencies j also very high resistance values cannot be obtained in physically 
small wire-wound units. The most important alternatives to wire-wound 
resistors are deposited-carbon, carbon-composition-rod, and carbon-com
position-film resistors. 

Deposited-carbon Resistors.2 The carbon-film resistor, also called a 
deposited-carbon resistor, consists of a ceramic core on which a thin layer 

1 An extensive summarizing discussion is given in "Components Handbook" (Vol. 
17, Radiation Laboratory Series), Chap. 2, MeGraw-HilI Book Company, Inc., New 
York, 1949. 

1 A. c. Pftster, Precision Carbon Resistors, Bell Labs. Record., vol. 26, p. 401, 
October, 1948; W. van Roosbroeek, High-frequency Deposited Carbon Resistors, 
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of crystalline metallic carbon is deposited from a hydrocarbon vapor at 
high temperature. When this process is carried out under properly con
trolled conditions, a uniform, strongly adhering film of crystalline carbon 
is obtained, the resistance of which is very stable. Resistance values 
ranging from 1 ohm to tens of megohms aTe obtainable in this way, using 
rods several inches long. 

Deposited-carbon resistors have excellent characteristics. The resist
ance is very stable with time, particularly when the resistor is protected 
from moisture by sealing in a glass envelope fi11ed with an inert gas; 
temperature cycles produce negligible hysteresis effect of the resistance; 
the temperature coefficient of resistivity is of the order of 200 to 500 parts 
per million per °C, which is much less than the temperature coefficient 
of copper. The power-dissipating ability of these resistors is considerable. 
Thus they may be operated at dull red heat without causing permanent 
change in the resistance value if surrounded by anonoxidizing atmosphere ; 
they can also be immersed in flowing water. The high-frequency char
acteristics are excellent, and the noise produced by the passage of a direct 
current through the resistance is also unusually low. 

Because of the above characteristics, deposited-carbon resistors find 
considerable use as precision or semi precision resistors for very high 
resistance values. Compared with wire-wound resistors, they are much 
cheaper, have superior performance at radio frequencies, and are nearly 
as stable. 

Carbon-composition Resistors. The carbon-coMposition-rod type of 
resistance so widely used in electronics equipment consists of a solid con
ducting rod formed of a mixture of fine carbon particles and an insulating 
binding medium. The resistance obtained with such an arrangement 
depends upon the length and cross section of the conducting rod, and the 
conductivity of the mixture of which it is formed. Such resistors are not 
suitable for precision work because of their poor stability, high tempera
ture coefficient, variation of resistance with applied voltage, poor per
formance at very high frequencies, etc. 

The carbon-composition-film resistor makes use of a conducting mix
ture of carbon particles and insulating binding meclium that is used to 
provide a conducting film on the surface of an insulating support such as a 
ceramic or glass rod or tube. Resistors of this type are frequently called 

Bell. Lab8. Record., vol. 26, p. 407, October, 1948; P. R. Coursey, Fixed Resistors for 
Use in Comrimnication Equipment, Proc. lEE (Radio &: Comm.), vol. 96, pt. Ill, 
p. 169, May, 1949; T. Holmes, Fixed High-stability Carbon Resistors, J. lEE (Raditr 
comm. Conv.), voL 94, pt. IlIA, p. 912, 'March-April, 1947; R. O. Griadale, A. C. 
Pfister. and W. van Roosbroeck, Pyrolytic Film Resistors, BellSY8tem Tech. J., vol. 28, 
p. 21, March, 1951. 
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It metallized " resistors.' Their characteristics with respect to tempera
ture coefficient of resistance, stability of resistance with time, hu
midity, etc., as well as performance at very high frequencies, are vastly 
superior to those of the carbon-rod type of resistor, but are somewhat 
inferior to those of the deposited-carbon resistor. 

Frequency Effects in Carbon-film and -rod Resistors, Including Effects 
Introduced by Distributed Capacitance. Because of their small physical 
size and short current paths in proportion to resistance, carbon-film and 
-rod resistors have negligible series inductance in proportion to resistance. 
In the case of film resistors, the conducting film is ordinarily so thin that 
skin effect is Dot an important factor in the behavior. 

Res istor rod Terminal 
Terminal 

(a) Distributed (b)  Equ i va lent (cl Equivalent 
capacitances tnmsmission line lumped circuit 

FIG. 14-17. Distributed capacitance in a resistor, and equivalent circuit taking it into 
account. 

In rod and film resistors, and also in noninductive wire-wound types 
as well, the equivalent circuit at low and mooerate frequencies is as shown 
in Fig. 14-11a with L � O. The resistor then acts like a resistance of fixed 
value (except for possible skin effect) shunted by a fixed capacitance. 
However, at very high frequencies the behavior is affected hy the fact 
that at least part of the capacitance associated with the resistor is dis
trihuted, as shown in Fig. 14-17a. 

This distributed capacitance causes the resistance rod to act as a resist
ance--capacitance transmission .line when viewed from the terminals of the 
rod, giving an equivalent circuit as illustrated in Fig. 14-17b. The effec
tive resistance Raq that can be considered as connecting the terminals 
(see �ig. 14-17c) will then decrease with frequency in the manner illus
trated in Fig. 14-18. Theory, confirmed by experiment, shows that for 
any particular type of resistance of given size and geometrical configura
tion, the ratio Req/R of effective a-c resistance Req to low-frequency or d-c 
resistance R will depend only upon the product JR, and will he independ-

I Resistors which utilize sputtered or evaporated metal films, are also commercially 
available, but are not the same as the resistors commonly advertised as " metallized "; 
see l l Components Handbook," op. cit., p. 99. 
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ent of the particular value of resismnce.' The ratio C.,IC of equivalent 
btlunting capacitance C.q (exclusive of direct capacitance between ter
minals) to the equivalent lumped low-frequency value C also depends on 
the product iR as shown in Fig. 14-18. Thus if a particular type of 
I-megohm resistance shows a drop in effective resistance of 10 per cent at 
a frequency of 1 Mc, then a lO00-ohm resistance of the same type having 
the same'physical dimensions, will show a drop in effective resistance of 10 
per cent at a frequency of 1000 Mc. 

u -

1.0 
0.8 

I-

JO.6 
L o 

e:. 0.4 
cl 

O.Z 

o 0.1 

� � 
\ I��elafive capac//'ance 

1\ � 
Re/alive resistance I" l'--"-

:--. 
1.0 10 100 

Kf me R,.,.,egohms 
FIG. 14-18. Effect of the resistance-frequency product Ri on the relo.tive resistance 
and capacitance of a. resist.or having distributed capacitance. The factor K is a 
constant that depends upon the type of resistor, and the physical size and shape of 
the resistor, and typically has a value of the order of 0.25 to 2.0 for small rod resistors. 

The value of the resistance-frequency product fR corresponding to a 
particular value of resistance drop will depend on the geometry, size, and 
type of resistor, and also upon the capacitance to neighboring objects 
(particularly the terminal caps). Such differences are taken into account 
by the constant K in Fig. 14-18. In general, long thin resistors will per
form better at high frequencies than will short resistors; to a first approxi
mation the constant K will be inversely proportional to the length of a 
resistor of constant diameter. The value of K is typically in the range 
0.25 to 2.0. The value is usually lowest for deposited-carbon resistors 
and for the best quality metallized resistors, and is higher for poor-quality 
metallized, and for wire-wound resistors. It tends to be quite high for 

1 G. W. O. Bowe, The Behavior of High Resistance at High Frequencies, Wirele88 
Eng. and Exptl. Wireless, vol. 12, p. 414, August, 1935; L. Hartshorn, The Behavior of 
Resistors at High Frequencies, Wireless Eng., vol. 15, p. 363, July, 1938. 
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carbon-composition-rod resistors, and such resistors are consequently 
generally unsatisfactory for use at very high frequencies. 

Resistance Noise Arising from Direct Current, 1 When direct current is 
passed through a. deposited-film, composition-film, or carbon-rod resistor, 
a noise voltage is developed across the resistor terminals in addition to 
thermal-agitation noise. No such effect is observed in wire-wound resist
ances. This noise voltage is maximum at low frequencies. It is inversely 
proportional to frequency up to at least 10 kc, and sometimes drops off 

�ven more rapidly at higher frequencies. At frequencies of the order of 
1 Mc the excess noise arising from the passage of the direct current 
becomes negligible compared with thermal-agitation noise. 

The rms value of the noise voltage developed across the terminals of a 
resistance by the passage of a direct current is found by experiment to be 
almost exactly proportional to the d-c voltage applied to the resistor, and 
so is commonly expressed in terms of microvolts of noise generated across 
the resistor terminals per volt of applied d-c potential. The value of this 
coefficient will be the same for a particular type of resistor, irrespective of 
the val ue of its resistance. 

Different types of resistors differ greatly in the noise that they generate. 
Of the several types that depend upon carbon as a conducting element, 
the deposited-carbon resistor has the lowest noise, its coefficient typically 
being less than 0.25 �v noise per d-c volt. Carbon-film (metallized) 
resistors, can be nearly as good, while the carbon-rod type always has a 
high noise coefficient. Carbon-rod and mctallized resistors vary greatly 
from resistor to resistor, variations as great as 20 to 1 being typically 
found in a group of otherwise apparently identical resistors. 

14-6. Loads for Dissipating Radio-frequency Power.' In testing 
transmitters, power oscillators, Class C amplifiers, etc., it is frequently 
necessary to dissipate the generated power in a laboratory or I f  dummy" 
load. Many arrangements are used for this purpose; the only require
ments are that the dummy load have t.he ability to' dissipate the required 
amount of power, and that at the same time it present a suitable imped
ance to the source of energy. 

At the lower radio frequencies, as contrasted with microwave fre
quencies, it is possible to obtain lumped resistances that have fairly good 
impedance characteristics, and that are capable of dissipating small to 
moderate amounts of power. Arrangements used include metallized, 

1 See C. J. Christensen and G. L. Pearson, Spontaneous Resistance F1uctuations in 
Carbon Microphones and Other Granular Rcsistances, BeU System Tech. J., vol. 15, 
p. 181, April, 1936; R. H. Campbell, Jr., and R. A. Chipman, Noise from Current
carrying Resistors 20 to 500 Kc, Proc. IRE, vot. 37, p. 938, August, 1949. 

t See "Very High Frequency Techniques," pp. 570-574, 580-581, McGraw-Hi11 
Book Company, Inc., New York, 1947. 
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deposited-carbon, and noninductive wire-wound resistances cooled by 
air, forced air draft, oil, or water. ' For powers of 50 watts or less, mica
card resistors cooled by being mounted in a hydrogen-filled bulb are very 
satisfactory up to frequencies of 25 Mc. Loads consisting of a lamp fila
ment, preferably cooled by hydrogen, will handle up to 50 watts, and 
when specially designed with a lI straight-through " filament may be used 
up to 3000 Mc.2 

When very large amounts of power are to be dissipated at low or 
moderate frequencies, as for example 50 kw, water loads are often used. 
It is also possible to dissipate large amounts of power in a two-wire trans
mission line which is given a high attenuation by using iron or nichrome 
conductors. Since the conductors of such a line may be long and may 
operate at a relatively high temperature, large amounts of power can be 
dissipated. 

At microwave frequencies, the energy to be dissipated in a dummy load 
is ordinarily available in a coaxial line or waveguide. The problem there
fore becomes one of terminating the system in a manner that will dissipate 
the energy involved, and at the same time provide at least a reasonably 
fair impedance match, so that the power actually available in the system 
will be delivered to the dummy load. When all tests are to be made at a 
single frequency, or when the frequency is changed only infrequently, it is 
possible to achieve the required impedance matching with the aid of 
tuning stubs, etc. However, when it is required that the dummy load 
be suitable for operation over a wide frequency range, it is customary to 
use one of the nonrefiecting terminations discussed below in Sec. 14-7. 
Alternatively, moderate amounts of power can be dissipated by hydrogen
cooled lamp filaments, which can be designed to operate satisfactorily 
up to frequencies of over 3000 Mc. 

When it is not necessary to avoid radiation of energy, one very con
venient means of dissipating power at very high frequencies is to deliver 
it to a radiating antenna. Thus a quarter-wave grounded antenna pro
vides a resistive load of 36.7 ohms, and can be readily matched to a 
coaxial line. Similarly, a suitably designed tapered horn will radiate the 
power in a waveguide without introducing an appreciable reflect.ion. 

1 A water-cooled load resistor is described by G. H. Brown and J. W. Conklin, 
Water-cooled Resistors for Ultra-high Frequencies, Electronics, vol. 14, p. 24, April, 
1941. 

t A good discussion of the cooling action of hydrogen is given by E. G. Linder, The 
Use of Gas-filled Lamps as High Dissipation, High-frequency Resistors Especially 
for Power Measurements, ReA Rev. , vot. 4, p. 83, July, 1939. Various load lamps 
are described in nTechnique of Microwave Measurements" (Vol. 11, Radiation 
Lal>oratory Series), p. 180, MeGraw-Hill Book Company. Inc., New York, 1947. 
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14-7. Terminations for Coaxial Lines and Waveguides at Microwave 
Frequencies. 1 Innumerable circumstances arise in microwa.ve work 
where it is necessary to provide a nonrefiecting termination for a coaxial 
line or a waveguide. In many cases the power involved is small, in which 
case avoidance of reflection is the only consideration involved ; in other 
situations the power to be dissipated is large, and the ability of the 
termination to handle energy is also important. In obtaining a low reflec
tion, it is ordinarily highly desirable to avoid depending upon an adiust
able impedance-matching arrangement, such as a stub tuner, which is 
generally rather sensitive to changes in frequency, and requires auxiliary 
devices to determine when it is properly adjusted. 

The termination of a waveguide or coaxial system at microwave fre
quencies is commonly accomplished with the aid of an attenuator, as 
illustrated schematically in Fig. 14-19 when applied to a waveguide. 
The attenuator can be based on any one of the types of resistive attenu
ators deacribed in Sec. 15 ·5. It is simply necessary that there be a low 
reflection on the input side of the termina
tion, and that the total attenuation of the 
terminating attenuator be great enough so 
that a wave that traverses the attenuator 

Nonref�ecling 

and is retlected at its output side is reduced W(lVf!quide {2Odb or more} 
to negligible amplitude by the time it re
turns to the input end of the attenuator. 
An attenuator loss of 20 db is generally 
sufficient. This gives a round-trip attenu
ation of 40 db, and even with complete 

FIG. 14-19. Schematic diagram 
showing use of a resistive at
tenuator to provide a nonre
fleeting termination for a wave
guide system. 

reflection on the output side; the voltage standing-wave ratio introduced 
hy the output reflection will then be only 1.01. Tapering or otherwise 
providing a transition to minimize reflections, such as illustrated in Fig. 
15-16, is required only for the input side of the termination ; the output 
side of the terminating attenuator need not be tapered because an output 
impedance match is not required. 

Special Considerations Applying w Coaxial-line Terminations. A lossy 
cable provides a termination for coaxial systems that is capable of han
dling large amounts of power, and will provide a satisfactory termination 
over a very wide frequency band. When the power to be dissipated in the 
cable is large, it is desirable to use several sections of lossy cable having 
progressively increasing rates of attenuation per unit length, as illus
trated in Fig. 14-20a. In this way, the dissipation of energy is dis
tributed over a greater length of cable. When a lossy cable is used to 

I Further details, including particularly much userul design information, is given in 
<lTechnique of Microwave Measurements," op. cit., pp. 720-743. 
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provide a termination over a wide frequency band, the length of cable 
required will be reduced if the output end of the lossy cable is terminated 
in some form of lumped impedance that approximates the characteristic 
impedance at the lower frequencies involved. In this way, the input 
terminals of the cable will provide an impedance approximating the 
characteristic impedance even at frequencies so low that the attenuation 
of the IOBSY line would Dot otherwise be adequate to give a satisfactory 
termination. 

The resistive center conductor, as shown in Fig. 14-20b, and also dis
cussed on page 664, provides a simple and effective means of terminating a 

,Lossy cah/e I P\i\� !CS\' ill 
Higher rafe of TerminClfinq 
aflen(JC(fion resls I«nee 
(a) Loss'j cOIble termination 

Taper 10 minimize Lossy 

(cl Lossy dielectric termination 

Cooknq wafer !J 
(op/ional) 

(b) Resistive c.enter conduc.tor'" 

(d) Lossy aielec.fric termination 
for hanollinq large powers 

FIG. 14-20. Schematic representation or various methods or obtaining a nonreflecting 
termination for a coaxial system. 

coaxial Hne. Such a system can be designed to introduce a Iow standing
wave ratio over a wide frequency range. Also, by the use of internal 
water cooling a considerable amount of power can be handled, particularly 
if the attenuation per unit length is not made too great. When large 
amounts 'of power are to be dissipated it is desirable that the resistivity of
the center conductor be tapered from a relatively low value adjacent to 
the coaxial line, to an increasingly high value as the short-circuited 
termination is approached. In this vjay, the dissipation of energy can be 
distributed over an appreciable length while still keeping the total length 
of the attenuator a minimum. Tapering the resistivity of the center 
conductor in this way also improves the impedance match. When com
pactness in the termination is important, one should arrange so that the 
total resistance of the center conductor is equal to the characteristic 
impedance of the line to be terminated. At the same time, the character
istic impedance of the terminating section is made -v'3 times as I1:reat as 
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the characteristic impedance of the line being matched. This greater 
characteristic impeda.nce of the terminating section may be achieved 
either by suitable choice of dielectric material for the terminating section, 
or by employing a different diameter from that part of the system. With 
these proportions the voltage standing-wave ratio will not exceed 1.03 
from the very lowest frequencies up to a top frequency such that the 
length of the terminating resistance is 0.05 wavelength. ' If the length is 
expressed in inches, this leads to the formula1 

Maximum permissible frequency in Mc � R . t � th " (J4.-5) ests or eng m m.  

Another method often used to terminate coaxial linea consists in intro
ducing a tapered section of lossy dielectric as illustrated in Fig. 14-200. 
The lossy dielectric provides a high attenuation, while the taper is for the 
purpose of providing a gradual transition that does not set up reflections. 
Several plastic and ceramic materials have been developed that are suit
able for this application; it is also possible to use iron-dust cores (poly iron) 
as the lossy material, while another form of the same idea is illustrated in 
Fig. 2-1()'. A simple arrangement suitable for dissipating large amounts 
of power is illustrated in Fig. 14-2Od. Here a tapered segment of lossy 
material composed of a mixture of graphite, cement, and water, is cast in 
place. 2. When provided with fins to radiate heat, such an arrangement 
with a �-in.-diameter outside conductor, will dissipate over 100 watts, 
and will have a low standing-wave ratio over a wavelength range from 
8 to 12 cm. The rate of taper is preferably made more gradual than the 
minimum necessary to avoid reflections, as in this way the energy loss 
can be distributed uniformly over an increased length. 

Special Considerations Applying to Waveguide Terminations. Wave
guide terminations for low and moderate powers are generally adaptations 
of the waveguide attenuators discussed in Sec. 15-5. Examples of such 
adaptations are illustrated in Fig. 14-21, and involve lossy vanes, iron
dust (polyiron) cores, wedges of lossy dielectric, etc., arranged with a 
taper on the entering side, and having a length sufficient to provide a 
total attenuation adequate to give a good termination. In order to 
minimize the total length required to realize this required attenuation, the 
terminating attenuator is commonly provided with a double taper as 
shown; in the case of vanes this involves a multiplicity of staggered vanes. 

Waveguide terminations suitable for dissipating large amounts of power 
can·be constructed in several ways. One approach is to employ the same 

I The theory of compact terminations of this type, together with design curves, is 
given by D. Rogers Crosby and Carol H. Pennypacker, Radio Frequency Resistors as 
Uniform Transmission Lines, Proc. IRE, vol. 34, p. 62, February, 1946. 

I For process details see "Technique of Microwave Measurements," op. cit., p. 733. 
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techniques as are used in the calorimeter measurement of power in wave
guides (see Sec. 2-3). Another approach is to employ a waveguide with a 
tapered ridge composed of steel or other material that introduces a lllgh 
loss, making the ridge section sufficiently long to introduce an attenuation 

� OD 
1IIii!iillU rn 

AijiI!jil!iiiii Cl] 
[JJ 

� rn [JJ Single ·fa�r cases Double·faper cases 
( Q )  Lossy va n e s  

===S;I;;d:;;'�;;i EE. vii;elIw En�ew 
( b )  Lossy wedge of dielectric 

or polyiron 
FIG. 14-21. Examples of nonreflccting terminations for wavcguidCs. 

of at least 20 db. Still another approach is that illustrated in Fig. 14-22, 
in which the walls of the waveguide are lined with lossy material. The · 
lossy material is arranged so that the height (but not width) of the guide 
is tapered as shown; in this way the attenuation per unit length increases 
as the wave penetrates into the lossy section. This reduces the total 

FIG. 14-22. Nonreflccting terminatjon for a waveguide capable of dissipating large 
amounts of power. 

length required to keep a low standing-wave ratio, and causes the heating 
to be more evenly distributed. The lossy material in Fig. 14-22 can be a 
mixture of graphite} cement} and water that is cast into r'ace.1 Radiat
ing fins can be used as shown to assist in dissipating the heat. i3uch 
arrangements have a high power-handling capacity, a good standing-wave 
characteristic over a 1.5 to 1 frequency range, and can be built for wave
lengths as short as 1 cm. 

1 For process details, see "Technique of Microwave Measurementa,lI op. cit., p. 737. 



CHAPTER 15 

ATTENUATORS AND SIGNAL GENERAToRS 

15-1. Attenuators Using Lumped Resistance Elements. Attenuators, 
sometimes also called pads, arc devices used to reduce voltage, current, or 
power in controllable and known amounts. An important class of attenu
ators is composed of a network of resistance units that is connected 
between a pair of input terminals and a pair of output terminals. 

Typical examples of such resistance attenuators are given in Fig. 15-1. 
A study of these networks reveals that as far as the characteristics observ
able at the termin�ls are concerned, every conceivable combination of 

R, R, 

(a 1 T section 

R, 

n 
(bllT section 

" • -�-,-'P''''3 
20-0 __ .. 1>:..< 4 

( c O  L sections 

(c) Bridged-T section 

Fro. 15-1. Basic types of unbalanced attenuator sections. 

resistances, however complex, can be reduced to a network composed of 
only three resistors. Thus the T and 11" networks are the most general 
arrangements possible. The more complicated bridged-T, while baving 
desirable convenience and flexibility- for certain practical purposes, 
always can be reduced to an equivalent T or '11". In contrast, the L 
attenuator is more limited than the T or '11" in the properties it can realize, 
as it possesses only two resistors. 

Of particular practical importance, is the special case in which the net
work is symmetrical about a vertical center line. In the case of the T net
work of Fig. I5-la, this corresponds to RI = R2, while with the '11" network 
it means that Ri = Ra. The L network is inherently unsymmetrical. 

641 
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In all the atteriuator networks of Fig. 15-1, one input and one output 
terminal are connected directly together j where this is the case the attenu
ator is said to be unbalanced or grounded. When symmetry about a 
horizontal center line is achieved by rearranging so that the series resist
nnces are divided equally between the two sides of the circuit as in Fig. 
15-2, the network is then said to be balanced. 

R,j' 
Rd'l Rdz Rdz 

LE 
R,/z R,/2 R, R, Rdz R,iT 

Rd2 R1/Z Rd' 
R1/2 

I aJ H section (b) 0 section {cl Bridq�d'H ( Balanced 
(Balanced TJ {Balanctd lr) bridged-T) 

::E L K  Rd2 RdZ . R, 
Cd) U sections (Balanced l) (e).Lattice 

FlG. 15-2. Basic types of bnlanced attenuator sections, including balanced counter
parts of the sections illustrat.ed in Fig. 15-1. 

ImagfYimpedance Operation of Attenuaiors. In an attenuator operated 
on an image-impedance basis the resistance network is so related to the 
generator and load impedances (assumed to be resistances) that the 
resistance observed at the input terminals 1-1 looking into the attenuator 
with the load resistance RL connected is equal to the generator resistance 

2 

Rc 

2 

R. (see Fig. 15-3). Similarly, the 
resistance observed at the output 
terminals 2-2 when looking into the 
attenuator network with R. present 
is equal to the load resistance RL• 
Image-impedance operation is there
fore the case in which impedance FIG. 15-3. Attcnuator associated with 

genera.tor and load resistances. matching occurs simultaneously at 
both the input and output terminals. That is to say, with image opera
tion the impedances at 1-1 are the same when looking toward the gener
ator and toward the load; similarly the impedances at 2-2 are the same 
looking in both directions though not necessarily having the same numeri
cal value as is associated with 1-1. Image operation thus corresponds to 
the condition for which the power delivered by the generator to the 
network has the maximum possible value; it likewise corresponds to the 
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condition where the load resistance has the value that will absorb the 
maximum possible power from the network. 

The generator and load resistances that must be used with a network to 
give image-impedance operation are termed the image impedances, and are 
fundamental properties of the network. A third fundamental character
istic of the network is the ratio of load to generator voltage (or current) 
under image-impedance conditions. This property is commonly defined 
in terms of the attenuation constant a (sometimes called image attenua
twn or transfer constant), which is defined in terms of the relation 

or 

En = !RI, E-tC 
Ell '\j Rll 

I, = (R;, ,_ 
11 '\j� 

(15-1a) 

(15-1b) 

where R'I and R'f are the image impedances at the input and output 
terminals of the network, respectively, and Eu, E22, 11, and 12 have the 
meanings indicated in Fig. 15-3. For the particular case of a symmetrical 
network, R" = R,,, and Eqs. (15-1) become 

(15-2) 

An important consideration when dealing with attenuators is the ratio 
of the power delivered to the attenuator input to the power that the 
attenuator output delivers to the load resistance. This ratio can be 
called the transmission loss, or the power-loss ratio, and is commonly repre
sented by the symbol K'. Accordingly, 

Power-loss ratio in db = 20 loglO K (15-3) 

In the case of image-impedance operation, as represented by Eqs. (15-1), 
it follows that' 

or 

Power-loss ratio ) = K' = I,'R" = ." 
(15-4a) 

for image operation 122R/1 

Power loss in db = 8.686a (15-4b) 

Equation (i5-4b) can be considered to be a definition of the attenuation 
constant. 

Unbalanced attenuator sections are used wherever possible in prefer-

1 :Formulas and curves for obtaining the power-loss ratio Kt in the general case 
where image matching does not exist arc given by Arthur W. Melloh, Errors in the 
Calibrated Losses of Symmetrical Resistance Networks, Proc. IRE, vol. 29, p. 387, 
July, 1941. 
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ence to balanced sections, as the latter require morc resistance units. 
However, when a balanced arrangement is required, this can be readily 
achieved, since every unbalanced section has its balanced counterpart, as 
seen by comparing Fig. 15-1 with Fig. 15-2. 

Since the most general possible form of resistance network is composed 
of three independent resistances, it follows that specifying the two image 

., 

J 
A/tent/ofar 
ne/work 

resistances RII and RTu and the image 
2 attenuation constant a, defines a T (or 11'") 

2 network of resistances that has the same 
characteristics as the actual network, 
which is not necessarily either a T or 11". 
When discussing the electrical properties 

FIG. 15-4. Schemat.ic representa
tion of an attenuator network 
and its terminals. 

of an attenuator, as distinct from the 
process of designing an attenuatoT, it is therefore customary to describe 
the attenuator in terms of its image resistances, and image attenuation 
constant. 

The three attenuator parameters Rll, Rlu and a, can be calculated in 
terms of the open- and short-circuit resistances of the network, according 
to the relation 

(l5-5a) 
(15-5b) 

(IS-Se) 

Referring to Fig. 15-4, Roe and R.e are the resistances observed at termi
nals 1-1 with terminals 2-2 open-circuited and short-circuited, respec
tively, while R�e and R:e are the resistances observed between terminals 2-2 
when terminals 1-1 are alternatively open and short circuited. 

,. 
Eo> Net. I 

d, 

2 

2 
Net. Ir 

d. 

3 
E Net. m JJ d, 
3 

-R,;--
-R.1)-

(Cll  NetworHs in cascQde 

4 

Cb) Equiv"lent network 
FIG. 15-5. Cascade arrangcment of attenuator nctworks matched on an image
impedance basis. 

When a number of attenuator sections are connected in a cascade as 
illustrated in Fig. 15-5a, with image impedance matching existing at each 
junction, then the entire chain of attenuators can be regarded as a single 
attenuator as jJIustrated in Fig. 15-5b,l This equivalent attenuator has 

I The effect of impedance mismatches at the junction of such a system arc analyzed 
by n.. W. Beatty, Cascade-<:onnccted Atlcnuators, Proc. J RE, vol. 38, p. 1190, October, 
1950. 
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'an attenuation constant a' equal to the sum of the attenuation constants 
of the individual sections that are connected in cascade, and has image 
impedances R�I and R�t that are the input image impedance of the first 
section and the output image impedance of the last section, respectively.1 
The characteristics of the over-aU cascade chain of attcnuators aTe then 
given by Eqs: (15-1) for these equivalent constants. It will be noted that 

Network 

I" - , 

(a)  Without network (h) Network inserted 

Fm. 15-6. Circuits illustrating insertion of network between a generator and a load. 

the image impedances of the intermediate junctions do not enter into the 
over-all properties of the attenuator chain, provided that the inter
mediate junctions are matched on an image impedance basis. 

Insertion Loss. When a network is inserted between a sending end 
resistance R, and a load resistance RL as in Fig. 15-6b, the ratio of current 
I� in the load impedance when the network is present to the current I� in 
the load when the generator is connected directly to the load resistance 
(see Fig. 15-6a), is termed the insertion wss. It will be noted that the 
insertion loss gives the effect of the attenuator on the load current, irre
spective of whether or not image impedance matching exists. While the 

I This can be shown as follows: Referring to Fig. I5-Sa, and following Eq. (15-la), 
onc can wri te, 

EU _ � It_1 Ell RII 

En _ _ m;. e-at 
En "'I� 
EH _ - IRI< e-
En "'I Rh 

Multiplying the first two of these equations togethcr to eliminate En gIves 

E.. �,, _( "_ ) _ _ _ e al �"'1 Ell RlI 

Multiplying this relation by the third equation to elimina� En givcs 

E •• _ _ rR;: e-(al+a,+av � "'lIt;; 
Comparison with Eq. (IS-la) shows this result is thc same as given by a single section 
baving input and output imagc impedances of nrl and Rt" respectively, and an attenu
ation constant a' "'"' al + Q'2 + a,. 
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insertion loss is defined above in terms of a current or voltage ratio, it can 
also be given in terms of the equivalent power ratio, in which case it is 
expressed in decibels. 

The insertion loss can be conveniently expressed in terms of the two 
image impedances RI) and R,u the attenuation constant et, and the 
generator and load resistances R. and RL according to the equation l 

where 

l' 
Insertion loss l� 

• 

k, _ 

2 YR./R" 
1 + (R./R,,) 

k, - 2 yR,,/RL 
1 + (R,JR,.) 

k, = 2 YR./R" 
1 + (R./R.) 

(15-0) 

1 

It is to be noted that the insertion loss is not the same as the power loss 
ratio K defined by Eq. (I54a). 

It is helpful in interpreting the significance of Eq. (15-6) to note that k, 
has the value of unity when an image impedance match exists between the 
generator resistance R. and the input image impedance R'I of the networkj 
for all other relations between these two impedances kl is less than unity 
and becomes smalIer as the two impedances depart increasingly from an 
image match. The quantity k2 behaves in a similar manner, being unity 
when the output image impedance R" of the network equals the load 
resistance. In the same way, ka is unity when the load resistance is equal 
to the generator resistance, i.e., when the load represents an image imped
ance match to the generator. 

The quantity " is termed the interaction fact.or. It is a second-order 
effect, representing the modification of the insertion loss that occurs when 
there is mismatching at both the input and output terminals of the net
work. The interaction factor is unity if the generator resistance matches 
the input image resistance, or if the load resistance · matches the output 
image impedance; the interaction factor is also unity even if mismatching 
occurs at both terminals provided the attenuation of the network is large 
(i.e., if a > 2). If none of these conditions is satisfied, the interaction 

I Curves from which the insertion loss may be quickly determined for a symmetrical 
attenuo.tor arc given by Melloh, kJc. cit. 
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faction will differ from unity, but under ordinary conditions wiH usuaUy 
lie in the range 0.8 to 1.25. 

The practical usefulness of the insertion-loss concept can be increased 
by keeping in mind the way the insertion loss behaves in type cases as 
follows: 

Case 1 .  Image-impedance operation . . Here kl, kt, and (J are all equal to 
unity. The insertion loss accordingly becomes 

Insertion loss = ka(I/ 

In the special case where the load resistance R, also equals the generator 
resistance R3, then ka is likewise equal to unity, and the insertion loss 
becomes simply 

Insertion loss = ((I 

Case 2. lmage-impedance matching at one terminal of the network but 
mismatching at the other terminal. In this case the interaction factor u, 
and also the value of k applying to the matched terminal are both unity. 
From Eq. (15-6) it then follows that 

I . I 
k, 

nsertlOn oss = k' ta 

where k' is either kl or k2, whichever is not unity. 
15-2. Considerations Relating to Practical Attenuators Using Lumped 

Resistance Elements. Most resistance attenuators are used in situations 
that call for a symmetrical arrangement. Under these conditjons, and 
provided an impedance match exists at at least one of the attenuator 
terminals, then insertion of the attenuator into the system between the 
generator and load reduces the load current without in any way altering 
the impedance relations associated with the generator and load that had 
existed prior to the insertion of the symmetrical attenuator section. 

Attenuator sections are occasionally called upon to provide image 
impedance matching to generator and load resistances that are unequal. 
This requires an unsymmetrical, or H tapered," attenuator. It is charac
teristic of tapered attenuators that they cannot be designed to have an 
attenuation constant less than a certain minimum value which is deter
mined by the ratio of the image resistances involved. Also, when the 
attenuation has this minimum value, the unsymmetrical T or '11'" section 
degenerates into an L section, as discussed below. 

Design Formulas, and Discussion of Basic Resistance AttenuaWr Types. 
The basic types of attenuator sections are the T, 1r', L, and bridged-T 
arrangements, and their balanced equivalents, the H, 0, U, and bridged-H, 
respectively. There is also the lattice attenuator, which is a balanced 
structure that has no unbalanced equivalent. 



TABLE 11>-1. 
DESIGN FORMULAS FOR ATTENUATORS OPERATED WITH IMAGE IMPEDANCE MATCIDNG -

Type T cmd H 
Circuit and 

notation RI Rt 

UnbOllanced Rt,±Rt, 

R,I2 RJz 

Bo dcmced RI,±I' 

R,/2 Rtf2 

Desiqn formulas 
i(2 :::power n:dio R,"R1, (�:�: )-.2yRJ,Rll (K�I) 

RI. "RI, RI' RI'(�::: )-2yRI,R" (K�-I) 

Rl=2�(K�_J 
(K-I ) R ,= R1 = R1 K+T 

RI,=RI1:RI 

RJ' 2 Rt (K'�I ) 
'---_. --

TT Clnd 0 

R, 

Rt, � F'�J! �Rt, 

R'/2 

R1.
-

R, RJ -Rt 

R,/Z 

( 

K
'- I ) R - R , - I, K2.-2K� + 1 

Rl::"R�, R11( I<�-I) 
Rlt 

R ·R t K'-I ) 3 11 K2.-2K� +1 

(K.I) R ,=RJ =Rt --K- I  
R,' � (K�-I) 

I 

Bridged T �nd H 

R, 

RI�1!l'�RI 

�'1
2 

R - �:!! I Rill ;';���-Rt R, 2 
'T 

R,/2 

Alwavs used in 
balanced form 

R I ::  R I  

R, . RdK-I ) 

R, ' RI ( K� I) 

L a t t i  c e  

R, 

RI;E�RI 

RI 

I n h e rently 
balanced 

(K- I ) R,=RI K+l 
( K+I ) Rz=Rt K:r 

Cl 
t; 

t<l t'" t<l C"l .., 
=0 
o 
Z � 
C"l 
:;:: t<l > on 
C 
=0 t<l 
:;:: 
t<l 
Z 
.., on 

?i 
� 
� � 
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TABLE 15-2. 
DESIGN FORMULAS FOR U AND L ATTENUATORS 

C i rcuit and Case I Cose lI notation 

L R{I3JRe RAtE:2]RB 

I 2 I 2 

U RA[j�f}e RAtE�Z]Re 
I RdZ 2 I R,j2 2 

Desig n Rl=�6/�-�) R,'VR,R'(M-�) Formulas for 
imtlge mGltch 
at I- I 
RA cl Re R'=VRARB(M_� ) R,'YR'R,(i. 

_ �) (Gener"l case) 

(M-I ) R , =R ... � R,'RA IM-I l 
R. = R .  

R,=R'(MI_ l) R,'RA (�) M-I 

NOTE I :  In the above � Ml-Power input to terminals 1-1 
Power output delivered to RB 

NOTE 2 :  The i,mOlge resistance, RIB. of the attenuator �t the unmOltched 
termInOlis 1.-'l Can be calculated from the relGlhons : 

Case 1 

COIse'IT R =R,R, IS RA 
The design of these types of attenuator sections to give a desired com

bination of image impedances R'I and R'I and attenuation constant a: can 
be carried out with the aid of the formulas in Tables 15-1 and 15-2.' The 

1 For a derivation of these formulas, for tables giving resistance values calculated 
from them, etc., see P. K. McElroy. Designing Resistive Attenua.ting Networks, 
Proc. IRE, vol. 23, p. 213, March, 1935; Guy C. Omer, Jr., Lattice Attenuating Net
works, Proc. IRE, vol. 25, p. 620, May, 1937; C. D. Colchester and M. W. Gough, 
Resistance Networks-Complete Design Tables, Wireless Eng., vol. 17, p. 206, May, 
1940j Dawkins Espy, Attenuator Design-Formulas for Calculating Resistance Net
works, Electronics, vol. 14, p. 51, November, 1941. 
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T and 11" sections may be designed to have any arbitrarily chosen combina
tion of imagc-rcsistances, together with any specified attenuation constant 
not less than a minimum value determined by the ratio of the image 
resistances. The lattice section, on the other hand, is inherently sym

metrical and requires that the image impedances of the input and output 
sides be the same. The bridged-T attenuator as used in practice is also 
designed to be symmetrical; although such a section could theoretically 
be made unsymmetrical, this is seldom done in practice. 

The T attenuator is the most widely used of the unbalanced types. As 
compared with the 11" section, it has the advantage that if the attenuation 
is to be adjustable, the fact that all three resistances of the T have a 
common iunction is of practical importance. The 11" section is an alterna
tive for the T ;  the fact that the three resistances composing the 11" are con
nected in series is an advantage in some mechanical layouts. The 
bridged-T section is of practical importance only in symmetrical attenu
ators; it is widely used as an adjustable attenuator because, although it 
requires a total of four resistors, only two of these need he variable, 
whereas a variable T or 11" requires that three resistors be adjustable. For 
balanced systems, the 0 and lattice types have the advantage over the H 
and bridged-H in that they require a smaller number of resistances per 
section. 

The L attenuator is covered by Table 15-2, and calls for special con
sideration. Since only two resistances are involved, it is not possible to 
achieve arbitrarily specified values of the three network parameters in an 
L section. In practice, the most common use of the L attenuator is to 
cause the power delivered to the load impedance to be less than the power 
supplied to the attenuator input by some desired amount, while providing 
an image impedance match at either the input or the output terminals 
(but not both). The magnitude of the mismatch in resistance at the 
unmatched side of the L attenuator will depend upon the attenuation, and 
upon the ratio of the generator and load resistances associated with the 
network. In general, the impedance that the L attenuator presents to the 
unmatched resistance will be higher than the unmatched terminating 
resistance when the series arID of the L points toward the unmatched 
resistance, as in Case II in Table 15-2, and will be less than the unmatched 
terminating resistance when the series arm of the L points toward the 
matched resistance, as in Case I of Table 15-2. Thus when it makes a 
difference whether the unmatched resistance presented by the attenuator 
is high or low, it becomes of importance which way the L attenuator is 
oriented. 

Another use of the L attenuator is as a minimum-loss taper attenuator. 
Here the objective is to provide image impedance matching for unequal 
load and generator resistances, while introducing the minimum possible 
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power-loss factor K' [see Eq. (15-2)). This result is achieved by using an 
L (or U) section with the series arm turned toward the higher terminating 
resistance, and designing the section 80 that M has the value' 

M � IRA + IRA _ 1 "\j RB '\j Ra 
The corresponding values of Rl and Ra are 

(15-7al 

(15-7bl 

(15-7c) 

These relations assume RA > R.. It will be found that if either a T or 
a ;"  section is designed according to Table 15-1 with K equal to this value 
of M, the T or ". section degenerates into the same L that results by use of 
Eqs. (15-7) in Table 15-2. 

ContintwW3ly Variable and Step AUenuators. In many circumstances it 
is necessary to vary the attenuation constant a while maintaining the 
image impedance match at the two pairs of terminals without change. 2 

A continuous variation of attenuation can be obtained by employing 
variable resistances for the attenuator arms, and controlling these resist
ances from a common shaft. Each variable resistance must be appro
priately Cl tapered " to give a law of variation with angle of rotation that 
satisfies the relations between resistance elements called for by the design 
equations of the type of section involved.' The bridged-T attenuator is 
particularly suitable for such applications as only two variable resistances 
are required. 

Attenuators that are adjustable in steps with the aid of switches are 
used in measurement work wherever precision is important. The step 
arrangement makes it possible to adjust the individual resistance ele
ments composing the attenuators to a high degree of accuracy, and 
entirely avoids errors from failure of several variable resistances to track, 

I For derivation of formulas see McElroy, loco cit., or M. F. Cooper, Audio-frequency 
Mixers, Wireless Eng., vol. 21, p. 117, March, 1944. 

I In the case of the L section the impedance match exists for only one side of the 
at.tenuator. 

, For la.boratory measurement work, cont.inuously variable attenuators of this type 
must be made with wire-wound resist.ances in order to ensure reliability. However. 
when it is merely necessary that the attenuation be continuously adjustable, and it is 
not necessary that the attenuation be known or stable, then composit.ion-type vari
able resistors can be employed at a considerable saving in cost. 
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and from the wear, noise, and the uncertain contact resistance associated 
with sliding contacts. 

Step variation of attenuation may be obtained in either of two ways. 
One method is to vary the resistances of the individual elements com
posing the attenuator, using ganged tap switches, as illustrated in Fig. 
15-7a. Alternatively, attenuator sections may be switched in and out of 
a cascade arrangement, as illustrated in Fig. 15-7b. If the individual 
sections are symmetrical, and all image impedances are the same, then \ 
adding or subtracting a section from the system chap.ges the attenuation 
by the value of ex associated with the section, without altering the imped
ance relations in any respect. 

A decade attenuator can be obtained in this way, by employing four 
double-point double-throw switches to control four attenuator units, in 
which the relative decibel attenuation is of the ratio 1, 2, 3, 4. For 
example, if the individual units of such a system have attenuations of 0.1, 

Ganged) 
!opswilches 

( a )  

DPDT rVswilche�n o�-_�o 0 0 o�--�o 

o 
(b) 

FIG. 15-7. Switching arrangements for obtaining step variation in the attenuation. 

0.2, 0.3, and 0.4 db, then by manipulating the switches to cut into the 
system the proper sections, one can vary the total attenuation from 0 to 
1.0 db in O. I"-db steps. A second decade connected in cascade with the 
first, and arranged to give I-db steps, could then extend the total range 
to 11.0 db adjustable in O. I-db steps, and so on. The required switching 
arrangement for each decade can be conveniently and compactly achieved 
in an 11-point rotary switch of the multideck wafer type; alternatively a 
double-point double-throw toggle switch may be used to control each 
individual attenuator. 

. 

The ladder attenuator, a typical form of which is shown in Fig. 15-Ba, 
provides a rather specialized but nevertheless important means for obtain
ing variable attenuation. As shown in Fig. 15-8b, the attenuator itself 
consists of symmetrical 7r sections having identical image impedances; 
generally, the individual sections have the same attenuation per section 
although this is not required. A resistance R. equal to the image resist
ance R, of the sections is connected across terminals 1-1 of the attenuator, 
while terminals 2-2 are connected to a terminating resistance RL = R, 
that is also equal to the image resistance RI of the sections. The attenu
stor input is derived from a constant-current source, i.e., a current source 
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having an internal impedance large compared with the input resistance of 
the attenuator. This input resistance is half the image impedance of the 
attenuator sections, since the resistance on each side of any top is equal 
to RI, and these two resistances are effectively in parallel. Under tl.Iese 
conditions, the attenuator output has the equivalent circuit shown in 
Fig. 15-8c, where the equivalent output resi�tance is half the image 
impedance of the attenuator sections, while the equivalent voltage 
Eou' is 

E - E -". o�t - iD � (15-8) 

where Ein is the input voltage developed across the attenuator, and an is 
the sum of the attenuation constants of the sections between the output 
and the point at which the input is connected. 

Conslunl current-

J R, fR1RI 
Ri+Rl 

�T. R, 1 I R , I R , R , R ' , , 
R,/Z R.f! Rl/z 

R,R, ,t 
R,tR, -j I I I I 

I R, R, R, R, I R, R, I R, R, I 
I I I I 

, I I I 

OM 
Cb) ladder atl!:nl.lator broken down into 

individUQllT sections 
Consltmlcurrenl_ 

, ttrrrr 
(c) Equivalent output fd) Continuously varioble ladder 

circuit of (a) attenuator 

FIG. 15-8. Various aspects of ladder attenuators. 

, 

R,. 
Rs'�[ 

A continuous variation of attenuation can be obtained by the arrange
ment shown in Fig. I5-8d, where the tap switch of Fig. I5-Sa has been 
replaced by a slider that permits continuous rather than step variation of 
the input point. The resistance along the top of the ladder can then be 
supplied by an ordinary wire-wound potentiometer with sliding contact, 
to which suitable shunt resistances are connected at regular intervals to 
form the ladder arrangement. .  Such an attenuator is inexpensive to con
struct, and if the shunt resistances are placed close together so that the 
ladder has many sections with small or moderate attenuation per section, 
the attenuation is almost a linear function of position. Also, the input 
and output resistances will then likewise be maintained within narrow 
limits, except that with small attenuations the input resistance is depend
ent upon the load connected to the attenuatol' output. 

Numerous variations of the arrangement of Fig. I5-Sa are possible. 
Thus the input and output terminals may be interchanged as in Fig. I5-9a, 
or the resistance RL in Fig. I5-8b can 

·
be used as the load resistance, a.a 
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shown in Fig. IS-9b. Again, one may dispense with the constant-current 
generator, and instead use a voltage generator having an internal resist
ance R.; this leads to Fig. 15-9c, which is derived from Figs. 15-8b and 
15-9a. 

Frequency Effects in Resistance Attenuators. At low and moderate fre
quencies, the resistance upits which compose the attenuator act like pure 
resistances, and the behavior is independent of frequency. However, at 
very high frequencies, one must take into account various residual induc
tive and capacitive reactances, such as shown in Fig. IS-lOa for a simple 
case. Here the inductances take into account the inductances of the 
resistor units, the leads, etc., while the various condensers that are shown 

Conslanf currenf 

� tffH � Errtb-· 
ta I (bl 

) 
R , Gulp 

� 
vf 

(cl  
FIG. 15-9. Various forms of Ia.dder attenua.tors. 

represent the capacitances of the resistor units, capacitances of leads to 
ground, etc. 

Frequency effects may be minimized in attenuators by using resistances 
of types having low inherent reactance effects (see Fig. 14-12), by proper 
electrostatic shielding that replaces capacitances between different parts 
of the system by capacitances to ground and by simple shunt capac
itances (see Fig. 15-lOb and c), and by proper layout to minimize lead 
inductance and capacitance to ground. '  It is also possible largely to 
eliminate frequency errors in an arrangement such as that of Fig. 15-lOb 
if the stray capacitance (after shielding to eliminate mutual capacitances) 
and residual inductance associated with each resistance unit, are so 
balanced as to cause all resistance units to have a phase angle that is the 
same and preferably small, as calculated from Eq. (14-3) and Fig. 14-1l. 
That is to say, (L/R) - RC should be the same for all resistance units, 

1 A discussion of shielding a.nd frequency effects in step attenuators is given by 
Horatio W. amson, A Precision Attenuator Having a Wide Frequency Range, Gen. 
Bad. E:z:pt., val. 24, p. 1 .  December 1949. 
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where R is the resistance, and L and C are the associated series induct
"nee and shunt capacitance, respectively (see Fig. 15-IOc). Special con
siderations relating to switches in ladder attenuators intended for use a� 
very high frequencies are discussed in connection with Fig. 15-30. 

Capacitive effects usually predominate when the resistance level (i.e., 
image impedance) of the attenuator is moderate or high, such as hundreds 
or thousands of ohms. In this case, frequency errors can be minimized by 
making the capacitance C associated with each resistance R such that the 
product RC is the same for all of the resistance units in the attenuator. 

(0) Unshielded T showing 
residual reactQnces 

'" c 
/rr !� � 

II RI /. 
Rs , "C, C, R, 

,," l, 

R, 

r - - r - , - - -l 
I R I , R2 I 
I I I 

: ; i 
I . 'd I I ISh,.!. I 

(b) Fully shielded T 

G , 

, �2 
Cc' � 

(c) Equivalent circuit of (b) showinq generator and 
load resistttnces 

FIG. 15-10. Residual reactances in a T section, a.nd the effect produced by shielding. 

A particularly important and commonly used application of this principle 
occurs when the L section on the left-hand side of Fig. IS-Id is used as a 
voltage divider. In this case, by adding shunt condensers C, and C. of 
such size that RIC, = R,C" then the ratio of the open-circuit voltage 
across terminals 3-4 to the voltage applied across 1-2 is constant irrespec
tive of frequency. 

Alternatively, when the impedance level is low, as tens of ohms or less, 
the principal reactive effect arises from the inductancej and frequency 
effecta can then be minimized by making L/R tbe same for all resistances 
of the attenuator. At some intermediate impedance level, the inductive 
and capacitive effects tend to balance and be a minimum, as mentioned 
above. 

When care is taken, it is possible to construct attenuators that will not 
be seriously affected by frequency up to several hundred megacycles, 
provided an appropriate impedance level can be used and the associated 
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inductive and capacitive effects are carefully balanced. In particular, 
ladder attenuators of the type illustrated in Fig. IS-Sa are commonly used 
in signal generators up to over 100 Mc; in such applications it is necessary 
to obtain a maximum attenuation of 100 db adjustable in steps that are 
precisely 10 or 20 db, with negligible frequency effect. I To achieve such a 
result, an intermediate value of impedance level such as 10 to 100 ohms is 
chosen, and then the inductance and capacitance associated with each 
resistor in the attenuatol' are adjusted to give a low phase angle that is 
the same for all resistor units. In addition} electrostatic shielding is 
employed between sections, and care is taken in locating grounds to avoid 
coupling through common return paths. Such details regarding resist
ance attenuators for signal generators are discussed further in connection 
with Fig. 15-30. 

16-3. Waveguide Attenuators of the Cutoff Type. General Considera

tions.2 Waveguide attenuators find extensive use for the production .of 
known voltages of very small magnitudes for signal-generator purposes. 
Such attenuators are also employed to change by a known ratio the ampli
tude of a voltage being used for measurement purposes. 

Fields in Waveyt<ides Operated at Wavelengths Greater than Cutoff. When 
a waveguide is excited by a source of energy having a wavelength greater 
than the cutoff value, the resulting electric and magnetic fields produced 
in the guide die away exponentially with distance from the source of 
excitation at·a rate determined by the cutoff wavelength of the guide. A 
solution of the field equations under these conditions shows that both the 
electric and magnetic fields die out with distance according to the relation3 

Attenuation in db ) = 54.6 [1 _ 
(A')' 

per umt length A, "\j A (15-9) 

where A is the actual wavelength in free space, and Ac is the cutoff wave
length of the guide. This relation applies to all types of guides and for 
all possible waveguide modes. It will be noted that the rate at which the 
fields decay in a waveguide operated beyond cutoff is not affected by the 
losses in the walls, and is hence independent of the wall material. 

Frequency enters into Eq. (15-9) only through the term VA,; when this 
ratio is small, the attenuation is accordingly substantially independent 

1 A similar result can also be obtained by an attcnuator of the type shown in Fig. 
15-7b; thus see "Vacuum Tube Amplificrs" (Vol. 18, Radiation Laboratory Series), 
p. 315, McGraw-Hill Book Company, Inc., New York, 1948. 

i Thc original paper on this subject was by Daniel E. Harnctt and Nelson P. Case, 
The Design and Testing of Multirange Receivers, P.roc, IIlE, vol. 23, p. 578, June, 
1935. 

' E. G. Linder, Attenuation of Electromagnetic Fields in Pipes Smaller than the 
Critical Size, Proc. IRE, val. 23, p. 554, December, 194.2. 
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of frequency,l and becomes 

Attenuation in db ) 
per unit length 

54.6 
A, 

(15-10) � --

Thus when "A./A < 0.2, the attenuation expressed in decibels will be 
within 2 per cent of the value given by Eq. (15-10). However, for larger 
values of )..IA" Eq. (15-9) sbould be employed; this formula is dependable 
until X becomes so nearly equal to AI' that ). < 1.05>"". 

TABLE 15-3 

ATTENUATION FORMULAS FOR CUTOFF ATTENUATORS 

Mode 
Attenuation, db 
per unit length 

Value of >.., 

Circular waveguides of radius r 
, 

TEll 16.0 
3.42r , 

TMol 20.9 
2.61r , 

TErH 33.3 
r 1 .64r 

Rectangular waveguides of width a and height b 

TElo 27.3 
• 2a 

TEll and TMu 2. 

The actual rate of attenuation of the fields in a waveguide operated 
beyond cutoff depends upon the waveguide mode with which these fields 
are associated. The fundamental or dominant mode, i.e J the mode 
having the longest cutoff wavelength, is attenuated most slowly, while 

I This neg1ects the fact that the depth of current penetration into the walls is 
affected by frequency. To obtain maximum accuracy in using Eqs. (15-9) and (15-10) 
the effective internal dimensions of the guide used in calculating ).� should be taken as 
extending into the walls 8. slight distance to take into account the current penetration. 
Since the depth of penetration varies with frequency, the value to be assigned to ).., 
will likewisc vary with frequency, and will increase slightly as the frequency is reduced. 
The depth to which the effective internal dimensions or the waveguide should be taken 
as extending into the walls, is of the order of one-fourth of the skin depth; for analysis 
of a particular case, see J. Brown, Corrections to the Attenuation or Piston Attcnu
awrs, Proc. lEE (Radio & Comm.), vol. 96, pt. Ill, p. 491, Novembcr,1949. This 
frequency-dependent correction is negligible at very high and microwave frequencies, 
and is too small to be of practical significance in ordinary cases even at lower radio 
frequencies, such as 1 Mc. 
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fields representing higher order modes are attenuated more rapidly. 
Thus with a rectangular waveguide, the TElo mode attenuates most 
slowly, while with a circular guide, this is the case with the TEll mode. 
The actual rates of attenuation for some of the more common modes, as 
calculated by Eq. (15-10), are given in Table 15-3. 

Practical Cutoff AUenuator8. Attenuators utilizing the exponential 
decay of fields in a waveguide operated beyond cutoff are variously 
termed cutoff, piston, and mutual-inductance (or mutual-capacitance) 
attenuators. 

While the details of cutoff attenuators can be varied greatly, the general 
idea of all such arrangements is illustrated in Fig. 15-11a. Here, a mag
netic field is excited in a circular waveguide by a coil Ll oriented as 
indicated. A similarly oriented pickup coil L2 is arranged so it can be slid 

Input ;! :l, III t ' , ' 
One·tiJrn Pickup f..Slidif79 

excif/n'l loop loop member 
tal Mutuat indudonce OIttenuafor 

• 
RjjJ ilgtput 

• 

fbl EquivaTenf circuit 
FIG. 1�11. Schematic diagram of cutoff attenuators using multitum and single-turn 
coils for excitation and pickup, together with equivalent circuit. 

along the waveguide to vary the spacing between coils L, and L,. The 
voltage induced in the pickup coil L, by the magnetic field will then vary 
with changes in the separation of the two coils according to Eq. (15-9) or 
(15-10). In this way, one can produce a change in the output which is 
accurately known. The system of Fig. 15-lla can be thought of as 
having the equivalent circuit of Fig. 15-llb, in which the pickup coil L, is 
to be regarded as possessing a mutual inductance M to the exciting coil 
LI; the waveguide then causes M to vary with spacing in accordance with 
Eq. (15-9). 

Instead of uaing a magnetic field one can instead employ an electric 
field in the cutoff attenuator.'  When this is done, the exciting coil is 
replaced by an electrode or group of electrodes that excite the desired type 
of electric field: thus the disk electrode in Fig. 15-12a excites the TMOl 
mode. This field then attenuates in accordance with Eq. (15-9), iust as 
does a magnetic field, and can be utilized by employing an insulated 

1 It is also possible to excite the attenuator by means of an iris coupling to a trans
mitting waveguide; for example see "Technique of Microwave Measurements" 
(Vol. 11,  Radiation Laboratory Series), Chap. 11,  McGraw-Hill Book Company, Inc., 
New York, 1947. 

-. 
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pickup electrode in place of the coil L,. The equivalent circuit of such 
an arrangement is illustrated in Fig. 15-12b. Here the equivalent output 
impedance of the pickup system is the capacitance C, of the pickup elec
trode to ground, while the coupling between this electrode and the exciting 
electrode can be considered as being supplied by an extremely small 
coupling capacitance Cm that is caused by the presence of the waveguide 
to have a value that depends on distance in accordance with Eq. (15-9). 
Cutoff attenuators of the mutual-capacitance type are only seldom used, 
because the equivalent impedance of the output electrode has lesssatis
factory characteristics than when an output coil is employed. 

The great advantage of the cutoff attenuator is that it provides a 
standard of attenuation which can be simply related to geometrical dimen
sions. The magnitude of the attenuation can, accordingly, be deter·
mined by calculations, and the accuracy with which the attenuation is 

b Pkkup 
eledrode 

(a) Mutual capacitance attenuator 

Cm 

o I AI" I 0 In,,;:' T G, G'T Ov:PUI 

(b)  Equivalent circuit 
FIG. 15-12. Mutual-capacitance type of cutoff attenua.tor, together with equivalent 
circuit. 

realized is determined only by the ability to achieve mechanical precision. 
When carefully made, the cutoff attenuator can be regarded as a primary 
standard of attenuation for wavelengths longer than about 3 cm. 

The principal disadvantage of the cutoff attenuator arises from the 
fact that its insertion loss is high even when the attenuation has the 
minimum usable value. That is to say, the maximum power obtainable 
from the output terminals is always much less than the power available at 
the input to the attenuator. 

Cutoff attenuators can be used at all frequencies;  however they are par
ticularly important at frequencies so high that resistance attenuators of 
the ladder and similar types cannot be used.'  Satisfactory operation at 
wavelengths as short as 1 cm can be readily realized, although it is not • 
always expedient under such conditions to make the guide small enough 
for its cutoff wavelength to be very much less than the actual wavelength. 
Under these conditions the attenuation per unit length will vary with fre
quency, and Eq. (15-9) must be used in determining the attenuation law 
rather than Eq. (15-10). 

l .An  extensive discussion of microwave waveguide
'
cutoff attcnuators that includes a 

number of illustra.tive examples, is to be found in "Technique of Microwave Measure
ments," loco cit. 
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16-4. Practical Considerations in Cutoff Artenuators. Output Circuit 
oj Cutoff Attenuator. In cutoff-attenuator systems, a resistance attenu
ator is commonly placed between the pickup coil or electrode, and the out
put terminals of the system, as indicated schematically by A in Fig. 15-1l. 
If the attenuation introduced in this way in the output system is of the 
order of 20 db or more, then to any load connected across the output 
terminals, the cutoff-a.ttenuator system appears to be a voltage generator 
having an internal impedance that is a resistance equal to the image 
resistance of A.' Attenuator A may take a variety er forms. At low 
and moderate frequencies a T or ,... attenuator composed of wire-wound or 
film resistances can be employedj at microwave frequencies a section of 
lossy transmission line is often used (also see Sec. 15-5). 

The output voltage developed by a cutoff-attenuator system is normally 
brought out to the output terminals by means of a coaxial transmission 
line terminated in its characteristic impedance Ro as illustrated in Fig. 
15-11. The attenuator A is designed to have an image resistance that 
matches the characteristic impedance Ro of this line. As viewed from a 
load connected to the output terminals aa, the attenuator system then 
appears to have a source impedance equal to half the characteristic 
impedance of the transmission line, and this impedance is the same for aU 
frequencies. Alternatively, if Ro is supplied by the load connected to 
the output terminals, then this load sees a source resistance equal to the 
characteristic impedance Ro of the terminated line. 

At frequencies sufficiently low so that the transmission line connecting 
the pickup coil with the output terminals is only a small fraction of a 
quarter wavelength long, it is permissible to operate the system with the 
terminating resistance Ro omitted. In this case the output impedance 
appears to be equal to the image resistance of attenuator A shunted by a 
capacitance equal to the equivalent lumped capacitance of the transmis
sion line on the .output side of A.  

Determination of a Reference Level. In the attenuator arrangements 
discussed above, accurately known changes in output voltage can be pro
duced by varying the position of the pickup system; the relative values of 
output obtained for different positions can then be accurately calculated 
from a knowledge of the axial displacement and the use of Eq. (15-9) or 
Table 15-3. In many cases, relative magnitudes are all that need be 
known. However, if the absolute voltages are also required, then it is 
necessary to establish a reference level, i.e., to determine the actual output 
for some particular position of the pickup electrode . 

• It is also sometimes desirable to place a similar attenuator between the source oC 
power and the coil Ll (or other input electrode) that excites the waveguide. This 
wastes a certain amount of the exciting power, but it enables the input of t,he attenu
ator system to provide an image impedance load to an associated transmission line. 
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A reference level can be established with the aid of a vacuum-tube or 
crystal voltmeter connected across either the input or the output of the 
attenuator A. Such a voltmeter can be used to determine the output 
associated with some convenient small value of spacing between the excit
ing and pickup coils. Alternatively, it can be employed to adjust the 
excitation of input electrode L, of the cutoff attenuator so that a pre
determined output, such as 0.5 volt, is obtained for some convenient 
(and small) spacing. 

An alternative arrangement for establishing a reference level makes use 
of a probe or loop that samples the fields produced by the exciting coil. 
Still another possibility consists of a thermocouple meter to indicate the 
current in the exciting coil, or a crystal or vacuum-tube voltmeter that 
gives the voltage across it. Finally, if the desired reference level is too 
small to be indicated by the usual means, a bolometer matched to the 
output cable of the attenuator can be employed. 

M ode Considerations in Cutoff A ttenuaiOTs, and Minimum Permissible 
Spacing. Since the field configurations representing different waveguide 
modes decay at different rates, it is necessary to have a pure mode if the 
attenuation is to be calculated by Eq. (15-9) or Table 15-3. This is most 
readily achieved by employing the fundamental mode; this means the 
TElo mode in rectangular waveguides, and the TEn mode in circular 
guides. 

A particular mode is excited by employing a coil or electrode system 
that produces a field having the general character of the desired mode. 
Thus a coil (or one-turn loop) placed with its axis perpendicular to the 
axis of a waveguide will tend to excite the magnetic field of the TElO mode 
if the plane of the turns is parallel to the short dimension of the rectangu
lar cross section. In a circular guide, such a coil with its axis coinciding 
with the guide axis will cause the TEOl mode to be the one most strongly 
excited. Similarly, a launching system such as shown in Fig. 15-12a will 
tend to excite the electric field of the TMOl mode. 

No practical system for launching a field will, however, produce an 
absolutely pure mode. In practice, the field in the vicinity of the point of 
origin, will, with a suitably chosen launching system, consist largely of the 
desired mode. Other modes will, however, also be present, particularly 
modes having the same general type of geometrical symmetry as the 
desired mode. Thus, if in a rectangular waveguide the mode most 

, strongly excited is the TElo, then one can also expect TE3o, TE6Q, etc. 
modes of lesser amplitude to be present. However, if the launcbing 
system is symmetrical about the center of this rectangular guide, even
order modes such as the TE20 will not be excited in significant amount. 
In general, it is impossible to generate a mode so pure that all other modes 
are negligible in comparison. 
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Pure mode operation based on the fundamental mode can be readily 
obtained by taking advantage of the fact that the fields of the higher order 
modes attenuate more rapidly than does the fundamental field. Hence the 
greater the spacing the purer the mode, and to obtain pure fundamental 
mode behavior, one merely needs to keep the minimum spacing between 
pickup and exciting electrodes always great enough so that at this mini
mum spacing the higher order modes are already attenuated enough rela
tive to the fundamental to be of no significance,I .2  This minimum per
missible spacing can be determined experimentally by observing the 
variation of output with displacement of the pickup system. A nonlinear 
relationship then denotes either that spurious modes are of significant 
amplitude, or that the spacing is so close that the coupling between excit
ing and pickup systems is excessive. 3 

In circumstances where it is necessary to use a mode other than the 
fundamental in a cutoff-attenuator system, then the system for exciting 
the field must be so designed as to minimize the generation of lower order 
modes to which the pickup system could respond. In addition, it is very 
desirable to employ some system for suppressing the lower order modes 
while leaving the desired mode unaffected.4 By such expedients it is 
possible to employ higher order modes provided the maximum attenua
tion desired is not too large. 

15-5. Resistance Attenuators for Microwaves. Resistance attenu
ators find extensive use in microwave systems for control of power levels, 
and as buffer devices that perform such functions as isolating an oscillator 
from its load so that changes in the load impedance will not react on the 
oscillator. Resistive attenuators are customarily used for such purposes; 
cutoff attenuators have the disadvantages of high insertion loss and poor 

I At microwa.ve frequencies a pure fundamental mode can also be obtained by first 
exciting a waveguide that is just large enough to transmit the fundamental mode 
without attenuation. Higher order modes will then be beyond cutoff and so will be 
attenuated. Thus if sufficient length of guide is used these undesired modes decay 
into insignificance. The resulting pure mode is fed through [l. suitable transition sec
tion into a guide that is beyond cutoff for the fundamental mode. If the transition 
section is so designed that it does not re-cxcite the higher modes, then one has an 
absolutely pure mode in the cutoff attenuator section. For further details see "Tech
nique of Microwa.ve Measurements," op. cit., p. 693. 

2 One may also make use of a mode filter to help suppress unwanted modes; thus 
see G. F. Gainsborough, A Method of Calibrating Standltrd-signal Generators and 
Radio-frequency Attenuators, J. lEE, vol. 94, pt. Ill, p. 203, May, 1947. 

I If the spacing is small, the impedance that the output coil LI couples into the 
exciting coit

" 
Lt may be sufficient appreciably to alter the current in Ll. The fields 

initially established in the waveguide are then affected, and Eq. (15-9) no longer holds. 
This is in addition to any mode effects. 

' For examples of mode filters see R. E. Grantham and J. J. Freeman; Microwave 
Attenuation Standard, Trans. AIEE, vo!. 67, p. 329, 1948. 
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impedance characteristics. Resistance attenuators can be adapted to 
both coaxial lines and waveguides, and can be made to introduce either a 
fixed or an adjustable attenuation. A major consideration in the design 
of resistive attenuators for this purpose is the necessity that the standing
wave ratio that they introduce have a low value, and that the variation of 
the standing-wave ratio and of the attenuation be as little as possible 
as the frequency changes. 

Reaistance AttenuaioTs fOT Coaxial System..' Common forms of resist
ance attenuators suitable for coaxial systems at microwave frequencies 
are shown in Fig. 15-13. The lossy cable of a achieves a high attenuation 

I LOssy '1 . sect/on 

(Cl)  LossV coble section 

I fllen,:«li'7L secflon -I 
I I , 
I rami Resls kv� film on 

insula";"" mcrfena/ 

(bl Resistive center conductor 

Film resistors Res isfive disks 

I vi� �r� ; 
Res/s!ive dislr Film resisfor 

(cl Coaxi�1 T and IT sections 

FIG. 15-13. Various forms of fixed a.tteauators for coaxia.l systems. 

by such expedients as a high-loss dielectric and a center conductor com
posed of resistance material, and is commercially· available in the same 
characteristic impedance values as standard cables. The attenuation in 
decibels introduced by a section of lossy cable is proportional to the length 
of the section, and increases with frequency at a rate intermediate between 
the square root and first power of the frequency. The attenuation also 
increases with temperature. If the characteristic impedance of the IOSBY 
section is the same as that of the associated low-loss cable, the standing
wave ratio introduced by the lossy cable will be very low for all fre
quencies. Attenuators of the lossy-eable type have the advantage of 
being simple and easy to use, but possess the disadvantage that they are 
bulky and have an attenuation that depends upon the frequency. 

1 Much detailed design and construction information on this subject is given in 
"Technique of Microwa.ve Measurements," pp. 743-747, 751-774; also see C. w. 
Miller, M. C. Crowley-Milling, and G. Saxon, Note on Wavcguide Attcnuators, 
J. lEE, (Radiolocation Conv.), vat. 93, pt. IlIA, p. 1477, March-May, 1946. 
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In tbe attenuator of Fig. 15-13b, a sbort section of the center conductor 
consists of a glass or ceramic tube coated by a very thin high-resistance 
film of carbon or metal.l 'Vhen carefully designed, such an arrangement 
will give a large attenuation in a small length, and at the same time cause 
very little reflection. Moreover, since the resistive film is so thin that 
skin effect is negligible even at microwave frequencies, the attenuation 
tends to be independent of frequency. Tbe limiting factor in sucb coaxial 
film attenuators is tbat tbe bigb resistance per unit lengtb of tbe center 
conductor causes the characteristic impedance of the attenuating section 
to have a reactive component; also the relationship between the resistance 
per unit length and tbe attenuation is modified when the resistance per 
unit lengtb is high. Analysis sbows that if the attenuation is to be inde
pendent of frqquency, and if the standing-wave ratio is to be low, there is 
tben a limit to the amount of attenuation permissible in a given pbysical 
lengtb, and tbis limit is less tbe longer tbe wavelength.2 Coaxial attenu
ators using a center conductor consisting of a resistive film find extensive 
use as fixed attenuatorsj when carefully designed and employing evapo
rated metal films, they can be constructed as precision devices that give 
reproducible and stable characteristics. 

Coaxial attenuators equivalent to 7r and T sections, can be constructed 
as shown in Fig. 15-13c. Here the series resistance elements are resistive 
sections of center conductor constructed by coating a dielectric rod or tube 
with a thin carbon or metal filmj the shunt resistances are thin dielectric 
disks having high resistance obtained either by the use of resistive dielec
tric, or by coating one side of a dielectric disk with a carbon or evaporated 
metal film. Attenuators of this type can be built so that up to 500 to 
1,000 Mc they introduce a very low standing-wave ratio, and have an 
attenuation substantially independent of frequency.3 

Continuously variable attenuation can be achieved in a coaxial system 

t A suitable carbon film can be obtained by painting Aquadag, a colIoidal suspen
sion of fine carbon powder, on a glass or ceramic rod or tube, and drying in an oven at 
100°C. The attenuation per unit length will then depend on the thickness of the 
coating. This method is simple and convenient. However, a thi.n metallic film com
posed of resistance material such as nichrome, has greater long-time stability and a 
lower temperature coefficient; moreover, when deposited by evaporation in a vacuum, 
such metallic films arc very reproducible in production. As a result, in commercially 
made precision attenuators using resistive films, these films are normally of metal 
rather than of carbon. For details on processes for depositing metal films see "Tech� 
nique of Microwave Measurements," op. cil., pp. 757-762. 

2 See H. J. CarJin and J. W. E. Griemsmann, A Bead Supported Coaxial Attenuator 
for the Frequency Band 4,000-10,000 Mc/sec., Proc. Nail. Electronic Conf., vol. 3, 
p. 79, November, 1947; also "Technique of Microwave Measurcmcnts," op. cil., 
p. 752. 

' For further details, see J. S. EIliott, Coaxial Attenua.tion Standa.rds, Bell Lab8. · 
R�ord, vol. 27, p. 221, June, 1949. 
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by the expedients shown in Fig. 15-14, where the effective length of the 
resistive section of the center conductor is adjustable. At b the variation 
in effective length is achieved by covering the resistive film with a hard, 
thin protective coating and then sliding a metal cylinder over it as shown; 
at a the resistive film is coated on a tube provided with an internal 
adjustable metal plunger as shown. In the actual design of these arrange
ments, a variety of details must be worked out if impedance matching is 
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FIG. 15-14. Variable coaxial attenuators. 

avl 

to be maintained for all values of attenuation. When these are properly 
attended to, the variable attenuators have characteristics that closely 
approximate those of the corresponding fixed attenuators.' 

Fixed Resistive Attenuaiors far W aveguides.' The usual fixed waveguide 
attenuator consists of a dissipative element in the form of a thin vane that 
is suspended in the waveguide with its flat side parallel to the electric 
field, as shown in Fig. 15-15. The dissipative element can be a film of 
carbon or metal coated on a thin low-loss dielectric, or it may be a strip of 
lossy dielectric. In either case, this attenuator element can be mounted 
on struts that are supported from the side walls of the guide and oriented 
at right angles to the electric field. In order to minimize reflections, it is 

I See "Technique or Microwave Measurements," op. cit., pp. 769-774. 
t Further in£ormation, particularly of a design and performance character, is given 

in "Technique of Microwave Measurements," op. cit., pp. 747, 774-783 ; also G. K. 
Teal, M. D. Ringterink, and C. J. Frosch, Attcnua.tor Ma.terials for Microwaves, Elec. 
Eng., vol. 67, p. 754, August, 1948. 
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customary to taper the two ends of the vane, or provide some form of 
transition at the ends j common methods in use are illustrated in Fig. 
15-16. 

The vane attenuator is capable of giving an excellent performance. By 
proper design the standing-wave ratio it introduces can be made small 

Eleclr;c Supportin� field � , .  
��::::::::::_______ �Vane 

Side view End view 

�Vane 
h A 

SupporflnCj .rln.ds 
'Top view 

FIG. 15-15. Wavcguidc attcnuator consisting or a. lossy vane. 

over a substantial frequency range. The attenuation is also reasonably 
constant over a moderate frequency range, although it will vary somewhat 
with frequency because of the changes in field configuration that take 
place in the guide as the ratio of actual wavelength to cutoff wavelength 
varies. 

(a) Taper tnOltch 

ty////W� /iiqh reslSltvlT; films to provide taper 
{cl Complex-film matching section 

(b) BIClnk-glass matching section 

(d) �Tongue�-type matching section 
FIG. 15-16. Common methods of tapering 8. vane attenuator to minimize reflection; in 
these cases the attenuator is a resist.ive film coated on a thin low-loss glass sheet. 

Attenuation may also be introduced in a waveguide system by means 
of all appropriately shaped piece of iron-dust (polyiron) magnetic mate
rial. Shaping is required to provide a transition at the input and output 
ends that minimizes reflections. I Still another method of introducing 
attenuation in a waveguide system is to arrange matters so that the walls 
of a section of the guide have high resistance. The idea is illustrated in 

1 For examples see "Technique of Microwave Measurements," op. cit., p. 726. 
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Fig. 15-17, and can be carried out by making the walls of resistance alloy 
in case a sroan attenuation rate is desired, or by using walls consisting of a 
dielectric coated with a thin resistive film in case a moderate or high rate 
of attenuation is required. 

Variable Resistive Attenuators for Waveguide Systems.' The simplest 
form of variable resistance attenuator for waveguides is the (/ flap 11 or 
"guillotine H attenuator illustrated schematically in Fig. 15-18. Here, a 
thin lossy vane is shaped so that it 
approximates a circular arc, and is then 
hinged at one corner as shown so that 
it can be inserted any desired amount 
into the waveguide through a slot cut 
in the broad side of the guide. The 
attenuation is controlled by the depth of 
the insertion. The shape of the losBY 
member provides a taper that minimizes 
reflection for all possible positions of the 
attenuating vane. When the lossy ele
ment consists of a stable metal film pro

walls 
FIG. 15-17. Waveguide attenuator 
utilizing a section of waveguide 
in which the waJJ.s have high 
·resistivity. 

tected by a suitable coating, and when the mounting system is also well 
designed mechanically, variable attenuators of this type can be used as 
calibrated precision standards of attenuation. 

In the flap attcnuator, the lossy element acts as an antenna and causes 
power to leak from the waveguide through the slot. In order to avoid 

! 
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FIG. 1�18. Schematic view of variable waveguide attenuator of the flap type. 

production of undesirable stray fields, the entire flap system can be 
enclosed in a cavity, as illustrated' in Fig. 1S-18b. However, energy that 
leaks into this cavity from the input side of the attenuator, can leak back 
from the cavity through the slot into the waveguide on the output side of 
the attenuator. This by-passing action limits the maximum attenuation 

I For further information, with pa.rticular reference to design a.nd performance 
details, sce "Technique of Microwave Measurements," op. C1:t., pp. 748-751. 784-799. 
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that it is possible to achieve in a simple flap arrangement to about 40 db. 
However, this limitation can be removed by lining the slot with IOBsy 
material such as iron-dust material (polyiron), that absorbs the energy 
that would otherwise leak into the cavity (see Fig. 15-18b). 

A modification of the flap attenuator is shown in Fig. 15-19. Here, the 
attenuating lOBBY vane is cut in the form of a spiral, as illustrated. Rota
tion of this spiral varies the depth of penetration intn the waveguide; and 
hence varies the attenuation. 

Variable attenuation can be obtained in a waveguide system by taking 
advantage of the fact that the attenuation introduced by a lossy vane of 
the type illustrated in Fig. 15-15 depends on the position of the vane in the 
wave guide. When the strip is located at the guide center it is where the 

1 

FIG. 15-19. Wavcguide attenuator consisting of a rotating disk having spiral shape. 

electric field is most intense, and the loss is maximum. In contrast, when 
the vane is moved against the side wall, it is in a position where the electric 
field is negligible, and the attenuation approaches zero. Thus, all that is 
required to achieve variable attenuation is to provide a mechanical 
arrangement such that the strut system on which the lossy vane is 
mounted can be displaced sidewise. A modification of this arrangement 
involves two lossy vanes symmetrically arranged on either side of the 
center line of the guide, with a mechanical system that moves these vanes 
closer together or farther apart, to vary the attenuation. 

15-6. Microwave Attenuators of the Sampling Type. Large and fixed 
values of attenuation can be readily obtained by the use of sampling 
methods. The idea is illustrated in Fig. 15-20. Here the power to be 
attenuated is transmitted down a coaxial or waveguide line, and dis
sipated in a load that provides a characteristic impedance termination for 
the line. A small fraction of this power is then diverted into an auxiliary 
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transmission line or waveguide system by means of a coupling device, as 
indicated. 

Sampling arrangements of this type permit measurements involving 
high power levels to be made with equipment designed to operate at 
nominal power magnitude, as discussed in Sec. 2-5 ; in additiqn, they are 
useful in other applications requiring a fixed value of attenuation. The 
coupling device called for in Fig. 15-20 may be a probe as illustrated, a 
small loop, or simply a hole. In addition, directional couplers such as 
discussed in Sec. 2-5 can be regarded as a form of sampling attenuator. 

The magnitude of the attenuation that is obtained in Fig. 15-20 depends 
upon the design details. A large attenuation is readily realized by 

Power to be 
sampled 

Line or 
FtG. 15-20. Schema.tic diagram illustrating sampling type of aUenuator. 

making the coupling to the auxiliary line small. Small values of attenua
tion are not practical, however, as they involve a coupling great enough to 
introduce a serious reflection in the system. The magnitude of the 
attenuation of sampling-type attenuators is ordinarily fixed. It is possi
ble, however, to control the magnitude in some circumstances; for 
example, it is possible to employ a mechanical arrangement that permits 
adjustment of the depth to which the probe in Fig. 15-20 projects into the 
transmission line (or waveguide). 

The effect of frequency on the attenuation of a sampling system 
depends upon the type of arrangement employed, and the design details. 
In general, the attenuation is not criticaHy dependent upon frequency. 
With some types of coupling arrangements, it is, in fact, possible with 
careful design to cover very wide frequency ranges, such as 3 to 1 . 1  

15-7. Signal Generators.2 A signal generator is a device for producing 
known and controllable voltages that simulate radio-frequency signals. 

I For example, see H. J. Carlin and E. N. Torgow, Microwave Attenuators for 
Powers Up to 1000 Watts, Proc. IRE, vol. 38, p. 777, July, 1950. 

I For descriptions of representative signal generators of various types, see A. G. 
Dosquet, General-purpose A-M Standard-signal Generator, Gen. Rod. Expt., vol. 24, 
p. 1, September, 1949; Eduard Karplus and Ervin E. Gross, A Standa.rd-signal 
Generator for Frequencies between 50 and 920 Mc, Gen. Rad. Expt., vol. 24, p. 1, 
March, 1950; A. V. Haeff, T. E. Hanley, and C. B. Smith, Wide-range Ultra-high
frequency Signal Generators, Proc. IRE, vol. 35, p. 1137, October, 1947; D. M. Hill 
and M. G. CroBby, Design of F-M Signal Generator, ElectTonic8, vol. 19, p. 96, Novem
ber, 1946; D. B. Sinclair, A Simple Sta..ndard-signal Generator for F-M Broadcast Use, 
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They are used for testing receivers and amplifiers, and are also often 
employed as a source of test power for exciting standing:.wave detectors, 
radio-frequency bridges, etc. 

A typical signal generator is shown schematicaIly in Fig. 15-21. It con
sists of (1) an oscillator, (2) an associated modulating system, (3) an 
attenuator, (4) means for establishing a reference level of voltage or 
power, and (5) shielding that prevents oscillator power from reaching the 
output terminals or the apparatus under test by any means other than 
passing through the attenuator. 

Signal generators intended for general use are ordinarily purchased, 
rather than constructed by the user. However, the signal generator is 

,- - - - - - - - -, - - - - - ,  I I I : OscIllator I Affenuaforr-f--_" 
[xlernal I I I 0" tpvt 

modu/alin9j ): 0 L - - _ _ _  J l)o 
voltage I M Reference : � . 

I k� 
I Modu/al/nq I volfage Infernal I I modu/al/on I 

L _ - ShieldinqT - - - _ _  ..1 
FIG. 15-21. Schematic diagram of signal generator. 

such an important piece of laboratory apparatus that even when pur
chased the user should have some understanding of the principles and 
practices involved in its construction. Moreover, there are cases where it 
may be necessary to construct special signal generators to meet particular 
needs that are not satisfied by available commercial equipment. 

Oscillators for Signal Generators. The oscillator used in a signal gen
erator must be tunable over the necessary frequency band j in the case of 
general-purpose signal generators this means a tuning range such as 3 to 1 
together with provision for band switching. The oscillator output is 
preferably as nearly constant as possible over any one tuning range, and 
from one band to the next; in some cases automatic amplitude control is 
used to achieve this result. The oscillator should have good inherent 
frequency stability. 

The same types of oscillators are used in signal generators as for 
general laboratory applications (see Chap. 12). Thus the Hartley or 

Gen. Rad. E�pt., vol. 24, p. 1,  November, 1949; R. G. Hibberd, J. H. Shankland, and 
A. Bruce, A Pulse-modulated Signal Generator for 260-800 Mc/s, Jour. lEE (Radio-
loc<.lion Conv.), vol. 93, pt. IlIA, p. 1331, March-May, 1946; W. R. Piggott, Produc
ing Rectangular R. F. Pulses of Known Amplitude, Wireleaa Eng., vol. 22, p. 119, 
March, 1945; E. D. Hart, Methods of Pulse Modulation of Signo.l Generators Cover
ing 5--300 Mc/s, J. lEE, (Radioiocation Conv.) ,  vol. 93, pt. IlIA, p. 1315, March-
�ay, 1946. 

. 
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equivalent tuned-circuit oscillator is suitable for frequencies below about 
200 . Mc. Butterfly oscillators find use in the frequency range 50 to 
1200 Mc, while reflex klystron oscillators are commonly used at higher 
frequenciEls. Beat-frequency arrangements find occasional use to meet 
special requirements, I but are generally avoided as being cumbersome and 
tending to introduce spurious frequencies into the system. 

Master-oscillator-power-amplifier arrangements are practical at fre
quencies below about 1000 Mc. They have the advantage of permitting 
amplitude modulation to be applied to the amplifier instead of the oscil
lator, thus minimizing incidental frequency modulation. This is par
ticularly important in signal generators operating at the higher frequen
cies. Although the use of a power amplifier complicates the electrical 
design, the advantages are such that the master-oscillator-power-ampli
fier arrangement is used in most commercial general-purpose signal 
generators intended to produce amplitude-modulated signals in the very 
high-frequency and lower frequency ranges. 

Modulation of Signal-generator Oscillators. Signal-generator oscillators 
are usually provided with some form of amplitUde or frequency modula
tion. The exact type of modulation and its details depend upon the 
application for which the signal generator is to be used. 

Three types of amplitude modulation are to be distinguished : sine wave, 
square wave, pulse. Sine-wave modulation is used to simulate a signal 
modulated by a voice or video wave. Square-wave modulation is com
monly used in microwave signal generators instead of sine-wave modula
tion, particularly in connection with reflex kJystron oscillators. In this 
way, one can obtain amplitude modulation free of incidental frequency 
modulation (see page 529) . Pulse modulation is used when it is desired 
to simulate signals such as used in radars, and in pulse communication 
systems. Signal generators with this type of modulation are required 
for the intermediate frequencies that are commonly used in such systemsJ 
as well as for the signal frequencies. In order to avoid incidental fre
quency modulation during the period of the pulse, it is important that the 
modulating pulse have a flat top and steep sides. 

Two types of frequency modulation find wide use in signal generators. 
The first employs a sine-wave modulating voltage to simulate a signal 
that is modulated by a voice or equivalent wave. In the case of triode 
oscillatorsJ reactance-tube modulation is normally employed.2  With 

1 For example, see Alfred W. Barber, C. J. Franks, and A. G. Riehardson, A Signal 
Generator for Frequency Modula.tion, Eledronics, vol. 14, p. 36, April, 1941. 

I In �he ordinary reactance-tube arrangement, the frequency deviation produced by 
a given amplitude of modulating voltage will vary with the carrier frequency. Means 
of overcoming this characteristic and obtaining a deviation that is substantially 
independent of carrier frequency are described by Hill and Crosby, loco cit.; Sinciair, 
loco cit.; Barber, Franks, and Richardson, loco cit. 
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,eflex klystron oscillators, frequency modulation is ordinarily achieved by 
applying the modulating voltage to the repeller electrode (see page 529). 

The second type of frequency modulation used in signal generators is 
represented by the sweeping oscillator (see page 501). Here the instan

. taneous frequency of the generated oscillation is continuously swept over a 
wide band in order to trace out response curves, etc. 1 

Signal generators are commonly arranged so that modulation can be 
obtained either irom an internally generated modulating voltage, or by 
a modulating voltage supplied from a source external to the signal gen
erator. The internal arrangement ordinarily provides modulation cor
responding to standard test condition. Thus in the case of signal gener
ators intended for testing broadcast receivers, the internal modulation is 
a 400-cycle sine wave adjustable in amplitude to give a percentage modu
lation ranging up to at least 80 per cent. Similarly, in the case of signal 
generators designed for the testing of pulse systems, one would use 
internal modulation that would give pulse modulation corresponding to 
several typical values of pulse length and repetition frequency. More 
flexible or more elaborate forms of modulation can then be obtained by 
using an external modulating voltage in place of the modulating voltage 
available internally in the signal generator. 

A mplitwie M adulation of Att.nuui<Jr Output. In some circumstances 
there is an advantage to be gained by modulating the output of the signal
generator attenuator, rather than modulating the signal-generator oscil
lator or power amplifier. Amplitude-modulation systems of this type are 
illustrated in Fig. 15-22. The arrangement at a is an untuned Class A 
amplifier that is grid-modulated.' By using a very low value of plate 
load resistance RL such that the voltage gain of the stage is of the order of 
0.1 ,  this arrangement will give substantially constant amplification up 
to frequencies of the order of 150 Mc. Control-grid modulation is 
employed, using a relatively large modulating voltage.' In this way 
satisfactory modulation up to about 80 per cent is possible. The degree 
of modulation produced is independent of tbe amplitude of the radio
frequency voltage applied by the signal generator provided this voltage 
is small compared with the modulating voltage. 

1 Examples of such signal generators are described by R. G. Hibberd, A Wide-band 
Visual-alignment Signal Generator for 10--100 Mc/s, J. lEE (Radiolocatilm eonv.),  
vo!. 93, pt. HA, p. 1328, March-May, 1946; C. M. Burrell, W. R. Savery and P. B. F. 
Evans, An Alignment Signal Generator for 5-35 Mc/s and 38-32 Mc/s Incorporating 
a Display System, J. lEE (Radiolocatwn Conv.), vol. 93, pt. ilIA, p. 1352, March
May, 1946. 

' See D. B. Sinciair, A Versatile Amplitude Modulator for V-H-F Standard-signal 
Generators, Gen. Rad. Expt., vo!. 24, p. 3, Kovember, 1949. 

I This arrangement is sometimes called a modulated Class A amplifier of the van 
der Bijl type. 
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In the arrangement at Fig. 15-22b, the modulating element is a crystal 
rectifier placed hetween input and output terminals, as illustrated. '  
Modulation is accomplished by biasing the crystal to give a suitable 
operating point, and then superimposing a modulating voltage much 
larger than the radio-frequency voltage. In this way the resistance of . 
the crystal is varied in accordance with the modulating voltage, thereby 
varying the transmission of the radio frequency between the input and 
output terminals, and producing a �odulated output wave. An arrange
ment of this type will operate satisfactorily up to carrier frequencies of at 
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FIG. 15-22. Two arrangements that can be used to obtain amplitude modulation o( a 
signal-generator output. 

least 1000 Mc. The degree of modulation obtained with a given modu
lating voltage is independent of the carrier amplitude of the applied 
signal, and likewise can be made independent of the modulating fre
quency up to nearly 5 Mc. The maximum percentage of modulation that 
can be obtained with a reasonably linear characteristic drops off at the 
higher carrier frequencies, and at 1000 Mc is of the order of 30 per cent. 

Modulating arrangements such as illustrated in Fig. 15-22 are par
ticularly useful where it is desired to avoid incidental frequency modula
tion. They can also be applied to the output of a frequency-modulated 
signal generator to give signals that possess combined amplitude and fre-

I W. F. Byers. An Amplitude Modulator (or Video Frequencies, Gen. Rad. Expt., 
vol. 24, p. 6, March, 1950. 
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quency modulation for testing the effectiveness of [imiters, etc. Finally, 
the crystal-rectifier modulator of Fig. 15-22b introduces the possibility of 
obtaining a video modulated signal for testing television receivers, using a 
signal generator designed for other purposes. It is merely necessary to 
use the video output from a high-quality television receiver as the modu
lating voltage; the result is then a signal useful in testing certain aspects of 
television receivers.l 

The modulators of Fig. 15-22 intrqduce an insertion loss that must be 
allowed for. This loss can be determined in the following manner: The 
output terminals of the signal-generator attenuator are first connected 
directly to a radio receiver, and with the internal modulation of the signal 
generator turned on, the attenuator and receiver gain control sre adjusted 
until a convenient indication is obtained on the receiver output indicator. 
The modulator to be calibrated is then inserted into the system between 
the attenuator output and the receiver input, and with no modulating 
voltage applied to it, the signal-generator attenuator is readjusted until 
the original receiver output is restored while leaving the receiver gain 
unchanged. The change in attenuator setting then obviously gives the 
insertion loss introduced by the output modulator under test. The 
modulating voltage required to produce a given percentage modulation 
can next be readily determined by switching off the internal modulation 
of the signal generator and applying a modulating voltage of the same 
frequency to the output modulator. The amplitude of modulating 
voltage required to restore the receiver output to the original value is the 
amplitude that gives the same percentage modulation as was originally 
produced by the internal modulator of the signal generator. 

Attenuators for Signal Generator.. The signal-generator attenuator 
must be capable of developing output voltages continuously adjustable 
from less than 1 "v to over 0.1 volt, a range in excess of 100 db. Both 
resistive and waveguide attenuators are satisfactory at frequencies below 
about 200 Mc. At higher frequencies, waveguide attenuators are 
employed almost exclusively, although occasional use is made of systems 
involving Bap and rotating-disk arrangements. 

General-purpose signal generators of commercial design that cover the 
broadcast "nd short-wave bands almost universally employ resistive atten
uators. These attenuators are ordinarily of the ladder type, adjustable 

. in steps as illustrated in Figs. 15-Sa and 15-9, and designed to present an 
equivalent impedance at the output terminals of the order of 10 to 50 
ohms. A continuously variable output voltage between attenuator 
steps is obtained by means of an adjustment that varies the input to the 
attenuator. Provision is made for establishing a reference input level 

1 It is to be noted, however, tha.t the modula.ted output possesses double-aide-baDd 
modula.tion, whereas the sta.nda.rd television signal is of the vestigia.l-side-ba.nd type. 
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to the attenuator; either a vacuum-tube voltmeter or a thermocouple 
meter can be used for this purpose. 

Attenuators based upon a waveguide operated at frequencies lower than 
the cutoff frequency are discussed in detail in Secs. 15-3 and 15-4. When 
such arrangements are used in signal generators, they are always provided 
with means for establishing a known reference level to which all values of 
attenuation can be referred, as discussed on page 660. 

The output voltage of the signal-generator attenuator is ordinarily 
delivered to a binding post in the case of signal generators operating at 
short-wave a.nd lower frequencies. However, at very high frequency and 
higher frequencies, the capacitance and inductances of leads connecting 
such an output terminal with apparatus under test will cause the voltage 
actually applied to this equipment to differ from the voltage at the attenu
ator output terminals by a substantial and unknown amount. At these 
higher frequencies, it is accordingly customary to employ a cable to 
deliver the attenuator output to the apparatus under test. This cable 
must be terminated at the apparatus end in its characteristic impedance, 
and is preferably but not necessarily excited from a signal generator 
having an equivalent output impedance likewise equal to the character
istic impedance of the cable. 1 In such an arrangement, the length of the 
cable does not affect the voltage actually present at the output terminals 
.of the cable, provided only that the total attenuation of the cable is small. 

The accuracy of well-made attenuators is quite high even at attenua
tion values as great as 100 to 120 db. The waveguide attenuator can, in 
fact, be used as a primary standard of attenuation, since when free of 
spurious modes its attenuation is determined only by the mechanical 
dimensions, in accordance with Eq. (15-9). The accuracy of resistive 
attenuators depends upon the details of design and construction, and can 
be made quite good at frequencies below 200 Mc. However, there is no 
way of being certain that the attenuation at the higher radio frequencies 
will be as anticipated except by calibrating against an attenuator that is 
known to be a'ccurate, particularly a waveguide attenuator.2 Unless the 
signal-generator shielding is very good, the principal error resulting from 
the use of a signal generator at very large values of attenuation ,viII 
ordinarily arise through energy leaking from the signal generator to the 
equipment under test, rather than from attenuator inaccuracies. 

Signal Generators for Audio Frequencies. Signal generators for audio 
frequencies are used in determining the amplification, and variation of 

1 For a detailed discussion of the properties of signal generator output systems 
. involving cables, see Arnold Peterson, Output Systems of Signal Generators, Gen. 

Rad. Expt., vol. 21, p. 1 ,  Junc, 1946. 
1 Methods for accurately calibrating signal-generator attenuators are described by 

Gainsborough, loco cit.,· Grantham and Frecman, wc. cit. 
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amplification with frequency, of audio amplifiers. A signal generator for 
this purpose is composed of an audio oscillator, typically of the resistance
capacitance type, the output of which is applied to an adjustable-resist
ance attenuator. The input to the attenuator is commonly indicated by 
a vacuum-tube voltmeter. 

Only elementary precautions need be taken with respect to shielding of 
audio-frequency signal generators. Reasonable separation between parts 
of the system that are at greatly different power levels, a little thought 
regarding the location of grounds, the use of· separate leads to ground for 
different parts of the system that are to be grounded, and very simple 
electrostatic shielding, will always be adequate to meet the needs of the 
situation. As a result, it is possible to realize an audio-frequency signal 
generator by combining an ordinary laboratory audio-frequency osciHator 
that is in a metal case, with a standard attenuator unit that is external to 
the oscillator. Commercial models of laboratory audio-frequency oscil
lators are sometimes provided with built-in attenuator and level indicator 
so that they can also be used as signal generators. 

16-8. Shielding of Signal Generators and Similar Equipment.' In a 
signal generator the oscillator circuits carry potentials of the order of tens 
of volts, whereas the attenuator output may Qe 1.0 p,V or less. It is neces
sary that the signal-generator shielding prevent the strong fields associated 
with the oscillator from inducing in the apparatus under test, voltages 
comparable with a microvolt or less obtained from the attenuator output. 
Achievement of this result requires a carefully designed shielding system, 
in which great attention is paid to many details. The principles involved 
in such shielding are of fundamental importance in connection with signal 
generators, and are of st:.91cient general interest in many classes of equip
ment to warrant careful study. 

The shielding of radio-frequency fields, both electric and magnetic, is 
ordinarily accomplished by taking advantage of the fact that such fields 
are almost perfectly shielded by a good conductor such as copper or 
aluminum. The effectiveness of the shielding obtained in this way will be 
very great if the thickness of the shield is much greater than the skin 
depth. When the magnetic field is parallel to the shield, the ratio of mag
netic field strengths on the two sides of a sbield of thickness a is 

Ratio of field strengths in db � 8.69 � (15-11) 

1 Useful discussions of shielding technjques are given by Bosquet, loco cil.,. Haeft, 
HanJey, a.nd Smith, lQ(;. cil.,. D. C. Rogers, The Design of Signal Generators for Centi
metre Wa.velengLhs, J. lEE (Radiolooalion Couv.), vo!. 93, pt. "IlIA, p. 1457, March
M.y, 1946. 
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where 0 is the skin depth, and which for nonmagnetic materials is given 
by the equation 

• . 

6.62 
o m  cm = VFr (15-12) 

where f is the frequency in cycles, and 'Y is the relative conductivity of the 
shield compared to the conductivity of copper. By using conducting shields 
of suitable thickness, it is possible to obtain very complete shielding at all 
radio frequencies, and particularly at broadcast and higher frequencies. 

It is apparent that if the apparatus producing the undesired field is 
placed inside of a copper box that is then sealed perfectly with well-made 
soldered joints, the shielding will for all practical purposes be perfect if the 
thickness of the walls is adequate. It is also apparent that such an 
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FIG. 15-23. Sandwich type of lid Cor a shielded compartment. 

arrangement would not be very practical ; to be useful, leads must pass 
through the shield to supply power, shafts must be provided that permit 
adjustments of the equipment inside the shield, access is required to per
mit changing tubes, etc. These practical considerations are the things 
that give trouble in shielding, and which require special attention if exces
sive leakage is to be avoided. 

The first requirement for obtaining effective shielding under practical 
conditions is good mechanical construction of the shield. Joints are 
preferably soldered ; where this is not possible, surfaces that are in contact 
should be constructed to give a good mechanical fit that provides a con
tinuous low-resistance contact. 

Lids which must be frequently opened provide a particularly difficult 
problem. One solution is to employ a refrigerator-type door, preferably 
supplemented by clamping with wing nuts. A very ingenious and effec
tive method of handling the lid problem is illustrated schematically in 
Fig. 15-23. Here the lid is in the form of a sandwich, the center of which 
is insulating material. The inner conducting surface of the lid makes a 
spring contact with the inner side of the shield, while the outer conductor 
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of the lid makes a spring contact with the outer side of the shield. Such 
an arrangement is several hundred times as effective as a simple all-metal 
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plane 

Sinq/e 
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FIG. 15-24. Schematic diagram of  
shielded compartment containing tube 
and circuits, showing bow a. ground 
bus, or ground plate, can be used so 
that only a single ground connection 
need be made to the shield. 

lid with spring fit, and is satisfactory 
under many circumstances that 
would otherwise require wing-nut 
clamping arrangements. 

Grounds for the apparatus housed 
within a shield should be arranged so 
that the shield is not used as a return 
conductor. In this way the current 
that flows in the walls of the shield 
is reduced to a very small value, and 
the tendency for energy to leak out 
through holes or joints in the shield 
is thereby greatly reduced. The 
ideal grounding system makes use of 
a H ground bus," or ground plate, 
within the shield, which is insulated 

from the shield except at a single point that provides the only ground 
connection for the apparatus within the shield. This is illustrated in 
Fig. 15-24. 

Lead Filters. Leads passing through the walls of the shield for the 
purpose of supplying anode and filament power, modulating voltage, 
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FIG. 15-25. Resistance-capacitance and inductance-capacitance filter arrangements. 
The "feed-through" capacitors C2 shown in the diagram can be replaccd if desired by 
condensers connected from thc left-hand end of R1 to the shield. 

direct current to operate meters, etc., are normally equipped with resist;... 
ance-capacitance filters to prevent leakage of radio-frequency energy. 
The principles involved are illustrated in Fig. 15-25a. Here capacitance 
C, tends to by-pass to the ground bus current. i, attempting to pass out 
along the lead passing through the shield. At the same time, the rela-
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tively high resistance RI reduces to a very small value whatever current i2 
still flows through resistance RI as a result of the potential developed 
across C. by the current il; furthermore, the current i, is largely by-passed 
to the shield by the capacitor C, (commonly of the feed-through type as in 
the illustration) that provides capacitance from the lead to the shield. In 
this way the current i3 that finally emerges from the filter ca� be made 
very very much smaller than the original current il_ However, if still 
more filtering is required, several resistance-capacitance sections can be 
added to the right of RIC. in Fig. 15-250; in this case, part or all of the 
filter is placed in a shielded space as indicated in Fig. 15-250, to protect 
the filter from whatever fields may be present. 

Where d-c voltage drops are to be avoided in filters, as in the case of 
leads carrying modulating voltages or used to deliver the d-c output of a 

Ouiside of 
shield 

2... __ 

fnside(shielded 
space} 

Co!,percy/inder 

J 

FIG. 15-26. Lossy transmission-line type of fi1ter. 

thermocouple to an indicating instrument, it is possible to replace the 
filter resistances by inductances, as illustrated in Fig. 15-25b. In this 
case, it is necessary to shield the filter inductance in the inner compart
ment in order to prevent the magnetic fields that are to be shielded from 
inducing a voltage in the inductance and nullifying the effect of the 
by-pass capacitance Cl. 

Another means of preventing leakage of energy while at the same time 
avoiding the introduction of a d-c voltage drop is illustrated in Fig. 15-2;. 
Here the filter consists of a short section of coaxial line having a high-loSll 
dielectric, typically an iron-<lust cylinder made of polyiron material. 
Such an arrangement operates by dissipating the energy entering the 
filter at 1 to such an extent that very little of this energy emerges from the 
end 2 of the filter. The insulating sleeve lining the inside of the outer 
conductor is to prevent leakage of direct current between the inner and 
outer conductor. 

Multiple Shields. When the shielding must be very effective, it is 
customary to employ multiple shields, i.e., shields within shields. For 
example, the most important and serious source of fields in .B signal 
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generator is the coil of the oscillator circuit; the effectiveness of the shield
ing system is therefore greatly increased if the coil is enclosed in an 
au.xiliary shield, which is then placed inside the main shield. In some 
cases the entire tuned circuit, or even the oscillator tube and as::soclaLed 
radio-frequency tuned circuit and chokes, are placed in a separate shield 
that is within the main shield. In general, refinements such as filters for 
leads or single-point grounding, are not used in such a coil or tuned-circuit 
shield. If the shielding that results with such an arrangement, is not 
adequate, the main shielding container is then placed inside of an outer 
shield, as illustrated in Fig. 15-27. 

Single·point 
connection 
between shields 

fdfers 

Outer 
shield 

FIo. 15-27. Schematic diagram illustrating a multiple shieldillg system provided with 
a eingle point. connection bet.woon tho shields. 

In Fig. 15-27, the inner shield is insulated from the outer shield, except 
for a single connection between the two. This avoids the possibility that 
currents will circulate around a loop completed by two or more connec
tions between the shields. Leads passing through both inner and outer 
shields in such an arrangement are commonly provided with additional 
filtering located in the space between the shields, as illustrated by R,e,; 
also shafts extending from the outside to the inner compartment must be 
of nonconducting material in order to avoid introducing additional con
nections hetween the shields. 
. Waveguide-attenuator Method of Shielding. In certain cases it is possihle 
to use the waveguide-attenuator principle to prevent leakage of fields. 
For example, when it is necessary to circulate air through a shielded space, 
one may use tubular metal ducts as illustrated in Fig. 15-28, to provide 
the attenuation. By using a tube with an internal diameter small com
pared with a half wavelength, then the attenuation will be as given by 
Eq. (15-9), and will generally be adequate if the length is of the order of 
five diameters or more. 
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If the tube is filled with dielectric, it is necessary to take into account 
the fact that the distance corresponding to a wavelength is thereby 
reduced. This reduces the largest permissible tube diameter that can be 
used and still obtain waveguide attenuation; at 
the same time, the length corresponding to five 
tube diameters is reduced. 

Eliminatwn of Shaft Leakage. Shafts which 
must pass through the wall of a shield, or walls 
of a succession of shields, in order to adjust a 
tuned circuit, a potentiometer, or switch, can 
cause considerable difficulty. Ceramic or plas
tic shafts have many advantages, particularly 
when multiple shields are employed. In this 
case, it is possible to employ the waveguide
attenuator technique, as illustrated in Fig. 
15-29a, in order to prevent leakage through the 
hole introduced by the shaft. However, in 
such an arrangement, the fact that the dielec
tric constant of the shaft is greater than that 
of air may increase the cutoff wavelength to a 

-·'h,e/,/ed sptrce -

(Sdiameler:s Jonq) 

FIG. 15-28. Diagram show
ing a tube serving as 
a waveguide attenuator; 
such an arrangement per
mits access to thc shielded 
space for the circulation of 
air or other purposC8, with
out allowing leakage of 

point where transmission through the wave- energy. 

guide takes place with negligible attenuation. 
An expedient that has been found quite effective in eliminating leakage 

via the shaft is illustrated in Fig. 15-29b. This consists in enclosing the 
end of the shaft, whether it be of metal or nonconducting material, with a 

Sh,�Jd 

(alWavequide attenootOI" method (b) Grounded metal insert on knob 

FIG. 15-29. Methods that can be used to prevent leakage when a shaft passes through 
a. shield. 

knoh that is provided with a metal insert that completely encloses the end 
of the shaft ; in the case of a metal shaft this conducting insert of the knob 
is insulated from the actual shaft by a thin phenolic sleeve. The metal 
insert of the shaft is then grounded to the shield by means of a spring 
washer. 
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Shielding of Attenuators. Waveguide attenuators require no particular 
attention with respect to shielding because they are completely enclosed in 
a metal tube which is long enough so that fields emerging from the output 
end are attenuated to negligible amplitude compared with the signal
generator output. On the other hand, resistive attenuators must be care
fully designed from the point of view of shielding in order to avoid spuri
ous couplings between input and output portions of the attenuatoT, and 
between parts of the switching system. 

A typical shielding arrangement for the resistive attenuator of a signal 
generator is illustrated in Fig. 15-30. Here the shield consists of a circular 

switch 

lead 

Grovnd wire 

ho"sin'1 

Aftenucrfor 

ground 
conned/on 

oulpuf 

FIG. 15-30. Exa.mple of shielding system suitable for use with a. signal-genera.tor 
attenuator of the resistance type. "Note tha.t the atlenuator is grounded to the shield 
at only one point, thereby a.voiding the use of the shield as a return conductor that 
carries current. 

caat-aluminum housing, provided with compartments as shown, with each 
compartment containing one or two attenuator sections. In this way 
different part. of the attenuator are well shielded from each other. The 
Bwitch with its contacts is placed in the center, and means are provided 
whereby unused contacts at high power level are not significantly coupled 
electrostatically to switch points associated with very low power levels. 
It is to be noted, that if the maximum cross-sectional dimension of the por
tion of the shield housing the attenuator units is small compared with a 

. wavelength, then the attenuation of the fields due to waveguide-attenu
stor action tends to be high as one goes from one attenuator section to the 
next. In fact, if the proportions are such that when one travels an 
angular distance 8, the attenuation of the fields due to waveguide-attenu
stor action is as great as or greater than the attenuation of the resistive 



SEC. 15-81 A T T E N U A T O R S  A N D  S I G N A L  G E N E R A T O R S  683 

sections physically occupying this same distance, then it is possible to dis
pense with the radial shielding partitions. 

Test for Lelikage. The effectiveness of a shielding system can be deter
mined by connecting a one- to four-turn coil to the input terminals of a 
sensitive receiver and exploring for pickup. The pickup should be negli
gible when the coil is at least several inches away from the shield, and in 
particular, there should be no pickup when the coil is brought into the 
proximity of the .leads which go through the shield. When a signal 
generator is properly shielded, a sensitive receiver connected to the 
attenuator posts will show negligible response when the attenuator is set 
for the smallest possible output voltage and its output posts are short
circuited. 
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SUBJECT INDEX 

A 

Acoustic fidelity, 386 
Adcock system, 466 
Adjacent-channel attenuation, 384, 385 
Adjacent-chanDel selectivity, 344, 345 
Admittance (see Impedance) 
Admittance comparator, 159 
Air-dielectric condensers (see Condensers, 

variable ttir-dielectric) 
Aircraft antennas, models for, 444 
Alternating current, measurement of, 5-

15 
Ammeters, a-c, 5-15 

D'Arsonval, 1 
d-e, l 
rectifier, 6--9 
waveform effects in, 5, 8 

Amplification, available power, 313 
measurement oC, 318 

definitions of, 311 
expressed in decibels, 323 
insertion, 312 

measurement of, 316--318 
measurement of, 314-321 

of individual stage, 321 
signal generator for, 319-321 

phase-shift of, 324 
of receiver stages, 397 
voltage, 311 

Amplification factQr, cutQff, 294 
measurement of, 295, 296, 300-303 
of pentQdes, 293 
of triodes, 290 

Amplifier measurements, 31 1-379 
Amplifier-rectifier vacuum-tube voltmc

t�rs, 29-30 
Amplifiers, bandwidth of, 344 

noise in, 353-367 
(See also Noise) 

noise figure of, 360-367 
nonlinear distortion in, 333-341 
otT-cbannel selectivity of, 344 
phasc shift of, 324 

Amplifiers, response of, impulse, 328 
pulse, 327 
square-wave, 325-328 
step-wave, 327 
transient, 327-333 

rise time of, 327 
tuned, cross modulation in, 345 

cross talk in, 345 
distortion in, 345 
test of, 341-350 
transient response of, 345-350 

tuncd audio-frequency, 244 
(See auo Amplification) 

Amplitude-modulated waves, mcasure
ments of, 282-285 

oscillographic representation of, 282-
285 

Amplitude modulation, of radio·frc-
quency oscillatcrs, 500 

of reflex klystrons, 529 

in signal generators, 671, 672 
suppression of, in frequency-modula· 

tion receiver, 392 

Analyzers, spectrum, 251-255 
wave (see Wave analyzers) 

Antenna connections for signal genera
tQrs, 400 

Antenna measurements, spacing required 
in, 417-420 

Antennas, 41 1-447 

693 

capture area of, 436-438 
center of phase in microwave, 426-429 
current in broadcast, 446 

current distribution in, 445 
directional patterns of, 415-417 

ground effects in, 420-426 
at lower frequencies, 430-433 
at microwaves, 420-426 

dummy, 400-402 

effective height of, 447 

field pattern of, 415-417 
at lower frequencies, 430-433 
at microwaves, 420-425 
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Antennas, for field-strength measure
ments, 448-450 

gain of, 433-443 
abp,oiute measurement of, 439 
by comparison, 438 
definition of, 433 
from field pattern, 433-436 
at lower frequencies, 442 
by reflection method, 440 
using identical antennas, 1·39 

ground effects on, at lower frequencies, 
431 

impedance of, 412- 415 
isotropic, 433 
loop, 402-406 
models for measurements on, 443 
mutual impedance between, 414 
phase front in microwave, 426-429 
for receiver tests, 400-406 
reciprocal relations in, 411 
relation of gain and capture area in, 

438-440 
spacing required in tests of, 417-420 
for standard field generators, 454-456 

Apparent capacitance, 612 
Apparent inductance, resistance, and Q, 

88 
Attenuation, second-channel. 384, 385 

in standing-wave detectors, 149-155 
in transmission lines, 123, 128-134 

At.tenuators, 641-669 
cascade systems of, 644 
coaxial line, 663 
cutoff, 656-662, 675 
nap, 667 
image-impedance operation of, 642 
inscrtion loss of, 645 
insertion-loss measurements using, 188 

, interaction factor in, 646 

L, 641 
lattice, 642 
for microwaves, 662-668 
resistance, for microwaves, 662-668 

using lumped elements, 641--656 
decade, 652 
design formulas for, 647--651 
frequency effects in, 654-656 
ladder and step, 652 
shielding in, 655 
varia.ble, 651 

sampling, 668 

Attenuators, shielding of, 682 
for signal generators, 674 
transfer constant of, 643 
vane, 666 
waveguide (see Waveguideattenuators) 

Audio frequencies, measurement of, 224-
229 

by bridge, 226 
by comparison, 225 
by counting, 227 

Audio-frequency amplifiers (see Amplifi
cation; Amplifiers) 

Audio-frequency oscillators, 482-487, 
493-495 

frequency modulation of, 507 
Automatic amplitude control in oflciJla-

tors, 498 
Automatic-volume-control tests, 394 
Available noise power, 356 
AVd.ilable power, 313 
Available power gain, 313 

measurement of, 318' 
Ayrton-Perry resistor, 028 

B 

Balanced impedances, 1 1 8  
Bandwidth, of amplifier, 344 

of noise, 358 
Bandwidth ratio of amplifiers, 344 
Barretter, 44 
Base clipper, 536 
Beat frequencies, observation of very 

low, 211n. 
Beat-frequency oscillators, 490--493 
Bimtu' resistance, 628 
Blocking oscillator, 548--554 

delay-line control of, 573 
frequency of, 552 
one-shot, 553 
operating mechanism of, 54!) 
pulse length and shape in, 551 
synchronization of, 552 

Bolometer, 42-51 
high-power, 5 1  
for power measurements, 42-51 
88 square-law demodulator, 50 

Bolometer bridges, 47-50 
Bolometer demodulator, 50 
Bolometer element, 44 
Bolometer mount, 46 
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Bootstrap saw-tooth wave generators, 
584 

Bridge-stabilized oscillators, 502-504 

Bridged-T attcnuator, 641 

Bridged-T circuit for incremental induct
&nee. 109 

Bridged-T network for fundamental sup
pression, 247 

Bridged-T networks, 86 
Bridges, a-<:, 69--84 

for bolometer, 47-50 
d-c, 66 
detector for, 82 
Felici mutual-inductance balance, 113 
for frequency measurements, 226 
fundamental suppression, 247 
groundihg of I 74 
Hay, 73, 107, 1 1 1 , 226 
input and output impedance of, 81 
Maxwell, 72 
for mutual inductance, 113-1]5 

Campbell and Carey-Foster, 114 
negative-resistance, 115 
oscillator for, 82 
Owen, 108 
residual impedances in, 78 
resistance-ratio, 71 
resonance, 72 
Sc�cring, 74 
shielding of, 74 
substitution measurements using, 79 
transformers for a.rms 0(, 116 
transmission-Line, 164 
(or tube coefficients, 298-300 
types 0(, 69-74 
using bridged-T network, 84 
using twin-T networks, 86 
vector impedance, 119 
Wagner ground (or, 77 
Wheatstone, 66, 69 

Wien, 73, 226, 248 
Brooks inductometer, 621 

Butterfly oscillators, 513 

Byrne bridge,. 157 

c 

Cable, lossy, 663 
Calorimeter methods (or power measure

ments, 52-55 

Calorimet.ers, for coaxial lines. 53 
for waveguidcs, 54 

CampbeU mutual-inductance bridge, '114 
Capacitance, apparent, 612 

direct, 102 
distributed (Ste Distributed capaci-

tance) 
effect of humidity on, 611 
measurement of, 69-121 
standards of, 61(}-617 
of transmission lines, 134 
very small, 104-107 
(See also Condensers) 

Capacitance-variation method, 94-96 
Capacity (see Capacitance) 

Capture area of antennas, 436-438 

Carey-Foster mutual-inductance bridgc, 
1 1 4  

Cathode-follower clipper, 535 
Cathode-ray beams, deflcction of, 233 
Cathode-ray oscilloscope, 230-238 

for characteristic curves of tubes, 308 
electrostatic deflection laws in, 233 
frequency comparison using, 215-220 
frequency effects in, 234 
frequency interpolation with, 218 
gea.r-wheel and spot-wheel patterns in, 

217 
Lissa.jous figures in, 216 
modulated waves on, 284 
phase-difference measurement with, 

267 
photography involving, 237 
pulse shapes with, 259-263 
saw-tooth wave in, 597-599 
switching circuit for, 236 
time axes for, 231 
transient voltages on, 236 
transit time in. 235 

Cavity resonators, 180-187 
coupling to, 180, 208 
loaded and unloaded Q of, 184 
modes in, 204 
Q and frequency of, 181-187 

by comparison, 186 
by impeda.nce measur/unents, 181-

184 
by transmission mcasurcment.�, 184-

187 
tuning of, 204, 206 
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Cavity wavemeters, 204-210 
modes in, 204 
spectrum-a.Dalyzer type of, 254 
tuning of, 204, 206 

Ch::tracteristic impedance, 1 23, 128-132, 
135 

Chart, Smith, 152-157 

Charts, transmission-line, 152-157 
Chokes, radio-frequency, as cause of 

holes, 521 
Clamping circuit, 570n., 581 
Clipping circuits, 533-537 

base, 536 
cathode-follower, 535 

diode, 533 
peak, 536 
triode, 533 

Coaxial-line triode oscillators, 516-519 
Coaxial lines, insertion loss in, 187-192 

resistance attenuators involving, 663 
terminations fOT, 637 

Co-ehannel interference, 393 

Comparator circuit, 607 
Condensers, with solid dielectric, 614-617 

adjustment of, 615 
decade, 615 

polarization and temperature effects 
in, 614 

power factor of, 614 
variable air-dielectric, 610-614 

apparent capacitance of, 612 
equivalent circuits of, 610 
figure of mcrit for, 6 1 1  
losses in, 610 
power factor of, 612 
temperature effects in, 612 

Conductance (see Impedance; Resist:mce) 
Counting method, of comparing fre

quencies, 220-222 
of measuring, audio frequencies, 227 

time intervals, 266 
Coupling coefficient, 115 
Critical frequency of ionosphere, defini

tion of, 471 
Cross modulation, in amplifiers, 333 

in receivers, 390 
in tuned amplifiers, 345 

Cross talk, in receivers, 390 
in tuned amplifiers, 345 

Cross-talk factor in receivcrs, 390 

Crystal galvanometers, 38 

, 

Crystal harmonic generators, 198 
Crystal noise generator, 379 
Current, in broadcast antennas, 446 

measurement of, 1-15 
saw-tooth wave of, in inductance, 599-

605 
Current distribution in antennas, 445 
Cutoff attenuators, 656--662 

in signal generators, 675 

D 

D'Arsonval instruments, 1 

Decade attenuator, 652 
Decade condensers, 615 
Decade inductances, 621 
Decibels, amplification expressed in, 323 
Delay-line control, of blocking oscillator, 

573 
of multivibrator, 571-573 
of pulse length, 571-574 

Delay lines, 567 
Dela.y time, 275 

envelope, 276 
group, 276 
(See auo Time-delay generation) 

Deroodulator, bolometer, 50 
Detector, for bridge, 82 

standing-wave, 135-145 
Detuned test frequency, transient re-

sponse with, 347 

Deviation sensitivity, 391 
Differentiating circuit, 537 
Differentiation of typical wave shapes, 

538 
Diode clipper, 533 
Diode noise generator, 37�375 
Diode vacuum-tube voltmeters, 17-29, 

34-36 
effect on, of frequency, 25-29 

of waveform, 17-24 
slide-back, 34-36 

Dircct capacitance, 102 
Direct current, amplifiers for, 4 

measurement of, 1-5 
D-c instruments, 1 

calibration of, 3 
fuse circuits for, 2 . 
multipliers and shunts for, 1 

D-c voltage, meMurement of, 1-5 

vacuum-tube voltmeters for, 3 
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Direction-finder systems, 465-467 
Directional couplers, 57--64 

directivity of, 63 
for impedance measurements, 161 
power measurements using, 57-59 
reflection coefficient by, 149n. 
types of, 59-64 

Directivity oC directional couplers, 63 
Diseriminator, counter type of, 224 
Dis.,ipation loss, 189 
Distortion, in audio amplifiers, 333-341 

harmonic methods for, 334 
intermodulation methods for, 335-

340 
phase, 275 
in radio receivers, 388 

Distortion analyzers, 244-251 
Distortion measurement (see Distortion; 

Wave a.nalyzers) 
Distributed capacitance, 102 

in inductance standards, 617 
in rod and film resistors, 633 

Dummy antennas for receiver tests, 400-
402 

Dynamometer instruments, 5 
Dynamometer wave ana.lyzer, 250-251 

E 

Effective height, 447 
Eleetron-ooupled oscillators, 498 
Electrostatic deflection of cathode-ray 

beams, 233 
Envelope of modulated wave, 282 
Envelope delay, 276 
Envelope viewers, 263 

F 

Feedback, in amplifiers, 322 
negative, fundamental concepts of, 

350-353 
Feedback circuit for saw-tooth wav(> gen

eration, 586-592 
Feedback factor, definition of, 351 

measurement of, 353 
Felici mutual-inductance balance, 113 
Fence to eliminate ground re8eotion, 424 
Fidelity, acoustic, 386 

electric, 387 
in radio receivers, 385-387 

Field generator, for receiver teste, 402-
406 

standard, 454-459 
Field strength, automatic recording of, 

463 
of noise fields, 464 
of radio waves, 448-465 

Field-strength measurements, accuracy 
of, 461 

antennas for, 448-450 
by calibrated intermediate-frequency 

attenuator, 450-453 
noise to give standard sensitivity in, 462 
of pulsed signals, 462 
simplifications of, with strong fields, 

460 
by standard field generator, 454-460 
by substitution of known voltage, 453 
at very high frequencies, 459-460 

Filters for leads, 678 
Flap attenuators, 667 
Fluorescent-lamp noise generator, 377-

379 
Flyback, 574 
Fourier series analysis of oscillograms, 

241 
Frequencies, additional, from single fre-

quency, 196-100 
audio, mea.suremcnt of, 224-229 
of cavities, 181-187 
comparison of, 213-222 

by counting systems, 220-222, 229 
interpolation of, 213-215, 218 
measurement of, 193-229 
standards of, 193-j96 

primary, 194 
radio signals as, 195 
seeondary. 195 

Frequency dividers in frequency measure
ments, 196 

Frequency meter, counting type of, 227 
heterodyne, 210-215 

Frequency-modulated signals, frequency 
monitoring of, 223 

Frequency-modulated waves, modulation 
index of, 286 

Frequency modulation, of audio oscilla-
tors, 507 

of radio-frequency oscillators, 500 
of reflex klystrons, 529 
in signal generators, 671 

• 
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Frequency-modulation receivers, ampli-
tude-modulation suppression in, 392 

co-channel interference in, 393 
selectivity of, 384 
sensitivity of, deviation, 391 

quieting, 392 
tuning characteristic of, 394 

Frequency monitors, 222-224 
Frequency-variation method, 96 
Fundamental suppression type of wave 

&nalyzer, 247 
Fuse circuits for instruments, 2 

G 

Ca.in, of a.ntennas, 433-443 
absolute value of, 439 
from field patterns, 433-438 
at lower frequencies, 442 
relation of, to capture area, 438-440 

available, 313, 318 
insertion, 312, 316-318 
of pa.rts of receiver, 397 
of tuned amplifiers, 341 
voltage, 314--316 
(See also Amplification) 

Galvanometers, crysta.l, 38 
Gas-discharge noise generator, 377-379 
Gear-wheel pattern in ca.thode-ray tubes, 

217 
Ground, characteristics of, 478-481 

from propagation data, 479 
by samples, 478 
from standing-wave pattern, 480 
from wave tilt, 480 

effect of, in antenna tests, 422-425 
on field generator, 456 
on field pattern, 420--425 

at lower frequencies, 431 
Wagner, 77 

Ground reflection, fence to eliminate, 424 
Ground wave, tilt of, 467 
Grounding, of bridges, 74 

in shielding systems, 678, 680, 682 
Group delay time, 276 
Group velocity, 123 
.Guard circuit, 103 
Guillotine a.ttenuator, 667 

H 

Harmonie analysis of osci1lograms, 241-
244 

Harmonic genera.tors, in frequency meas
urements, 196 

using blocking oscillator, 554 
using multivibrator, 546 

Harmonic method of measuring amplifier 
distortion, 334 

Harmonics, effect of, on voLtmeters and 
ammeters, 5, 8 

Hay bridge, 73, 226 
for incremental inductance, 107, 1 11  

Height, effective, 447 
Heterodyne frequency meters, �1o- 215 
Heterodyne wave analyzern, 245 
Hum in receivers, 397 
Humidity effects on capacitance, 611 
Hybrid coil, 117 
Hybrid junction, 177�180 

I 

Image attenuation, 643 
Image-impedance operation of attenua

tors, 642 
Image ratio, 389 
Impedance, by admittance comparator, 

159 
antenna., 412--415 
balanced, 118 
by Byrne bridge, 157 
characteristic, 123, 128-132, 135 
by diccctional-eoupler method, 161 
by hybrid junction, 177-180 
low .values of, 169 
by magic-T junction, 177-180 
mutual, between antennas, 414 
normalized, 146n. 
by probe methods, 161 
by resonant lines, 165-170 
by standing-w&ve detector, 145-149 
by substitution, 79, 97-100, 165-170 
vector, bridges for, 119 
wave, 173 
waveguide, 172 

Impedance comparators, 164 
Impeda.nce measurements, to determine 

cavity Q and frequency, 181-187 
by substitution, 79, 97-100, 165-170 

Impulse tests, 332 
of tuned amplifiers, 349 

Incident wave, 124 
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Incremental inductance, l07-1i2 
Indicators, volume-level, 64 
Inductance, apparent, 617 

of condensers, 610 
incremental, 107-112 
mensuremcnt. of, 69-109 
mutual, 112, 621-622 
by Q meter, 90 
of transmission line, 134 
true and apparent, 88 v'ariable, 621 

Inductance standards, 617-621 
decade, 621 
distributed capacitance in, 617 
for lower frequencies, 618 
with magnetic cores, 619 
for radio frequencies, 619 
variable, 621 
temperature effects in, 619 

Insertion gain, definition of, 312 
measurement of, 316-318 

Insertion loss, of at.tclluators, 645 
in coaxial and wavcguidesyst.ems, 187-

192 
by impedance and standing-wave meas-

urements, 189-192 
lntegrating circuit, 537 
Integration of typical wave shapes, 538 
Interaction fa..ctor in atteouators, 646 
Intercept area. of antenna, 436-438 
Interference, co-channel, 393 
Intermodulation method of measuring 

amplifier distortion, 335-340 
form of, CCIF, 338 

SMPTE, 335 
Interpolation of frequencies, 213-215, 218 
Interpolation oscillators, 210, 212 
Ionosphere, 470--478 

angle--of-arrival method of investigat
ing, 477 

critical frequency of, 471 
interference method of investigating, 

476 
measurements on, 470-478 
pulse investigations of, 470-476 
variable-distance method 01 measuring 

virtual height of, 471 
Iron-vane instruments. 5 
Irregularities by node shift, ISO 
Isotropic radiator, 433 

J 

Johnson noise, 353-356 

K 

Klystron, multiple-cavity, 530 
Klystron frequency multiplier, 1 98n. 
Klystron noise generator, 370 
Klystron oscillator ("ee Oscillators, reflex 

ldystron) 

L 

L attenllator, 641 
Ladder attenuator, 652 
Lattice attenuator, 642 
Leads, shielding of, 678 
Leakage in signa.1-gencrntor shielding, 683 
Lecher-wire wavemeter, 202 
Lids, shiclding of, 677 
Lighthouse tubcs, 517 
"Line-stretcher" type of phase shifter, 

279 · 
Linearization refinements in saw-tooth 

wave generators, 582-507 
Lincs, for pulse forming, 561-571 

artificial, 565 
slotted, 135, 141-145 
transients on, 561-569 
(See also Transmission lines) 

Lissnjous figures, 216, 267 
Loads for radio-frequency power, 56n., 

635-640 
Lobe switching, 466 
I..ogarithmic voltmeters, 36-39 
I..ong-line effect in magnetroDs, 531 
Loop antennas for receiver tests, 402--406 
Loss, insertion, in wavcguide and coaxial 

systems, 187-192 

M 

Magic-T junction, 177-180 
Magnetron, "pulling" in, 531 
MagDetron oscillators, 530-532 
Maxwell bridge, 72 
Microwave phase shifters, 279 
Microwave spectroscopy, 193 
Miller integrator saw-tooth wave gener

ator, 586-592 
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Milliammeters (8U Ammeters) 
Mode cbart, 204 
Mode considerations in cutoff attenu

ators, 661 
Mode interference, in reflex klystron os

cillators, 527 
in triode oscilla.tors, 519 

Mode separation in resonant-line oscil
lators, 519 

Models in antenna. measurements, 443 
Modulated wave, diode voltmeter re

sponse to, 24 
Modulation, degr�e of, 283 

in frequency- and phase-modulated 
waves, 285-288 

of reflex klystrons, 529 
in signu.l generators, 671 
standard, for receiver tests, 38l 

Modulation envelope, oscilloscope repre-
sentation of I 282-285 

Modulation index, 286 
Modulation meter, 282 
Monitors, frequency, 222-224 
Mu factor. by bridge methods, "300-303 

defini tiOD of, 289 
of penoodes, 293-294 

MuItiar circuit, 6OSn. 
Multivibrators, 539-548 

delay-line control of, 571-573 
frequency of, 541 
one-shot, 546 
operation of, 539 
positive-grid, 543 . 
synchronization of, 545 
unsymmetrical, 556 

Mutua.l conductance (see Transeonduet
ance) 

Mutual impedance between antennas, 
414 

Mutual inductance, 1 12 
Mutual-inductance standards, 621-622 

N 

Negative feedback, fundamental con
cepts of, 350-353 

high Q by, 246 
Negative resistance, 91 

bridge for, 115 
Negative-resistance oseiIJators, 504 

Networks, bridged-T, 84 
delay. 567 
pulse-forming, 565 
twin-T, 86 

Node-shift method, ISO 
Noise, 353-379 

from direct current in resistors, 635 
equivalent bandwidth of, 358 
fundamental concepts of, 353-363 
Johnson, 353-356 
in receivers, 408-410 
resistance, 353-356 
standard sensitivity by, 462 
thermal, 353-356 
tube, 356 

Noise fields, 464 
Noise figure, of amplifier, 360-367 

integrated, 363 
single-frequency, 363 

of cascade systems, 361 
definition of, 360 
measurement of, 362-367 

by brute-force method, 363 
by noise-generator method, 363 
by single-frequency method, 365 

of receivers, 408 
Noise-geberator method of measuring 

noise figure, 363 
Noise power, available, 356 

measurement of, 367-371 
Noise side-band input, equivalent, 409 
Noise signal generators, 371-379 

crystal, 379 
diode type of, 372-375 
gas-diseharge type of, 377-379 
klystron, 379 
photomultiplier, 379 
thermal-noise tyPe of, 375 

Noisiness of receiver, 409 
Nonlinear distortion (see Distortion) 
Normalized impedance, 146n. 
Nyquist diagram, 351 

o 

Off-channel selectivity of amplifiers, 344 
Ohmmeters, 67 
One-shot blocking oscillator, 553 
One-shot multivibrator, 546 
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Oscillators, amplitude modulation of, 500 
audio, with inductance-capacitance 

tuning, 493-495 
with resistance-capacitancc tuning, 

482-490 
beat-frequency, 490-49:l 
blocking, 548-554 

(See also Blocking oscillator) 
bridge-stabilized, 502-504 
for bridges, 82 
butterfly, 513 
coaxial, 516-519 
electron-coupled, 498 
frequency modulation of, 500, 507 
for higher frequencies, 510-521 
interpolation, 210, 212 
laboratory, 482-532 
magnetron, 530-532 
mode separation in coaxial, 519 
muitiple-cavity klystron, 530 
multivibrator (8ee Multivibrators) 
negative-resistance, 504 
parallel-line, 515 
parasitic circuits in, 520 
phase-shift, 487-490 

for higher frequencies, 488 
polyphase, 508-510 
for radio frequencies using tuned cir

cuits, 495-521 
amplitude modulaticn in, 500 
with automatic amplitude control, 

498 
frequency modulation in., 500 
frequency stability in, 496-498 
roaster-oscillator power amplifier, 

498 
reflex klystron, 521-530 

amplitude and frequency modulation 
of, 529 

frequency of, 525 
holes in, 527 
mode interference in, 527 
noncontacting plungers for, 528 
properties of, 521-525 
pulse modulation of, 530 
�de-range, 526-528 

resistance-capacitance-tuned. 482-490 
resistance-stabilized, 494 
for signal generators, 670 

external modulation systems (or, 671 
.sweeping, 501 

Oscillators, sweeping, for determination, of 
refiection-coefficient curve, 179 

of response curve, 342 
triode, for higher frequencies, 510-521 
two-terminal, 504 
using transmission lines, 514-521 
for very low frequencies, 506 

Oscillograms, harmonic analysis of, 241-
244 

by Fourier series, 241 
by schedule method, 242 

Oscillograph, cathode-ray, 230-238 
magnetic, 238-241 

Oscilloscopes (see Cathode-ray oscillo. 
scope) 

Overshoot, 258 
in amplifiers, 327 
in t.uned amplifiers, 345 

Owen bridge for incremental inductance, 
108 

p 

Parallel-line oscillators, 515 
Purallel-plane tubes, 517 
Parallel-plate line, 142 
Parasitic circuits in oscillators, 520 
Peak clipper, 536 
Phantastron, 593-597 
Phase, center of, 426-429 
Phase angle of resistor, 626 
Phase constant of transmission line, 123 
Phase contours, 428 
Phase difference, direction o{ arrival from, 

466 
in heterodyne systems, 274 
measurement of, 267-275 

cathode-ray methods for, 267 
by phaaemeters, 271-274 
by voltage addition, 269 

Phase distortion, 275 
Phase front, 426-429 
Phase modulation in amplitude-modu· 

lated transmitters, 288 
Phase shift of amplifiers, 324 
Phase-shift oscillators, 487-490 
Phase shifters, 277-282 

in phase measurements, 268, 270 
in standing-wave measuremcnt3, 175-

177 
Phase splitters, 231 
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Phase velocity in transmission lines, 123 
Phasemetera, 271-274 
Photographing cathode-ray screens, 237 
Photomultiplicr noise generator, 379 
11" attenuator, 641 
Pickoff system, 607 
Plate-rectifier vacuum-tube voltmeter, 

30-34 
Plate resistance (see Resistance, plate) 
Plungers, noncontacting, 528 
Polarization of radio waves, 467 
Polarization effects in dielectrics, 614 
Polyphase osci-llatol"'8, 508-510 
Power, available, 313 

loads (or radio-frequency, 635--640 
measurement of, 40-65 

methods for, bolometer, 42-51 
calorimeter, 52-55 
rectifier, 42 

in terminated line, 55 
by three ammeters, 41 
using directional couplers, 57--64 

noise, available, 356 
measurement of, 367-371 

Power factor of air-diclectric condensers, 
612 

. 

Power gain, 313 
available, 313 

Power-level indicators, 64 
Power levels, standard, 65n.) 324 
Primary standards of frequency, 194 
Probe methods in impedance measure-

ments) 163 
Probes, fixed, in standing-wave measure

ments, 175 
sh�elded, for standing-wave detector, 

142 
for slotted lines, 137, 142 

" Pulling" in magnetron) 531 
PUlse-envelope viewers, 263 
Pulse generation, 555--571 

by blocking oscillator, 548-554, 557 
by Class C amplifier, 558 
by differentiation of square wave, 555 
by lines, 561-571 
of multiple pulses, 560 
by networks, 565 
by tuned circuit) 558 
by unsymmetrical multivibrator, 556 

Pulse-modulated. wave for testing tuned 
amplifiers, 346 

Pulse shape, 257-264 
Pulse technique in ionosphere measure

ments, 47Q--476 
Pulse testing of amplifiers, 327 
Pulses, delay-line control of, 571- 574 

diode response to, 19-24 
rectangular, 555 
shapes of, sweep provisions when view-

ing, 260 
spectrum analysis of, 253 
for testing tuned amplifiers, 350 
trigger, 555 

Q 
Q, loaded and. unloaded, of cavities, 184 

by Q meter, 90 
of resonant circuits, 87-97 
of resonant lines, 167 
true and apparent, 88 
by variation methods, 92-97 

Q meter, 90 
in transmission-line measurements, 131 

R 

Radiation from receivers, 395 
Radio-frequency choker as cause of holes, 

521 
nadio receivers (see Receivers) 
Radio waves, strength of, 448-'165 

(See also Field Strength) 
Reactance-variation method, 94-90 
Receivers, 380-410 

amplification of individual parts of, 397 
automatic volume control in, 394 
crosstalk in, 390 
distortion in, 388 
equivalent noise side-band input of, 409 
fidelity of, 385-387 
hum in, 397 
image response in, 389 
intermedia.te-frequency brea.k-through 

in, 389 
maximum output power in, 388 
noise in, 408-410 
noise figure of, 408 
noise side-band input of, 409 
noisiness of, 409 
parallel connection of signal gencra.tora 

for tests on, 406 



S U B J E C T  I N D E X  703 

Receivers, radiation from, 395 
selectivity of, 383-385 
sensitivity of, 381-383 
signal-to-noise 'rat.io in, 410 
spurious respoQses in, 388-391 
standard field generation for tests of, 

402-406 
standard modulation for tests of, 381 
testing of, antennas for, 400-406 

dummy. 400-402 
loop, 402-406 

arrangements for, 380 
field generators for, 402-406 
signal generators for, 399 

whistles in, 389 
Reciprocal relations in antennas, 411 
Reciprocity theorem for antennas, 412 
Rectifier instruments, 6-9 

effect on, of frequency, 8 
of waveform, 9 

Reflected wave in transmission line, 124 
Reflection coefficient, 125 

by directional coupler, 149n. 
by standing-wave detector, 149-152 

Reflection loss, 189 
Regeneration in muitistage syst�ms. 322 
�tance. a-c, 69-74 

bifilar, 628 
d-<:, 61Hi9 

by ohmmeter, 67 
by Wheatstone bridge, 66 

dynamic, from alternating increments, 
298-300 

from d-c incrementa, 296 
definition of, 289 
by null balance, 29S-300 
from static curves, 295 
(See also plate, below) 

negative, 1 1 5  
plate, 291 

by bridge and null methods, 29S-300 
of triodcs, 291 

of resonant circuits, 87-97 
true and apparent, 88 
by variation methods, 92-97 

Resistance-capacitance tuned amplifier, 
244 

Resistance-eapacitance tuned oscillator, 
482-487 

Resistance-neutralization method, 91 
Resistance noise, 353-356 

Resistance-ratio bridge, 71 

Resistance-stabilized oscillators, 494 

Resistance-variation method, 92-94 
R��isLauce wir�, 022 
Resistors, carbon-composition, 632 

carbon-film and deposited-carbon, 631 
noise in carbon types of, 635 
rod and film, frequency effects in, 633 
wire-wound, 622-631 

alloys for, 623 
capacitance of, 624, 627 
decade, 631 
equivalent circuit of, 625 
frequency effects in, 624 
inductance of, 624, 627 
inductively-compensated, 631 
low-reactance types of, 628 
phase angle of, 626 
switching of, 630 
thermoelectric effects in, 023 

Resonance bridge, 72 
Resonant circuits, Q of, 87-97 

reslstance of, 87-97 
separation of losses in, 90 

Resonant lines, Q of, 167 

Rise time, 259 
in amplifiers, 327 
in tuned amplifiers, 346 

S 

Sag, 258 
in amplifiers, 327 

Sampling type of atteouators, 668 

Saw-tooth-wave generators, 574-605 
bootstrap, 584 
of current waves, 599-605 
!ineanzation refinements io, 582-597 
phantastron, 593-595 
thyratron, 575-580 

frequency and synchronizntion of, 
577 

using constankurrent charging, 582 
using high-vacuum tubes, 580-582 
using Miller integra.tor, 586-592 
using pentode constant-current system, 

582 

Saw-tooth waves, of current in induct
ance, 599-601) 

by direct generation, 602 
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Saw-tooth wave, distributed capacitance 
effects in, 605 

by negative feedback, 601 
by trapezoidal voltage wave, 600 

generation of, 574-605 

in oscilloscopes, 597-599 
Schedule method of analyzing oscillo-

grams, 242 

Schering bridge, 74 

Second-channel attenuation, 384, 385 

Selectance, 384 

Selectivity, adjacent-channel, 344, 345 
of amplitude-modulation receivers, 383 

of frequency-modulation receivers, 384 

off-channel, 344 

Selectivity ratio of amplifiers, 344 

Sensitivity, deviation, 391 

quieting, 392 

of radio receiver, 381-383 

Shaft leakage, elimination of, 681 

Shielded probe for st.a,nding-wavc detec
tor, 142 

Shielded transformer, 76 

Shielding, of attenuators, 682 

of bridges, 74 

of signa.! generator3, 676-683 

Shields, multiple, 67H 

waveguide-attenuator type of, 680 

Ship antennas, models for, 444 

Signal generators, 669-683 
for amplification measurements, 319-

321 
attenuawrs for, 674 

for audio frequencies, 675 

leakage in, 683 

modulation of output of, 672 

noise, 371-379 
diode-type, 372-·375 
gas-discharge-type, 37i -379 
thermal-noise-type, 375 

oscillators for, 670 

modulation of, {i71-674 

output arrangements for, 319 
parallel connections for, 406 
for receiver tests, :399, 402 

shielding of, 676-£83 

attenuators of, H82 

leads of, 678 

lids of, 677 

shafts of, 681 

Signal-to-;noise ratio, 357 

in receivers, 410 

Skin effect, in resistance wire, 624 

in thermocouples, 12 

Slicer, 536 
Slide-back vacuum-tube voltmeter, 34-36 

Slotted lines, 135, 141-145 . 

probes for, 137, 142 
(See also Standing-wa.ve detector) 

Slotted waveguides, 174 

Smith chart, 152-157 
in cavity measurements, 183 

Spacing required in antenna. measurc-
ments, 417-420 

Spectroscopy, microwave, 193 

Spectrum analyzers, 251-255 

Spectrum lines as frequency standards, 
193 

Spiral time base, 232 
Spot-wheel pattern in cathode-ray tube, 

217 
Spurious responses in radio receivers, 

388-391 

two-signal types of, 390 

Square-law demodulator, bolometer as, 
50 

Square-law vacuum-tube voltmeter, 31 
Square-wave generation, by direct gener

ation, 555 

by shaping sine wave, 554 

Square-wave modulatcd signal for testing 
tuned amplifiers, 346 

Square waves, amplifier tests with, 324-
325, 328--331 

Standing-wave detectors, 135-145 

accessories for, 137-139 

accuracy in, 141, 143 

attenuation effects in, 148, 155 

design considerations in, 141 
errors in, 141, 143 
line for, 135, 141-145 
to measure impedance, 145-149 

node-shift method in, 150 

oscillator for, 138 

probe for, 137 
reflection coefficient by, 149-1S2 

using fixed probe and phase shifter, 
175-177 

using slotted lines, 14-2 

using two-wire lines, 140 

waveguideJ 173-175 
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Standing-wave measurements, of imped-
ance, 145-149 

insertion loss by,. 189--192 

of refiec.tion coefficient, 149-152 
Smith �hart in, 154 

Standing-wave ratio, 126 

attenuation from, 133 
measurement of, 135-145 
very high, 139-140 
very low, 139, 150 

Step function, 327 

Subharmonic generation, by blocking os
cillator, 552 

in frequency measurements, 196 
by multivibrator oscillator, 545 

Substitution method, 79 

using resonant circuits, 97-100 

using resonant lines, 165-170 
Surge impedance, 123 

Sweep voltage for cathode-ray oscillo
scope, 231 

Switching circuit for cathode-ray oscillo
scope, 236 

Synchronization, of multivibrator, 545 

of oscilloscope sweep circuits, 598 

T 

T attenuator, 641 

Television receivers, fidelity in, 387 

standard modulation for tests or, 381 
Temperature effects, in air-dielectric con

densers, 612 

in condensers with solid dielectrics, 614 

in inductance standards, 620 
Terminations, for coaxial lines, 637 

for waveguides, 639 
. 

Thermal noise, 353-356 
Thermal noise generators, 375 
Thermistor, 44 
Thermocouple instruments, 5-15 

current transformers for, 15 

effect on, of frequency, 12 

of waveform, 1 1  

Thermoelectric voltage of resistance 
alloys, 623 

Thyratron ss.w-tooth-wave gencrat.or, 
575-580 

Tilt of ground wave, 469 
Time axes in cathode-ray oscilloscopes, 

231 

Time-delay generation, 605-609 
by multivibrator, 547, 605 
by phantastron, 597 

by sloping wave and comparator, 606 
Time-interval measurements, 264-266 

methods for, counting, 266 
oscillographic, 265 

Timing wave for observing pulses, 260 
Transconductance, 290 

measurement of, 295-296, 303-306 

of pentodes, 293 
of triodes, 293 

Transconductance meters, direct-reading, 
306 

Transfer constant of attenuatora, 643 
Transformer, for bridge output, shielded, 

76 

current, for thermocouple, IS 
Transformer arms, bridges using, 116 

Transicnt response, of audio and video 
amplifiers, 327-333 

of tuned amplifiers, 345-350 

with detuned test frequency, 347 

to impulse, 349 
to short pulse, 350 

to sudden frequency change, 348 

Transient waves in transmission lines, 
561-571 

Transients, cathode-ray presentation oC, 
236 

Transit time in cathode-ray oscilloscope, 
235 

Transit-time effects in diode voltmeter, 
25--28 

Tra.nsmission-line bridge, 164 

Transmission-line constants, 122 

Transmission-line oscillators, 5 14-520 

Transmission lines, attenua.tion of, 123 
capacitance of, 129, 134 
characteristic impedance of, 123, ]28-

132, 135 
coaxial, as wavemetera, 203, 210 

filter based on losay, 679 

impedance by resonant, 165-170 
inductance of, 129, 134 

insertion loss in, 187-192 
parameters oC, 122, 128-135 

phase constant and phase velocity of, 
123 

reflection coefficicnt in, 125 
resonant, as wavemetcrs, 202 

I 

i 
I 
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Transmission lines, sLanding-wave ra.tio 
in (sell Standing-wave ratio) 

voltage and Current. relations in, 124 
wavelength 00, 124 
waves on, 124-128 

reflected and incident, 124 
traosient, 561-571 

Transmission loss of atteouators, 643 
Transmission measurements for Q and 

frequency of cavities, 184-187 
Trapezoidal wave, generation of, 600 
Triangular waves, 574 
Triode clipper, 536 
Triode coefficients, 290-293 
Triode oscillators, discontinuities and 

holes in, 520 
for higher frequencies, 5J0-521 

Tube noise, 356 
Tubes, vacuum, characteristic curves of, 

307-310 
cathode-ray methods for, 308 

coefficients of, 2f.9-307 
by alternating increments, 298-

306 
from characteristic curves, 294-

297 
by d-c increm(mts, 296 
by null balance, 298-306 

Tuned amplifiers, 341-345 
transient response of, 345-350 

Tuning cbaracteristi(: of frequency-mod
ulation receivers, 394 

Twin-T networks, 84-86 
Two-phase oscillators, 50&-510 

u 
Undershoot, 258 

in a.mplifiers, 331 

v 
Vacuum-tube voltmeters, 15-38 

amplifier-detector type of, 29 
diode, 17-29 
for direct currents, 3 
logarithmic, 36-39 
plate-rectifier, 30-:14 
slide-back, 34-36 
square-law, 31 
88 wave analyzers, 249 

Vaeuum tubes (see Tubes) 

Vane attenuators, 666 
Variable inductances, 621 
Variation methods, 92-97 
Vcctor impedanc�, bridge for, 119 
Velocity, phase, in transmission line. 123 
Virtual height o( ionosphere, 471 
Virtual resonant circuit, 182 
Voltage, aiterna.iing, measurement of, 5 

direct, measurement of, 1-5 
. 

Voltage amplification, definition of, 311  
measurement of, 314-316 

Voltage-ratio method of measuring tube 
characteristics, 298-306 

Voltmeters, a-c, .s 
a.mplifier-<ietector, 29 
crystal, 38 
d-e, 1-5 
logarithmic, 36-39 
rectifier, 6-9 
thermocouple, 5-15 
vacuum-tube (see Vacuum-tube volt

meters) 
waveform effects in, 5, 8, 11,  19-24, 31 

Volume-level indicators, 64 
Volume units (VU), 65 

w 

\Vagner ground, 77 
Wave analyzers, 244-251 

dynamometer, 250 
fundamental�suppression type of, 247 
heterodyne type of, 245 
for radio frequencies, 255-257 
spectrum-analyzer type of, 251-255 
tuned-circuit type of, 244 
vacuum-tube voltmeter type of, 349 

Wave impedance, 173 
Wave shaping, by clipping, 533-537 

by differentiation, 537 
by integration, 538 
by slicing, 536 

Wave-shaping circuits, 533-539 
" Wave-squeezer " phase sbifter, 279 
Wave structure. 4.65-470 
Waveform, effect of, on voltmeters and 

ammeters, S, 8, 11, i9-24, 31 
Waveforms, nonsinusoidal, generation 0(, 

S33-{109 
oscillographic representation of, 230-

241 
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Waveguide attenuators, of cutoff type, 
656--662, 675 

attenuation Jaw in, 656 
capacitive coupling in, 658 
inductive coupling in, 658 
mode Considerations in, 661 

.. output circuit of, 660 
refere;tce level in.�660 
as shields, 680 

resistive, 662-668 
. Waveguide impedance, 172 

Waveguide standing-wave detectors, 173-
175 

Waveguide techniques. 175-180 
Waveguide terminations, 639 
Wateguides, 171-173 

beyond cutoff, 656-658 
insertion loss in, 187-192 
terminations fOf, 639 
wavelength in, 171 

Wavelength, on transmjssion lines, 124 
in waveguides, 171 

Wa.vemeters, 199-210 
cavity, 204-210 

accuracy of, 208 
calibration of, 209 

Wavemeters, cavity, modes in. 204 
coaxial, 203-210 
heterodyne, 210-215 
transmission-line, 202 
using distributed circuits, 202 
using lumped circuits, 200 

Waves, radio, direction of, 465-467 
polarization ot, 467 
strength of, 448-465 
tilt of, 469 
on transmission linc, 124-128, 561-

671 
trapezoidal, generation of, 600 
triangular, 574 

Wheatstone bridge, 66, 69 
Whistles, in beat-frequency oscillators, 

491 
in receivers, 389 

Wien bridge, 73, 226 
Wien-bridge oscillator, 484 
Wire, resistance, 622 
Woven ta.pe resistor, 628 

z 

z-e chart, 157 
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